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BAI 1. GIOI HAN CUA DAY $O
1.1. Gidi han hiru han clGa ddy s
1.1.1. Pinh nghia

Binh nghia 4.1.1.  Ta néi dy sb (u,) ¢ gi6i han 13 0 khi n din t6i duong vé cuc, néu |u,| c6
thé nhé hon mot s6 duong bé tly ¥, ké tit mot sé6 hang nao dé trd di.

Ki hiéu: lilf u, = 0 hay u,, — 0 khi n — +o0.
n—-+0oo

Dinh nghia 4.1.2. Ta néi day sb (v,) c6 gi6i han 13 a (hay v, dan t6i a) khi n — 400, néu
hrf (vp, —a) = 0.
n—-+0oo

Ki hiéu: lim v, = a hay v, — a khi n — +oo.
n—-+0oo

1.1.2. Mot vai gidi han dac biét

1 1 s A
@ lim —=0; lim — = 0vo6ik nguyén dudng;
n—+oo N n—-+oo N,

@ lim ¢" =0néu|q < 1;

n—-+0o

@ Néu u,, = ¢ (cla hang s0) thi lim wu, = lim c=c.
n——+oo n—-+oo

Cha y. TU nay vé sau thay cho lim w,, = a ta viét t&t 1& lim u,, = a.

n—-+o00

1.2. Pinh ly vé giéi han hiru han

Pinh ly 4.1.2.
@ Néu lim u,, = a va lim v, = b thi
s lim (up, +v,) = a + b. * lim (up, - v,) = a - b.
. Up, a A
* lim (u, —v,) = a—b. i’(hm(a>:g(neub7&0).
7 1 n — 1 n —
@ N&y | imun=a . [lim Vi, =+a
u, > 0,Vn a > 0.

\
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N—r

1.3. Téng clia cdp s6 nhan Ibi v han

Cép s6 nhin v6 han (u,) c6 cong bbi g, v6i |¢| < 1 dude goi 14 cAp sb nhan 14i v6 han.
Tong clia cAp s6 nhén 1ti v6 han dudc tinh theo cong thiic

u
S:u1+u2+u3+...+un—|—...:1_1q(|q]<1).

1.4. Gidi han vé cuc
1.4.1. Pinh nghia

binh nghia 4.1.3.
% Ta néi day sb (u,) ¢ gi6i han 14 +oo khi n — 400, néu u, c6 thé 16n hon mét s6 duong
bat ki, k€ tir mét s6 hang nao tré di.
Ki hiéu: lim u,, = +oo hay u,, — 400 khi n — +o0.
% DAy sb (u,) c6 gi6i han 1a —co khi n — +o0, néu lim (—u,) = +oo.
Ki hiéu: lim u,, = —oo hay u,, — —oo khi n — +o0.

Nhan xét: limu, = +oo & lim(—u,) = —o0.

1.4.2. Mot vai giGi han dac biét

Ta thita nhén cac két qua sau
(1) lim n* = 400 véi k nguyén duong;
@ lim ¢" = 400 néu q>1.

1.4.3. Pinh li

Pinh Iy 4.1.3.

A o NP I
@ Néu lim u,, = a va limv,, = +oo thi lim — = 0.
Un,

A 1. <. \ e U
@Neuhmunza>0vahmvn=OVavn>0th1hm—n=+oo.
Un

@ Néu lim u,, = 400 va limv, = a > 0 thi limw, - v, = +0o0.

1.5. Bai tap

Dang 1.1. Tinh giéi han voi ; Ia cdc da thic

Rut lity thita bic cao nhét cta ti va miu, réi st dung cic cong thic sau:

// Nerver put off till tomorrow what you can do today!
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% lim — =0, (k € N*,c € R) % limn* = +oo (k € N*)
n

: _ lim u,, = —o0
lim u,, = +00 * {

= lim (u,, - v,) = +00 . B = lim (u, - v,) = +00
{limvn:a>0 ( ) limv, =a <0

lim u,, = 400 ) limu,, = —o0 )
= lim (uy, - v,) = —00 . = lim (uy, - vp) = —00
limv, =a <0 limv, =a >0
V¢ dp 7. Tinh gidi han li b — w1 Bt tép 7. Tinh gidi han li Gl
, m— , im ——
' SOt i 7 1 3 “ wp BloL e 2n2 + 3n

Bai lam

Phuong phip 40al nhank
A > Y A X N 7. P Yy A A A A > > o A A
Neéu bac tu P(n) bang bac mau ((n) thi lim % bang hé so bac cao nhat cua ti chia cho hé so
n

béic cao nhat cia mau.

, f o s . n?—n+3 < a g . n—n+3
‘7/0 #n 2. Tinh gi6i han hmm H&a& t4p 2. Tinh gi6i han hmm

Bai lam
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Chuong 4. GIOI HAN

Foruvng prap glal nhant
Pn) _

—— =(1

Néu bic tit P(n) nhé hon bac miu Q(n) thi lim o)
n

, » ond — 11 1 , —n?—11 1
V¢ dp 3. Tinh gidi han lim% | ‘ Baé thp 3. Tinh gi6i han lim n 2n+ |
n? — o —

Bai lam

ng ,Mq’pdqia’i wnhath

% Néu béc tit P (n) 16n hon bac miu Q (n) thi lim % — +00
n

% D& biét 1a +00 hay —oco ta dua vao diu chia gi6i han trong tich theo quy tic “cing d4u thi

tich duong, trai d4u thi tich 4m ”.
% V& tric nghiém, d6 chinh 13 tich ctia hé s bac cao nhét clia tit va miu.

Dang 1.2. Tinh gidi han Ia cdc ham mi

Ap dung lim ¢" = 0 véi |¢| < 1.
St dung c6éng thiic mi, roi chia ca t& va mau cho o™ v6i |a| 1a ¢ s6 16n nhat.

Cong thitc cin nhé

At = g™ - g”
am
am—n -
an

; 1 — 3nt2 Bt tép #. Tinh gi6i h
V¢ de 4. Tinh gi6i han lim ———— R 1nh gio1 han
2n + 3" ) 2 o 5n—2
lim ——
3425

Bai lam

/ Nerver put off till tomorrow what you can do today!
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Foruvng prap glal nhank
Ta chia cho " véi |a| 13 co s6 16n nhit vi sau khi chia luén tao ra co s6 c6 tri tuyét d6i nhé hon
1 d€ ap dung cong thitc lim ¢ = 0 véi || < 1

Dang 1.3. Tinh giéi han ctia ddy sé chira cdn thirc

Rt Ity thita bac cao hodc lién hop va st dung lim n* = oc.

Chi y. DAu hiéu nhan dang lién hop (dang oo - 0) I& sau khi rat n cé ma cao trong cdn
va nhém thira sb, xudt hién b 0.

V¢ du 5. Tinh giGi han Bat tip $. Tinh gi6i han
lim (n? + 3n + 5) lim (50— n? +1)

Bai lam
Foruvng prap gial nhant

Cho u,, ¢6 dang da thiic (b4c 16n hon 0) cta n.
% Néu hé s6 cua liiy thita bac cao nhét ctia n 1a mét s6 duong thi lim u,, = +oo.

+ Néu hé s6 cua liiy thita bic cao nhat ctia n 1a mét s6 4m thi lim u,, = —oc.

\
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O

V¢ du 6. Tinh giGi han Bat thp 6. Tinh gidi han
lim <\/n2—2n—|—3—|—n) lim (\/2n2—n+ —2n>

Bai lam

V¢ dp 7. Tinh gi6i han Bt tip 7. Tinh gi6i han
lim (v/9n? +3n — 4 — 3n) lim (v/4n? +2n — 4 — 2n)

Cha y. Lién hop [& hinh thire fruc cdn dua vao hdng déng thic

(a—b)(a+b)=a*-b?
(a £0) (a2:|:ab+b2> =a®+ 0

a—>b a+b
* Ja— Vb= —— * Ja+ Vb=
ve va+ /b va Va2 — v/ab+ Vb2
a — b? a— b
7'4\7 _b: 79.\’3 —b:
va Va+b Ve Va2 + ab + b
a—>b a—+ b3
* Ja— Vb= * Ja+b=
va T+ Jab+ I Vb= e a

YVé dw 8. Tinh giGi han

lim (\3/71 +2— %)

Baé tp &. Tinh gi6i han

lim (\3/ 2n + 3 — f’/%)

Bai lam

J
/
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BAI 2. GIGI HAN CUA HAM SO TAI MOT DIEM
2.1. Pinh nghia

Binh nghia 4.2.1. Cho khoang K chtta diém z, va ham sb y = f (z) xac dinh trén K hodc trén
KA\ {oo). ) \ , o

Tanoi ham so y = f (x) c6 gi6i han la so L khi = dan t6i xy néu véi day so (z,,) bat ki, z,, € K\{zo}
va x, — T, taco f (z,) — L.

Ki hiéu: lim f(x) = L hay f () — L khi x — .

T—>T0

Nh&n xét: lim = = z¢; lim ¢ = ¢ v6i ¢ 1a hang $6.

T—>T0 T—>T0

2.2. Pinh Ii
Dinh ly 4.2.1.
(1) Giastt lim f(z) = L va lim g (z) = M. Khi dé:

#* lim [f (@) +g(z)] =L+ M; s%zli_ggl[ )-g(z)] =L-M;
iﬁrxli_{glo [f(z)—g(z)] =L—M; z—moi;(()) %(HéUM?éO);

@ Neuf(a:)ZOVamli_{EOf(cc):LthlLEOVaxli_glO\/f(x):\/_.

2.3. Baitép

Dang 2.1. Ham s ¢cé giéi han hiru han

‘ Vi du 7. Tinh lim (322 + 72 + 11) ’ ‘ Bt tip 1. lim (22 + 2 + 10) ’
z—2 T—3

Bai lam

z—/3 z—/3

Vi du 2. Tinh hm |z — 4| ’ Baé thp 2. Tinh hm |z — 2] ’

\

THPT QUOC GIA EUNG THAY EAO THANH PHUC '\
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(=)

Bai lam

T enatd % dp 3. Tinh Jim, o
Bai lam
y V3242 — , V3rZ+1—
‘ V¢ du 4. Tinh lim ) le | ‘ Bt tip 4. Tinh lim2 Lﬂ |
e L = T—— €xr —

Bai lam

.................................................................................... —h

ch
el
]
<
2
2

Tinh lim

Dang 2.2. Ham s6 cé giéi han hiru han vd dinh

% Phan tich t& va mau thanh tich cic nhan ti va gidn udc.
# Néu f () hay g (z) c6 chita cin thitc thi c6 thé nhén ti va miu véi biéu thitc lién hop trude
khi phan tich ching thanh tich dé gian uéc.
% Lién hop ctia biéu thitc
& Va—-blaa+b
& a—vblaa+ Vb
& Ya—blava®+ ab+ b
& Ya+bla Va2 — Jab+b?

Can nhé: f (z) = az® + bz + ¢ = a (x — 21) (x — a2) VOi 1, 25 12 hai nghiém ctia phuong trinh.

[ (x)

khi lim f (z) = lim g (z) = 0.

T—rT0 g (:L‘) Tr—rx0 T—rT0)

Jlayonsa]oNnydyunylond/uiod )od

Rt nhan t chung’

V¢ dp 5. Tinh lim

x2—1

z—1 1 —

N , .zt —4
Baé thp . Tinh lim

z——2 1+ 2

Bai lam

// Nerver put off till tomorrow what you can do today!
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7 2_3 _4 7 2_2 _3
‘% dw 6. Tinh lim —— "7~ H&ii Zp 6. Tinh lim ———°
z——1 :I,‘—|—1 z—3 r—3
Bai lam
8 ................................................................................................
2 2
o ¢ (g Tt 3T —4 N z? + 3z + 2
~ Vi da 7. Tlnhil—{q?)xz—l‘—Q Bt tép 7. Tlnhxli}{ll—QxQ-i-fix-i-l
Q
j Yy S = ~
-y Bai lam
.
2
ot ittt et e tooeaestosssasssasesssesosassssasssase sosssessssssssssstacstssesscesssasnsstscssacetnns
0
D ------------------------------------------------------------------------------------------------
O
~
o
\O ................................................................................................
w
o
e
O
w
O\ ................................................................................................
Vi du 8. Tinh lim — "2 Bit tip & Tinh lim — " — |
¢S T et 2 “ap J. Iin 5172 + 33 + 2

Bai lam

Vé dw 9. Tinh lim

=5 g2 — 25

Bt thp 9. Tinh lim Yo Ry

7" — Bgp | x? — 2

\

LUYEN THI THPT @UOC GIA EUNG THAY EAO 1
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11

Bai lam

Q

, 222 + 3 1
V¢ dp 70. Tinh lim — T
z——1 g3 —2x — 1

NN L. X422 —3
| ‘ gﬁl tﬁp 70. Tinh }:I_T)I:llm

Bai lam

, ’ . $3—3£E+2 s pn , . 2$2+x_6
Vé du 77. Tinh glcl_ﬁq A _4r+3 Baé thp 77. Tinh xli)rg — s

Bai lam

2x3 — 52 — 22 — 3

’ o o , . 2034522 +4x+ 1
D0 G e W e o R0 | "B“ “ /2. Tinh lim, = 1

Bai lam

Nerver put off till tomorrow what you can do today!
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Q¢ 6¢ 9¢€ 68,00 - ONYd

2 4 . 2 1 <2 A 7 . 1 3
(AR T1nhgl£1_}n% (x2—1 B :1;—1) | ‘5&& “p 13 Tmhil—%(l—x B 1—:103)
Bailam
Vé dw 7#. Tinh - L ( 1 1 )
‘ < . | ) Bal thp 1¥. Tmhgl}_)n{ oS Sl S
lim +
a2 \x?2 —3xr—2 a2—-5r—06

Bai lam
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13

, o 2—/ 1
| ‘ Baé thp 75. Tinh lim C

z—3 x—3

@i du 75, Tinh lim >—Y* 13

z—6 r—06

O

Bai lam

21oNYdyunylond/uodMoogaon)Mmm/ /:sdliy 63

4z 2x
Vé du 76, Tinh lim ——— Bt thp 16. Tinh lim ——~
: e AT =3 | & 20 Itz -2
Bai lam
V4 . 4 2 - 2 , . 2 2 J— J—
Vé du 17, Tinh lim Y-TETT Bié tip 17. Tinh lim Y25 — 92 =%
z——1 x+1 z—3 20 — 6

Bai lam

..........................................................................................
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Q¢ 6¢ 9¢€ 68,00 - ONYd

, Vr+2-2 , — 3z —2
‘ Vé dp 78. Tinh lim % | ‘ Bt thp 78. Tinh lim z
=2 g2 —4 z—2 x2 — 4
Bailam
Vi —3 Ve +2-2

Vé dp 79. Tinh lim

z—9 9 — 12

| ‘ Baé tip 79. Tinh lim 2 2 =10

Bai lam

20 +5— V222 4+ +8

Tl 2+ 3z +2

\

\
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(=)

Bai lam

, vizr — 2 , 2 1 -2
Vé dn 2. Tinh lim ~— | ‘ Bt tép 27. Tinh lim A ——
=2 T — 2 z—3 T —3

S oS

Bai lam

|

Nhan lugng lién hgp loai 2}

, Gy , e
Vi du 22, Tinh lim VoL L1 VEt3 Béé tip 22. Tinh lim et
1 VI+8—3 a—=1 \/dx +5 —+/3z + 6

Bai lam

// Nerver put off till tomorrow what you can do today!
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68,00 - ONyg Yuoy] 05

Q¢ 6¢ 9¢

‘ Hang so Véng’

VT +9+Vr+16 -7
X

V2r+2++Vbr+4—-5
r—1

Vé dp 23. Tinh lim | ‘ Baé thp 23. Tinh lim
z— z—

Bai lam

------------------------------------------------------------------------------------------------

Dang 2.3. Ham sé c6 giéi han vé cuc vé dinh

Tinh lim /(@) khi lim f(z) = Lva lim g (z) = 0.

z—T0 ( (x) T—x0 T—T0

% Néu L va g (z) cung d4u thi lim f (@)
T—>L0 g( )

T
* Néu L va g (z) trai diu thi lim f (@)
=0 g (z)

\

TLUYEN THI THPT @ubC GIA

EUNG THAY EAO THANH PHUC \
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Chuong 4. GIOI HAN ‘ Cao T hantk Phie
V¢ dp 2¢. Tinh lim >~ - Bit thp 2#. Tinh lim -2
r—1 (x _ 1) r—2 (,T _ 2)

O

Bai lam

v=2 (1 — 2)2 73 (1 — 3)2

o 3w
H&z %p 25. Tinh lim >0

Bai lam

21oNYdyunylond/uodMoogaon)Mmm/ /:sdliy 63

Vé dp 26. Tinh lim Bii tip 26. Tinh lim —

a==3 (g +3)°

v—-3 (1 —2)°

// Nerver put off till tomorrow what you can do today!
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BAI 3. GIOI HAN TAI VO CUC CUA HAM $O

3.1. Gi6i han hiru han clia ham sé tqi vé cuc
Binh nghia 4.3.1.

(1) Cho ham s6 y = f (z) x4c dinh trén (a; +00).
Ta néi ham sb y = f () c6 gi6i han 1a s6 L khi 2 — +oo néu véi diy sb (z,) bat ki, z, > a
va x, — +oo, taco f (z,) — L.
Ki hiéu: 301_1>13£1Oo f(x)=L.
@ Cho ham s6 y = f (z) xac dinh trén (—oo; a). Ta n6éi ham sb y = f (x) c6 gi6i han 14 s6 L
khi © — —oo néu véi day so (z,,) bat ki, =, < ava z,, - —oo, taco f (z,) — L.
Ki hiéu: lim f(z)= L.
T——00

Cha y. Vi ¢, k 1& hdng s6 va k nguyén duong, ta ludn co:
C
lim c=¢ lim — =0
z—+o0 r—+o0 q;k

3.2. Gi6i han vé cuc cla ham sb
3.2.1. Gidi han vo6 cuc

Dinh nghia 4.3.2. Cho ham sb y = f (z) xac dinh trén (a; +00).
Ta n6i ham s6 y = f (x) c6 gi6i han 1a —oo khi # — +o00 néu véi day so (z,) bat ki, z,, > a va
T, — +00, taco f(z,) — —oo.

Ki hiéu: xl_lgli_loof (x) = —o0.

Nhén xét:
lim f(z)=+o00 & lim (—f(z)) =—o0

T—r400 T—-+00

3.2.2. Mot vai giGi han dac biét

@ lim 2% = +oo0 v6i k nguyén ducng.

T—r+00

@ lim =z

T—r—00

3 + oo néu k chan
— oo néu k 18é.

3.3. Baitap

\

LLUYEN THI THPT @UOC GIA EUNG THAY €

IA € ’AO THANH PHUC A\
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N—r"

% D6i v6i lim f (x) v6i f () 1a da thitc ta rit bic cao nht clia « va ap dung coéng thiic khi
T—>00
Tr — OQ.

Dang 3.1. Ham sé c6 giéi han vé cuc

% D6i véi lim \/f (z) v6i f () 1a da thitc ta rit bic cao nhit clia x ra ngoai diu cin va 4p
T—00
dung cong thic khi 2 — oo.

Vi dp 7. Tinh lim (—2® — 622 + 92+ 1) ’ ‘ Bt tép 7. Tinh lim (2% 4 5a? + 8z + 1)

T—+00 T—+00

Bai lam

Vi du 2. Tinh lim (2° — 322 4 2) ’ ‘ Bt t4p 2. Tinh lim (—2®+ 32% — 1)

T—>—00 T—>—00

Bai lam

PYLO0D/UI0D Mo0gaonsMmm/ /:sdly E3

D)

................................................................................................ 5
g

)

................................................................................................ c
Q

Vi dp 3. Tinh lim (2" — 222 + 1) ’ ‘ Bit thp 3. Tinh lim (-2t + 227 + 3) @
x——+00 ——+00 @)

0

>

)

Bai lam

Vé du #. Tinh lim V2 —3z+4 ’ {&7 Zp # Tinh lim V2?3214

T—r+00 T——00

// Nerver put off till tomorrow what you can do today!
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You ) . ~ , N Pe
(2o ) ‘ Bai 3. GIOI HAN TAl VO CUC CUA HAM SO

oy] 00D

Q¢ 6¢ 9¢€ 68,00 - ONyd Yyu

Bai lam

Vi dw 5. Tinh lim Va2 -2z +5 ’ ‘ Baé thp 5. Tinh lirll 2 —2x+5
T——00 T—100
Bai lam
Vi du 6. Tinh Bt tép 6. Tinh
lim (\/xz—x—\/4:c2+1) lim (\/:EQ—CC—\/4I‘2+1>
T——00 T—+00

Bai lam
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Chuong 4. GIGI HAN Sl s Phiie { 21 )
N—r

Foruvng prap glal nhant

% Gi6i han clia ham da thifc tai +oco phu thudc vio hé sb cia lity thita bic cao nhét.

% Gi6i han clia ham da thitc tai —oco phu thudc vio bac va hé sb cta lily thita bic cao nhAt.

Dang 3.2. Ham sé c6 gidi han vé dinh

Tinh lim f (@) khi lim f(z) =ocova lim g(z) = o0
T—00 ( (l’) T—00 T—00
% Chia t&t v miu cho 2" v6i n 14 sb mil cao nhét cta bién sé z trong miu thitc hoic phin
tich t& va mau thanh tich chtta nhin t& 2" roi gian ude.
* Néu f (z) hay ¢ () c6 chita bién z trong diu cin thitc, thi dua =" ra ngoai diu cin (véi k
la sO mii b4c cao nhat cia x trong dau can), trude khi chia tit va mau cho lily thita béc cao
nhét cta z.

Bic tlt bang bic mau ’

4 o - ]_
Vé du 7. Tinh lim S
z——00 201 + 1

. —1
H&z %p 7. Tinh lim %

z—+oo 4 + 1

Bai lam

Vé dp 8. Tinh lim

r—+00 1,‘2 -2 T——00 —xz -2

| ‘ Baé thp 8. Tinh lim

Bai lam

Nerver put off till tomorrow what you can do today!
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Be b 0 O ¢
22 Bai 3. GIOI HAN TAI VO CUC CUA HAM SO

/08 - 9NUd Yuoy] opD

6¢ 9¢ 68

Q¢

; Lo @434 o L 4241
‘% %2 Db B 6o Sa tp 9. Toh I = +3

Bai lam

22t + 723 — 15 22t + 723 — 15

Vé du 70. Tinh lim

| ‘ Baé thp 70. Tinh lim

x——+00 zt+1 B==€9 ot 1
Bai lam
, (z —1)* (Tz + 2)° , (z —1)* (Tz + 2)°
Vé dp 77. Tinh lim . Bat thp /7. Tinh lim 5
T——400 (2.’E + 1) T——00 (23; ok 1)

Bai lam

PHANH BHUC

LUYEN THI THPT @QUOC GIA BUNG THAY EAO 1

\
\
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Chuong 4. GIOI HAN & O 7rem Phic{ 23 )

—"

Vé dp 72. Tinh lim

r—r—+00 3:[,‘ — 1

| ‘ Bié thp 72. Tinh lim

z——o00 Jr —1

422 +1

Bai lam

, Va2 -3 2 , . Vx?-3 2
Vé dp 73. Tinh lim Y " e Bt thp /3. Tinh lim S
z—+00 3r—1 B=r=69 3r—1

Bai lam

Foruvng prap glal nhant

s 5 \ A ) : x A A 5 1 Y a Y N
Gidi han cua ham phéan thic lim f (@) neu bac tu bang bac mau thi
T—00 ( (x) : :
f () Hé sb bac cao nhét clia tit

lim — - - =
z—o0 g (z)  Hé so bac cao nhat clia mau

J

7 Nerver put off till tomorrow what you can do today!
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B 3 b 10Oy ol b
24 Bai 3. GIOI HAN TAI VO CUC CUA HAM SO

‘Béc tir nh6 hon bac miu

) L 3z + 2 oo AT T2
‘W& %Il 7#. Tinh xgr—l{loom Hgﬁ& tﬂﬂ /#. Tinh :cll)r—noo $2+2l’+1

Bai lam

ey | 2%+ 3z
V¢ dw 75. Tinh lim ———M—— Bt 75. Tinh lim ————
v & e 73 + 3224+ 2 “ wp zr00 78 + 22 + 1

Bai lam

Q¢ 6¢ 9¢ 68/00 - ONYd Yuoy] 0nH

Vé du 76. Tinh lim ———— | ‘ Béi tip 76. Tinh lim

z—+oo 24 + 322 + z——oo g% + 22 + 1

Bai lam

LUYEN THI THPT @UOC GIA BUNG THAY EAO THANH PHUC

\
\
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Chuong 4. GIOI HAN

& B Ceo Thenn Paiz 25

—"

Foruvng prap glal nhant

Gi6i han ctia ham phén thitc lim

‘ Bic ti 16n hon bac mau ’

f(x)

a0 g (z)

néu béc tir nhé hon bac miu thi

Vé dw ?7. Tinh lim

x3 —2x2 —2
z—=too 322 —x — 1

tp /7. Tinh lim

x3 — 222 — 2

z—=—o0 322 —x —1

4 2
z = 1
Vé dp 78. Tinh lim il i

z—+oo —x3 + 21 — 2

| ‘ Baé thp /8. Tinh

.ot =322 +1
lim ————
z——oc0 —x3 + 21 — 2

4 9.2
Vi du 19. Tinh lim L o0 T1

z—+oo —x3 4+ 21 — 2

zt —3z2+1
z——o0 —I3 + 2 — 2

tp 79. Tinh lim

J
/

Nerver put off till tomorrow what you can do today!
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Be b 0 O ¢
26 Bai 3. GIOI HAN TAI VO CUC CUA HAM SO

6800 - 9NyUd Yyuoy| oo

Q¢ 6¢ 9¢

------------------------------------------------------------------------------------------------

Vé dw 20. Tinh lim

T——00 x—4

| ‘ Biaé thp 20. Tinh lim

T——00 55—z

QN. C
Hdl lam
................................................................................................

2 3
Vi dy 27, Tinh lim 20 3)2 (4z +7)
T—+00 (33; _ 4) (51’2 _ 1)

z 5
Baé thp 2/7. Tinh lim (22 3)2 (4z +7)

Bai lam

------------------------------------------------------------------------------------------------
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Chuong 4. GIGI HAN SO Phiie { 27 )
N—r

Foruvng prap glal nhant

Gi6i han cta ham phén thitc lim % néu béc tir 16n hon bac miu thi
T—00 g 95
z—o0 g ()

Dang 3.3. Ham s6 c6 gidi han v dinh

Tinh lim [f (2) — g ()] khi lim =ocova lim = oo
T—00 T—00 T—00
% Nhan hoic chia véi biéu thic lién hop (néu cé cin thic) hodc quy dong d€ dua vé cung
mot phan thie (néu chua nhiéu phan thic).

Vi dp 22. Tinh lim (Va7 + 7 — ) ’ ‘ Bié thp 22. Tinh lim (Va2 + 7 — 1) ’

T——00 T—+00

Bai lam

Vé dp 23. Tinh lim (Va2? =3z +2— 1) ’ ‘ Bat tp 25. Tinh lim (Va2 —3z+2— 1) ’

T—+00 T—>—00

Bai lam

T—+00 T——00

Vi dp 2¢. Tinh lim (Va2 -2z +4— 1) H&dit@Zf Tinh lim (va?—2z+4— ) ’

// Nerver put off till tomorrow what you can do today!
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You ) . ~ , N Pe
(28 ) ‘ Bai 3. GIOI HAN TAl VO CUC CUA HAM SO

- oNUd yuoy| oo

(00

Q¢ 6¢ 9¢€ 68

Bai lam

Vi du 25. Tinh lim (\/x+2—\/x—2> Hga\itﬁ‘pZ& Tinh Er_n <\/:E-|-2—\/x—2) ’

T—r—+00

Bai lam
Vi de Z26. Tinh Bt thp 26. Tinh
lim (\/x2—4x—|—3—\/x2—3x—|—2) lim <\/x2—4x+3—\/x2—3x+2>
T—+00 T—>—00

Bai lam
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Chuong 4. GIGI HAN SO Piie { 29 )
N—r

Vi de 27. Tinh Bt thp 27. Tinh
lim (250—1— 4x2—4x—3> lim (2:5—1— 4x2—4ac—3)
Tr—+00 T——00

Bai lam

V¢ du 28. Tinh Bt thp 28. Tinh
lim (3:5 +92 /922 1 122 — 3) lim (395 +92 /922 1 122 — 3)
T——+00 T—>—00

Bai lam

Vé dp 29. Tinh lim (Vad + 22 —x Bt thp 29. Tinh lim (Va3 + 22—z
“p 2

T—+00 T——00

Bai lam

Nerver put off till tomorrow what you can do today!
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You , .
{am ) ‘ Bai 3. GIOI HAN TAI VO CUC CUA HAM S

Q¢ 6¢ 9¢ 68/00 - ONYd Yuoy] 0nH

O)\

Dang 3.4. Ham sé c6 giéi han vé dinh

Tinh giéi han lim [u (2)v (2)] khi lim u (z) =0va lim v (z) = £oo
Tr—xQ GE==55)

T—x0
#* Ta c6 thé bién d6i lim [u(z)v(z)] = lim ulz) d€ dua vé dang 0 hodc lim [u(z)v (x)] =
T—T0 gy AL : 0 * z—00
v (z)
lim @ dé€ dua vé dang >
T—00 00
v(z)

% Tuy nhién, trong nhiéu bai tip, ta chi cAn bién déi don gidn nhu dua biéu thitc vao trong/ra
ngoai dau can, quy dong mau thaec . ..la dua vé dang quen thudc.

, o [ 2z +1 o - [ 4zl

Bai lam

Vé dp 37. Tinh Bt thp 37. Tinh

1 2 \ i \| ———

Bai lam



https://www.facebook.com/caothanhphucteacher
https://www.youtube.com/channel/UCTwIPy9leHIy_Xe7Zl-JDzw

Chuong 4. GIGI HAN © B ceo Thans Phiie { 31 )
N—r

Vé dp 32. Tinh Bié tip 32. Tinh

. 16z + 1 4o — 3
1 1—5z)y) ——— i \ 2

O>\

BAI 4. GIOI HAN MOT BEN CUA HAM S

4.1. Pinh nghia

Dinh nghia 4.4.1.

% Chohamsby = f (x) xac dinh trén (z;0).
S6 L dugc goi 13 gi6i han bén phai cia ham sby=f (x) khi x — = néu véi day sb ()
bt Ki, 2y < 2, < bVva z, — x, ta cd f (xn) — L.
Ki hiéu: lim f (z) = L.
=z
% Cho ham sb y = f (z) xac dinh trén (a; zo).
S6 L dudc goi la gi6i han bén trai ctia ham s6 y = f () khi 2 — z, néu véi day sb (z,,) bat
ki, a < x, < xyva z, — xo, taco f(z,) — L.
Ki hiéu: lim f(z) = L.

I*)IO

4.2. Dinh Ii
Pinhly 4.4.1. lim = L khivachikhi lim = lim = L.

T—>T0 =z =g,

4.3. Bdi tap

// Nerver put off till tomorrow what you can do today!
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Bai 4. GIOI HAN MOT BEN CUA HAM SO

Dang 4.1. Tim giéi han mét bén clia ham sé @
Khi ham sb khong xac dinh tai z, thi ta 4p dung cac quy tic vé gi6i han vo cuc. D6 1a cac quy
Ty , L

tac ap dung cho cac dang L - co; —; 0

o0

Chay.
* T —>xd =>1>10=>7—170>0

T =2y >0 <T0=>T—29<0

2 _ , . 9z —1
Vi du 7. Tinh lim © 2" Bit thp 7. Tinh lim
z—2— 3x +1 z—2+F
Bailam

O
Q ------------------------------------------------------------------------------------------------
O
_|
s
Q
2
A
-
2
ittt it ittt it et e e e e e et i e et et e e ittt e i e e,
O
! , . 2x-—3 - , . 2x-—3
=1 | Yé dw 2. Tinh lim * Baé thp 2. Tinh lim *
) z—1+t © — 1 z—3+ T — 3
N
3
o Bai lam
o
w
\o ------------------------------------------------------------------------------------------------
w
o

, : —1 , . — 1l
V¢ dp 3. Tinh lim — > | ‘ Bt thy 3. Tinh lim ro 1

z—2+ T — 2 z—3+t T — 3

Bai lam

LUYEN THI TTHPT QUAC GIA EUNG THAY EAO THANH PHUC

\
\
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Chuong 4. GIGI HAN SO Ppiie { 33 )
N—r

’ g 2 - Qo 7 a 2 -
Vé du #. Tinh lim < | ‘ Baé thp #. Tinh lim <
r—3~ — X r—4~ — X
Bailam

................................................................................................ 3
o

==

O

------------------------------------------------------------------------------------------------ Sf-)
S~

S~

................................................................................................ <
g

................................................................................................ 2
=

@)

@)

................................................................................................ 0
+1 +1 g

2 e . i N2 A s . €

Vé dp 5. Tinh xlgg — | ‘ Bt tép 5. Tinh JE{L —— (%
@)

y S ~ o

Bai lam 3

S~

(@)

................................................................................................ @)
O

_'_

D)

................................................................................................ @)
D)

D)

................................................................................................ O
D)

C

@)

................................................................................................ —_
®

O

................................................................................................ @)
D)

5 r—5 @

Vi du 6. Tinh lim ——

v—4- (g —4)?

| ‘ Bii tip 6. Tinh lim

T—3~ (33 — 3)2

Bai lam

// Nerver put off till tomorrow what you can do today!
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You , N Pe
¢ D ‘ Ba&i 4. GIOI HAN MOT BEN CUA HAM SO

’ 3 - 8 oo 3 - 8
Vé dp 7. Tinh lim —— : Bt thp 7. Tinh lim : -
23~ (3 — 1) e—4- (4 — 1)
Bai lam
, 2% + 51 — 3 2% + 5x — 3
Véde 8. Tinh  lim  — i x2 Baé thp & Tinh lim v x2
z—(=3)" (.T + 3) x—(=3)" (.’17 i 3)

Q¢ 6¢ 9¢ 68/00 - ONYd Yuoy] 0nH

------------------------------------------------------------------------------------------------

Vi du 9. Tinh lim( LI )

T2~ z—2F

| ‘ Bt thp 9. Tinh lim ( = )

LUYEN THI TTHPT QUAC GIA EUNG THAY EAO THANH PHUC

\
\
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Chuong 4. GIOI HAN ‘ Coao 7 hant Phie { 35 )

—"

) , . |2 — z|
/0. Tinh lim ———
Ly n o2 22% — B +2

Bat tép 70. Tinh lim —————
“ tp n xiglJr 202 — Hhx + 2

Bai lam

, N o |
Vé dw 77. Tinh lim ——r Baé tip /7. Tinh Jim ——r

Béi 12
()
Hdl ldm
................................................................................................

Joyonaonydyunylond/wWod H00geoni MMM/ /:sdily E3

Fhuong phip g0al nhank
% Dang £: Gi6i han 1a 0.
00

Lo \
% Dang L - oo va 6: Gidi han la oco.

Dang 4.2. Gidi han clia ham s6é tai mot diém

// Nerver put off till tomorrow what you can do today!
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Vi du 72, Tinh lim 1272

=3 1 —3

You , N Pe
( 36 ) ‘ Bai 4. GIOI HAN MOT BEN CUA HAM SO

|2z
H&a‘it@alz Tinh lim 122 =8

z—4 x —4

Bai lam

O ................................................................................................
@)
o ------------------------------------------------------------------------------------------------
_|
2 |y | ., o=
= | Pé aw 73. Tinh lim Baé thp 73. Tinh lim
= =2 1 — 2 z—3 I —
5
Ch Bai lam
@)
Y
(@)
N
oo
\O ------------------------------------------------------------------------------------------------
w
(o)
D
O
w
O\ ................................................................................................
, x?2—9 ] x? — 16
Dé du 1#. Tinh lim |~ Bii tip 1#. Tinh tim 12— 19
=3 r— 3 =4 o —4
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Chuong 4. GIOI HAN ‘ Coao 7 hant Phie { 37 )
N—"

| ‘ Béé thp 75. Tinh lim

r—3 x—3

Bai lam

/UIODN00geon) MMM/ /:sALY 3

o)}e)

L 2m— , -
Vé dw 76. Tinh lim r=5 | ‘ Bt tép 76. Tinh lim 20 =95

=4 r—4 =5 £ —H

Bai lam

Jlayopnsajonydyunylo

Nerver put off till tomorrow what you can do today!



https://www.facebook.com/caothanhphucteacher
https://www.facebook.com/caothanhphucteacher

B b 1 i O i ¢
38 Bai 4. GIOI HAN MOT BEN CUA HAM SO

Vé dp 77. Cho ham sb Bat tip /7. Cho ham sb
ba' — 62 —x khiz > 1 x—3khiz <1
f(!E): 3_3 kh <1 f((I?):
o x x Khi x 1 —V722+2khiz >1
Tinh lim £ (z). Tinh liny f ().
z—

Bai lam

Vé du 78. Cho ham sb Bad thp /8. Cho ham sb
2 — 2 _ 2
—37 231’-1- khixz > 1 d—z khiz < 2
f(=z) = zt—1 flx)y=¢ -2
—gkhix<1 1 -2z khiz > 2
Tinh lim f (2). Tinh lim f ().

Bai lam
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Chuong 4. GIOI HAN

Dang 4.3. Tim tham sé

& B Ceo Thenn Paiz { 39 )

dé ham sb cé gidi han tai mdt diém cho trudc

—"

Vi dw 79. Tim m d€ ham sb
2 -1

flay=9 71
mx +2khiz <1

c6 gi6i han tai z = 1.

khiz <1

Bt thp 79. Tim m d€ ham sb
5 4= 1l
flo)=q z+1

mz? —x+m?khiz > —1

c6 gidi han tai = —1.

khiz < —1

Bai lam

BAI 5. HAM SO LIEN TUC

5.1. Ham sé lién tuc tai mot diém

Dinh nghia 4.5.1. Cho ham sb y = f (z) xac dinh trén khoang K va z, € K.
Ham sb y = f (z) dudc goi 1a lién tuc tai o néu lim f(z) = f (z0)
T—T0

Ham sb y = f (z) khong lién tuc tai 2, dudc goi 14 gian doan tai diém dé.

5.2. Ham s lién tuc trén mot khodng

. o A J4
moi diém cua khoang do.

Dinh nghia 4.5.2. Ham s6 y = f (z) dudc goi 14 lién tuc trén mét khoang néu né lién tuc tai

Ham sb y = f (x) dudc goi 1a lién tuc trén doan [a; b] néu né lién tuc trén khoang (a; b) va

lim f(z) = f(a), lim f(z) = f(b)

Nhan xét:

Khai niém ham sb lién tuc trén nita khodng dudc dinh nghia mét cach tuong tu.

J
/

Nerver put off till tomorrow what you can do today!
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You & N A A
40 Bai 5. HAM SO LIEN TUC

Db thi ctia ham sb lién tuc trén mot khoang 1a mét “dudng lién "trén @Y
khoang do6 (tham khao hinh vé bén).

Hinh vé bén cho vi du vé d6 thi ciia mo6t ham s6 khéng lién tuc
trén khoang (a;b).

---e

AN
o
—| >
8

5.3. Mot s6 dinh Ii co bdn
Dinh Iy 4.5.1.
@ Ham sb6 da thtc lién tuc trén toan bd tip sb thuc R.

(2) Ham sb phan thtic hitu tf va ham s6 lugng gidc lién tuc trén tling khodng x4c dinh ctia
chung.

Dinh Iy 4.5.2. Gid stt y = f (), y = g () 12 hai ham s6 lién tuc tai diém =,. Khi dé:
(1) Cachamsby = f () + g (x), y = f (z) — g (¢) Ay = [ (z) - g (x) lién tuc tai z;

@ Ham sb f (@) lién tuc tai 2o néu ¢ (x0) # 0.
g (z)
Pinh ly 4.5.3.

Néu ham s y = f () lién tuc trén doan [a; b] va f (a) - f (b) < 0, thi ton tai
it nhat mét diém ¢ € (a;b) sao cho f (¢) = 0

Yy
Y
5.4. Bdi tap

Dang 5.1. Xét tinh lién tuc clia ham sé @

Cho ham sb y = f (z) x4c dinh trén khodng (a; b) va z, € (a;b). D& xét tinh lién tuc ctia ham sb
y = f (x) tai zo ta lam nhu sau:

* Tinh f (z0);

% Tinh lim f(x).

T—rT0

\

"HPT QUOC GIA EUNG T

LUYEN THI °

EAO 1

’"HANH BHUC A\
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Chuong 4. GIOI HAN & Cao T hark Phie { 41 )
N—v"

% Néu lim f (z) = f (o) thi két lun ham sb lién tuc tai z,.

T—>IT0
* Néu lim f (z) khong ton tai hodc lim f () # f(x0).
T—x0 T—T0
Vi dw 7. Xét tinh lién tuc ctia ham sb Bt tép 7. Xét tinh lién tuc cia ham s6
fz) =V f@) =vz+1
tal To = —3. tal To = —2.
Bailam
V¢ du 2. Xét tinh lién tuc ctia ham sb Bt tép 2. Xét tinh lién tuc cia ham )
f @) =V +2 f(@)= Va7 +3
tal Ty = 2. tal Ty = 3.
Bai lam
Vi dw 3. Xét tinh lién tuc cia ham sb Bt tip 3. Xét tinh lién tuc clia ham s6
23 2. =
x T+ khi 2 2 x+3x+2khix7é—1
f (@)= T =2 f(z) = —z—1
4y — Tkhixz =2 224+ 2zkhiz = —1
tai diém z, = 2. tai diém zo = —1.

Bai lam

// Nerver put off till tomorrow what you can do today!
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You & N PN
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Vi dw #. Xét tinh lién tuc ctia ham sb Bié thp #. Xét tinh lién tuc ctia ham sb
ve+3-—-2_ . V -2
VA 2 ig 21 VEF3 2 a1
flay=q, °71 vl
1 1
3 x 1 khiz =1
tai diem z, = 1. tai diém zy = 1.

Bai lam

Vi dwn 5. Xét tinh lién tuc cia ham sb Bt tip 5. Xét tinh lién tuc clia ham sb
v — 3z +3khiz <2 V2r+3—-1...
_ ——— khiz > -1
fl@)=q1-v2z—3 . z+1
2— khiz > 2 m
s ! khiz < —1
tai diém z, = 2. 2
tal Ty = —1.

Bai lam
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Chuong 4. GIOI HAN

& B Ceo Thern Paic { 43 )

—"

V¢ du 6. Xét tinh lién tuc clia ham sb
z2 -9

fl@)=< ve+1-2

2z +12khixz < 3

khiz >3

. nl\’,
tai diém z, = 3.

Bié tép 6. Xét tinh lién tuc clia ham s6
Va2 —3—1

35 = 2
2z —2khix =2

tai diem zq = 2.

khi x #£ 2

Bai lam

Vi dw 7. Xét tinh lién tuc ctia ham sb

22 —3x—4
—— khixz >4
flz)=3Vori5-3

—4r +46 khi z <4

3 -I\',
tai diem zq = 4.

Bt thp 7. Xét tinh lién tuc ctia ham sb

249r—3 .
T TS rhig>1
?+x—2

1
—Vf“‘g”khixgl

. [N
tai diém xq = 1.

Bai lam

J
/

Nerver put off till tomorrow what you can do today!
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Vi dw 8. Tim m d€ ham s6 Bt thp 8. Tim m d€ ham s6
352+ 7x -3, — —
Lo T hip £ 1 VIte—vVI-a o0
f(z) = zt—1 f(x) = /
2 ok T+ 2
tai diém xq = 1. g
tai diém xq = 0.
Bai lam
Q)
e e e,
O
_|
>
TR R PR RRRREE
-
>
R TR T R P L PP P T PP LR PEPTRPERPEPTRPY
>
Ch
O ................................................................................................
o1 | Pé du 9. Tim m d€ ham s6 Bit thp 9. Tim m d€ ham s6
O 3
~ 6 — % / —4—
o VO+T =2 s 2o VA28 772 i 21
O f(x) = x—2 f(x)= x—1
8\3 2 —mkhiz =2 vm?2x2 4+ 8+ 2mx khiz =1
% lién tuc tai diém z, = 2. lién tuc tai diém z, = 1.
w
O

Q§~. C
Hdl lam
................................................................................................

\
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Chuong 4. GIOI HAN 3 Coao 7 hant Phic { 45 )
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Dang 5.3. $6 nghiém cla phuong trinh trén mét khodng

M6t phuong phap chiing minh phuong trifnhh f (z) = 0 ¢6 nghiém trén khodng (a; b):
% Chiing minh ham sb y = f (z) lién tuc trén doan [a; b].
% Chtng minh f (a) - f (b) < 0.

Tit 46 két ludn phuong trinh f () = 0 ¢6 it nhit mot nghiém trén khoang (a; b).

Yé dw 70. Chiing minh rdng phuong trinh | | B&é #p 70. Chiing minh rang phuong trinh
25+ — 1 = 0 c6 nghiém trén khoang (—1;1). | | 2* + 2® — 322 + 2 + 1 = 0 c6 nghiém thudc
(—1;1).

Bai lam

& B ap v agiom)

3n2+2n_|_5 .........................
7n2+n_8 .........................

3
® = +00. —5 ®o0.
@6u 2. Tinh lim (—3n® + 5n — 2)

® -3. +00. —o0. D 3.

€au 1. Tinh lim

3”_*_4.7” -------------------------
©au 3. Tinh lim >~ =
uld.Tinhlim Z—"—-

® 1. L - ® -2

\/ﬂ%—z .........................

T —3

® 0. +00. © 4. T

@Gu 5. Tinh lim (2° 4 422 + 10)
z—0

@ +oo. 0. © 10. ®15.

, . 2 1T e
E@au 6. Tinh lim T

e A e

€au 4. Tinh lim
z—3

// Nerver put off till tomorrow what you can do today!
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—
®) 2. —00. ©) +o0. ® 0.

2
€4au 7. Tinh lim w
) z——1 s —1
@ 5 9. @ —0Q. @ +0o0.
©aU8.Tinh lim (—22%+ 3z — 4)
T—>—00
@ . +o00. —2. @ 2.
2 _
€au 9.Tinh lim w
T—+00 x* =2
@ . +o0. © 3. @ 0.
5

€au 10.Tinh lim
T——00 I + 2

5
® 0. 1. 3 ©) +oo.
1
@adau 11. Tinh hmn+2020
® 1. 2. ©o. © 3.
. , ot T
@au 12.Tinh lim 1
T—+00 I —|— 1
@ —1. 1. ©7. © +oo.
2 1) 2)°
©6u 13, Tinh lim L2 11 (2 +2)
nl” +1
@) —c. +00. © 16. O 1.
©6u 14. Tinh lim V229~
1 r—3 4 — 41’ + 3
©au 15. Tinh lim 211
r—3- T —
@) —oc. 2. © 0 O +
2
©au 16. Tinh lim —-_ 30+ 1
N2 —n+2 5
@ 1. +00. —. —00.
32" — 3" ’
€au 17. Tinh im ——
2.2n J{ 3-3n
@ +00. _5' —00. @ 1.
x2—4
, khi 2 ,
€au 18.Cho ham so f () = = —2 le7 Ham s6 da cho lién
m khi z = 2.
tuc tai =, = 2 khi m bang
® 1. —4. 2 © 1. © 4.
©au19. Tinh lim © >~ *1
1 r——1 20° + 1 1
® 5- —2. ©2. ~5
©au 20. Tinh lim ~X 1
4 x—1 9 —5 1
® = T ©o. © —1.
e~ X y i =0 X = B 1 \\
THPT QUOC ¢ THAY EAO FHANH RPHUC \
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Chuong 4. GIOI HAN % Cao T hank Phic 4T )
N—"

22 —4x+3

1 1Y
@—. Q—g. © —1. © 1.
@cu 22.Tinh lim (\/ 2 +x+10 — x)

T—>+00

® +oo. ® . ©o. ®

€au 23. Tim ménh dé sai trong cac ménh dé sau

€au 21. Tinh lim
r—3

@ lim 22 = +oo. lim 23 = —c0.
©11m2:13—+ ©® lim 2% = +oo.

T——00 T——00
€au 24. Cho mgrfoo f(x)=2; xl_lgloog (r) = —oo hoi IEI&O [f(z)-g(z)]

bang bao nhiéu trong cac gia tri sau

@ +oo. 300. © 20. © —oo.

@6u 25. Cho ham s6 f (z) = 20 , cac ménh dé sau, ménh dé nao
sai ?

(@ Ham s6 lién tuc tai = = 3. Ham sb lién tuc tai = = 2.

(© Ham s6 lién tuc tai = = 1. @) Ham s6 lién tuc tai = = 4.

“ A s L s 17
€au 26. Day so nao sau c6 gidi han bang ? ?

n? —2n —2n
®un_5n+3n2 ‘un— —&53712
@ 1—2n? @

U S 3ne T 5n+3n2

2
~ & A1 X —1
@au 27. Gidi han cta day so sau diy bang bao nhiéu lim n

® 1. ® -1 ©o. © 202.2

©Gu 28.Gi6i han clia diy s6 sau day bang bao nhiéu
ontl _3.57 43

3.9n 4740

@ —1. ® 1. © —cc. ©) +oo.

©3u 29.Giéi han ctla ham sb6 sau day bang bao nhiéu
. 2?4+ 2x—15

im —M—

x—3 r—3

® oo ®2. ©— ®s.

€au 30. Trong cac ham sb sau, ham s6 ndo lién tuc trén R ?

@f ) = 22— 30 ‘f 3x+15
72
©f _m+3 ®f$ T

@©aGu 31. Cho ham s6 f (z) = 2° + 2 — 1. Xét phuong trinh
f(z)=0 ¢)

, trong cic ménh dé sau, tim ménh dé sai ?

@ (1) c6 nghiém trén khoang (—1;1).

(1) c6 nghiém trén khoang (0; 1).

© (1) ¢6 nghiém trén R.

(D) V6 nghiém.

€au 32. Trong bdn gi6i han sau d4y, gi6i han nao bing 0 ?

lim

// Nerver put off till tomorrow what you can do today!
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(48 ) % Bai 5. HAM SO LIEN TUC
—

n?—n-+1 n* —3n+ 2
1 . li
@lim =" My
©1 nd+2n —1 @1 2n? — 3n
. m ————--—-
n —2n? n® + 3n
©au 33. Trong bén gi6i han sau d4y, giéi han nao 12 0 ?
2" +1 2" —I— 3
@ hm — ‘ hm
1—n3 2n+1)(n—3)2
li . li .
©1mn2+2n . @lm . n—2n3
€au 34. Trong cac ménh dé sau day, ménh df: nao sai ?
—2
@ lim (2n — 3n2) = —o00. limrll 3 Z = +o00.
— on
1—n? n? — 3n? 3
1 . lim ———— = ——.
©lmn2—|—2n e @1m2n3+5n 2 2
Eau 35 V6i k 14 sb nguyén duong, ¢ 1a hing sb. Két qua cuta giéi han
lim —k la
r——+oo I

® k. ® +oc. ©o. ®) —oc.

©au 36. Trong bén gi6i han sau d4y, gi6i han ndo 1a —1 ?

@1 \/1—:15—1 ‘ I r—1
xgr(l) T x%lmoow/ _1
a:—i—l—\/:c—i—?) . 2r —1
@1 . @hm 5
z—1 2 1 :B—}l(x_l)

€au 37. Trong bdn gi6i han sau day, gi6i han nao 1a ) ?

2n+3 n?+n
li . (B) li
® 1m?—?m ®lim— —5 2n—5n2
1 . 1
©1mn2+3 @1m2n3+1
€au 38.V6i k 14 sb nguyén duong. Két qua cta giéi han lim 2% la

T—rT0

@ +oc. ® —oc. @O © 5.

€du 39. Trong bbn gi6i han sau day, gi6i han nao bang —17?

@ lim 20 — 3 ‘ lim 2% —4
T 00\/ —x =2 /(224 1) (2 —z)
3 —1 , V8+2x —2
© lim —— @ lim I —
e+ 22 — 1 z—(=2)* \/SB + 2
@au 40. Trong bbn gi6i han sau day, gi6i han nao bang +oo ?
! —3r+4 1, 3x+4
m ———. 1m
z—2+ a:S— 2 4 T—2- :E3 2 4
© lim L @ lim i

xr——+00 I—Z Nx—>700 [L‘—2
©au 41.V6i k 13 sb nguyén duong chin. Két qua cta giéi han lim z*

T—r—00

la
@ . ‘0 © +x. @ —00.

Eau 42. G101 han ctia ham s6 nao duéi day co két qua bang 1 ?

4 3 3 2
® lim e +dr+3 ® lim e +3r+2
e——1 _x+1 z—-1 x+1
© lim e +3r+2 ® lim L3 H2

r——1 1—2 r——2 .z + 2
€au 43. Tim ménh dé ding trong cic ménh dé sau

\

LUYEN THI THPT QUOC GIA EUNG THAY

EAO THANH PHUC '\
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O B oo 7ens Paie { 49 )

. Vo—x—-2 3 . T—3r—2 1
@hm—:—. hm—:——.

z—1 \/m_l 2 T—2 12 —4 16

/x — 1 1—v 1 1

@Hmuz——. @lim\/x—i_ vt = —.

=1 2 —1 12 z—0 X 6

1 1 1

€Gadu44.Tinhlim | —+ —+ -+ ——

u n 1m[1‘2+2.3+ +n(n+1)

3
® 1. ® 0. ©§. © 2.
, 2 1 1 1

@6u45.TlnhtongS:1+§+§+ﬁ+-~

1 3
@5. ® L ©§. © 2.
©au 46. Tim m d€ ham s6 f () = 2 + /= — m? lién tuc tai = = 4.
®-2<m<2. ® -2<m<2.
©m>2. ©m< -2

2 _
L khiz #£0

©au 47.Cho ham sb f(z) = . Tim a d€ ham sb
a®>—2khiz =0

lién tuc trén R.

®a=-1;a=2. ®a=-1;a=-2.
@azl;a:—Z. ®a=1;a=2.
. vV —2+3khiz >2 .
©du 48.Cho ham so f (z) = , ~ . Chon két luan
b—xkhiz <2
sai.
@ f (z) lién tuc tai v = 2. f (z) lién tuc trén [2; +00).
© f (v) khong lién tuctrén R.  ®) f () lién tuc trén (—o0; 2).
-1
. khi 1 . .
©au 49.Cho ham s0 f (z) = { 22 — 2 r7 . Tim m dé ham so bi

1+ mkhiz=1
gian doa{l tai x = 1.
@m#a ® m # ©m # 1. ©®m=

3
(m2—|—1%x3—43:2+5

N | —

©Gu 50. Biét lim —L,(meR). Timmdé L >

1 T—+00 213 +m
@ m > 1. ® -1<m<1.
© m > 1 hodicm < —1. ©m> 1.
@, Bai tip w&m)

n?—2n+1

Baé tgp /1. Tinh lim T ———"——

—"

Nerver put off till tomorrow what you can do today!


https://www.facebook.com/caothanhphucteacher
https://www.facebook.com/caothanhphucteacher

Bai 5. HAM SO LIEN TUC

1-3"
Bt tép 72. Tinh lim ————
al Uep A L ==
Bailam
N4 7 2 - 3 2
Bal tép /3. Tinh lim%
x p—

Bai lam

213 — 2 — 1
23 — 472 + 52 — 2

Bié thp 7#. Tinh lim

Bai lam

Dip 56 .
2

- e 1
Pap s6: ——
4

Pap 6 1
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Chuong 4. GIOI HAN & Cao 7 hant Phie { 51 )
N—"

Bap s6: 2
Baé thp /5. Tinh lir}ra (va +x+3-— x)
T—+00
Bai lam
- £ 1
@ﬁp So: 5

Baé thp 76. Chiing minh rang phuong trinh 42 + 22> — z — 3 = 0 ¢6 it nhat hai nghiém thudc
(—1;1).

Bai lam

// Nerver put off till tomorrow what you can do today!
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(52O
\—

Bal thp /7. Xac dinh cac gia tri cia tham s6 m dé ham sb f (z) = {

tuc tai z = 2.

Bai lam

x2 — 7z + 10

T — 2

—2m —1khiz =2

khi z # 2

lién

\ DAP AN BAI 5

[1A]| [2C | |3.C]

4.D

[5C | | 6B |

7.A

| 8B |

9.C

[10.A |

l11.C| |12.8] [13.c]| [14.A]| [15.D] |16.C| |17B| |18.D]| [19.B| |[20.B ]

[21B| [22.D| [23.D]| [24D]| [25.C| [26.D| |[27.D| [28.C| [29.C| [30.A]

[31.D] [32.D] [33.A]

34.B

[35.C| | 36.B |

37.D

[38.D |

39.A

40.B

l41.C| [42B| [43.C| [44A]| [45.C| [46.C| [47.C| |48.C| |[49.A] [50.C]|

THPT QUAC (

AY EAO THANH PHUC

\

\
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