CHU DE 1 - HAM SO VA PO THI

I- KIEN THUC VA KY NANG CO BAN
§1 - Sy dong bién, nghich bién va cyc tri ctia ham s6
Dinh nghia

(1) f dongbién trén (4;b) < Vx,,x, e(a;b):x, <x, = f(x1)< f(xz)

(2) f nghich bién trén (a;b) < Vx,,x, €(a;b):x, <x, = f(xl) > f(xz)
Diéu kién can

+Néu ham s8 f(x) dong bién trén khoang (a;b) thi f'(x)20 (Vxe(a;b))

+ Néu ham s0 f(x) nghich bién trén khoang (a b) thi f'(x ( )S (Vx €(a b))
Piéu kién du

+ Néu f'(x)>0,Vx e(a;b)thi ham s6 f(x) dong bién trén (a;b)

+ Néu f'(x) <0,Vx € (a;b) thi ham s& f(x) nghich bién trén (a;b)
Luu y. Néu f'(x) >0,Vx € (a;b) (hoac f'(x) <0,Vx e(a;b)) va dang thtec f'(x) =0 chi tai mot s6’
hitu han diém thi ham s8 f(x) cling dong bién (hodc nghich bién) trén (a;b)
§2 - Cuc tri cia ham s6
Dinh nghia :
Cho ham s0 f(x) xdc dinh va lién tuc trén khoang (a;b) (c6 théla (—oo; +oo)) va diém x, € (a;b)
+ Ham s0 f goi la dat cuc dai tai x, néu ton tai s6 1 >0 sao cho

f(x)< f(xo),Vx e(xo ~h; x, +h) va x # X,
+ Ham s0 f goi la dat cuc tiéu tai x, néu ton tai s6 h >0 sao cho
f(x) > f(xo),Vx e(x0 -h;x, +h) va x #x,
+Giatri f (x0 ) goi la gid tri cuc dai (hodc cuc tiéu) ctia ham sd
+Diém M(x,; f(x,)) goi la diém cuc dai (hodc cuc tiéu) ctia &6 thi ham s§
Piéu kién can
Néu f (x) c6 dao ham trén khoang (a; b)vé dat cuc dai (hodc cuc ti€u) tai x, thi f' (xo) =0
Diéu kién du
Cho ham s6 f (x) lién tuc trén khoang K = (xo —h;x, + h) va c6 dao ham trén K (co thé trir diém
X,)
(x)>0,V —-h;x
+ NEu f (x) xe(xo 0)
f’(x) <0,Vxe (xo;x0 +h)

l1a diém cuec tiéu
Cho ham s6 f(x) c6 dao ham cdp hai trong khoang K =(x, —h;x, +h).
Y'(x,)=0
yu(xo ) <

f'(x)<0 Vxe(x —h;x )

f! (x)>0 Vxe(x X +h) thi o

thi x,1a diém cuc dai, néu {

Y'(x,)=0

+ Ham s0 dat cuc dai tai X, < { "
y'(x)>0

. Ham s0 dat cuc tiéu tai x, < {

Ham s§ bacba y = f(x)=ax’+bx" +cx+d (a=0)
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o a>0 :
+ Ham s6 dong bién trén R khi y 20,VxeR<:>{A<O , ham s0 nghich bién trén R khi

<0
Y<0,VxeR< “
A<0
az0

A<0

\ ~N 14 . a¢
+ Ham s0 c6 2 cuc tri <
A>0

, ham s6 khong c6 cuc tri < {

Ham s6 trung phwong y = f(x)=ax* +bx* +¢ (a#0)

az0 |a=0
\%

ab>0 |b=0

+ Ham s6 triing phurong 12 ham s& chdn nén d6 thi ctia né ddi xtmg qua truc tung Oy

o . a#0 . :
+Hamsoc03cuctr1<:>{ ,colcuctn@{

ab<0

Ham s6 nhat bién y:aerb (c#0;ad—bc+0)
cx+d
, ad—bc m A, . N . ~ ooa . .
+y'= = > .Néu m>0 thi y'>0,VxeD nén ham s6 dong bién, m<0 thi

(cxﬂl)2 (cx+d)

y'<0,Vx e D nén ham s6 nghich bién trén hai khoang xac dinh cta né.

+ D06 thi ham s6 c6 tiém can dang la x = 4 va tiém can ngang la y = 4
c c
+ Ham s6 khong co cuc tri.
+ D0 thi ham s6 c6 tam doi xting la diém I (_E ;Ej
cc
§3 - Gia tri 16n nhat va gia tri nhé nhat ctia ham sé
Pinh nghia : Cho ham s6 f (x) xac dinh trén tap D
(1) S8 M duoc goi la gia tri 16n nhat cia ham s§ f(x)trén tap D néu
3x, eD:f(x0)=M va f(x)<M,vxeD
(2) S6 m duoc goi 1a gia tri nho nhat cia ham s6 f (x) trén tap D néu
Ix, eD:f(xO):m va f(x)Zm,VxeD

Ky hiéu: M= mlsaxf(x),m = mDmf(x)
Moi ham s0 lién tuc trén doan [a; b] déu c6 GTLN va GTNN trén doan do.
Cach tim: Xét trén doan [a; b] da cho

1) Tinh dao ham f'(x) va cac diém x, (i =1, 2,..) ma tai do f’(x) bang 0 hogc khdng xac dinh

2) Tinh f(a), f(b) vacécgidtri f(x,),i=12..

3) Tim s0 16n nhat M va s6 nhé nhat m trong cac so trén
Luu y. D€ tim gid tri 16n nhat, nho nhat trén mot khoang phai dua vao sy bién thién ham s6
§4 — Cac bai toan vé do thi ctia ham so
Giao diém ctia hai do thi
Hoanh d¢ giao diém cua hai duong y=f (x) va y=f, (x) la nghiém cua phuong trinh
f, (x) =1, (x)(goi la phwong trinh hoanh d¢ giao diém). S nghiém ctia phwong trinh (1) la s6 giao

diém cua hai duong (C1) va (C2).
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Viét phwong trinh tiép tuyén ciia do thi

Phuong trinh ti€p tuyén véi d6 thi ham s6 tai diém M (xo ; yo) lay-y,=f ’(xo )(x - xo)
+f'(x,) =k la hé s8 goc cua tiép tuyén

+ Tiép tuyén song song véi duong thang y=kx+b thi f'(x,)=k , tiép tuyén vudng gdc véi
duong thang y=kx+b thi f'(x,)= —%
Bién ludn so'nghiém phwong trinh f(x) =m (1) bang do thi

+ Phuong trinh (1) la phiong trinh hoanh d§ giao diém ciia d6 thi y = f (x) va dwong thing y=m

+ Bién luan theo m s6 giao diém cua do6 thi y = f (x) véi duong thang y =m, suy ra s6 nghiém
cua (1)

KIEN THUC CHUONG II

§1 - PHEP TOAN LUY THUA VA LOGARIT

Liy thtra

Pinh nghia :

Cho neN'vaaeR tuyy: a"=aaa.a (cén thieaso)

&l N\ — 1
Véia=0:a"=1 vaa"=—
a

Cho aeR,a>0 va r:E voimeZ,neN,n>2: a =a
n
Cho a>0 Vésf)'vétia.GQi{ }ladaysohu:utlsaocho hm( ) a;Taco aazlim(ar”)

Tinh chét luy thira
Cho a,b 1a cac s6 thuc dwong va «, f la cac sd thuc tuyy. Taco:

a _ B
(1) aa’ ="’ , T=a"t, (a%) =a”

P
a
2 a1 2
@ @ =ov (7] -
B) Néua>1thia”">a’ ©a>p +Néu O<a<lthia“>a’ S a<p
Can bacn

Pinh nghia: Cho neN,n>2 va beR.S8a dugc goila can bacn ciabnéu a" =b
Luu y:
eNéunlé va VbeR : cd duy nhdt mdt can bac n cua b, ky hiéu 1a b
e Néu 7 chan : * b<0 : khong ton tai cin bac n cia b
*b=0:cOmotcanbacncaab la0
*b>0 : c6 hai cin bac 1 cia b 1 hai s6 d6i nhau, ky hiéu 1a ¢/b va —b

Tinh chat. (1) Ya¥o =4ab | ? ng , (”a)m:”a’“

a khi n=2k+1
2) Q/a_”:{

\a\ khi n=2k
®) W4la =a
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Logarit
Dinh nghia: a=log b<a“=b (0<a¢1,b>0)

Cong thtitc. 1) log, 1=0, log a=1, log, 14
a

2) %" =p , loga(a“)za
3) log,(AB)=log, A+log,B (0<a#1,A>0,B>0)

4) logg(%J:logaA—logaB (O<a¢1,A>0,B>O) ; loga%=—logab
5) log, A“=alog, A (0<a#1,A>0) ; loga(:llogab
n

1
6) log b= log. b hay log_alog b=1log b
log_ a

7) log, b= (b;tl) ; log . b:llogub (a;tO)
a

log, a
* Ky hiéu : log,, b viét gon la logb hodc Igb (doc 1a logarit thap phan cua b)
e Ky hiéu log, b la Inb (doc la logarit népe ctia b)
§2 - HAM SO LOY THUA, HAM SO MU VA HAM SO LOGARIT
Tap xac dinh :

e Ham s6 y = x" vdi n nguyén dueong xac dinh véi moi x € R

e Ham s6 y =x" vdin nguyén am hodc n=0 xac dinh véi moi x #0

e Ham s6 y =x“ véi khong nguyén xac dinh véi moi x >0
Cho s8 thyc a>0,a=1. Him s6 y = f(x)=a" x4c dinh véi moi xR

Cho s8 thye a>0,a 1. Him s8 y = f(x)=log, x x4c dinh v&i moi x>0

Giéihan: lim&—l-1
t—0 t
Pao ham
+ (xa ) =ax" ; (u“ ) =au*'u'
+ (ex)y =e* ; (e” ) =y'e"
+ (a")':a"lna (a“)':u’a”‘lna
+ (II’IX)I Z% (lnu)' :%
’ (loga x)' - xIlna (IOg” u) - uluna

Dang d6 thi
Ham s8 y = f(x)=x" trén khoang (0;+)
+ a >0 :ham s0 dong bién, qua diém (1;1)

+ a <0 :ham s6 nghich bién, qua diém (1;1) va tiém can vdi hai truc toa do.
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Ham s6 y:f(x):a’“
Tiém can ngang la truc Ox

D0 thi cat truc Oy tai diém (0;1) va di qua diém A(1;a), B(—l;lj
a

P06 thi hai ham s6 y=a* va y = (1] do6i xttng nhau qua truc tung.
a

Ham s6 y = f(x) =log, x trén khoang (0; +oo)

Tiém can ding la truc Oy

D0 thi cat truc Ox tai diém (1;0) va di qua diém A(s;1), B[l ;—1]
a

+ P06 thi hai ham s6 y =log, x va y =log, x d0i xing nhau qua truc hoanh.
+ D0 thi hai ham s8 y=a* va y =log_x d6i xtiing nhau qua duodng thang y = x
§3 - PHUONG TRINH, BAT PHUONG TRINH MU VA LOGARIT
a'=b
e Néu b <0 thi phwong trinh v6 nghiém (do 4* >0,VxeR)
e Néu b>0 thi " =b< x=log,b
a*>b
e Néu b <0 thi bat phuong trinh ding véimoi xeR (do a* >0,VxeR)
eN&ub>0:a" >b=a""
+Néu a>1 thi a* >b< x>log, b
+Néu 0<a<1 thia">b< x<log, b
log x=0b (0<a¢1).Tacc’> log x=box=4a"
log,x>b (0<a=1)

+Néu a>1 thilog, x>b< x>a’

+Néu 0<a<1 thi log x>b<0<x<a’

+ V=gt & f(x) :g(x) + log, f(x) =log, g(x) = f(x) :g(x)

x>0
t=a">0

+ Alog’x+Blog x+C=0<<t=1log x
A +Bt+C=0 B 8 S

+ Aaz"+Ba"+C:0<:>{
A +Bt+C=0

2x x a :
+ A+ Ba'b* +Cb =0 = A(gj +B(§] +C=0 t{ﬁj =
At +Bt+C=0
+ Cac phuong trinh bién doi dua vé phuong trinh bac nhat, hai theo a*, log, x ...

+ Lay logarit, m@i héa hai vé..
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CHUONG 3 - NGUYEN HAM VA TICH PHAN

§1. NGUYEN HAM

Pinh nghia : Ham s6 F (x) duoc goi la nguyén ham ctia ham s f (x) trén (a; b) néu
F'(x):f( ) Vxe(a'b)
Ky hiéu ho nguyén ham ctia f la jf dx .Taco J-f(x)dx = F(x)+C

Bang nguyén ham cac ham s co ban

(6)1[

(1) Ide:C (7) J‘cosxdx:sinx+C
(2) J.ldx:x+C (8) Isinxdx:—cosx+C
xa+1
3 ad — C 9 dx:tal’lx+c
()Ixx 05+1Jr ()jcosx
(4) Ildlen‘x‘+C (x #0) (10)j dx=—-cotx+C
X sin” x

(5) jidx=—l+c (x#0)

dx=2x+C (x>0)

(11) jexczx_e +C

vq. 4
(12) [a dx = —

+C

Mot s6 két qua thuong dung khac
(13) jcos(ax + b)dx = lsin(ax + b) +C

a

(14) jsin ax+b)dx = —lcos(ax+b)+C

(15) [

(16) j e dx

2. Tinh chat ctia nguyén ham

(1) If'(x)dx=f(x)+C

ax+b

a

dleln‘ux+b‘+c
a

1
:_eax+b +C
a

2) j[f(x)ig(x)]dx = jf(x)dxijg(x)dx
3) [Kf (x)dx=k[ f(x)dx
4. Cac phwong phap tim nguyén ham
a) Biéh d6i thanh tong, hi¢u cic nguyén ham : [[ af, (x)£bf, (x) |dx=a f, (x)dx£b[ £, (x

b) Phuong phdp d6i bich so': | f|u(x) |u'(x)dx=F[u(x)]+C

Quy tac tinh _[f[u(x

)] u'(x)dx bang phuwong phéap ddi bién s&

e Dat t:u(x):dt :u'(x)dx

e Thay véo tich phan [ f[u(x)]u'(x)dx=[ f(¢)dt
o Viét lai két qua theo bién sd x
¢) Phwong phdp tinh nguyén ham tirng phin : Iu(x)v'(x)dx = u(x)v(x)—'[v(x)u'(x)dx

Quy tac tinh _[p(x)q(x

)dx bang phuong phap ting phan
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dv:q(x)dx sz(x)
¢ Thay vao tich phan jp(x)q(x)dx = Iudv =Uuv —J‘vdu
§2. TICH PHAN
DPinh nghia : I fl(x [ x)]i F(b)-F(a) (a:cdn dwdi, b : cin trén)

e Dat {u } p(x) = {du 7 (x)dx (trong do Q(x) la mot nguyén ham cuia q(x))

Tinh chdt +N&ua=b thi [ f(x)dx=0
+Néu a>b thlj f(x) dx:-j f(x
+ [ kf dx:kj f(x)dx
LU E2s())a=[ (= dxﬁbg

J.f dx I (x dx+_|.f a<c<b)

Luu y. Tich phan ttr a dén b ctia ham s6 f khong phu thudc vao bién so 1dy tich phan, nghia la

[ f(x)a=[ ()t =] F(z)dz=...
3. Cac phuong phép tinh tich phan

a) Bién doi thanh tong, higu cdc tich phin J. f dx mI f1 dx+nj f2

ottt

Quy tac: 1.Détu=u(x):>du=u'(x dx

Q>

b) Phirong phdp doi bién s

3. Thay vao tich phan [ f[u(x) Ju'(x)dx = i f(u)du

Y A g “ b b b
¢) Phwong phdp tich phan tieng phin : J. udv = [uv]ﬂ —J. vdu

§3 . UNG DUNG CUA TiCH PHAN
a) Dién tich hinh phing giéi han béi dwong y = f (x) va truc hoanh

oA e \ < o« 7 2 . , \ y=f(x);y=0 M _b
Dién tich hinh phang (H) gidi han boi cac duong s bang S= H f (x)‘ dx
X=a,x=

a

Luuy:
b
+Dé& khtr ddu gia tri tuyét doi trong cong thirc S = ﬂ f (x)‘ dx, ta thiee hién nhw sau

f(x)  khif(x)>

Cach 1. Xét ddu biéu thire f(x) va ding dinh nghia : ‘f(X)‘={ £(x) khi £( )
—fx iflx)<

0
0
Cach 2. C6 thé st dung tinh chat sau :
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jf(x)dx

b
e Néu phuong trinh f(x)=0 khong c6 nghiém trén khoang (a;b) thi : x)dx =
phuong trinh f (x) g cong g (a;b) f £ (=)

j f(x

b
e Néu phuong trinh f(x)=0 c6 nghiém c(a;b) thi: _Hf( ‘dx_ x ) dx| +

b) Di¢n tich hinh phiing gidi han béi hai dwong y = f,(x) va y = f,(x)
y=L@iy=hE)

Dién tich hinh phang gi¢i han (H) boi cac duwong { )
X=a;x=

5= Hﬂ ~fu )

c) Thé'tich khdi tron xoay

y=f(x)y=0

+ Thé tich khdi tron xoay do hinh phéng (H ){ ;
X=a,x=

b
quay quanh trucOx1a V = 7Z'J' Y dx

CHUONG 4 - SO PHUC
§1.SO PHUC

Cac dinh nghia :
+506i 14 s6 (a0) sao cho i* =-1
+ Mdi biéu thiec ¢6 dang .. véi a,be R va i* =—1 dwoc goi la mot s& phtic.
+ a goila phan thue, b goi la phan ao
+ Tap hop cac sd phirc ky hiéu la C
a=a

+ Hai s8 phttc z=a+bi va z'=a'+b'i duoc goi la bang nhau néu {b—b'

+ Cho s0 phttc z=a+bi . SO phtic z=a-bi goi la s6 phtec lién hop cua z
Biéu dién hinh hoc ctia s8 phitc
Trong mat phang Oxy, mdi diém M (a;b) duoc goi la diém biéu dién cua s6 phitc z = a+ bi

=|a+bi|=va* + 1

Modun ctia s6 phitc ‘z

Cac phép toan
z,+2, =(a+bi)+(c+di)=(a+c)+(b+d)i
2y~ 2, =(a+bi)~(c+di) = (a—c) +(b—d)i
zlzz:(a+bi)(c+di):(ac—bd) (ad+bc)z
z, a+bi (a+bi)(c—di) (ac+bd)+(bc—ad)i
z, c+di (c+di)(c—di) ¢ +d?
Phuong trinh béc hai v6i hé s6 thyc

Cho phuong trinh ax® +bx+c=0 vé&i a,b,ceR va a=0 (1).Lap biét s6 A=>b*—4ac

p+A

e Néu A >0 thi (1) c6 hai nghiém thuc x , =

2a
e Néu A =0 thi (1) c6 nghiém kép thuc x = ;—b
a
, biAl
e Néu A <0 thi (1) c6 hai nghiém phtc x, , = —n
' a
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Néu phuong trinh ax® +bx+c =0 c6 hai nghiém phtc x, , =

—b+i \A\

5 ta van c6 hé thiec Viet
a

b . c
sau: x, +x, =—— va XX, =;

a

CHU DE 5 - DIEN TiCH, THE TiCH KHOI PA DIEN, KHOI TRON XOAY

Cong thirc cAn nho':

I-KIEN THUC VA KY NANG CO BAN

Loai Thé tich Dién tich xung quanh
Khdi 1ap phwong canh a V=ad
Khéi hop chit nhat c6 ba
kich thuécla a, b, c v =abe
Khéi lang tru V =Bh Téng dién tich cic mdt bén
/' 7 1 A? A Ve z - A
Khoi chép V= gBh Tong dién tich cic mdt bén
Ni 1 L . _
Khéi nén V:EBh:Em’ h| S, =nrl
Khéi tru V =Bh = 7%rh S,, =2l
Khoi cau V= %ﬁR3 S=4rzR?
Luuy
Chieng minh d
) i dl P
dwong thing Nei 191y a1y
vuong goc voi mdt a dLlbc(P)
phing 0
d | Xdc dinh dwong thing (d’) 1o hinh chiéu
Xdc dinh goc gitta M vudng goc ciia dwong thang (d) trén mat
dwong thang va phing (P)
mdt phiang $ 0 4 Géc giita (d) va mit phing (P) la goc giita
a | hai dwong thing () va (d')
(&
(P)n(Q)=c
o b Néu sac (P),a Lc thi goc giita hai mdt
Xdc dinh goc gitta a be(Q)b L
hai mét phing 14 7 =R
phang (P) va (Q) la géc giiva hai dwong
P N thing (a) va (b)

Céch xac dinh tAm mit ciu ngoai ti€p hinh chép
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! + Chi ra dwoc dwong kinh ciia mat ciu (cé cic
dinh con lai nhin dwong kinh dwéi mot goc
vubng)

d + Tdm mdt ciu la giao diém ciia truc da Qidc
ddy va mot dwong trung triec cua canh bén

Lwu y. Sau khi xdc dinh tdm I phdi chitng minh diém 1 cich déu cdc dinh ciia hinh chop

CHU DE 6 - PHUONG PHAP TOA PO TRONG MAT PHANG VA TRONG KHONG GIAN
I- KIEN THUC VA KY NANG CO BAN

1) Bang cong thitc toa do

Trong mit phing Oxy Trong khong gian Oxyz
Eil;:(alibl;azibz),ta=(tal;ta2) ;til;:(alibl;aZibz;asibS),t;tz(tal;taz;t%)
= = a :b o . alzbl
a=b<:>{1 ! a=b<{a,=b,

2 =% a,=b
3 3
5 a, =tb,
. . . . a. = - - - -
i/fboa=tho]' tehll a//bsa=th< 112=1Ebzc>ﬂ=a—2=ﬁ
a,=tb, b, b, b, b, b,
a, =tb,
&B:a1b1+a2b2, H: a +a, al;:alb1+a2b2+a3b3, ;:1/af+a§+a§
ELE@&I;:OQMJ +a,b, =0 ;L59a5:09a1b1+a2b2+a3b3:0
cos(a/??) a,b, +a,b, cos(ﬁ): #ab# _ a,b, +a,b, +a,b,
‘ Hb‘ \/u +a \/b2+b2 ‘aHb‘ \/af+a§+a§\/bf+b§+b§

A , -7 a, 4| |a; 4| |4, 4,

(Khong co) ﬂ/\bz( ; : J

8 b, b, bl b,
AB:(xB_xA;yB_yA) AB:( - A;yB_yA; —Z )

2 2 2
AB=\(x,—x, ) +(4,-v,) AB=\(x—x,)' +(9 ) +(z-2,)
Trung diém I Xy X ,y atYs I xA+xB;yA+yB;ZA+ZB

2 2 2 2 2
Trong tam G YatXp T e Yo T Y5 T Yc G| Xa™ XX YaTYpTYc Za T2 ¥ 2
3 3 3 3 3
X=x,+at
o 2 X=x,+at . 5
PT tham s6 duong thang { PT tham s6 duong thang <y =y, +a,t
Y=Y, +at ~
z=2z,+a,t
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PT t6ng quat duwong thang

A(x—x0)+B(y—y0):0 < Ax+By+C=0 (Khong c6)
PT duong thang theo doan chan s % =1 (Khong co)
a
PT tong quat mat phang
(Khoéng co) A(x—x0)+B(y—y0)+C(z—zo):O
hay Ax+By+Cz+D=0
(Khoéng co) PT m4t phang theo doan chan £+%+£ =1
a c
VTCP a=(B;~A) <> VIPT n=(A;B) Cip VTCP {g = VIPT n=anb

Khoang cach tir diém dén duong thang
| Ax, + By, +C]|

JA* + B?

d(M;A)

Khoang cach tir diém dén duong thang

+ Tim toa d0 diém H la hinh chiéu ctia diém M
trén duong thang (d)

+ Khoang cach d(M,d) =MH

(Khong co)

Khoang cach tir diém dén mat phang
‘Axo + By, +Cz, + D‘

R vy

PT dudng tron (x—a)2 +(y—b)2 =R’
hay x* +y° —2ax—2by+c=0

Tam I(a;b) , ban kinh R=+a* +b* —c

PT mat cau (x—a)2 +(y—b)2 +(z—c)2 =R’
hay x* +vy* —2ax—2by—2cz+d =0

Tam I(a;b;c) ,ban kinh R=+a? +b*> +c* —d

Vi tri twong d6i ctia hai dwong thang

(d)L(d')<= AA,+BB,=0

Vo B G

(@) 11 (@) Fr=gre
./ A B
(d) cat (d) @Xl;ﬁB—l

2 2

Hai di€ém M, N nam cling phia duong thang
(Ax,, +By,, +C)(Ax, +By, +C)>0

.\ |n,n
(Khong co) Goc gitra hai mat phang cos(a, ﬂ) |

n, |,
, | , |,
Goc gitra 2 duwong thang COS(dl,dz) =1——" | Géc gitra hai dwong thang cos(dl,dz) =
1|12 a,||a,

Vi tri twong d6i ctia dthang va dwong tron | Vi tri twong d6i clia mat phang va mat cau

(A) txtic (C) & d(1,A) =22 B0+ C)_p (P) t.xtic véi (S) @d([,(P)):|Aa+Bb+CC+D| _R
JA?+ B | JA2+ B +C? |

(A) cat (C) khi d(I,A)<R

(P) cat (S) khi d(I,P)<R
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(A) khéng cat (C) khi d(I,A)>R

(P) khong cat (S) khi d(I,P)> R

2

y

i

g xz 2 2 2
PT Elip a_2+ (a>b,c =a"-b )
+ Hai tiéu diém : F, (—c;O),F2 (C;O)
+Tieu cy: FF, =2c
+Pinh A (-4;0),A4,(4;0),B,(0;-b),B,(0;b)
+Truclon A/A, =2a
+Trucnho BB, =2b

(Khong co)

2) BAI TOAN LIEN QUAN PEN PUONG THANG VA MAT PHANG TRONG KHONG

GIAN
2.1 Vi tri teong ddi ctia hai mat phang

Cho hai mat phang (P): Ajx+By+Cz+D, =0 va (Q): A,x+B,y+C,z+D, =0

2

(P), (Q) citnhau < % ”

ALG

C

B B
—L hodc —L # G hoac #

2 2 2 2 2

(P) L(Q) < n,.m,=0< A A +BB,+C,C, =0

®) // Q) @j—i%-g—: 2 (A,,B,,C,,D, 20 )
2.2 Vi tri teong d6i ciia duwong thang va mat phang
xX=x,+at
Cho duong thang (d) {y =y, +a,t va mat phang (P) :Ax+By+Cz+D=0
z=2z,+a,t
X=x,+at
I X Y=Y, +tat
Xét hé phwong trinh (1)
zZ=2z,+a,t

Ax+By+Cz+D=0

(d) L (P) < a cliing phuong

n

(d) cit (P) & an+#0 hodc hé phuong trinh (1) c6 nghiém duy nhat

d
&)/ (P) {Mof(P)

alnean=0

hodc hé phuong trinh (1) vo nghiém

alnean=0
(d)c=P) {Moe(P)

nghiém

hodc hé phuong trinh (1) c6 v6 sd

2.3 Vi tri twong d6i ctia hai dwong thang
X=x,+at
Cho hai duwong thang (di) 1y =y, +a,t va

z:zl+a3t
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x=x,+bt
duong thang (d2) 1y =y, +b,t
z=1z,+b,t'




x, +at=x,+bt'
Xét hé phwong trinh {y, +a,t =y, +b,t' (1)
z, +a;t =z, +b,t'

2.4 Vi tri twong d6i ciia mit phang va mit ciu
Cho mét phang (P) : Ax+ By +Cz+ D=0 va mat cau (S) c6 tam I(a;b;c), ban kinh R

(P) tiéh xilc ($) ki d(L,(P))= Aa+BbrCexD| g
‘ A*+B*+C? ‘
(P) cit (S) khi d(I,(P)) <R
(P) khong cit (S) khi d(I,(P))>R
2.5 Hinh chiéu
o Hinh chiéu H ctia mot diém M trén duong thang
\\\»{M(xO"yOv‘Zo) Hinh chiéu ciia diém M(xoyo;zo) trén truc Ox la diém (x0,0;0),

trén truc Oy la diém (0;y0;0) va trén truc Oz la diém (0;0;z0)

1
1
i
I
|
RSN
4

0l @ + Goi H(x;y;z) € (d)
+MH L (d) < MHua, =0

e Hinh chiéu H ctia mot diém M trén mot mit phang

k\\ /l
RO:yo:20) " T~~__ 7" Oxp:0579)
Y
1 M(xg:v0:20)

1

Hinh chiéu ciia diém M(xo;yo;zo) trén mpOxy la diéim (xoy0,0)
trén mpOyz la diéim (0;y0;z0) va trén mpOxz la diém (x0,0;z0)

1
&

Plxgivo:0)
@
b
’_1 +Goi H(xyy;z) € (P)
H P +MH 1 (P) < H e (P) va MH cung phwong vdi s
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2.6 Khoang cach

M (Xo;Y0;20)

|
< 7

(P):Ax+By+Cz+D=0

_|Ax0 + By, +Cz, +D|

T aepec |

d(M,a)

M(Xo;Y0;20)

¢———o
cl

+ Tim toa dg diém H la hinh chiéu ctia diém M trén duong
thing (d)
+ Khodng cich d(M,d) =MH

+ Viét phwong trinh mit phing (P) chita dwong thiang
(Az) va song song voi (Al)

+ Chon diéin M, € (A, ). Tinh khodng cich tir M1 dén mat

phing (P)
+ Két lugn d(A,,A,)=d(M,,P)

2.7 Goéc giita cac dwong thang va cac mat phang

e Goc gitra hai mat ph:fmg (x) va (B) : COS(OT,,\B ) =

o Géc gitra hai duong thang (cl1 ) va (dz) : cos(a?,-g2 ) =

n,.n,

n

a

g

u.u,

u

u

1 2
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TRUONG THPT PHAN BOI CHAU PE CUONG ON THI THPT QG KHOI 12
TO TOAN - TIN HOC CHU DE 1: HAM SO VA PO THI

Caul: Tim m dé d6 thi ham s8 y =x* —2mx® +m* +2m c6 3 diém cyec tri tao thanh mot tam giac

déu.
A 1. B. -33. C. 3. D. -1.
Cau 2: Ham s6 nao sau day c6 bang bién thién nhu hinh bén:
x |- -1 +o0
y' + +
’ 2/ /
A y:2x—3. y=2x—3. C. =2x+3. D. =x+3'
x-1 x+1 1-x x-2

Cau3: Chohamsd y=x"—3mx’ +4m’ Véi gia tri nao cua m dé ham s6 c6 2 diém cuec tri A va B
sao cho AB=+/20.

A, 2. B. 1 C. 1v2 D. +1.

Céu 4: Mot con c4 hoi boi nguoc dong d€ vurot mot khoang cach 12300 (km) . Vén t8c cia dong
nudela 6(km /). Néu van t6c boi cta ¢4 khi nude ding yén 1a v (km/h) thi nang lwong
tiéu hao cuia ca trong t gio dwoc cho bdi cong thirc: E (v) =cv’t. Trong d6 c 1a mot hang
s6, E dugc tinh bang Jun. Tim van tdc boi ctia ca khi niede diing yén dé nang luong tiéu

hao 1a it nhat.
A. 12(km/h). B. 9(km/h). C. 6(km/h). D. 15(km/h).

Cau 5: D06 thi hinh bén dudi la d6 thi cia ham s6 nao sau day?

A. y=-x"+2x"-3. B. y=-x'+2x". C. y=x'-2x" D. y=x'-2x"-3.
Céu 6: Chohams6 y=x’-3mx+1 (1) va diém A(2;3) . Tim gid tri ctia m d€ d6 thi ham s& (1)

6 hai diém cuec tri B va C sao cho tam giac ABC can tai A.
A 2 5 L ) b L
2 2 2 2
Cau 7: Nguoi ta mudn ma vang cho mot cai hdp c6 day hinh vudéng khong nap cé thé tich 1a 4
lit. Tim kich thudc ciia hop d6 d€ luong vang dung ma la it nhat. Gia st d¢ day caa 16p
ma tai moi noi trén mat ngoai hop la nhu nhau.
A. Canh day bﬁng 3, chiéu cao bf“mg 4. B. Canh day bf“mg 1, chiéu cao bﬁng 2.
C. Canh day bang 2, chiéu cao bang 1. D. Canh d4y bang 4, chiéu cao bang 3.
Cau 8: J+1

S6 duong tiém can cua do6 thi ham s y = 1a?

x
A. 3. B. 0. C. 2. D. 1.
Cau9: Trén khoang (O; +oo) thiham s y = x> +3x+1
A. cogiatrilénnhdtla y=-1. B. c6 gia tri nho nhatla y=3.
C. cogiatrinhonhdtla y=-1. D. codgidtrilonnhatla y=3.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Choham sd y = X Véi gia tri m d€ duong thang (d):y =—x+m cat d6 thi ham s3 tai

2 diém phan biét?

m<0vm>2. B. m<lvm>4. C. m<Ovm>4. D. 1<m<4.

Tim M va m lan lwot la gia tri 16n nhat va gia tri nhd nhat cia ham s6
y=x"—-3x"-9x+35 trén doan [ -4;4].

M =15;m=-41. B. M=40;m=-41. C. M=40,m=8. D. M=40;,m=-8.
C6 hai chiéc coc cao 12m va 28m, dat cach nhau 30m (xem hinh minh hoa dudi day).
Chiing duoc budc béi hai soi day tir mot cai chdt trén mat dat nam gitta hai chan cot téi
dinh ctia mdi cot. Goi x (m) 1a khoang cach tit cht dén chan coc ngan. Tim x dé tong do
dai hai day ngan nhat.

28

Chir

x=11. B. x=10. C. x=09. D. x=12.
D6 thi ham s6 y = x> —3x+2 cit truc hoanh tai 2 diém c6 hoanh dd x,;x,. Khido x, +x,
be‘“mg :
2. B. 0. C. 2. D. -1.
Choham sd y=-x+2 _Ll' Khi d6 tong gia tri cuc dai va gia tri cuc tiéu cua ham sd
x+
bang:
1
3+2:/2. B. -2. Cc. ——. D. 6.

2
Do giam huyét ap cia mot bénh nhan dugc cho béi cong thic

1
F(x)=—x*(30—x),
(x) m ( )
trong d6 x 1a liéu lwgng thudc dwgc tiém cho bénh nhan (x dwgc tinh bé”mg miligam).

Liéu lugng thudc can tiém cho bénh nhan dé huyét ap giam nhiéu nhat la:
30(mg). B. 40(mg). C. 20(mg). D. 50(mg).

D6 thi ham s8 y = i‘—” 1a d6 thi nao sau day?
—-X

)

—— _‘ — B.

| | \
3 3
2 2

x
3 2 T~ D. 3 2 2

-1

2 2
\ ) R

Cho ham s6 ¥ = f(¥) x4c dinh va lién tuc trén R va c6 d6 thi la duong cong trong hinh

vé bén dwdi. Hoi diém cuc tiéu cta d6 thi ham s6 v = f(x) 1a diém nao ?



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

A.

x=-2. B. M(0;-2). c. N@2;2). D. y=-2
Téng gid tri cyc dai va cye tiéu cia ham s§ y =x —3x* +2 la:

3. B. 1. C. 2 D. o.

Cac khoang dong bién ctia ham s8 y = —x +3x% +1 1a:

(-0;0);(240).  B. (0;2). c. [0:2]. D. (—o05+).

. L4 . \ 2 ~ N\ \ ~ 1 4 .
Vi gia tri nao cta tham s6 m thi ham s6 y = Zx4 —mx”* +m cd ba cyec tri.

m > 0. B. m=0. C. m<0. D. m=0.

2
Khang dinh nao sau day la dtng vé ham s§ y = LTS ?

x f—
Xep +Xep = 3. B. x,=-1 C. Yor=—% D. YepYer =0.
Tim gia tri 16n nhat cia ham s6 y =2vVx-1+v6—-x.
3. B. 2. C. 5. D. 4.
A , ANt L A 1-Vx? +x+1 .
Tiém can dung cua do thi ham s6 y = 1 c6 phuong trinh:
x” +
1

x=1 B. x==2 C. x=-1 D. x=0.
D6 thi ctia ham s8 y = x° —2x* + x—1 va duong thang y =1-2x c6 tat ca bao nhiéu diém
chung?
1. B. 3. C. 0. D. 2.

Goi M va N la giao diém cua duwong cong y = 7x +26 va duong thang y =x+2 . Khi d6
hoanh d¢ trung diém I ctia doan MN bang;:
7 7
——. B. 3. C. 7. D. —.
2 2
Cho ham s8 ¥ = f(x) x4c dinh va lién tuc trén doan [—2;2] va c6 do thi 1a duwong cong

trong hinh vé bén dwdi. Ham s8 ¥ = f(x) dat ceee dai tai diém nao sau day?

&
1k

x=-1. B. x=1 C. x=2. D. x=-2.

Mot nha mdy san sudt may tinh vira lam ra x san phdm may tinh va ban véi gia
p=1000-x cho mot san pham. Biét rang tong chi phi dé lam ra x san pham la
C(x)=3000+20x- Vay nha may can san xudt va ban bao nhiéu san phdm dé€ thu duoc

loi nhuan tot nhat.
500. B. 510. C. 490. D. 480.



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cac gia tri cia tham s6 m d€ ham s6 y = ma+25 nghich bién trén khoang (—;1) la:
X+m
m2>-1. B. -5<m<5. C. 5<m<-1. D. -5<m<5.
Tiép tuyén cua d6 thi ham s6 y = il +; tai diém A(—l;O) c6 hé s8 goc bang:
x_

= B. . c 2 D. L.
25 6 25

2
Tim m d€ham s6 y = X —2mx+2 dat cuc dai tai x=2.

xX—m
m# £1. B. m=1. C. m=-1. D. Khong ton tai m.
. ) (m2 + m)x—l !

D6 thi ham s6 y = 5 c6 duong tiém can ngang qua diém A(-3;2) thi gia tri

x_
ctua tham s6 m la?
m=-1lvm=2. B. m=-1lvm=-2. C. m=1lvm=2. D. m=1vm=-2.

(v 2 2
Cho ham s& y= (x 1)(x T 3) c6 do thi (C’" ), voi gia tri nao ctia m thi (C’") cit

Ox tai 3 di€m phan biét ?

2<m<2 2<m<?2
2<m<2. B. {mil . C. 2<m<2. D. {mil .
Tim m dé€ ham s8 y = —x° + 3mx’ —3(2m —1)x+1 nghich bién trén R.
m=1. B. Ludn théa man véi moi gid tri cuia m.

m#1. D. Khong co gia tri caa m.
Cho ham s8 y =x* —2mx* +2m* —4 (Cm ) .Tim m d&€ ham s6 cé 3 diém cuc tri tao thanh

mot tam gidc co dién tich béng 1.

-1. B. +1. C. £ D. 1.
n A, 2 7 .7z . A a7 . 2 Y ” 2 A 2x+m_]— A
Tim tat ca cac gid tri cia m d€ gia tri nhé nhat cia ham s6 f (x) =1 trén doan
X+

[1;2:' bang 1.

m=0. B. m=1. C. m=2. D. m=3.
Tim m d€ ham s8 f(x)=x° -3x* +mx—1 c6 hai diém cuc tri x,,x, thoa x> +x,> =3.
3 1
2. B. —. C. —. D. 1.
2 2
Tim gid tri m d€ ham s8 y =2x° +3(m —1)x2 +6(m —Z)x cb cuee dai va cuec tiéu.
Khé { oid tri
vmeR. . Ong coglatn C. m=#3. D. m=3.
nao cua m.

D06 thi hinh bén duéi la d6 thi cia ham s6 nao sau day?

y=-x'+2x>-3. B. y=-x'+2x". C. y=x'-2x*-3. D. y=x'-2x"

D06 thi hinh bén duéi la d6 thi cia ham s6 nao sau day?



Cau 40:

Sowp

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

L i 2 3
3
3

y=—%+x2+1. B. y=x"-3x"+1. C. y=—x"-3x"+1. D. y=-x"+3x"+1.

2 —
Cho ham 68 y = L’;?’ . Phat biéu nao sau day 1a dting?
X+

Ham s6 dong bién trén khoang (—«;-1) va nghich bién trén khoang (-1; +).

Ham s6 nghich bién trén khoang (—o0; +o0).

Ham s6 nghich bién trén cac khoang (—«;-1) va (-1;+0).

Ham s6 dong bién trén cac khoang (—«;-1) va (-1;+o0).

Cho ham s8 y = x* —2mx* —3m+1(1) (m la tham s8). Tim m d€ ham s6 (1) dong bién trén
khoang (1;2).

0<m<1. B. m<0. C. m>0. D. m<1.
Ham s6 y =4vx* —2x+3 +2x—x” dat gid tri 16n nhat tai x, va x,. Tich x,.x, bang?
1. B. 2. C. -1 D. 0.

: A \ 4
Ham s6 ¥y =x° —3x+3 c6 bao nhiéu diém cuc tri trén khoang [_1;§j ?

2. B. 1. C. o D. 3.
Ham s6 y =+2x-x* ddng bién trén khoang nao dudi day?
(1;+oo). B. (0;1). C. (1;2). D. (—oo;l).

Ham s8 y =ax* +bx” + ¢ dat cuc dai tai (0;-3) va dat cuc tiéu tai (-1;-5) . Khi d6 gid tri
cua a,b,c Tan luot la:

2:4;-3. B. -2;4;-3. C. 2,-4;-3. D. -3;,-1,-5.

Cho ham sd = _8x+3
x*—x-6
D06 thi ham s6 ¢6 2 tiém can ngang va 1 tiém can dung.

. Khéng dinh nao sau day la ding?

D6 thi ham s6 ¢6 1 tiém can ding va 1 tiém can ngang.

D06 thi ham s6 c6 2 tiém can duing va 1 tiém can ngang.

D6 thi ham s6 khong co tiém can.

Vi gia tri nao ctia m thi ham s6 y = x° —2mx* +m°x -2 dat cuc ti€u tai x=1.
m=1. B. m=2. C. m=-2. D. m=-1.

Gi4 tri 16n nhat cia ham s f(x) =1++V4x—x trén doan [%, 3} la

1+4/3. B. 1+/5. C. 1+243. D. 3.
Cho ham s& y =ax* +bx” + ¢ ¢d dd thi nhw hinh vé bén. Ménh dé nao dwoi day dung?

a>0,b<0,c>0. B. a<0,5<0,c<0. C. a>0,b<0,c<0. D. a<0,b>0,c<0.

5



Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

S n = >

Cau 59:

Cau 6: Bang bién thién sau day la ctia ham s6 nao?
X |-o0 0 2 +o0

® o0+ o
v \_1/3\+
y=—x"-3x"-1. B. y=x"+3x"-1. C. y=x"-3x"-1. D. y=-x+3x"-1.
Cho d6 thi ham s8y =x° —=2x* +2x (C) . Goi x, , x, la hoanh d¢ cac diém M, N trén (C),
ma tai d6 tiép tuyén ctia (C) vudng goc véi duong thang y=-x+2017. Khi d6 x, +x,

bang:
= B. ~. c 2 D. 1.
3 3 3

Cac khoang nghich bién ctia ham s8 y = %x‘* -3x*-3 1a

(-8}0-5) (o3 {5 )

2 2
(x/§;+oo). D. (—\/5;0);(\/5;+00)-

Duong cong trong hinh dwéi day la do thi ctia ham s6 y =—x* +4x°.

y
a

e
Dua vao d6 thi, phwong trinh x* —4x* +1-m =0 c6 4 nghiém phan biét khi:
O<m<4. B. 5<m<-1 C. 5<m<1. D. 3<m<1
Véi gia tri ndo ctia m thi ham s y = —x° +3x” + 3mx —1 nghich bién trén
khoang (O; +oo) ?
m<-1. B. m=1. C. m<1. D. m=0.
Biét rang duong thang y =2x -3 cat d6 thi ham s6 y = x* +x” +2x -3 tai hai diém phan

biét A va B, biét diém B c6 hoanh d6 am. Tim tung d6 diém B.

Y =-3. B. y; =-1. C. y =-5. D. y; =0.
Cho ham s0 y =M. Ham s dong bién trén (O;zj khi
sinx —m 2
m>3. B. 0<m<3. C. m<3. D. m<0v1i<m<3.

Diém cuc dai ctia d6 thi ham s0 .. 1a?
(0;-2). B. (22). c. (1-3). D. (-L-7).

Xét ham s8 f(x)=3x+1+ xi’l trén tap D =(-2;1]. Ménh dé nao sau day 1a sai ?

Ham s f (x) cO mot diém cuee tri trén D.

Gid tri 16n nhat cia f(x) trén D bang 5.

Khong ton tai gia tri Ion nhat ctia f(x) trén D.

Gid tri nho nhat ctia f(x) trén D bang 1.

Cho duwong cong v =x"+3x* +3x+1 c6 d0 thi (C) . Phuwong trinh ti€p tuyén cta (C) tai

6



Cau 60:

Cau 61:

Cau 62:

Sowp

Cau 63:

giao diém cua (C) vdi truc tung la:

y=3x-1. B. y=3x+1. C. y=8x+1 D. y=-8x+L1
Cho ham s& yzfx;rl.Khéng dinh nao sau day dung?
—2x

. , D6 thi ham s6 c6 tiém can ngang la
D6 thi ham s6 co6 tiém can dung la x=1.  B. sans

y=3.
D06 thi ham s6 c6 tiém can ngang la D. D06 thi ham s6 khong c6 tiém can.
__3
y==5

D6 thi hinh bén la ctia ham s8 y =—x’ +3x* —4 . Tim tat ca c4c gia trj cia m d€ phuwong

trinh x° —3x* +m =0 c4 hai nghiém phan biét?

m =4 hoac

B. m=4. C. m=0. D. 0<m<4.
m=0.

2—-x
x+2
Ham s& dong bién trén moi khoang (—o05-2) va (-2;+).
Ham s6 khong c6 cuec tri.

Ham s6 nghich bién trén mdi khoang (—00} —2) va (—2} +°0) .

D6 thi ham s6 c6 tiém can ngang la y =-1.

Cho ham s6 y = . Khang dinh nao sau day la khang dinh sai?

Trong cac khang dinh sau vé ham s8 y = —ix‘l +%x2 —3. Khang dinh nao la dung ?

Ham s0 c6 hai diém cyee tiéu la x =+1.

Ham s6 c6 diém cuc dai la x=0.

Ham s0 c6 hai diém circ daila x =+1 va diém cuc tiéu la x =0.

Ham s0 c6 hai diém cyee tiéu la x =+1 va diém cyc dai x=0.

Vi cac gid tri ndo cua k thi phwong trinh x° —3x =k c6 ba nghiém phan biét?
k<-2. B. k>2. C. 2<k<2. D. -2<k<2.

s



TRUONG THPT PHAN BOI CHAU PE CUONG ON THI THPT QG KHOI 12

Cau 1:
A.
Cau 2:

A.

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:
A.
Cau 14:

A.

TO TOAN — TIN HOC CHU DE 2: MU - LOGARIT
R R 8log ,7 N

Giatricuaa * la:

72, B. 7°%. C. 78. D. 7%,

Dao ham cua y=3""* la:

sin2x
gsin2v B. 2c0s2x.3""In3 C. cos2x.3"*1In3. D. sin2x.3""*",

Cho ham s8 y =In(x* +5) . Khi do y'(1)=?

1. B. Iné6. C. 1 D. 0.
3 6
Voi diéu kién nao cua a & ham s6 y = (a* —a+1)" ddng bién trén R:
ae(-0;0)U(L+x). B. ae(0;1). C. a#0a=1. D. acR.
Tap xac dinh cua ham s6 y =log, x(1-x) la:
(=90;0]U[1; +0) . B. (-0;0)U(L4+0). C. [0;1]. D. (0;1).
Gia tri cua ™" la:
9. B. 3. C. o D. 12.
Khdng dinh nao day sai?
PACR I, NCR B. (\/5_1)2017 S (\/5_1)2016 .
a1 _%)2017 < _%)2016 . D. (\/E —1)6 s (\/E —1)27
Voi diéu kién nao cua a d€ ham s6 y = 1 e nghich bién trén R?
+a
a>0. B. 0O<a<l. C. a>-1. D. a<Q0.
1 1 1
2 2 _ 2
Rut gon biéu thv'c M = 4 +12 L2 4 j—l (voi diéu kién M co nghia) ta duoc:
a+2a2+1 0 a?
a-1 2
3. B. —— c. = D. 3Wa-1).

x+1
Tap nghiém cua phuong trinh [%5} =125 la?

i b 1) - o 1]

Pao ham cua y =2"7" la:

x.(27)". B. 2'z*In2Inz. C. (2z)'In2z. D. (2x).
Tap nghiém cua phuong trinh 3! +3"? + 3" =9.5" + 51 + 5 ]a?

- B. {3 C. {2 D. {0}-

Tap nghiém cua phuong trinh 4™ —6.2*"' +8=0 1a?

(2. B. {0;3). C. {_g} D. {%}

Pao ham cua ham s6 y =(3+1Inx)Inx la?

1) 1 -
(3+—j-—- B, ¥, C 1L p, 3tznr
X)X X X




Cau 15:

Cau 16:

Cau 17:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cho log,, 5=a;log,7 =b;log, 3 =c.Tinh log,, 35.

3b+2ac B 3b+ 3ac C 3b+2ac
c+2 ) c+2 ) c+3

x5
Tap nghiém cua phuong trinh 3 2 = 343 la?

5
{\/5} B. (8} C. {—}
3
Trong cac ménh dé sau,ménh d€ nao sai?
Néu 0<a<1 thilog M >log N 0<M<N.

Néu a>1 thi log M >log N< M>N>0.
Néu M,N>0 va 0<a#1 thi log,(M.N)=log, M.log, N.
Neéu 0<a<1 thi log, 2016 >1log, 2017.

Tap xac dinh cua ham s6 y =1In ox la:
3x-6
(0;2). B. (—0;0)U(2;4+0). C. (~0;0]U[2;+0).

Ham sd nao co d6 thi nhw hinh vé dwoi day?
¥
\.\ 4

s I B

Toa do giao di€m cua do6 thi hai ham s6 y =2" & y=3-x la?

(-1;4). B. (2;3). c. (01).
Xac dinh m d€ phwong trinh 2**"' +m* —m =0 co nghiém.
m>1. B. m<Ovm>1. C. O0<m<l1.

DPao ham cua ham s6 y =log,(x+¢") la?

I+e' . 1+e* C 1+e"
(x+ex)1n2 B. x+e* " In2

Téap nghiém cua phwong trinh 2% 1 =1 ]a?
{2;5}. B. {-5-2}. c. {-5:2}.
Xdc dinh x d€log, . .(5x)>0.

1
O<x<l B. x>0. C. x>
Néu log4 =a thi log4000 bang:
3+2a. B. 3+a. C. 4+a.
Dao ham cua ham s6 y =3/9x” —6x+1 la:
1 2 -2

3(Bx-17? B, Yax—1 C e

Tap nghiém cua phuong trinh 3.2 =72 1a?

3b+3ac
c+1

[0;2].

m<0.

1

(x+e'*)ln2.

{1,2}.

xX<-—.

4+2a.

33(3x—1)



A. {2} B. {2} C. {—%} D. {%}

2-2x x-2
Cau 28: Tap nghiém cua phuwong trinh (%j = {i] la?

A {2} B. {%} c. {4} D. {%}

Cau 29: Chohamsd y= f(x)=x.e . Khdng dinh nao sau day la'sai?

A. Ham s& khéng c6 cuc tri. B. Ham s6 nghich bién trén (1; +oo) .
C. Ham s& dat cuc tiéu tai diém (1;1j ) D. Ham s dong bién trén (—oo; 1) .
e
Cau 30: Tong cac nghiém cua phwong trinh 2**° -3.22+1=0 la?
A. 3. B. 5. C. 2 D. 6.
Cau 31: Gid'tri cua log, afadava la:
A. 1 . B. i C. 1 . D. 4.
4 10 2

Cau 32: Trong cac ham s6 sau, ham s6 nao dong bién trén khoang (O; +oo) ?
A. y=log,,x. B. Yy=log, x. C. y=loggx. D. y=log, x.
, 6 4
Cau 33: Dao ham cua y=e¢™"* la:

L2 . L2 . .2 . L2
A, e, B. 2sinx.e™”. C. sin2x.e™™™*. D. sin?x.e™ .

x-1 —
Cau 34: Tap nghiém cua phuong trinh (%j (éjt A

3 16
A. {3_;/E;3+jﬁ}. B. {3-+10;3+10}.
C. {B_E/E;BJF;/E}. D. {3—@;3+\/ﬁ}.
Cau 35: Trong cac khdng dinh sau khang dinh nao sai?
A. log,,0,5<0. B. log,5>0.
C. logx2+3 2016 < logx2+3 2017. D. log,4>log, %

Cau 36: Tap nghiém cua phuong trinh 8.3" +3.2" =24+ 6" la?

A. {-13}. B. {3}. C. O. D. {1}.
Cau 37: Voi diéu kién nao cua a dé ham s6 y =(2a-1)" la ham s6 mu?

A. a=l. B. a>%. C. a<%. D. a>0.

D6 thi duof day la cua ham sd'nao?
¥

Cau 38: A




Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

A.

y:ln|x|. B. y:|1n(x+1)|. C. y:|1nx|. D. y:1n|x+1|.
Ham s6 nao dwoi day khong phai la ham s6 luy thua?
y=2" B. y:x%(x>0). C. y=x'(x20). D. y=x°.
D6 thi duof day la cua ham sd'nao?
y:10g33é. B. y=log,(x+1). C. y=log,x+1. D. y=log,(x+1).
Bién doi W ,(x>0) thanh dang Iy thwa voi s6 mu huu ti ta duoc:
xg . B. x%? . C. x%. D. x%
Dao ham cua ham sd y = Ycosx la:

—sinx —sinx 1 sin x
73sin® x B ity “ T P iy
Tap nghiém cua phuong trinh (3 - 22 ) =3+ 22 la:
(1}. B. {%} . C. {—%} : D. {-1}.
Cho ham s6& y =1og100(x —3) . Khang dinh nao sau day sai?
Tap xac dinh cua ham s6'la [3; +00) . B. D0 thi cua ham s6 di qua diém (4;2) .

f(x)=2+log(x-3) voi x>3.
Dao ham cua y=log.(x* +x+1) la:
2x+1 1 2x+1

x4+l B. (> +x+1)In5 " (P +x+1)In5’

Trong cac ham s& sau,ham s6 nao dong bién?
y= (—\/3 j B. y=2017" C. y=0
2016 -2 '

Dao ham cua ham s6 y = Ix la:

1 1 4 1
3 B. 3¢ R
Cho (/5 +2)* <(/5-2)*. Khaing dinh nao duoi day dung?
x<2. B. x<2. C. x>2.

Xdc dinh a d& ham s§ y =log, x nghich bién trén khoang (0;+).

O<a<?2. B. O<a=#l1. C. a>0.

Xac dinh a d€ ham s§' y =log, ., x dong bién trén khoang (O; +oo) .

O<ax<l. B. a>-1. C. a>0.

1 Vx?-3x-10 1 x-2
56 nghiém nguyén cua bat phuong trinh (gj > (gj la?

9. B. 0. C. 11.

D. ham s6 da cho dong bién trén (3;+w).

_1
X rx+1

(16Y
Y=\17 )

a>2.

O<a=l.



Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

1 1
1+—2+
X (x41)

m

Cho f(x)ze

\ m AN .2 ’
va — t6i gian. Tinh m—n’.
n

1. B. -2018. C. 2018. D.
Tap nghiém cua bt phuwong trinh 1+2*"' +3*"' <6* 1a?

R\{Z}. B. (2;+oo). C. (—00;2). D.
Tap nghiém cua phuong trinh log(xzil) 22 =% la?

{-4;4}. B. {4} c. {3} D.
Cho 0<a<b<1, ménh dé nao dudi day dung?

log, a<log b. B. log, b<0. C. log,b>1. D.
Tap nghiém cua bat phuong trinh (2++/3)" <(2—-+/3)* 1a?

(—o0;—4). B. @. C. R\{-4}. D.

Tap nghiém cua bat phuong trinh (2 —4)(x* —2x-3) <0 la?

(2:3). B. (-=-1)u(2;3). cC.

Tap nghiém cua phuwong trinh log ,x.log, x.log, x.log, x = % la?

B e

Tap nghiém cua bat phuong trinh 571 > 25 1a?
(—oo;O)U(3;+oo). B. (—oo;—l)u(3;+oo).
1 3
—00;—— [U| =+ |.
SEING
Neéuln(ln2x)=-1 thi x bang:
1 1 1

—ee. B.
28 2¢°

Tap nghiém cua bat phuong trinh 2*? < [%j la?

B —g'—i-oo
. 31 *

Tap nghiém cua bat phuong trinh log ,(x* +x) <log, ,(-2x +4) la?

(074015

Mét két qua —00;—4 ) U(1; +o0
(-0;-4)u(L2). B, Fhoe 1 .( Jo(tie)
Tap nghiém cua phuong trinh log, x +log,(x+3) =1 la?
{3}. B. {25} c. {1. D.
S6 nghiém nguyén cua bat phuwong trinh 3* +9.3™ <10 la?
Vo s0. B. 0. C. 2 D.

(—oo;l)u(Z;S). D.

2
C. (—00}—5} D.

' Bigtring £(1).£(2).£(3)..f(2017) =" v6i m,n 1a cac 3 tu nhién

-1.

(—oo;—Z)u(Z;+oo).

(33

log, a>log b.



Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

o (Y - a)
o (V-3

Cho biéu thttc M = ,v6i 0<a#1. Tinh gia tri cia M khi a=2017"" .

—2017'%" —1. B. 2017 C. 2017"" +1. D. 2017 +1.
2 2
3 3
Cho 4, b la hai s6 thye dwong. Rat gon biéu thie sau: M.
at +b°
a%zﬁ ) B. aéb% ) C. ab. D. a%b% )
Tap nghiém cua bat phuong trinh log, 4x <3 la?
(2;+00). B. (0;+). c. (0:2). D. (-=2).
R . 16log,x  3log, x’
Tap nghiém ctuia bat phuwong trinh - >0 1a?

log, x> +3 log,x+1

(%;%ju(ﬁ;%ﬁ). B. [0;%jU(%;1JU(2;+OO)-

1 1

(m,llu(ﬁﬂﬁ)u(ﬁ’:ﬁ,#—w). D. [O,Eju(1,+oo).

Phuong trinh 5> +9.5" +27(125™ +5*) = 64 co nghiém la?

0. B. % . C. 2 D. 3.

Mot gia dinh ¢6 con vao 16p mot, ho mudn dé€ danh cho con mét so tién la 250.000.000 d€

sau nay chi phi cho 4 nam hoc dai hoc cia con minh. Hoi bay gio ho phai gtti vao ngan

hang s6 tién la bao nhiéu d€ sau 12 nam ho sé dwgc sO tién trén biét 1di sudt cia ngan hang

la 6,7% mot ndm va 1ai sudt nay khong doi trong thoi gian trén?
~250.000.000 P 250.000.000

= W (triéu dong) = 116,7)" (triéu dong).
P= % (triéu dong). D. P= w (triéu dong)
S0 nghiém cua phuong trinh log, (2" —-1) = -2 badng
0. B. 1. C. 2 D. 3.

Tap nghiém cua b4t phuwong trinh 25" +9**! > 34.15% la?
(—oo; —2] v [0;+oo)

(—oo;—ZJ. B. [—2;0]. D. [0;+oo).
Cho ham s§ f(x)=3"4". Khing dinh nao sau day sai?

f(x)>9 < 2xlog2+xlog4 >log9. B. f(x)>9<x’In3+xIn4>2In3.
f(x)>9 < x*log, 3+2x >2log, 3. D. f(x)>9< x*+2xlog,2>2.

Phuong trinh log,(4.3" —6)—log, (9" —=6) =1 co moét nghiém duy nhat thudc khoang nao
dwoi day?

3 3
-——;01. 2;3). . 0;,—|. . (-1;1).
3] 5 (29 c. (03] D, (-11)
3 21
Tap nghiém cua bat phuong trinh (2 +/3 )< (2 3 )% la?
(1;3). B. Q. C. R. D. (-;1)U(3;+)
6



Cau 76: Tim gia tri cua m d€ b4t phuong trinh 9* - m.3"' =4-3m <0 co' nghiém.

A m>-2 B. me®. C mx-. D. meR.
Cau 77: Tap nghiém cua bat phuwong trinh 3 <log, x <4 la?

A (8+w). B. (816). C. (0;16). D. R.
Cau 78: Tap nghiém cua phuong trinh x*log, x.log 9=10-x la?

A. {-52}. B. {2} c. {3} D. {2:3}.

Cho 3 s0 thuwe duwong a,b,¢ khac 1. P06 thi cicham s6 y =log, x; y=log, x; y=log x
duoc cho trong hinh vé bén duwdi. Ménh dé nao dudi day dung?
A

y=log, x
Cau 79: 2] y=log, x

A. c<axb. B. a<b<ec. C. b<ax<ec. D. a<c<b.

3x x-1
Cau 80: Tap nghiém cua bat phuong trinh (%j < [lj la?

9
A. (—oo;—2)u(—2;+oo). B. (—2;+oo). C. (—oo;—Z). D. R\{—Z}.
2 1-x
Cau 81 Choham s6 y = (14_ & ] véi a>0 la mot hing s8. Trong cac khang dinh sau, khang dinh
a
nao dung?
) ) Ham s6 ludn dong bién trén khoang
A. Ham s0 luén nghich bién trén R. B. ,
(1, +oo) .

C. Ham s6 luén dong bién trén khoang (0; +oo) D. Ham s6 luén dong bién trén R .
Cau 82: Tap nghiém cua phuong trinh log,(3x-7) =3 la?
A {1} B. {5} c. {2} D. {-3}

Hoi c6 bao nhiéu gia tri nguyén ctia m dé bat phwong trinh log? x + mlog, x—m >0 nghiém

Cau 83:
dung voi moi gid tri cia x & (0;+w0)?
A. Co67 gia tri nguyén. B. C¢4 gia tri nguyen.
C. (o5 gia tri nguyeén. D. (66 gia tri nguyén.
Ciiu 84: Mot nguoi gui tiét kiém véi 1ai sudt 6%/nam va lai hang nam dwgc nhap vao von. Hoi sau

bao nhiéu nam, nguoi d6 thu duoc sd tién gap ba so tién ban dau ?
A. 20nam. B. 18 nam. C. 17 nam. D. 19 nam.

Cau 85: Tinh dao ham cua ham sG: y = ln(x+ NEa a).

1 , 1 , X X

A Y =—Fr— = : LY E =
Y x+vVx2+a B. Y Vit +a c v x+vVx2+a D. ¥ ¥ +a

Cho phurong trinh 4 -6.2"* ~1=0 (1). Néu dit ¢ =2 (¢+>0) thi phuong trinh (1) tro

Cau 86:
thanh phuwong trinh nao sau day?

A. t?-3t-1=0. B. 4t*-3t-1=0. C. ##-12t-1=0. D. 4t*-6t-1=0.



Cau 87:

Cau 88:

Cau 89:

Cau 90:

Cau 91:

Cau 92:

Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

Cau 98:

Tap nghiém cua phuong trinh log . |x + 1| =2 la?

{-4;2}. B. {32} c. {3} D. {-10;2}.
Cho phuong trinh log,(x* +4x+12) =2. Tim khéng dinh dting?

Co mot nghiém am va mot nghiém
duong.

Vo6 nghiém. D. Cohainghiém am.

Co'hai nghiém dwong .

Su tang trudng ctia mot loai vi khuan tuan theo cong thirc S = A.e”, trong d6 A 1a s0 lugng
vi khuén ban dau, r 14 ti 18 ting trwong (r >0), ¢ 1a thoi gian ting trwong. Biét rang s6
luwong vi khuan ban dau la 100 con va sau 5 gio tang 1én 300 con. Hoi sau 10 gio thi c6 bao
nhiéu con vi khuan?

800. B. 700. C. 600. D. 900.

Tap nghiém cua phuong trinh log, x +log, x +log,, x =7 1a?

(Va). B. {2V2}. c. {16} D. {4}

Cho a,b,c¢ la cac s6 thiee duwong khac 1. Ménh dé nao dudi day dang?

log . b=a.log,b. B. log, b=log, c.log_ a.
a8 _p. D. log, (%) =log b-3.
a
Cho ham s8 f(x)=e>" . Biét phuong trinh f"(x)=0 c6 hai nghiém x,;x,. Tinh x,x, .
z B. 3. C. E D. 2
4 2 4
Tap nghiém cua phuong trinh log, (2" —1) =-2 la?
{2 -log, 5} . B. {—1+10g2 5} . C. {—2+log2 5} . D. {log2 5} .
Tap nghiém cua bat phwong trinh 67 <2*7°.3%7 Ja?
(—00;4)\{0}. B. R\{O}. C. (4;+oo). D. (—00;4).
Cho a,b,c¢ la cac s6 thiee duwong va b,c = 1. Biét log b=7;log, c=5. Tinh logJ— (éj
“\c
2
-56. B. T C. -14. D. 4.

Tim tat ca cac gia tri cua tham s6 thuc m d€ phwong trinh xInx+m=2x cé hai nghiém
phan biét thudc khoang (2; 3) .

(4-2In2; 6-3In3
D

(4-2In2; ¢]. B. (6-3In3;e). C. (2; 6-3In3).

Ngay 26 thang 3 ndm 2016 6ng Doan dem 1 ti dong gui tiét kiém vao ngan hang
AGRIBANK Di Linh véi 1ai sudt 0,5% mot thang. Tir d6, ct tron mdi thang dng dén ngan
hang rut 4 triéu dong dé€ chi tiéu cho gia dinh. Hoi dén ngay 26 thang 3 ndm 2017, sau khi
rat tién, s8 tién tiét kiém ctia dng Poan con lai 1a bao nhiéu? Biét rang 1ai sut trong sudt
thoi gian 6ng Doan guiii khong thay doi.

200.(1,005)" +800 (triéu dong). B. 1000.(1,005)" —48 (triéu dong).
1000.(1,005)” 48 (triéu dong). D. 200.(1,005)" +800 (triéu dong).

Voi gia tri nao cua m d€ bat phwong trinh 9* -2(m+1).3" =3-2m >0 co nghiém dung voi
moi x.



me(—5—2\/§;—5+2«/§)

A. " B. m=#2. c. me<-2. D. med.
Cau 99: Tap nghiém cua phuong trinh log, (log, x) +log,(log, x) =2 la?
A. {16}. B. {4}. c. {2}. D. {416}.

Cau Til¢ ting dan s6 hang ndm ctia nuwdc Nhat la 0,2% . Nam 1998, dan sd ctia Nhat la
100: 125932000 nguoi. Vao nam nao dan s6 ctia Nhat la 140000000 nguoi?

A. Nam 2050. B. Nam 2052. C. Nam 2049. D. Nam 2051.
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Cau1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

TO TOAN - TIN HQC CHU DE 3: NGUYEN HAM - TICH PHAN
Gid tri m cua ham s§ F(x)=mx’+(3m+2)x* —4x+3 la mot nguyén ham caa ham
s6 f(x)=3x"+10x-4 la:
1. B. 0. C. 3. D. 2.

1
Cho I= j 2x.e dx.Gidtri cialla:
0

e+1. B. 1-e. C. e-1 D. e-2.
Cho hinh phang (H) gi¢i han boi y=2x—x, y=0. Thé tich cta khdi tron xoay thu
dwoc khi quay (H) xung quanh truc Ox ta dwoc V = ﬁ(%-f- 1) . Khi d6:
a=-7,b=15. B. a=16, b=15. C. a=241,b=15. D. a=1,b=15.
Thé tich kh&i tron xoay khi quay hinh phang giéi han boi cac duong
y=1-x*,y=0 quanh truc Ox c6 két qua viét dudi dang %[ (a, b nguyén td cung
nhau). Khi d6 a+bbang:
11. B. 25. C. 17 D. 31.
Ham s& F(x)= ¢” 1a nguyén ham ctia ham s :
f(x):‘;_. B. f(x)=2xe"2. C. f(x):xzexz—l. D. f(x):ez".

x
Goi S la dién tich hinh phéng gi6i han boi d6 thi ham s8 y = f(x), truc hoanh,
duong thang x =a,x =b (nhw hinh bén). Hoi cach tinh S nao dwéi day ding?

y y = fx)

»

@) a\/c by
S=_Ef(x)dx+jjf(x)dx. B. Szif(x)deer;f(x)dx.
S:—_Ef(x)dx+jf(x)dx. D. Szjf(x)dx.

Cho hinh phang giéi han boi d6 thi ham s§ y=e¢*, truc Ox, 2 duong thang
x=0,x=1
. Thé tich khdi tron xoay khi quay hinh dé xung quanh truc hoanh dugc cho bdi
cong thtrc.

2 2
ﬂ(jexdxj : B. jezxdx. C. (njexdx] , D. ﬂjezxdx.
0 0 0 0

Dién tich hinh phang gi6i han béi hai dwong cong y=x—x va y=x-x* bang :
s, B. c 2. D. .

12 12 12 12

Cho d6 thi ham s8 y = f(x). Dién tich hinh phang (phan gach chéo) trong hinh

dwoc xac dinh boi ?



Cau 13:

Cau 14:

Cau 16:

Cau17:

e
/

3 0

Szj;f(x)dx. B S=£f(x)dx+jjf(x)dx.

0

S=If(x)dx+]jf(x)dx. D. Sz.[f(x)dx+if(x)dx.

: Trong cac khang dinh sau, khang dinh nao 1a sai?

jcosxdx=sinx+C. B. jsinxdx=cosx+C.

1 1 1
I?dxz—;+c(x¢0). D. I;dx=1n|x|+c(x¢0).

: Tim ham s8 F(x) biét rang F'(x)=4x> —3x* +2 va F(-1)=3.

xt—x®+2x-5. B. x*-x*+2x+3. C. x*—x*+2x+5. D. x*—x*+2x-3.

" Cho ham s8 f(x) = L Hay chon ménh dé sai:

x+2
In |x + 2| +31a mot nguyén ham cta

1
Ix+2dx—ln(x+2)+c. B. £(x).
1 1r1|x +2| la mot nguyén ham cta
J—dx=ln|x+2|+C. D.
x+2 f(x)

Mot vat dang chuyén dong voi van t8c 5(m /s) thi ting t6c vdi gia tc
a(t)=t>+t (m / sz) . Khi d6 quang dudng vét di duoc trong khoang thoi gian 10(s)

k& tir ltic bt d4u tang toc 1a bao nhiéu mét?
1005 (m). B. 1500(m). C. 500(m). D. 1050(m).
Néu J.f(x)dx =sin2xcosx+C thi f(x) bang.

l(3cos3x+cosx). B. l(?;sin?;x—cosx).
2 2

l(E’asin?)x+sinx). D. l(3sir13x+cosx).
2 2

* Nguyén ham ctia ham s f(x)=3/3x+1 la:

1 3x+1)33x+1+C. B. (3x+1)¥3x+1+C.
4

%(3x+1)\3/3x+1+C. D. i33x+1+C.

1
Biét rang I(Zx + 1) e*dx =a+b.e. Khi d¢, tich ab bang:
0

-15. B. -1. C. 1 D. 20.
Goi N(t) (ml/ phiit) 1a t6c d0 ro ri dau tir cai thung tai thoi diém ¢ (gi0). Biét
N'(t)=t(t —1)2 . Khi d6 lwong dau 10 ri ra trong mot gio dau tién la:



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

30789800(ml). B %(ml), c. 12(mi). D. 3097800(mi).

Mot vat chuyén dong cham dan véi van tdc v(t) =160-10¢t (m / s) . Hoi ré”mg trong
3s trudc khi ditng han vat di chuyén duoc bao nhiéu mét?

130 (m). B. 170 (m). C. 16 (m). D. 45 (m).

Biét rang Iezx cos 3xdx = e** (a cos3x +bsin 3x) +c, trong d6 a, b, c 1a cac hang s8, khi

dé tong a+b co gia trila:

> B. —. O D. -
13 13 13 13
Cho a>0 va a=1.Phat biéu nao sau day dung ?
2x
Jazxdx: LK B. Jazxdleazx Ina+K.
2Ina 2
Ia2xdx:%uzx +K. D. Ja"dx=a" Ina+K.
3 3 2
Néu J.f(x)dx:5;ff(x)dx:3 thi | f(x)dx=?
1 2 1
2. B. 5. C. 2. D. 1.
A1 s o 2°-1 .,
Nguyén ham ctia ham so6 f(x) =— la:
e
2" +In2 N 2x+ln2—1+ C 2x—1r12+1+C 2" -In2 L
e* (1r12—1) © B (1n2—1) T e (1n2—1) "D (ln2—1) '
V6i phép ddi bién ¢ =yx* +1, nguyén ham [———dx tré thanh:
Vat+1
1
tdt. B. |dt. C. |2tdt. D. |—dt.
J | J L
Ham s6 nao sau day khong phai nguyén ham cua ham s6 f (x) = ( )2 ?
x+1
-x+1 B 2x -2 x-1
x+1° Cox+l R S

Mot nguoi 1ai xe 6 t6 dang chay véi van toc 20 m/s thi nhin thay bién gidi han tdc
do, ngwoi lai dap phanh; tir thoi diém d6, 6t6 chuyén dong cham dan déu véi van
tdc v(t)=-4t+20(m/s) trong d6 t 1a khoang thoi gian tinh bing gidy, ké tir ltic bat
dau dap phanh. Héi sau khi dap phanh, tir ltic van t6c con 15 m/s dén khi van tdc
ctia nguoi con 10 m/s thi 6 t6 da di chuyén duoc quang duong bao nhiéu mét?
150 (m). B. 37,5(m). C. 15,625(m). D. 21,875(m).
Ho nguyén ham cia ham s8 f(x)= x(2 +3x° ) la:

2 3 2 2 3 4 2 xz o
x| 1+=x" |[+C. B. x +=x" C. x (2+6x)+C. D. —(2x+x )+C.

4 4 2
Ham s6 nao sau day khong phai la nguyén ham ctia ham s6 y=¢™".
1 1 e’ -1

- *+C. B. —X+C C. ——X+C. D. -
e e e

-1+C.




Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Ham s& nao dudi day khong la nguyén ham ctia ham s§ f(x) = Y ?
x+1
2 2 2 2
X —x—1- B X +x—1. c. X +x+1. pD. X
x+1 x+1 x+1 x+1
15 5
Néu [ f(x)dx=30 thi [ f(3x)dx bing bao nhiéu?
0 0
2. B. 90. C. 10. D. 6.
Ham s6 F(x)=e" —cotx+C languyén ham cua ham sd f(x) nao?
e’ — 12 . B. e+ _12 . C. ¢ - ‘12 . D. e+ 12 .
COs” X sin” x sin” x COs” X

Goi F(x) la nguyén ham cua ham s6 f(x) trén doan [a;b]. Trong cac dang thitc

sau, dang thitc nao ding?

[ f(x)dx = F(a)-F(b). B. [k.f(x)dx=k[F(b)-F(a].

[ F@)dx = [ fx)dx = [ f(x)dx. D. [f(x)dx= | f(x)dx.

J. xe* dx bing:

1. 2xe" " +C.

Ee" T4C. B. C. 12" +C. D. ¢ 4C.

Nguyén ham ctia ham s6 f(x)=+v2x-1 la:

%(2x—1)\/2x—1+C. B. % 2x-1+C.

—%(2x—1)x/2x—1 +C. D. %(2x—1)x/2x—1 +C.
J-\/lnx

X

dx bang:

1 3 3
> lrlx+C. C. 2(Inx)2+C. D. - (Inx)3+C.

% (Inx)’ +C. B

Gia st jf(x)dx = Z;jif(x)dx = 3;jg(x)dx =4.Khang dinh nao sau day la sai?
jf(x)dx=5. B. .[[f(x)—g(x)]dle.
J.f(x)dx<.|.g(x)dx. D. J.f(x)dx>J.g(x)dx.

0
Tinh thé tich ctia vat thé ndm gitta hai mit phang x =0;x = 7, biét rdng thiét dién
ctia vat thé voi mat phéng vuong gdc vai truc Ox tai di€ém cd hoanh d6

x(O <x< 7r) la mot tam giac déu ¢ canh la 2+/sin x.

J3. B. 2. C. % D. 2.3.



Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 4e6:

Cau 47:

tv1+3Inx
=

1
tro thanh tich phan nao sau day?

%thdt. B. %jtzdt. C. %thdt. D. %jtzdt.

Cho tich phan I = dx . V6i phép ddibién t =+1+3Inx, tich phan da cho

Cho ham s6 f(x) =——. Néu F(x) la mot nguyén ham ctia ham s8 f(x) va do
sin” x

thi ham s8 y = F(x) di qua M(%;Oj thi F(x) L

i e
—= —cotx. B. ~/3-cotx. C. ——cotx. D. —cotx+C.
V3 2
Cho tich phan I = j Slny-2 dx=a+bIn3 (v6i a,beZ). Gid tri cia a* +b* bang:

» x(Inx+1)
45, B. 25. C. 6l. D. 52.

I, + 1 .7 . 2 ~ < . \ A
Cho I 2k =e, gia tri a >1 thoa man dang thitc nao sau day:
X
1

1
a +lna-1=e. B. lna=e. C. a+lna-1=e. D. ——2+1=e.
a

Goi f (x) (d6 la) la tong doanh thu cta cta hang Dién may xanh Di Linh khi ban x
chiéc dién thoai Iphone. Biét f'(x)=x’—3x* +2x+12. Tim tdng doanh thu khi bdn

duoc 12 san pham dau tién.
3474 (d6 la). B. 3456 (d6la).  C. 7200 (d6la).  D. 3744 (d6 la).
Tinh thé tich kh&i tron xoay khi quay hinh phang giéi han boi céc duong

y=+v1-x%,y=0 quanh truc hoanh c6 két qua viét dudi dang %Z (a, b nguyén to
cting nhau). Khi d6 ab bang:

24, B. 15. C. 7. D. 12.
5

I dx =Inc. Gia tri cta c la:

1 2x—1

9. B. 8l1. C. 3. D. 8.

2
Biét jlnxdx=a1n2+b v6i a,beQ.Khi d6 tong a+b bang :
1

3. B. -1. C. L D. 3.

oo.|%‘

Tim mot nguyén ham F(x) ctia ham s8 f(x)=sin” x.cosx biét F %) =

Lt B. Lsin’x. c. Lsntxsc D. teos'x.
3 3 3 3

Déng thtic nao sau day la sai?

(J ) = f. B ([ fdx) = fx)+C.

[[f0] dx= f)+C. D. ([ fut) = fet).

Ham s6 y =sinx la mot nguyén ham cua ham sd nao trong cac ham s6 sau day?
y=sinx+1. B. y=cosx. C. y=tanx. D. y=cotx.



Cau 48:

Cau 49:

Cau 50:

In3 3x

Cho a,beZ théaman I = I ex +1
o € +1

10. B. -6. C. -5 D. 12.
Cho duong cong y=x>. Véi mdi xe [0;1], goi S(x) la dién tich ctia phan hinh

dx =a+1Inb. Gia tri biéu thtc: P =a*>—3ab+b’.

thang cong da cho nam gitta hai dwong vudng géc véi truc Ox tai diém cé hoanh
dd 0 va x. Khi do:

S(x)zxz. B. S'(x)=2x. C. S(x):g, D. S'(x)zxz.

Ki hiéu (H) 1a hinh phang gi6i han bdi d6 thi cic duong: y=+vx* ~3x+6; y=2x-2
va truc tung. Thé tich V cua khéi tron xoay thu duoc khi quay hinh (H) xung quanh
truc Ox la:

343 23

— . B.

. . . D. .
2 1a V4 C. 4r 6r
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TO TOAN - TIN HOC CHU BE 4: SO PHUC
c Trong cac sd phtrc z thoa man gﬁz +2/=1, goi z, la sO phttc c6 mddun 16n nhat.
au 1: —1

Tim s6 phtc z,.

A. 2i B. i C. 3i D. 4.
Cau 2: Tap hop cac diém trong mit phing phttc biéu dién cac s phitc z thoa man |z - 2i| =11la
duong tron c6 phuong trinh nao sau day?

A. oy +4x-3=0. B, (x+2)+y’=1. C. X*+y*+4y-3=0. D. +(y+2) =1

Cau 3: Phan thuc ctia s6 phtic z thoa man (1+i)2(2—i)z=8+i+(1+2i)z la:

A. 2. B. -3. C. -1 D. -6.
Ciu 4: Tim s0 phtic z théa man 23, +2-3i=5-2iz.
-3i
R P S /N S U
13 13 196 196 113 113 21 21
Cho 2 s6 thyce x,y thoa phuwong trinh: 2x+3+(1-2y)i =2(2—1)+3yi—x. Khi d6
Cau 5: .
W Ao 3xy—vy ¢ gid tri bang bao nhiéu?
59 49 1
A. 13 B. 5 C. 15 D. 9
Cau 6: Cho s8 phtic z, =1+2i,z, =3+i. Mddun ctia s8 phtic z, +2z, bang:
A. 5. B. 2. C. 2. D. 65.
Cau7: Tim tap hop cic diém biéu dién s& phtic z sao cho z* 1a s6 thuan ao.
A. Truchoanh Ox. B. Tructung Oy.
C. Hai duong thang y=x va y=—x. D. Goctoadd O.

Cau 8: Cho sG phttc z thoa man |z-1|=|z-2+3i|. Tap hop cac diém biéu dién s6 phtic z la:

Duong thang c6 phuong trinh Duong thang c6 phuong trinh

B

x-3y-6=0. T 2x-6y+12=0.
C. Duong tron tam 1(1;2), ban kinh R=1. D. DLrSOng6th§ng ¢6 phuong trinh
x—5y—-6=0.

Cau9: Codbao nhiéu so phttc z thoa man ‘22 +Z‘ =2 va ‘z‘ =27
A, 1. B. 4. C. 2. D. 3.

M s NN e Comz=2z41
Cau 10: Cho s6 phttc z thdéa man (1+1)(z—1)+22 =2i. Khi d6 m6édun cta s6 phtic w = "

la:
A. 9. B. /11. c. ho. D. J12.

Cho s6 phttc z thdéa man |z -3+ 4i| =2 va w=2z+1-i.Trong mit phang phtic, tap hop

Cau 11: .
diém biéu dién s6 phic w la:
A (x-3) +(y+4) =4 B. (x+3) +(y-4) =4
C. (x-7) +(y+9) =16. D. (x+7) +(y-9) =16.
Cau12: SO phtic z= (1+2i)2 (1-i) c6 md dun la:
A. 50. B. g C. ?' D. 5\2.



Cau 13:

Cau 14:

Cau 25:

A.

Cau 26:

A.

Cap s8 (x;y) thoa man diéu kién (2x +3y +1)+(—x +2y)i = (3x -2y +2) + (4x -y - 3)i la:

9 4 o (2.4 4.9
11°11) l11711 ) D. 1711/

2 .
SO phtic z thoa man z +2iz+2(12 +,l) =0 céd dang a+bi. Khi d(’)% bang:
z —i
2 B. 2. c = D. 2.
5 5 5 5
- 5+i\3

SO phtec z thoa man diéu kién z - -1=0 la:
z

~1++/3i v 2-+/3i. B. —1-+3iva2-+3i.

1+/3i vit 2 ++/3i. D. 1++/3i 02 2-+3i.

Cho s6 phtic z=3+2i. Tim phan thyc va phan 4o cta s6 phtic z .

Phan thuc bang 3, phan ao bang 2.

Phan thue bang 3, phan 4o bang 2. B.
Phan thuc bang 3, phan 4o bang -2i . D. Phan thyc bang 3, phan ao bang 2i .
Modun ctia s6 phic z =5+ 2i —(1 + i)3 la:
3. B. 7. C. 5. D. 2.
S8 phtic z théa z—(2+3i)z=1-9i la:
1-2i. B. 2-i C. 2+i D. 1+2i.
Trong céc 8 phirc z théa man |z = ‘Z— 3 +4i|, s8 phtic c6 médun nho nhat la:
3+4i. B. 3-4i C. E+2i. D. E—21'.
2 2
S6 phtic lién hop voi s6 phitte z = (1+i) -3(1+2i) la:
-9+10i. B. -9-10i C. 9-10i D. 9+10i
SO nao trong cac so sau la s6 thuan ao:
(3-i)-(2-i). B. 2017, C. (2016+i)+(2017-i). D, (V2+2i)-(V2-i).
Trong cac sd phtic z thoa man diéu kién |z -2 —4i| = |z - 2i| . Tim s8 phtc z c6 médun
nho nhat.
z=2+2i. B. z=-2+2i C. z=3+2i D. z=-1+i
Phan thyc ctia s6 phtee (1+i)* bang:
0. B. 1 C. 2~ D. -2°
Tim s6 phtic z ¢6 md dun nho nhét sao cho (z-1)(z +2i) 1a 8 thyc.
E+éi. B. 2i C. 1+li. D. é+gi.
5 5 2 5 5

Cho s6 phttc z=x+yi (vdi x,y>0) va thod man z—_41=i.86phl’rc w=2z"+i(z+1)co
z+

toa d6 diém bidu dién 1a?

(4:3). B. (-56). c. (12). D. (-2-1).
Trén mat phang toa dd Oxy, tap hop diém biéu dién cac s6 phitc z théa man dieu kién
|2 - (2+1)| =2 1a:

(x-1) +(y+2) =4. B. (x-1)+(y-2) =4



C. (x+1)2+(y+2)2=4. D. (x+1)2+(y—2)2=4.
Biét z,;z, 1a hai nghiém cua phuong trinh 2z° + J3z+3=0.Khi dé, gié tri cua

Cau 27: ,
A=z +z, la:
A. E B. é C. 2 D. 2
2 2 4 8
Chiu 28: Cho s6 phtic z = (1+ z')", biét n e N thoalog,(n—3)+log,(n+9)=3.
Tim phan thuce cua s6 phtec z.
A. 0. B. -s C. s D. 1.
Cau 29: C4bao nhiéu s phtic z thoa man diéu kién z° = |z|2 +27
A. 0. B. 3. C. 2 D. 1.
cau g, ChosOphitc z thoa man 2[z—2+3i = [2i~1-22|. Tap hop diém biéu dién cho sG phic 2
au 30:
la:
A. 20x-16y-47=0. B. 20x+16y-47=0.
C. 20x+16y+47 =0. D. 20x—16y+47 =0.

Phuong trinh 3z° —6z+b =0 c6 2 nghiém phtrc dwoc bidu dién boi hai diém A va B.
Cau 31: Biét ré“mg tam giac OAB déu (véi O la gdc toa d9). Tich cac gia tri cua b thoa yéu cau
bai toan 1a?

A. 2 B. 4. C. 8. D. 6.
Cau 32 Cho s§ phtic z=1+i. Tinh médun ctia s8 phtrc w =2+

A, [w]=+2. B. |w]=1. C. |w=2. D. [u|=v3.
Cau 33: SO phtic z thda man z+3z= (1—21’)2 la:

I B. ->+2i c. 2-2i D. 2+3i
Cau 34: Cho hai s6 phtic z=a+bi vOi a,beR;z»0. Hay chon cau sai?

A. zz 1as8 thuc. B. :z-z lasd thuan do.

C. z+z lasd thue. D. Z 1asdthuan ao.

z
Cau 35: Diém biéu dién s8 phiic z thoa man (3+2i)z=5-14i c6 toa d0 la:
A, (-4-1). B. (-1:4). C. (L-4). D. (-1,-4).
Cau36: Cho sd phtrc z thoa man (1+2i)z=8+i. Hoi diém biéu dién ctia z 1a diém nao trong cac
diém M, N, P, Q & hinh dudi day?

Yy
N 3 M
-2 2
o x
e )
A. Q. B. M. C. N. D. P.

Trén mit phang véi hé truc toa d6 Oxy. Goi cac diém A, B,C lan luot 1a diém biéu dién

Cau 37: ot N1 g s N I
cta cac sO phtic 'il; (1-i)(1+2i); —2i°. Khi d6 tam gidc ABC la tam giac gi?
i

A . o ea N . vudng can tai B
A. vuong tai C. B. Tam giac déu. C. vubngtai A. D. &
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Caul:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

TO TOAN - TIN HOC CHU DE 5.1: THE TiCH KHOI DA DIEN

Cho hinh chép S.ABCD c¢6 day la hinh vudng canh bing 4, canh bén SA vudng géc véi mét
phang ddy SA = a+/3. Dién tich mt cau ngoai ti€p hinh chép S.ABCD la:

2 2 2
5. B. % c. p. \6_
3 5 6
Trong cac ménh dé sau, ménh dé nao sai?
T dién la da dién 16i. B. Hinh lap phuong la da dién 16i.

Hinh tao béi hai tt dién déu ghép véinhau  D. Hinh hop la da dién 16i.

la mot da dién 16i.

Cho hinh chop S.ABC co day la tam giac déu canh a = 3(cm); SC= 2(cm) va SC vudng goc
voi day. Ban kinh cua médt cau ngoai ti€p hinh chop S.ABC la:

2(cm). B. l(cm). C. 4(cm). D. 3(cm).

Cho hinh chép tam giac déu S.ABC c6 AB =4, mdt bén (SAB) hop voi day (ABC ) mot goc
60°. Tinh thé tich hinh chép S.ABC.

1
{13. B. ﬁa?’. C. QQS, D. ﬁas.
244/3 8 24 12
Cho hinh chép S.ABC c¢6 day la tam gidc vudng can tai B; AB=a, SA 1L (ABC). Canh bén SB
hop v6i day mot goc 45°. Tinh theé tich caa khdi chop S.ABC.
3 3 3 3
4 B. ”ﬁ. c. L. D. ”ﬁ.
6 3 3 6

Cho lang tru ding ABC.A'B'C’ c6 day la tam giac vudng tai A, AC =g, ACB = 60°. Puong
chéo BC' ctia mat bén (BCC ’B’) tao voi mat phéng (ACC’A') mot goc 30°. Tinh thé tich khoi

lang tru theo a.

3 3 3

V6 B. e c. s p. V6
2 3 3

Mot khéi lang tru tam gidc c6 cac canh day lan luot bang 19(cm) ; 20(cm) ;37 (cm). Chiéu cao

ctia lang tru bang trung binh cdng ctia cac canh day. Thé tich khdi lang tru bang?
1123(cnr’ ). B. 1245\2 (cm®). c. 4273(cm’). D. 2888(cm’).
Cho hinh chép tam giac déu day cd canh béng a, goc tao boi cac mat bén va day béng 60°.
Thé tich khéi chop la:

23 B 23 3 D 26

. . C. .
2 6 8 6
Téng dién tich cac mat cia mot hinh 14p phuwong bang 150 (mz) . Khi @6 thé tich cta khéi lap
phuong bang?
216(m’). B. 64(m’). c. 27(m’). D. 125(m’).

Cho hinh chép tam giac S.ABC c6 day la tam giac déu canh a, canh bén SA vudng goc voi
day va SA=a\3. Thé tich V ctia khéi chép S.ABC la:

3 3 3 3
3’ g c = p. Y3z
8 2 4 2

Cho hinh chdép S.ABC c¢6 A’,B' lan luot la trung diém cac canh SA,SB. Khi d¢, ti s6



1%

SABC _ o

V

SA'B'C

E3 c L
4 2
Cau 12: Cho hinh chop S.ABCD co ddy la hinh vudng canh 3(cm), cac mat bén (SAB) va (SAD)

A. 2. B. D. 4.

vudng goc voi mit phing day, goc givta SC va mat day la 60° . Thé tich cua khéi S.ABCD la:
A. 9\/g(cm3). B. 3\/§(cm3). C. 3\/g(cm3). D. 6\/g(cm3).
Cau 13: Cho hinh lang tru ding ABC.A'B'C" c6 day la tam gidc ABC cantai C, AB=AA"'=a, goc
gitta BC' va mat phang (ABB'A') bang 60°. Tinh thé tich hinh ling tru ABC.A'B'C".
A. #as. B. Eas’. C. @cﬁ D. 154

12
Cau14: Cho mot tir dién déu S.ABC S

c6 chiéu cao h= 6(cm) .O A.C'
ba goc cua tit dién nguoi ta

cat di cac t& dién déu bang

;s
A' : C'
nhau c¢d chiéu cao x dé <_|
khoi da dién con lai c¢6 thé C
tich bang mot nira thé tich Q Q
“ N . A
t@¢ dién déu ban dau (hinh A B

bén). Khi d6 gia tri cua x la
bao nhiéu ?

6 6 6
A, ——(cm). . ——(cm). c. —(cm). . 336/(cm).
Cau 15: Cho hinh chép t gidc déu S.ABCD c6 canh day bang a. Goi diém O 1a giao diém ctia AC
va BD. Biét khoang cach tir O dén SC bang % . Tinh thé tich khéi chép S.ABC.
3

3 3 3 3
e, B. Z. c. 2. D. L.
12 6 3 3
Cau16: Cho khéi chép S.ABC ¢6 SA=a; SB=a2; SC = /3. Thé tich 16n nhat caa khéi chop la:
3 3 3
A. ‘“/g, B. “*/g. C. 2. D. ‘“/g,
6 3 2
Cau17: Hinh chép ti gide S.ABCD c6 ddy 1a hinh chit nhat canh AB=a, AD=av2, SA L(ABCD),
goc gitta SC va day bang 60°. Tinh theo a thé tich khéi chép S.ABCD.
A. 327 B. 24 C. oo’ D. 34°.

Cau 18: Thé tich cta khéi lap phuong canh bang a la:
3

a

A. 24°. B. 3 C. 44°. D. 4.
Cau 19: Tim sO canh it nhat cia hinh da dién c6 5 mat.
A. 9canh. B. 6 canh. C. 8canh. D. 7 canh.

Cau 20: Cho lang tru ABC.A’B’C’ ¢6 day la tam giac déu canh a. Hinh chiéu vudng goc ctia diém A’
lén mat phéng (ABC) trung voi trong tam cua tam gidc ABC. Biét thé tich ctia khdi lang tru 1a
a3

1 Khoang cach gitta hai duong théng AA’ va BC la:




Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

) Y ¢ & b 2
4 2 3 3

Cho hinh chép S.ABCD. Goi A',B',C',D" Tan luot la trung diém caa SA ,SB ,SC ,SD. Khi

d6 ti s6 thé tich ctia hai khdéi chop S.A'B'C'D' va S.ABCD la:

1 B. —. c. L. D. L.

8 2 4 16

Cho hinh lang tru ABC.A'B'C’ ¢6 day la tam giac déu canh a. Hinh chi€u vudng goc ctia

diém A’ 1én mit phang ( ABC) trung voi trong tam tam giac ABC. Biét khoang cach gitta

hai duong thing AA’ va BC bang #. Tinh thé tich V cta khéi lang tru ABC.A'B'C'.

3 3 3 3
”*/5_ B. ”*/5, C. ‘“/5, D. ”*/5_

24 18 12 6
Tinh theé tich ctia khdi tam mat déu noi tiép mot khoi lap phuwong canh a. (tiee la khéi co cac
dinh la cac tam cta cac mat khoi lap phuong).

a a’ a a’

. .o—. C. —. D. —.

6 12 4 8

Hinh chdp tit gidc S.ABCD c6 ddy la hinh vudng canh a ; SA L (ABCD); géc gitra hai mit
phéng (SBD) va (ABCD) béng 60°. Goi M, N Tan luot 1a trung diém caa SB, SC. Thé tich cua
hinh chép S.ADNM biéng;

a’ J3a 3./3a° Joa?

1 \/g B. . \/E . C. o \/E . D. g

Cho khdéi chép S.ABC c6 SA=9,5B=4, SC =8 va d6i mot vudng goc. Cac diém A',B',C'
thoa man SA=2S5A", SB=3.5B", SC=4.5C". Thétich kh&i chép S.A'B'C’ la:

24, B. 2. C. 12. D. 1e.
Hinh hop chit nhat c6 ba kich thudce Ian luot la 2, 3, 4. Thé tich hinh hop d6 1a:
12. B. 8. C. 24. D. 4.

Cho khéi lang tru dting ABCD.A'B'C' D" ¢6 day la hinh vuéng canh a; Canh bén bang 24 .
Thé tich cta khéi lang tru bang:
2 5

511. B. 44°. C. 4. D. 24°.

Cho mot hinh lang tru dung c6 day la tam giac déu. Thé tich cua hinh lang trula V. D€ dién
tich toan phan cta hinh lang tru nho nhat thi canh ddy cta lang tru la:

Jav. B. sv. c. Iv. D. 32v.

Cho hinh chép S.ABC 6 ASB=CSB=60°, ASC=90°, SA =SB =SC = a. Tinh khoang c4ch
d tir di€m a dén mit phing (SBC).

206 B. a6 C. % D. 246

3

\ 4 ’ .7 DA 4 4 \ \ A 7 \ ]- 2 ~ .~ A \
Cho hinh chép t¢ gidc déu c6 canh day la a va thé tich 1a 5{13 , ti s gitta canh bén va canh

day ctia hinh choép da cho la?

B B V2 c 1 p. ¥

n - .1 -
Khdoi mwoi hai méat déu thudc loai:
{3,5}. B. {3,4}. C. {44} D. {53}



Cau 32:

Cau 33:

Cau 34:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuéng tai A va B, AB=AC =g,
AD =2a,SA vudng goc véi mit phang (ABCD), géc gitta SC va mat phang (ABCD) bang
45°. Géc gitta mat phang (SAD) va (SCD) bang:
45°. B. 60" C. 75" D. 30°.
Hinh chép t gidc déu cd tat ca cac canh bang a. Thé tich khdi chép d6 bang:
3 3 3 3
NEY B. T2 c. ™2 p. T3,
2 6 3 3
Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a, SA =a+/3 va vuong goc voi
ddy. Khoang cach tir A dén mat phang (SB C ) bang:

&. B.
3

Trong cac ménh dé sau, ménh dé nao dung?

Ton tai mot hinh da dién c6 s6 canh béng sO dinh.

S0 dinh va s6 mat cia mot hinh da dién ludn ludén bf?mg nhau.

c& p. 2
o -

NS

To6n tai mot hinh da dién cé s canh va s8 mat bang nhau.

To6n tai mot hinh da dién c6 s dinh va so6 mat b%mg nhau.

Dién tich ba mat ctia hinh hop chit nhat bang 20 (cm2 ), 28 (cm2 ), 35((:1712 ) Thé tich ctia hinh
hop d6 bang:

190(cm’). B. 165(cr’). Cc. 160(cm’). D. 140(cm’).

Cho hinh chép S.ABCD c6 ddy 1a hinh vuéng canh a; hinh chiéu ctia S trén (ABCD) trung

véi trung diém ctia canh AB;canh bén SD = %. Thé tich cta khéi chop S.ABCD tinh theo a

bang;
”3\/5, B. ”3*/;_ C. z D. ”3\/3,
3 3 3 3

a3

Thé tich tif dién ABCD co cac mat ABC va BCD la cac tam giac déu canh a va' AD = - la:

a3 a3 3a°\3 3a°\3
. B. ) C. ) D.

8 16 16 8
Cho hinh chép S.ABC c6 ddy ABC la tam giac vuong tai B véi AB=a, BC= a2, SA =2a
va SA vudng gbc véi mit phang (ABC). Biét (P ) la mit phang qua A va vudng géc véi
SB, dién tich thiét dién cit boi (P) va hinh chop la:

423 B 42410 C 84°/10 D 426
15 S5 25 C15
Cho hinh lang tru tam giac déu ABC.A'B'C' c6 gbc giita hai mat phang (A' BC ) va (ABC )

be‘“mg 60°, canh AB=a. Thé tich V khéi lang tru ABC.A'B'C'la:
3 3 3
Vo' p. Vo1 c. 3 D. 2%

4 8 4
Cho hinh chép S.ABCD c6 ddy la hinh vudng canh a. Hinh chi€u vudng gbéc H cta S 1én
mit (ABCD) la trung diém cta doan AB. Tinh chiéu cao ctia khi chép H.SBD, biét

a17

SD = .
2




Cau 42:

Cau 43:

Cau 44:

Cau 50:

Cau 51:

Cau 52:

) B. W21 c. w2 D. 2
5 7 5 5
Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh va c6 thé tich bang 1. Trén canh
SC lay diém E sao cho SE=2EC. Tinh thé tich V' ctia khdi tit dién SEBD.
ES B. . c. 2. D. L.
3 6 3 12
Cho hinh ldng tru tam giac déu ABC.A'B'C' c6 AB=a, dudong thang AB' tao v&i mat
phang (BCC'B'") mdt goc 30°. Tinh thé tich V' ctia khéi lang tru da cho.

3 3 3 3
‘“/g, B. L. C. ”\/g. p. 3~

4 4 12 4
Cho t&t dién MNPQ. Goi I; J;K Tan luwgt 1a trung diém cac canh MN; MP; MQ. Tinh ti s thé
tich M

MNPQ

1 B. 1. c. L. D. L.
6 4 8 3

Cho mot khdi 1ap phuong. Biét rang khi ting ¢ dai canh ctia khéi 1ap phuong thém 2 (cm)
thi thé tich ctia né tang thém 152(cm3) . Héi canh ctia khéi 1ap phuwong da cho bang?
6(cm). B. 3(cm). C. 5(cm). D. 4(cm).

Trong cac ménh dé sau, ménh dé nao sai?

Mbi khoi da dién déu 1a mot khoi da dién 16i.

Hinh chép tam gidc déu la hinh chdp c6 bon mdt bén la cac tam giac déu.

Chi ¢6 ndm loai khoi da dién déu.

Mbi canh cta hinh da dién 1a canh chung cta dung hai mat.

Hinh nao sau day khong c6 tam d6i xing?

Hinh bat dién

dou B. Hinh lap phuong. C. Tu dién déu. D. Hinh hop.
Hinh hop chit nhat c6 ba kich thudcla a,b,c thi dwong chéo c6 d¢ 16n la:
Nat +b*—c. B. o +b*+c. C. 2a*+2b* -2, D. a*+b*-2c%.

Mot vién d4 c6 dang khdi chop i giac déu vdi tat ca cdc canh bang nhau va bang a. Nguoi
ta cua vién d4 d6 theo mit phiang song song véi mat day ctia khdi chép dé chia vién da
thanh hai phan c6 thé tich bang nhau. Tinh dién tich thiét dién vién d4 bi cwa béi mat phang
noi trén.

2
a
—. B. —- C. —. D. —.
2 Ya Ve Po
Cho hinh chép déu S.ABCD c6 AC = 24, mét bén (SBC) tao voi méat ddy (ABCD) mot goc 45°.
Tinh thé tich V ctua khéi chop S.ABCD.

a2 2\/34° a’
) B. ) C. — D. g’v2.
3 3 2 V2
Cho hinh chép S.ABC c6 ddy ABC la tam giéc déu canh a. Biét SA L (ABC) va SA = a3,
Tinh thé tich V' ctia khoi chép S.ABC.

3 3 3 3

3z B. L. c. \6. D. L
4 2 3 4

Cho hinh chép S.ABCD, déy 1a hinh chit nhat ABCD c¢6 BC =2AB,SA L (ABCD) va M 1

diém trén canh AD sao cho AM = AB. Goi V,,V, lan luot la th€ tich cta hai khéi chép




Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

S.ABM va S.ABC thi % bang:
2

1 B. _. c. L D. L.

4 8 2 6

Cac duong chéo ctia cic mét ctia khdi hop chit nhat [an luot bang J13 (cm); 25 (cm) va
5(cm). Thé tich khéi hop chir nhat d6 bang:

24(cm3). B. 6(cm3). C. 48(cm3). D. 12(cm3).
Khoi lang tru tam gidc déu co tat ca cic canh bang nhau va c6 thé tich 1a % thi do dai moi

canh bang;

§/243. B. ¢27. C. $/108. D. {9.
Cho hinh lang tru t& giac ABCD.A'B'C'D' ¢6 ddy ABCD 1a hinh vuéng canh a va theé tich
bang 34°. Tinh chiéu cao h ctia hinh lang tru da cho.

3a. B. a. C. 9a. D. g.

Mot hop gidy hinh hop chit nhat ¢6 thé tich 2(dm’ ). Néu ting mdi canh ctia hop gidy thém
2 (dm) thi thé tich ctia hop gidy la 16<dm3) . Hoi néu tang mdi canh cua hop gidy ban dau
1én 23/2 (dnt) thi thé tich hop gidy méi la:

32(dm’). B. 64(dm’). C. 54(dm’). D. 72(dm’).

Cho hinh chop S.ABC co day la tam giac vuong tai A, canh huyén BC = 6(cm) ; cac canh bén
cung tao voi day mot goc 60°. Dién tich mét cAu ngoaj ti€p hinh chop S.ABC la:

487r(cm2). B. 167z(cm2 ) C. 127r(cm2). D. 247r(cm2).

Cho khéi lang tru tam gidc déu ABC.A'B'C' ¢ canh day bang 72 va mdi mit bén c6 dién
tich bang 4a”. Thé tich khdi lang tru d6 la:

3 3
24°+/6. B. Ng. C. 20’6 D. 6.

2 3
Khéi chop déu S.ABCD c6 mat day la:
Hinh chit nhat. B. Tam gidc déu. C. Tam gidc vuodng. D. Hinh vuong.

Mot bé nudce c6 hinh dang 1a mot hinh hop chtt nhat véi chiéu dai, chiéu rong va chiéu cao
lan luot 1a 2(m); 1(m); 1,5(m). Thé tich cua bé& nude do la:

2 (m3) B. 1 (m3) C. 1,5(m3). D. 3 (m3)
Cho ABCD.A'B'C'D' 1a hinh lap phuong c6 canh a. Tinh thé tich khoi t dién ACD'B'.
3 3 3
”’*@ B. 1o C. “ﬁ, D. L
4 3 3 4

Cho hinh chép S.ABC 6 SA=SB=SC =a, ASB=60", BSC=90", CSA =120". Tinh thé tich
hinh chép S.ABC.
L B V20 c. 2 p. Y20

12 2 4 6
Cho hinh chép S.ABC c6 day ABC la tam giéc vudng tai B; AB=a; BC = a+/3 . Hai mit phang
(SAB);(SAC) cuing vudng goc véi ddy. Goc gitta SC véi mat day bang 60° . Tinh khoang cach tir
Adénmét (SBC).




4a\/§ B 2ax/§ C a\/@ D 2a\/§

A. . ) . : .
13 13 13 39
Cau 64: Neéu ba kich thwdc cia mot khoi chir nhat tang 1én 4 lan thi thé tich cua no tang lén:
A. 4 Tan. B. 192 lan. C. 16 Ian. D. 64 Ian.
TRUONG THPT PHAN BOI CHAU DPE CUONG ON THI THPT QG KHOI 12
TO TOAN — TIN HOC CHU DE 5.2: THE TICH KHOI TRON XOAY

Cau1l: Mot hinh tru c6 tam cac day 1a A, B. Biét réng mat cau duong kinh AB tiép xuc véi
cac mat day ctia hinh tru tai A, B va ti€p xtc voi mdt xung quanh cta hinh tru do.
Dién tich ciia mat cau nay la 16z. Tinh dién tich xung quanh cta hinh tru da cho.

167 87

. C. 8r. D. —.

3 d 3

Cau 2: Khdi nén c6 d6 dai duong sinh la a, goc gitta mot duong sinh va mat day la 60°. Thé
tich khoi nén la:
3 V3 ) ;

A. 3, B. 4. C. —una. D. —na’.

2u" g " 24 8

Cau 3: Mot cai thap hinh nén c6 chu vi day bé“mg 207,5(m) . M6t hoc sinh nam mudn do

A. 16rx. B.

chiéu cao ctia cai thap da lam nhu sau. Tai thoi diém nao d6, cau do bong ctia minh
dai 3,32 (m) va dong thoi do dwoc bong cia cai thap (ké tir chan thap) dai
207,5 (m) Biét cau hoc sinh d6 cao 1,66 (m), hoi chiéu cao h cta cai thap dai bao

nhiéu m?
A. 103+ 51,87 . B. 103,75+ 25,94 . C. 103,75. D. 103,75+ 51,875 .
T T T

Cau 4: Nguoi ta xép 9 vién bi c6 cung ban kinh r vao mot cai binh hinh tru sao cho tat ca
cac vién bi déu tiép xtc véi day, vién bi nam chinh gitra tiép xtic véi 8 vién bi xung
quanh va mdi vién bi xung quanh déu tiép xdc véi cac duwong sinh cua binh hinh try.
Khi d6 dién tich day cua cai binh hinh tru la:

A. 97’ B. 18zr’. C. 16xr’. D. 36zxr%.

Cau5: Khi san xuédt vo lon sita bo hinh try, cac nha thiét k€ luén dat muc tiéu sao cho chi phi
nguyeén liéu lam vo lon la it nhat, tic la dién tich toan phan cta hinh tru la nho nhat.
Muodn thé tich khéi tru d6 bang 1<dm3) va dién tich toan phén ctia hinh tru nho nhat
thi ban kinh d4y ctia hinh tru phai bang bao nhiéu?

1 1

1 1
A. ﬁ(dm)- B. E(dm)- C. E(dm)- D. ﬁ(dm)-

Cau 6: 1257 (cm3) . Khi d6 duong

Mot khdi nén c6 dién tich ddy 257 (cm®) va thé tich bang
sinh ctia khéi nén bang?

A. 2\/g(cm). B. \/g(cm). C. 5\/§(cm). D. \/E(cm)
Cau7: Cathinhnén dinh S boi mat phang di qua truc ta dwoc mot tam gidc vudng can c6
canh huyén bang av2. Goi BC la day cung ctia duong tron day hinh nén sao cho
mat phang (SBC ) tao véi mit phang day mot goc 60°. Dién tich ctia tam gidc SBC

bang:

2 2 2 2
A Z B. T2 c. ™2 p. ©¥3

3 3 2 3

Cau 8: Mot khéi tru 6 ban kinh day bang a. Thiét dién song song véi truc va cach truc cta



Cau 9:

Cau 10:

Cau 11:

Cau 12:

9N wp»>

Cau 13:

Cau 14:

Cau 15:

khéi tru mot khoang bang % 1 hinh chit nhat c6 dién tich bing a*+/3 . Thé tich khai

tru bang?
3 3
ﬁf’ . B. 237, C. ”“f : D. 3zd.
Cho hinh try c6 ban kinh ddy 5(cm) chiéu cao 4(cm) . Dién tich toan phan ctia hinh
tru nay la:
967r(cm2). B. 927r(cm2). C. 4O7r(cm2). D. 907r(cm2).

Cho hinh chép tam giac S.ABC c6 day la tam gidc vuong tai B, canh AB=3,BC =4,
canh bén SA vudng goc véi ddy va SA=12. Thé tich V cua khdi cau ngoai tiép khoi
chop S.ABC la:
21977 . B. 21977 . C. 1697 . D. 13_7r

6 8 6 8
Cho hinh chit nhat ABCD canh AB=4, AD=2. Goi M, N la trung diém céc canh
AB,CD . Thé tich ctia khoi tru tron xoay ¢ duoc khi quay hinh ch nhat ABCD
quanh MN bang?
167. B. 327 C. 4r. D. 8.
Ménh dé nao sau day la dung ?

Tam mat cau ngoai ti€p mot hinh hop la giao diém bon duwong chéo cua hinh hop do.
C6 it nhat hai hinh tru khdng bang nhau cling ngoai tiép mot hinh cau.

Céc dinh ctia mot hinh chép i gidc cing ndm trén mdt mat cau nao do.

Mit cau la mat duoc tao thanh khi quay mot duwong tron quanh mot duwong kinh bat
ki ctia no.

Trong khong gian cho hinh chit nhat ABCD ¢6 AD =a, AC =2a. Tinh theo a d¢ dai
duwong sinh [ ctia hinh try nhan dwoc khi quay hinh cht nhat ABCD xung quanh
truc AB.

2. B. /3. C. a5 D. a

Phéan khong gian bén trong ctia chai ruegu c6 hinh dang nhu hinh bén. Biét ban kinh
day bang R=4,5(cm), ban kinh 5 r=1,5(cm),
AB=4,5(cm),BC=6,5(cm),CD=20(cm). Thé tich phan khong gian bén trong ctia

chai ruegu d6 bang:

?(cms). B. 33217[(cm3). C. 7619657[(cm3).

Mbt cai mii bang vai ctia nha 4o thuat véi cac kich thude nhue hinh vé. Hay tinh tdng

D. 478« (cm3 ) .

dién tich vai can c6 d€'1am nén cai ma d6 (khong ké vién, mép, phan thira).



Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

30cm

& >
< >

750,257[(cm2). B. 756,257r(cm2). C?5Cg154,25ﬁ(cm2). D. 7007r<cm2).

Ong nghiém hinh tru co'ban kinh day la’ R=1(cm) va chiéu cao h=10(cm) chua
dwoc lvong mau toi da (lam tron dén mot chif'so thdp phin) la:

10cc. B. 10,5cc. C. 20cc. D. 31,4cc.

Cho hinh lap phwong ABCD.A'B'C'D’ ¢6 canh béng a. Goi S la dién tich xung qunh
cuia hinh tru c6 hai duwong tron day ngoai ti€p hai hinh vudéng ABCD va A'B'C'D".

Tinh S.
2
za*2. B. 7a*. C. 7a*+3. D. 7m2\/§

Mot hinh tru cé dwong kinh day bang chiéu cao va noi tiép trong méat cau ban kinh R
. Dién tich xung quanh ctia hinh tru bang:
27R%. B. 4zR%. C. \2zR D. 22zR%.
Xét mot hop bong ban cé dang hinh hop chit nhat. Biét ré”mg hop chita vira khit ba
qua bong ban duogc x€p theo chiéu doc, cac qua bong ban c6 kich thude nhw nhau.
Phéan khong gian con trong trong hop chiém:
65,09%. B. 47,64%. C. 82,55%. D. 83,3%.
Mot cai cdc c6 dang hinh nén cut, ¢ ban kinh day 16n 2R, ban kinh day nho R va
chiéu cao la 4R. Khi d6 thé tich cua khéi nén cut twong tng véi chiéc coe la:
31zR’ . B. 287R’ . C. 7R’ . D. 107R? -

3 3 3 3
Dién tich hinh tron I6n ctia hinh cau la S. Mot mét phang (P) cit hinh cAu theo mot

duwong tron c¢6 ban kinh r, dién tich %S. Biét ban kinh hinh cau la r, khi d6 r bﬁng:

RV3. B, RV2. c. RV p. k%3

6 4 2 3

Thiét dién qua truc ctia hinh nén 1a tam gidc déu canh 6a. Mot mat phang qua dinh

S ctia nén va cat vong tron day tai hai diém A va B. Biét s6 do goc ASB bang 30°,

dién tich tam giac SAB bang:

9a°. B. 184" C. 16a’. D. 104>

Cho mét hinh try (T) c6 chiéu cao va ban kinh déu bang a. Mot hinh vuéng ABCD

c6 hai canh AB,CD lan luot la hai day cung cta hai duong tron ddy, canh AD, BC

khong phai la dwong sinh cta hinh tru (T) Tinh canh ctia hinh vuong nay.

av'10
>

Nguoi ta bo ba qua bong ban cung kich thudce vao trong mot chiéc hop hinh tru cd

day bang hinh tron 16n ctia qua béng ban va chigu cao bang ba lan duong kinh qua

2a. B. C. a\/g. D. a.

béng ban. Goi S, 1a tong dién tich ctia ba qua bong ban, S, 1a dién tich xung quanh



Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

A.

S
ctia hinh tru. Tinh S—l
2

2. B. E C. 1L D. é
2 5

Mot qua bong ban va mot chiéc chén hinh tru c6 cung chiéu cao. Nguoi ta ddt qua
béng 1én chiéc chén thay phan ngoai ctia qua béng cé chiéu cao bang % chiéu cao
cta no. Goi V,, V, Tan luot la thé tich ctia qua bong va chiéc chén, khi dé:

9V, =8V,. B. 3V, =2V,. C. 16V, =9V,. D. 27V, =8V,.

87a’

Cho mit cau c6 dién tich bang . Khi d¢, ban kinh mat cau bang:

a6 B, V3 c. o p. W2
3 3 2 3

Mot qua bong ban duoc dat tiép xic vai tat ca cac mat ctia mot cai hop lap phuong.
Ti s8 thé tich ctia phan khong gian nam trong hop d6 nhung nam ngoai qua béng ban

va thé tich hop la:
2, B. 2% c 2. p. &%
3 8 4 6

Thiét dién qua truc ctia mdt hinh nén la tam giac vudng can cé canh huyén bang 24 .

Thé tich ctia khdi nén d6 bang?

1 2 1, 1

—ra’. B. —ra . C. —na. D. —rza .

2 3 3 6

Ngudi ta bd vao mot chiéc hop hinh tru ba qua bong tennis hinh cau, biét rang day

hinh try bang hinh tron 16n trén qua béng va chiéu cao ctia hinh tru bang ba lan

duong kinh qua béng. Goi S, 1a tong dién tich cua ba qua bong, S, 1a dién tich xung

quanh cua hinh tru. Ti s6 dién tich 2—1 la:
2

5. B. 2. C. 3. D. 1

Mot hinh tru c6 ban kinh day r va c6 thiét dién qua truc la mot hinh vuong. Dién tich

xung quanh (qu) va thé tich cta hinh tru (V') Ian luot bang?

S, = 27r*; V =87xr. B. S, = 27ar*; V =4xr’.

S, = 8xrt; V =2xr°. D. S, = 4drr*; V =2xr°.

Néu cit hinh nén béi mot mit phéng qua truc ctia no thi thiét dién thu duoc la hinh
gi?

Tam giac déu. B. DPuong elip. C. Tam giac can. D. Parabol.

Cho hinh nén ¢6 ban kinh day la 4a, chiéu cao la 3a. Dién tich xung quanh hinh nén
bang:

247a’. B. 207zd’. C. 127a*. D. 40za*.

Cho mot hinh non (N) c6 day la hinh tron tam O, dwong kinh 2a va duong cao
SO=2a. Cho diém H thay d6i trén doan thang SO. Mt phing (P) vudng goc véi
SO tai H va cat hinh nén theo duong tron (C) . Kh&indn c6 dinh la O va day la
hinh tron (C) c6 thé tich 16n nhat bang bao nhiéu?

3 3 3 3
8ra B. 117za C. 327m. D. 7wa

81 81 81 81
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Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Nguoi ta can d6 mot 6ng bi thoat nwdc hinh tru véi chiéu cao 200 (cm) , do day cta
thanh bi 1a 10 (cm) va duong kinh ctia bila 60 (cm). Luong bé tong can phai d6 cua
bi d¢ la:

0,187 (m’). B. 0147 (m’).  C. 01z (m’). D. 7 (m).
Cho hinh nén ¢ ban kinh day r = 4a; chiéu cao h = 3a . Dién tich xung quanh ctia
hinh nén bang?

127a>. B. 157za°. C. 20za’. D. 16xd’.

Nguoi ta c6 mot khéi gd c6 hinh dang mot khdi ndn tron xoay c6 thé tich bang
727r(cm3) va d6 dai duong tron day bang 127r(cm) . Vinhu cau st dung, nguoi ta
mudn tao ra mot khdi cau tir khdi gb trén. Thé tich 16n nhat c6 thé ctia khéi cau nay la
bao nhiéu?

22472 -1) (cm?). B. 310z(v2-1)(cm’).

2887(2 1) (cmr’). D. 1427(J2-1) (cm’).

Mot thting hinh tru c6 thé tich bang 127, chiéu cao bang 3. Dién tich xung quanh ctia
thung do¢ la:

4r. B. 6r. C. 12x. D. 24r.

Cho hinh hop cht nhat ABCD.A'B'C'D' ¢6 AB=AD =2a,AA"= 3\/501. Tinh dién
tich toan phan S cua hinh tru c6 hai day Ian lugt ngoai tiép hai day cua hinh hop chi
nhat da cho.

7ra’. B. 2074’ C. 12za’. D. 16xd’.

Mot cdng ty chuyén san xuat gb mudn thiét ké cac thiing dung hang bén trong dang
hinh lang tru t& gidc déu khong nép, coO thé' tich 1a 62,5(dm3) . Dé tiét kiém vat liéu
lam thung, nguoi ta can thiét ké thung sao cho tdng S cta dién tich xung quanh va
dién tich mat day 1a nho nhat, S bang:

106,25(dm?).  B. 50N5(dm?). . 125(dn’). D. 75(dm’).

Cho hinh 1ap phwong ABCD.A'B'C'D' canh a. Tinh thé tich khoi nén c¢6 dinh 1a tam
hinh vudéng ABCD va day la duong tron ndi ti€p hinh vuéng A'B'C'D".

Z 2, B. %o c. Zg D. Lo,

6 3 4 12

Cho hinh chép S.ABCD c6 day 1a hinh chit nhat, SB vuong goc véi day. Tam mat cau
ngoai tiép hinh chép la diém nao sau day?

Trung diém cua SB. B. Trung diém caa SC.

Trung diém cua SA. D. Trung diém ctia SD.

Cho mot hinh tru ¢6 chiéu cao bﬁmg 8 noi ti€p trong mot hinh cau ban kinh béng 5.
Tinh thé tich khdi tru nay.

1447 . B. 72rx. C. 36r. D. 2007.

Trong khong gian, cho tam gidc ABC vudngtai A, AC=a, ABC =30°. Tinh d dai
dwong sinh cta hinh nén, nhan duoc khi quay tam gidc ABC quanh truc AB.
l:g\/g. B. Z:a\/E_ C. [=2a. D. l=§

Hinh non co thiét dién qua truc la mdt tam giac can co goc o dinh bang 120° va co
canh bén bang a. Dién tich xung quanh cua hinh non la:



2 T2 Co2
Cau 45: Cho hinh tru co'ban kinh day la R, d6 dai duong cao la i. DPueong kinh MN cua day
duofi vudng goc voi duong kinh PQ day trén. Thé tich cua khoi tu' dién MNPQ bang
2 2 1 2 1 2
A. —R°h B. —R%h. C. —R°h D. *h.
3 P 3 2R"h
Cau 46: Cho khdi non co thiét dién qua truc la mot tam giac vudng can va duong sinh co do,
dai bang a. Thé tich khéi non la:

2 3 3
A 72’3 g, 73 C 3 p. X

L B. ’”’3‘/5. c. ™. D. ”“3*/5,
12 12 3 6

TRUONG THPT PHAN BOI CHAU DPE CUONG ON THI THPT QG KHOI 12
TO TOAN - TIN HOC CHU DE 6: PHUONG PHAP TOA PO

TRONG KHONG GIAN
Cidc bai todan sau day duoc xét trong khong gian vdi hé truc toa do Oxyz.

Caul: Cho diém M(—3; 2; 4), goi A, B, C lan lugt 1a hinh chiéu caa M trén Ox, Oy, Oz. Mat
phang nao sau day song song véi mat phang (ABC)?

A. 4x-6y-3z+12=0. B. 3x-6y—-4z+12=0.

C. 6x—4y-3z-12=0. D. 4x-6y—-3z-12=0.
Cau 2: Viét phuong trinh mat phang (P) chtta dwong thang d: x;l = % = Z;Ll va vudng goc

v6i mat phang (Q):2x+y—z =0.

A. x+2y+z=0. B. x+2y-1=0. C. x—-2y+z=0. D. x-2y-1=0.
Cau 3: Mait cau (S) co tam 1(1; 2; —3) va ban kinh R =2 ¢6 phuong trinh:

A (x=1) +(y-2) +(z+3) =2 B. (x+3) +(y-2) +(z-2) =4

C. (x+1)+(y+2) +(2-3) =4 D. (x-1) +(y-2) +(z+3) =4.

Cau4: Cho cacdiém A(1;0;0),B(-2;0;3),M(0;0;1) va N(0;3;1). Mit phing (P) di qua cac
di€m M, N sao cho khoang cach tir diém B dén (P) gap hai lan khoang cach tir diém
A dén (P). C6 bao nhiéu mit phang (P) thoa man deé bai?
A. C6 hai mit phang (P ) : B. Chi c6 mdt mit phing (P).
C. Khong c6 mit phing (P) nao. D. C6vd s8 mit phang (P).
Cau5: Toa d6 hinh chiéu vuong goc cua diém A(S; 2; —1) trén mat phang (P ) :x+y—-z=0 la:
A. (1;0;1). B. (2;—1;1). C. (2;1;0). D. (0;1;1).
Céu 6: Cho ba vecto ;(—1; 1,'0);13(1; 1;0);5(1; 1;1). Trong cac ménh dé sau ménh dé nao sai?
A ab-0. B. |d-+3. C. be-o. D. |f=V2.
Cau7: Cho mit phing (P):x-y+z+3=0 vabadiém A(0;1;2), B(1;1;1), C(2;-2;3). Toa dd

diém M thuoc (P) sao cho [MA -+ MB-+MC| nho nhat la:
A, (1,2-2). B. (3,-2-8). c. (-1,2;0). D. (4-1-8).
Cau8: Cho hai di€m M (3;0;0),N(0;0;4). Tinh d6 dai doan thang MN .
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A.
Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

5. B. 7. C. L D. 10.
Cho hai diém A(l; 2; —1), B(O; 4;0) va mat phéng (P) c6 phuong trinh
2x-y—2z+2017=0.Goi a la géc nho nhat ma mat phang (Q) di qua hai diém A, B

tao voi mat phéng (P) . Gia tri ctia cosa la

1 2 1 1

9 B. 3 C. s D. E

Mat phé’mg chtta 2 diém A(l; 0; 1) va B(—l; 2; 2) va song song voi truc Ox co
phuong trinh la:

y—-2z+2=0. B. x+y-z=0. C. x+2z-3=0. D. 2y-z+1=0.
Cho mt phang (P) :—3x+2z—-1=0. Véc to phap tuyén ctia mat phang (P) la:
ii=(-3;2;-1). B. 7i=(-3;0,2). c. i=(3;2-1). D. ii=(3;0;2).

Cho hai di€ém A (1; 2; 3) va B (3;2 ; 1) . Phrong trinh mat phang trung truc cua doan
thang AB la:

z—x=0. B. x+y-z-2=0. C. y—z=0. D. x-y=0.

Cho ba diém A(-21;0), B(-3;0;4),C(0;7;3). Khi d6 cos( AB, BC) bing:

J798 g 14118 c 7118 b, 798
57 T 354 177 ' 57

Cho tit dién ABCD ¢6 A(2;3;1), B(41;,-2), C(6;3;7), D(-5;,—4;8). Do dai duong

cao ké ttir D cua tir dién la:

&. B. ﬁ C. 1L D. ﬁ
3 7 5
Cho mit cau (S):x* +y* +2° - 2x— 4y +4z-16 =0 va duong thang d:x_—lzyT-lﬂzg.

Mit phang nao trong cac mit phang sau chita d va tiép xtic véi mat cau (S).

(P):2x-2y+z-8=0. B. (P):2x-11y+10z-35=0.
(P):—2x+11y—10z-105=0. D. (P):—2x+2y—z+11=0.

Cho mt phang (P):x—2y+32—5=0 va mit phang (Q):—2x+4y—6z—5=0. Khang
dinh nao sau day la dung?

(P)cit (Q). B. (P)=(Q) ¢ (P)+(Q) D. (P)//(Q)-

1 y+2 z-3

Cho duong thing (d ) c6 phuong trinh x; . Biém nao sau day khong

thudc duong thang (d)?
N(4;0;-1) B. Q(-2-47) Cc. M(1,-2;3) D. P(7;21)
Cho bon diém A(1;1;1),B(1;2;1),C(1;1;2),D(2;2;1). Tam I ctia mit cAu ngoai ti€p t
dién ABCD co6 toa d0:

(3:3;-3). B. (%—ggj . [gggj D. (333).

Cho diém M (1; 2;—1). Viét phuong trinh mat phéng (a) di qua goc toa do O(O; 0;0)
va cach M mot khoang 16n nhat.
X Yy z

Bl A B. x—-y—-z=0. C. x+2y—z=0. D.
1 2 -1 Y Y

x+y+z-2=0.

13



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

x—-2 y+2 x+1 va x y-2 z-=-2

Cho hai duong thang d: ad:==5—= . Ménh dé nao sau
-3 1 -2 6 2 4

day la dung?

dvad citnhau. B. d//d. C. d=d'. d va d’ chéo

nhau.
Mat phang (Oyz) cit mat cau (S):x” +y* +2° +2x -2y +4z—-3=0 theo mdt duong tron

co toa do tam la?

(0;1,-2). B. (-10;-2). c. (0;-1;2). D. (-110).

Cho duong thang d: x;l =%=% va mit phang (P):2x+y+z-2=0. Giao diém M

cua d va (P) co toa do la:

M(4;3;5). B. M(3;1,-5). C. M(10;0). D. M(2;1;-7).
x+2 :y_—2

Cho duong thang A: = il va mit phang (P) :x+2y—-3z+4=0.Duong

1
thang d nam trong mat phang (P) sao cho d cat va vudng goc véi A c¢6 phuong trinh

la:

x+1=y—3=z+1 B x—3=y+1=z+1
-1 2 1 1 -1 2

x+3:y—1:z—1 D x+3:y—1:z—1
1 -1 2 -1 2 1

Tim m d€ goc gitra hai vecto: U= (1; log, 5;log, 2); 0= (3,' log 3;4) la goc nhon. Chon
phuong an dung va day du nhat.
m>1 hodc

m>l,m¢1. B. 1 C. O<m<l. D. m>1.
2 0<m<5. 2

Cho A(Z;O;O); B(O;S;l); C(—3;6;4). Goi M 13 di€m ndm trén doan BC sao cho
MC =2MB. D06 dai doan AM la:
J29. B. 3.3. C. 27. D. +/30.
Cho duing thng (d): = = -2 = 222 Tinh khoang céch tir diém M(-2:1;-1) toi
(4)-
3 2

. C. —. D.
3 3

Cho duong thang A di qua diém M (2; 0; —1) va co vécto chi phuong a= (4; —6;2).

Phuong trinh tham s8 ctia duong thang A 1a:

x=2+2t x=-2+2t x=-2+4t x=4+2t
y=-3t B y=-3t C. y=—6t y=-3t
z=-1+t C | z=1+t z=1+2t z=2+t

Vecto nao sau day 1a mot vecto chi phuwong ctia duong thang A:XI1 =7 +12 :g?

u =(11,2). B. u,=(-120). c. u=(-22-4). D. u=(1-20).

Cho diém M(a; b;c) v&i a,b,c 1a cac héng sO khac 0, O(O; O;O) la gdc toa d9§. Goi
A, B,C Tan luot 1a hinh chiéu vudng gdéc cia M trén céc truc toa d¢ Ox, Oy,Oz. Thé

14



tich khoi t dién OABC la:
A. 1|czbc|. B. labc. C. l|abc|. D. l|abc|.
3 6 6 2
Cau 30: Goi (a) la mat phéng cit ba truc toa do tai ba diém A(4; O;O), B(O; —2;0),C(0;0;6).
Phuong trinh cua (a) la:

A Ty Y L E 0 B. 3x-6y+2z-12=0.
4 -2 6
c. X, Y 2 _q D. 3x-6y+2z-1=0.
2 -1 3
Cau 31: Tim toa d¢ hinh chifu vudng goc cia diém A(0; 1; 2) trén mit phang (P) tx+y+z=0.
A. (-1 0;1). B. (-2 0;2). c. (-1 10). D. (-2 2;0).
Cau 32: Cho duwong thang d :x—lzyT_Z: Z;4 va mit phang (P):x+4y+9z—9=0. Giao
diém I caa d va (P) cd toa do la:
A. (0;0;1). B. (24-1). c. (1,00). D. (1,20).
Cau 33: x=1+t
Tim diém M trén duong thang d:{y=1-t sao cho AM =6, véi A(0;2;—2).
z=2t
A. M(1,1;0) hodc M(2;1;-1). B. M(-1;3;—4) hoac M(2;1;-1).

Khéng c6 diém M nao théa man yéu cau
cta bai toan.

Cau34: Cho mit cau (S) :(x —1)2 + (y + 2)2 +(z —1)2 =4 va mjt phang (P) x-2y-2z+3=0.
Khang dinh nao sau day la diung?

D. M(1;1;0) hodec M(-1;3;-4).

Tam ctia mét cau (S ) nam trén mat phang

A. B. (P) khong cét (S).
(P)-
C. (P) cat(s). D. (P) tiép xtic vdi (S).
Cau35: Cho céc diém A(-1;2;4), B(~1;1;4),C(0;0;4). Tim s8 do ctia ABC.
A. 120" B. 135" C. 60" D. 45"

Cau 36: Cho mait phéng (P) :x+2y—2z+3=0. Khoang cach tir diém A(l; —2;—3) dén mat
phang (P) bang:

A. % B. 2. C. 1 D. 1.
3 3
Cau 37: Cho duwong thang (d) = _23 =7 I 1_:z I ! . Viét phrong trinh mit phang qua diém
A(3;1;0) va chita duong thang (d)
A. x+2y+4z-1=0. B. x-2y+4z-1=0.
C. x-2y+4z+1=0. D. x-2y-4z-1=0.
Cau 38: Cho A(2; 0;0); B(0;4;0); C(0;0;6) va D(2;4;6) . Khoang cach tu’ D dén mat phang
(ABC) la:
A. % B. 1—2 C. § D. E
7 7 7 7
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Cau 39: x-1 y+2 z+1

-1

Tim tat ca cac gia tri thue cia m d€ duong thang song song voi mat

phang (P):x+y—z+m=0.
A. m=0. B. m=0. C. meR. D. m=2.
Cau 40: Cho cac diém A(O; 1;1), B(Z; 5;—1). Tim phwong trinh madt phéng (P) qua A,B vasong

song vai truc hoanh.

A. (P):y+3z+2=0. B. (P):y+z-2=0.
C. (P):x+y—z—2=0. D. (P):y+22—3=0,
Cau 41: Viét phuong trinh mit phang (P) di qua diém A(l; 2; 0) va vudng goc véi duong
théngd:x_1=z=2+1.
2 1 -1

A. 2x-y+z+4=0. B. 2x+y—-z+4=0. C. 2x-y+z-4=0. D. x+2y-5=0.
Cau 42: x=2+t
Cho dudng thing d:{y=1+mt vamit cdu (S):x* +y° +2° —2x+6y—4z+13=0. Co
z=-2t

bao nhiéu gia tri nguyén ctia m d€ d cét (S)tai hai diém phan biét?

A. 2. B. 3. C. 5. D. 1L
Cau43: Chomit cu (S):x* +y* +z° —2x+4y—4z—-m=0. 0 bon kinh R=5. Tim gia tri cua m.
A. m=-16. B. m=1e. C. m=4. D. m=-4.

Céu 44: Phuong trinh mat phing (R) di qua goc toa d6, O va vudng goc voi hai mat phang
(P):x—y+z—7 =0; (Q):3x+2y—122+5 =0 la:

A. 2x+3y+z=0. B. x+2y+3z=0. C. x+3y+2z=0. 3x+2y+z=0.

Cau 45: Mgt phang di qua diém A(l; 3; —2) va song song véi mat phang (P) 2x-y+3z+4=0

la:
A. 2x-y+3z+7=0. B. 2x-y+3z-7=0.
C. 2x+y-3z+7=0. D. 2x+y+3z+7=0.
Cau 46: 1 \/5 i
Cho diém M 5}7}0 va mdt cau (S) :x* +y* +2° =8. Puodng thing d thay d6i, di
qua diém M, cit mat cau (S ) tai hai diém phéan biét. Tinh dién tich 16n nhat S cua tam
giac OAB.
A. S=22. B. S=27. C. S=4. D. $=47.
Cau 47: Cho hai diém A(l; 1;0), B(l;—l; —4). Phuong trinh cia mét cau (S ) duwong kinh AB la:
A. x2+(y—1)2+(z+2)2=5. B. (x+1)2+y2+(z+4)2=5.
C. (x—1)2+y2+(z+2)2=5. D. (x+1)2+y2+(z—2)2=5.
Caudd: o duong thang d :XT_l = % = Z—+11 va diém A(2;0;-1). Mt phang (P) di qua diém

A va vudng gbc véi duong thang d cd phuong trinh la:

A. 2x+y-z+5=0. B. 2x+y+z+5=0. C. 2x+y+z-5=0. D. 2x+y-z-5=0
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Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cho duong thang d;x_1:yT_2=Z;4

Trong cac ménh dé sau, ménh dé nao dung?

va mat phang (a):2x+4y+6z+2017=0.

d vudng goc véi (a). B (dac)e“jlt nhung khong vuong goc voi
d song song voi (a). D. d nam trén ().
x=t
Cho duwong thang d:{y=-1 va 2 mit phang (P) va (Q) [an lwot ¢6 phuong trinh
z=—t
x+2y+2z+3=0; x+2y+2z+7 =0 Viét phuong trinh mat cau (S) co tam I thudc
duong thang (d), ti€p xuc voi 2 mat phang (P) va (Q).

(x+3)2+(y+1)2+(z_3)2=§. B. (x-3) +(y-1)+(z+3) =

(x+3) +(y+1) +(z+3)’ _4 D. (x-3) +(y+1) +(z+3) =
-7 *12 > Tim toa 0 diém M’ d0i

O | O |

Cho diém M(2 -3; 1) va duong thang A:=——
xtng voi M qua A.

M'(3;-3;0). B. M'(0;-3;3). Cc. M'(1-32). D. M'(-1,-2;0).
Tim tam I vabankinh R ctia mat cau (S) c¢6 phuong trinh

X4yt +z8 —2x+4y—62+9=0.

I(-1,2;-3) va R=+/5. B. I(L,-2:3)va R=Ab.

I(1,-2;3) va R=5. D. I(-1;2;-3) va R=5.

Mit cau (S)sz +y* +2° —2x+4y—4=0 cit mit phing (P):x+y—z+4=0 theo giao
tuyén la dudng tron (C). Tinh dién tich S ctia hinh tron gidi han boi (C).

:2”;/%, B. S= 22” C. s=2r6. D. S=6x.

Cho hai diém A(—l; 2;-4) va (1 0;2). Viét phuong trinh duong thang d di qua hai
diém A va B.

x+1=y—2=z+4 B x+1=y—2=z+4
1 1 3 1 -1 3

x—1:y+2:z—4 D x—1:y+2:z—4
1 -1 3 1 1 3

Cho hai diém A(-1;2;3) va B(3;-1;2). Diém M théa man MA.MA = 4MB.MB c6 toa
do la:

o w8 ) e[
Mat cau (S) tam I(1;2;-3) di qua diém A(1;0;4) c6 phuong trinh la:

(x+1) +(y+2) +(2-3) =53. B. (x+1) +(y+2) +(z+3) =53
(x=1) +(y—-2) +(z+3) = D. (x-1) +(y-2) +(z-3) =53.

Cho hai diém A(1;-2;3)va B(5 4;7). Phuong trinh mat cau nhan AB lam duong kinh

17



Cau 60:

la:
(x=1) +(y+2) +(z-3) =17, B. (x-3) +(y-1) +(z-5) =17.
(x=5) +(y-4) +(z-7) D. (x-6) +(y-2) +(z-10) =17.

17.
Cho ba diém A(1;6;2),B(5 1; 3) C(4;O;6), khi d6 phwong trinh mat phéng (ABC) la:

14x+13y+9z+110=0. B. 14x-13y+9z-110=0.
14x+13y+9z-110=0. D. 14x+13y-9z-110=0.
Mit phang song song véi hai duong thang:

. x=2+t
d, : x;Z =%=2 va d, :{y=3+2t c6 vecto phap tuyén la:

z=1-t

n=(5-6;7). B. n=(-5-67).  C. n=(-567). D. n=(-56-7).
Cho hai diém M(-2;-2,1), A(1;2,-3) va duong thang d: %z%z%. Tim vécto

chi phwong u cta duong thang A di qua M, vudng géc véi duong thing d dong thoi
cach diém A mot khoang bé nhat.
1u=(2;1;6). B. u=(1;0;2). C. u=(3;4;-4). D. u=(2;2-1).

18



	TÓM TẮT LÝ THUYẾT
	De-Cuong-On-Tap
	HÀM SỐ ÔN THI THPT QG 2017-cd1
	MŨ - LOG ÔN THI THPT QG 2017cd2
	TÍCH PHÂN ÔN THI THPT QG 2017-cd3
	SỐ PHỨC ÔN THI THPT QG 2017-cd4
	HH ÔN THI THPT QG 2017-cd5




