TAI LIEU TONG ON TAP TNTHPT 2020

HE TRUC TOA PO TRONG KHONG GIAN & MAT CAU

A. HE TRUC TOA PO TRONG KHONG GIAN

5 . HE truc toa d¢ Oxyz:

H¢ truc gom ba truc Ox, Oy, Oz d6i mot vuong goéc nhau.
k= (0:0:; 1) Truc Ox: truc hoanh, c6 vecto don vi i= (1;0;0).
Truc Oy : truc tung, c6 vecto don vi } =(0;1;0).
: .| Tryc Oz: truc cao, c6 vecto don vi k = (0;0;1).
e = ”‘“";] Piém 0(0;0;0) 1a g toa do.
y .‘fID: o . il‘(_)a do vecto: Yecto u=xi+ y}' +zk o u= (x;3;2)|.

a=(a;a,;a,), b=(b;b,;b;). Ta co:

atb=(a,th; a,xb,); a,£b,) a cung phuong

ka = (ka; ka,; ka,) b<a=kb (keR)
a, =b, a, = kb,

- - a _a, 4

a=b & azzbz = a2:kb2<:>_:b_:b_’ (bl’bz’b3¢0)'
a, = b, ay = kb, 1 ’ ’

— —|2

ab=a.b +a,b +a.b, | ldl= \Ja’ +a} +a’ | a’ =‘a‘ =a +a; +a;

- - o S ab ab +a,b,+ab

albsab=0sab +ab,+ab, =0 cos(d, b) = =

lal.Ib| a’ +aZ+aibl+b:+b:
1 2 3 1 2 3

L Toa d9 diém: | M (x; y; 2) & OM = (x;3;2)|. Cho A(x,; ¥,5 2,) s B(xy3 ¥y 25) s C(Xe3ye3ze), tacod:

AB=(x3—X;; V5 — Y4525 —24) AB = \/(xB _xA)2 +(g _yA)2 +(z, _ZA)2
Toa d0 trung diém M cua doan théng AB: Toa d0 trong tdm G cua tam giac ABC:
M(xA X Vat Vs Z4 +ZB) G(‘XA tXp+ X Vit VT Ve 2,12 +ch
2 7 2 72 3 ’ 3 ’ 3
QUY TAC CHIEU PAC BIET

Chiéu diém trén truc toa do Chiéu diém trén mit phing toa do
Diem M (x,35,320) —Gia rgupensr My (4,3050) Diem M (35,320 —Gin ngmsenny My 359350)
Diem M (35,52, )Gz rguginar M3 (0:7,,30) Diem M(x,39,32, )G i M5 (033y,52,,)
Diém M(xM;yM;zM)%MJO;O;zM) Diém M(xM;yM;zM)%Mg(xM;O;ZM)

6i xirng diém qua truc toa dd 6i xirng diém qua mi ang toa do

bo g diém qua truc toa d{ b g diém q at phang toa dg
M(x,;y, 2, ) —m—D0ising qua Ox M (x ;—y, ;—2
M’ M>TM (Git nguyén x; doi ddu y,z) 1 "M M’ M

M(xM;yM;ZM) <Giw2§i§§5§,iﬁ£3@’u 2) Ml(xM;yM;_ZM)
M(xM;yM;ZM) (Gidri)gﬁzyzirﬁg;?gii x,2) Mz(_xM;yM;_ZM M(xM;yM;ZM) <Giw€§i;;znf,(z)?;£?ﬁu ) Mz (xM;_yM;ZM)
M(xM yYurZu ) <Giw€;i;;zn§,2?;£3§@’u x) M3 (_xM 3V %M )
M(xM;yM;ZM) (Gilir?gii afztngngqu; ) M3(_xM;_yM;ZM
yéen z; doi ddu x,y

Facebook N guyén Vwong® https://www.facebook.com/phong.baovuong Trang 1




NGUYEN BAO VUONG - 0946798489

4. Tich c6 hwéng cua hai vecto:

< Pinh nghia: Cho a= (a, a,, a), b= (b, by, b3) , tich ¢6 huéng cua a va b la:

[a b] [ b2 b b3 Zl 2 Z Jz (a2b3 —ab,;a,b, —ab,;ab, —azbl).
‘ETmnehde  [@hla @hih o [[ab]|-ldlelsin(@E)
Diéu kién cling phwong cta hai vecto a &b 1a J Diéu kién ddng phing cua ba vecto a, b va ¢ 1a
[a,5]=0 véi 0=(0;0;0). [ Ble=0,
J Dién tich tam gidc ABC:
Dién tich hinh binh hanh 4BCD: S, =|[ 4B, 4D ]|  Suuc :_‘[ 48, 4c]|
Thé tich khéi hop: 7,0 s = \[E, AD).44 \ J Thé tich ti dién: V., = %‘[ZE,ZE].@‘ :

CAU HOI CUNG MU'C PQ PE MINH HQOA

Ciu 1. Trong khong gian Oxyz, hinh chiéu vudng goc cua diém M (2;—2;1) trén mit phing (Oxy) co

toa do la
A. (2;0:1). B. (2;-2:0). C. (0;-2;1). D. (0;0;1).

Cau 2. Trong khoéng gian Oxyz, cho céac vecto Zz=(1;0;3) va l;=(—2;2;5). Tich v6 hudng Zz.(Zz+l;)
bﬁng
A. 25. B. 23. C. 27. D. 29.

Ciu 3. Trong khong gian Oxyz, hinh chiéu vuong goc cua diém M (2;1;—1) trén mat phang (Ozx) co
toa do la
A. (0;1;0). B. (2;1;0). C. (0;1;-1). D. (2;0;-1).

Caud. Trongkhong gian Oxyz , hinh chiéu vudng géc cia diém M (2;1;—1) trén truc Oy c6 toa do 1a
A. (0;0;-1). B. (2;0;-1). C. (0;1;0). D. (2;0;0).

Ciu 5. Trong khong gian Oxyz , hinh chiéu vudng goc ciia diém M (3;—1;1) trén truc Oz c6 toa do 1a
A. (3;0;0). B. (3;-1,0). C. (0;0;1). D. (0;-1;0).

Ciu 6. Trong khong gian Oxyz , hinh chiéu vuéng goc cua diém M (3; I; —1) trén truc Oy ¢6 toa do la
A. (0;1;0). B. (3;0;0). C. (0;0;-1). D. (3;0;—1).

Cau7. Trong khong gian Oxyz , cho hai diém A(L;1;-1) va B(2;3;2). Vécto AB c6toa do la
A. (1;2;3). B. (—1;—2;3). C. (3;5;1). D. (3;4;1).

Ciu 8. Trong khong gian Oxyz, cho hai diém A(2;-4;3) va B(2;2;7). Trung diém cua doan 4B cb toa
do la
A. (1;3;2). B. (2;6;4). C. (2-15). D. (4;-2;10).

Cau 9. Trong khong gian véi hé toa d0 Oxyz, cho hai diém A(3;—2;3) va B(—l; 2;5). Tim toa do trung
diém I cua doan thang AB .
A. I(—2;2;1). B. 1(1;0;4). C. 1(2; 0;8). D. 1(2;—2;—1).
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

TAI LIEU TONG ON TAP TNTHPT 2020
Trong khong gian vai hé truc toa d0 Oxyz, cho hai diém A(l; 2;—1), Bva @(1;3;1) . Xac dinh
toa do B
A. (2;50). B. (0;-1,-2). C. (0;1;2). D. (-2;,-5;0).
Trong khong gian véi hé toa dd Oxyz, cho hai véc-to a = (3;2;1),13 =(-2;0;1). Do dai cua véc-to
a+b bang
Al B. 3. c.\2. D.2.
Trong khong gian véi hé truc toa d0 Oxyz, cho ba diém A(O;2;5),B(—2;0;1),C(S;—8;6). Tim
toa d0 trong tdm diém G cua tam giac ABC.
A. G(1;-2;-4). B. G(-1;2;-4). C. G(L;-2:4). D. G(3;-6;12).
Cho a=(2:1;3), b=(4;-3;5) va ¢ =(-2;4;6). Toa do clia véc to u=a+2h—c la
A. (10;9;6). B. (12,-9;7). C. (10;-9;6). D. (12;-9;6).

Trong khong gian Oxyz, cho hai vecto a,b thoa ‘5‘:2\/5, ‘E‘:3 va (a,b)=30°. Do dai vecto

3a-2b bang
A. 9. B. 1. C.6. D. 54.
Trong khong gian voi hé toa do Oxyz cho diém A(1;1;2) va B(3;4;5). Toa do vecto AB 1a
A. (4;5;3). B. (2;3;3). C. (—2;—3;3). D. (2;—3;—3).
Trong khong gian Oxyz, cho d=(-3;4;0) va b =(5;0;12). Césin cta goc giita d va b bing
A.i. B.é. C. —2. D. —i.
13 6 6 13
Trong khong gian voi hé toa dd Oxyz, cho vecto i =(3;0;1) va v=(2;1;0). Tinh tich v6
huéng u.v ?
A.uv=8. B. iv=6. C.uv=0. D. uv=-06.
Cho diém M (1;2;-3). Hinh chiéu vudng goc ciia diém M trén mat phang (Oxy) la diém
A. M '(1,0;,-3). B. M '(0;2;-3). C. M'(1;2;0). D. M '(1;2;3).

Trong khong gian v6i hé toa dd Oxyz cho diém A(=3;1;2). Toa do diém 4~ d6i xtmg voi diém A
qua tryc Oy la
A. (3;—-1;-2). B. (3;-1;2). C. (3;1;-2). D. (-3;-1;2).

Cho hai véc to a = (1;—2;3),5 =(-2;1;2). Khi d6 tich v huéng (a +B)B béng
A.12. B. 2. C.11. D. 10.
Trong khong gian Oxyz, cho d = (1;2;1) va b= (—1;3;0). Vecto ¢ =2d+b cb toa dod la

A. (7:2). B. (1;5:2). C. (37:2). D. (1;7:3).

Trong khong gian Oxyz, cho diém A(4;2;-1). Hinh chiéu vudng goc ctia diém 4 lén truc Ox la
diém

A. M(0;2;-1). B. M (—4;0;0). C. M (4;0;0). D. M(4;-2;1).

Trong khong gian Oxyz , hinh chiéu vudéng goc cua A(2;3;1) 1én truc toa dd x'Ox 1a

A. 0(-2;0;0). B. R(0;0;1). C. 5(0;3;1). D. P(2;0;0).

Trong khong gian véi hé toa dd Oxyz, cho cac diem 4(3;-4;0), B(-L13), C(3,1,0). Tim toa
dd diém D trén truc hoanh sao cho AD = BC.
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Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

A. D(-2;1;0), D(—4;0;0) B. D(0;0;0), D(-6;0;0)

C. D(6;0;0),D(12;0;0) D. D(0;0;0), D(6;0;0)

Trong khong gian v&i hé toa d6 Oxyz, cho hai diém A(—2;3;1) va B(S; 6; 2). Puong thang

AB cat mit phang (Oxz) tai diém M . Tinh ti s& ;—AA;[
AM 1 5 AM _ AM

AM 1 AV, .M 1 :
BM 2 BM 3 BM

—

" BM
Trong khong gian véi hé truc toa do Oxyz, cho hai vecto ;: (2; 1;0) va b= (—1; 0; —2). Tinh
COS(;,E).

A. cos (;,E) = —% B. cos (Z,Z;) = —% C. cos(;,g) = % D. cos(;,g) =§

Trong khong gian voi hé toa do Oxyz cho ba diémM(2;3;—l) , N(—l;l;l) va P(l;m—l;Z). Tim
m dé tam giac MNP vudng tai N .

A. m=-6. B. m=0, C. m=-4, D. m=2,

Trong khéng gian Oxyz , cho hinh binh hanh ABCD . Biét A(1;0;1), B(2:1;2) va D(1;-1;1), toa
do diém C la:

A. (2;0;2). B. (2:2;2). C. (2-2:2). D. (0;-2;0).

Trong khong gian v&i hé toa do Oxyz, cho cac vecto a= (2;m—1;3),l; = (1;3;—2n). Tim m,n
dé cac vec to ZI,Z; cung hudng.

A.m=7;n=—%. B. m=4;,n=-3. C.m=2n=0. D.m=7;n=—§.

Trong khong gian véi hé toa dd Oxyz , cho vecto u = (1;1;—2),\: =(1;0;m). Tim tat ca gia tri clia
m dé goc giita hai vecto u,v bang 45°.

A m=2. B. m=2++6. C. m=2-+6. D. m=2+/6.

Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D’ biét A(l;O;l), B(2;1;2), D(l;—l;l),
C'(4;5;-5). Toa do ctia dinh A4’ 1a

A. A'=(4;5,-6). B. A'=(3;4;-1). C. A'=(3;5;-6). D. 4'=(3;5;6).

Trong khong gian v6i hé toa 40 Oxyz, cho hai diém A(—Z; 2;—2); B (3;—3;3). Piém M trong

khéng gian théa man % = % Khi d6 d6 dai OM 16n nhét bang

A. 63 B. 124/3. C.5/3. D.ﬂ.

2

Trong khong gian vdi hé toa d§0 Oxyz, cho ba diém A(—2;3;1) , B(Z;I;O) , C(—3;—l;1) . Tim tét
ca cac diém D sao cho ABCD la hinh thang c6 ddy 4D va dién tich tir gidc ABCD bang 3 lan
dién tich tam giac ABC .
B D(—8;—7;1) D(8;7;—1)

| D(1251,-3) D(-12;-1;3)
Trong khong gian Oxyz, cho bon diém A(l;—Z;O), B(I;O;—l) va C(O;—I;Z), D(O;m;k). Hé
thirc gitta m va k dé bon diém 4,B,C, D ddng phang la:
A. 2m—-3k=0. B. m+2k=3. C. m+k=1. D. 2m+k=0.

A. D(-12;-1;3). C. D(&7;-1).

Trong khong gian v6i hé toa @ Oxyz , hinh chiéu cua diém M (1;-3;-5) trén mat phing (Oyz)
cotoaddla
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Cau 36.

Cau 37.

Cau 38.

TAI LIEU TONG ON TAP TNTHPT 2020

A. (0,-3;5). B. (0:-3;0). c. (5-30). D. (0;-3;-5).

Trong khong gian Oxyz, cho hai diém 4 (-2:4:1) va B(4;5;2). Diém ¢ théa man OC=BA cb
toa dd la

A. (=6,-1,-1). B. (-2,-9,-3). C. (6,1,1). D. (2,9,3).

Trong khong gian véi hé toa d0 Oxyz cho cac véc to u= 2?—2;' +k, ;z(m;2;m+1) vol m la
tham sb thuc. Co bao nhiéu gia tri ctia m dé M = M .

A. 0. B. 1. C.2. D. 3.

Trong khong gian véi h¢ toa do Oxyz cho M (~1;2;3) va N(1;0;2). Tim toa do diém P thoa
man MN =2.PM ?

A. P(-2:3;7). B. P(-4:6:7). C. P(—2;3;gj. D. P(—z;-3;%).

B. PHUONG TRINH MAT CAU

o Mt cau tam 1(a;b;c) va c6 ban kinh R c6 phwong trinh (S): (z — a)* + (y — b)* + (z — ¢)* = R%.

o Phuong trinh z* + 4> + 2> —2az —2by —2cz +d =0 véi a* +b° +c* —d >0
la phirong trinh ciia mdt cau cé tam I(a;b;c) va ban kinh R = \/@2 +b +c —d.

o Dé mot phwong trinh la mot phwong trinh mdt cau, can théa mén hai diéu kién:
Hé s6 truée *, y?, 2* phdi bang nhauva a® +b* + ¢ —d > 0.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

B1. XAC PINH TAM VA BAN KiNH
Trong khéng gian Oxyz, cho mit cdu (S) :(x—l)2 +(y + 2)2 +(z —3)2 =16. Tam cua (S) cé toa
dola
A. (—1;—2;—3). B. (1;2;3). C. (—1;2;—3). D. (1;—2;3).
Trong khong gian Oxyz, cho mit cau (S):(x—Z)2 +(y+4)2 +(z—1)2 =9. Tam cua (S) c6 toa
dola
A (-2:4-1). B. (2;-4:1). C. (241). D. (-2;-4;-1).
Trong khong gian Oxyz , cho mit cau (S):(x+3)2 +(y+1)2 +(Z—1)2 =2. Tam cta (S) co toa
dola
A (35-1) B. (3;-L1) C. (-3-11) D. (-3;5;-1)
Trong khong gian hé toa d0 Oxyz, tim tit ca cac gia tri cia m dé phuong trinh
x* +y* +2z° —=2x -2y —4z+m=0 la phuong trinh clia mot m3t cau.
A. m<6 B. m>6 C. m<6 D. m>6
Trong khong gian voi hé¢ toa d0 Oxyz, cho mat cau (S): (x—5)2 +(y—1)2 +(z+2)2 =9. Tinh
béan kinh R cua (S).
A. R=3 B. R=18 C. R=9 D. R=6
Trong khong gian v&i hé toa dd Oxyz, cho mit cau (S):(x+1)2 +(y—2)2 +(z—1)2 =9 .Tim toa
d0 tam [ va tinh ban kinh R cua (S )
A. I(—l;2;1) va R=3 B. I(l;—2;—1) va R=3CI(—1;2;1) va R=9D I(l;—2;—1) va R=9
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Cau 45.

Trong khong gian Oxyz , cho mit cau (S):(x—2)2 +(y—3)2 +(z+1)2 =25.Toadd thm I va ban

kinh R cua mit cau (S )121

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

@ Dang 1. Co bén (S) : {

A. 1(2;3;—1);R=25. B.I(—2,—3;1);R=25.C. I(23;—1);R=5. D. [(—2;—3;1);R=5.
Trong khong gian voi hé toa d6 Oxyz phuong trinh nao sau day khong phai la phuong trinh cia
mot mat cau?

A x>+ 4+ +x-2y+4z-3=0. B. 2x* +2)y° +2z° —x—y—-z=0.

C.2x*+2y* +22° +4x+8y+6z+3=0. D. x*+y*+z° -2x+4y—-4z+10=0.

Trong khong gian véi hé toa do Oxyz , cho mit cau (S):(x—3)2 +(y+1)2 +(z+2)2 =8. Khi do6
tam 7 va ban kinh R ctia mit cau 1a

A. I(3;-1;-2),R=22. B. [(-3;1;2),R=2V2.

C. I(—3;1;2),R=4. D. I(3;—1;—2),R=4.

Trong khong gian véi hé toa dd Oxyz cho (S): x> +y* +2z° —2x+4y—-4z-25=0. Tim tm / va
ban kinh R ctia mit cau (S).

A. I(-2;4;-4);R=+/29. B. 1(-1;2;-2);R=5.
C. 1(1;-2;2);R=+/34. D. 1(1;-2;2);R=6.

Trong khong gian véi hé toa dd Oxyz, cho mit cau (S):x*+* +2z° —8x+10y—6z+49=0.Tinh
ban kinh R cta mait cau (S)

A. R=+/151. B. R=+/99. C.R=1. D. R=7.

Trong khong gian Oxyz, cho mit cau (S) :x*+y° +2° -2y +2z-7=0. Ban kinh ctia mit cau da
cho bang

A.9. B.3. C. 15, D. V7.

Trong khong gian Oxyz , cho mit cau (S) x4+’ +2° +2x—22z—7=0. Ban kinh cia mit cau

da cho bang
A NT. B. 9. C.3. D. 5.
Trong khong gian Oxyz, c6 tit ca bao nhiéu gia tri nguyén cua m dé phuong trinh:
x* + 2+ 22 +4mx +2my —2mz +9m* —28 =0 1a phuwong trinh ctia mat cau?
A. 7. B. 8. C.9. D. 6.
Trong khong gian vdi hé toa do Oxyz, cho diém A(1;a;1) va mat cau (S) c6 phuong trinh
X'+ +22—2y+4z-9=0. Tap cac gia tri cia @ dé diém 4 nam trong khdi cau la
A. (-3;1). B. (-1;3). C. (-o;-1)U(3;+ ). D. [-1;3].

B2. VIET PHUONG TRiINH MAT CAU
o Tam I(a;b;c)
« BK:R

= (9):|(x—a)’ +(y—>b) + (2 —c) = R*|

@ Dang 2. Viét phwong trinh mit cau (S) cé tim I va di qua diém A.

Phuong phdp: (S) : {

Phuong phdp: (S) :

e Tdm I

. BK:R— 4 Wms D

® Dang 3. Viét phwong trinh mt cau (S) c6 dwong kinh AB, véi A, B cho trudc.

o Tam I la trung diém ciia AB.

. BK:R:%AB

@ Dang 4. Viét phwong trinh mit ciu (S) cotim I va tiép xiic véi cdc truc va mp toa d.
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o Tdm I
Ehwomg phip: () [- BK :R=1IM v&i M 1a hinh chiéu cia T 1én truc hodc mp toa
® Dang 5. Viét phwong trinh mt cau (S) cé tim I va tiép xiic véi mét phang (P).
) o Tam I
Plucong phdp: (S) { BK : R=d[I;(P)]

o Khoang cdch tir diém M(z,;y,,32,) dén mat phang (P): ax + by + cz +d = 0 dwoc xdc dinh

axr, +by, +cz, + d‘
\/ a’ + b+
® Dang 6. Viét phwong trinh mdt cau (S) di qua bon diéem A, B, C, D.

béi cong thirc: |d(M;(P)) = ‘

Phuong phdp: Goi (S): z° + y* + 2* — 2az — 2by —2cz +d = 0

Vi A, B, C, D€ (S) nén tim duoc 4 phuong trinh = a, b, ¢, d = (5).

@ Dang 7. Viét phwong trinh mt cau (S) di qua 3 diem A, B, C va tim thugc mp (P).

Phuong phdp: Goi (S): z° + y* + 2* — 2az — 2by —2cz +d = 0

Vi A, B, C €(S) nén tim duwoc 3 phwong trinh va 1(a;b;c) € (P) la phwong trinh thir tu.

Gidi hé bon phuong trinh nay = a, b, ¢, d = (S).

Dang 8. Viét phwong trinh mit cau (S) cé taim I va cit mit phiang (P) theo giao tuyén la mot
dwong tron co bdan kinh 1.

2

Phuwong phdp: Dya vao moi lién hé |R* = d° .+ r°| va can nhé C = 2nr va S, = wr’.

Ciu 54. Trong khong gian Oxyz , cho mit cau (S) cotam 7(0;0;-3) vadiqua diém M (4;0;0).
Phuong trinh cua (S) 1a
A X+ y +(z+3) =25 B. x’+y* +(z+3) =5.
C. x*+)y*+(z-3)" =25. D. x*+)*+(z-3) =5.
Ciu 55. Trong khong gian Oxyz, cho hai diém 1 (I;1;1) va A(1;2;3). Phuong trinh ciia mat clu c6 tam [
va di qua diém A4 1a
A (x+1) +(y+1) +(z+1)" =29. B. (x—1)" +(y-1) +(z-1)" =5.
C. (x=1)"+(y=1) +(z-1) =25. D. (x+1) +(y+1)" +(z+1)" =5.
Ciu 56. Trong khong gian véi hé tryc toa do Oxyz, cho hai diém A(1;2;3), B(5;4;—1). Phuong trinh mat
cau duong kinh 4B 1a
A. (x=3) +(y=3)" +(2-1)" =9. B. (x-3) +(y-3)" +(z-1)" =6.
C. (x+3) +(y+3) +(z+1)" =9. D. (x-3) +(y-3) +(z—1)" =36.
Céu 57. Trong khong gian Oxyz cho diém 7(2;3;4) va 4 (1;2;3). Phuong trinh mit cdu tim I va di qua A
c6 phuong trinh la:

A. (x+2)2+(y+3) +(z+4)* =3. B. (x+2) +(y+3) +(z+4) =9.

C. (x=2)*+(y-3) +(z-4) =45. D. (x-2)*+(y-3) +(z-4)" =3.
Ciu 58. Trong khong gian toa dd Oxyz, mit cau tim / (1;2;3), ¢6 ban kinh 3 c6 phuong trinh la

Ao (x=1)" +(y-2) +(z-3)" =9. B. (x+1) +(y+2) +(z+3)" =9.

C. (x+1)2+(y+2)2+(z+3)2 =3. D. (x—l)2 +(y—2)2 +(z—3)2 =3.

Facebook N guyén Vuong<® https://www.facebook.com/phong.baovuongTrang 7




NGUYEN BAO VUONG - 0946798489

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Trong khong gian Oxyz, cho hai diém A(I;O;Z), B (—1;2;—4). Phuong trinh mat cAu duong
kinh 4B la

A+ (y=1) +(z+1)" = 44. B. X’ +(y—1) +(z+1)" =11.

C. X +(y+1) +(z-1) =44, D. X’ +(y+1) +(z-1) =11

Trong khong gian véi hé toa do Oxyz , cho diém M (1; —2;3). Goi I 1a hinh chiéu vudéng goc ciia
M trén tryc Ox . Phuong trinh nao dudi day 1a phuong trinh mat cau tAm I ban kinh IM ?

A. (x—1)2+y2+22:\/ﬁ B. (x—1)2+y2+22:13

C. (x+1)2+y2+22:17 D. (x+1)2+y2+22:13

Trong khong gian véi hé truc toa do Oxyz, phuong trinh nao dudi day la phuong trinh mat cau di
qua ba diém M(2;3;3), N(2-L-1), P(-2-L3) va c6 tdm thudc mit phang
(a):2x+3y—z+2=0.

A X +y +2°=2x+2y-2z-10=0 B. X’ +y +2° —4x+2y—62z-2=0

C. X +y +2° +4x-2y+62z+2=0 D. X’ +y +2° -2x+2y—-2z-2=0

Trong khong gian véi hé toa do Oxyz , phuong trinh nao dudi day 1a phuong trinh mat cau cé tam
1(1;2;—1) va tiép xtic voi mat phang (P) ix—=2y—-2z-8=07?

A (x+1) +(y+2) +(z-1)" =3 B. (x—1) +(y=-2) +(z+1)" =3

C. (x=1) +(y=2) +(z+1) =9 D. (x+1) +(y+2) +(z-1)" =9

Trong khong gian véi hé toa d0 Oxyz, cho mat cau (S ) co tam/ (2;1;1) va mat
phéng(P) :2x+ y+2z+2=0. Biét mit phang (P) cit mit cdu (S) theo giao tuyén 1a mot dudng
tron ¢6 ban kinh bang 1. Viét phuong trinh ctia mat cau (S )

A (S):(x+2) +(y+1) +(z+1)° =8 B. (8):(x+2)" +(y+1)° +(z+1)° =10

C. (S):(x=2)* +(y=1) +(z-1)* =8 D. (8):(x=2) +(y-1) +(z=1)’ =10

Trong mit phang toa do (Oxy) , cho duong tron (S ) c6 tim / nam trén duong thang y = —x , ban

kinh R=3 va tiép xuc véi cac truc toa d9. Lap phuong trinh cta (S ) , biét hoanh d6 tam 7 1a sd

duong.
A. (x=3) +(y-3)" =9. B. (x—3) +(y+3)" =9.
C. (x=3) =(y-3)" =9. D. (x+3)" +(y+3) =9.

Trong khong gian voi hé truc toa dd Oxyz, cho mat cau c6 phuong trinh

(S):xz+y2+zz+2x—4y—6z+m—3=0. Tim sd thyc cia tham s6 m dé mat phang

(B):2x—y+2z-8=0 cit (S) theo mot duong tron c6 chu vi bing 87 .

A.m=-3. B. m=-1. C.m=-2. D. m=-4.

Trong khong gian Oxyz, phuwong trinh ciia mit cau co tim / (1;—2;—3)Vé1 tiép xtc voi mat

phéng(Oyz)lé

A. (x—1)2+(y+2)2+(z+3)2=9. - )2+(
+(

B. (x—1) +(y-2) +(z-3)" =1.
C.(x=1) +(y+2) +(z+3) =4. D. (x-1)’

y+2)2 +(z+3)2 =1.
Trong khong gian véi hé truc toa d6 Oxyz cho mit phing (a) c6 phuong trinh 2x+y—-z—-1=0
va mit cau (S) c6 phuong trinh (x—l)2 +(y —1)2 +(z+ 2)2 =4. Xac dinh ban kinh » cta duong

tron 1a giao tuyén cta mit phang () va mit cau (S).
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Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

TAI LIEU TONG ON TAP TNTHPT 2020

A.r:ﬂ. B.r:& C.r= 2\/_ D.r:&
3 3 3
Trong khoéng gian Oxyz, cho mit phang (P :X+2y-2z+3=0 va mit cau (S) cO tam

1 (0;—2;1) . Biét mat phang (P) cat mit cau (S ) theo giao tuyén 1a mot dudng tron c6 dién tich
27 . Mit cau (S ) c6 phuong trinh la

A+ (y+2) +(z+1) =2. B. x2+(y+2)2+(z—1)2:
C. x2+(y+2)2+(z+1)2=3. D. X +(y+2) +(z+1) =
Trong khong gian toa d0 Oxyz, cho mit cau (S):(x- 2)2+y +(z+1)2 =9 va mit phing

(P) :2x—y—2z-3=0. Biét mit cau (S) cat (P) theo giao tuyén 1a duong tron (C) Tinh ban
kinh r cua (C).

A r=24/2. B. r=+2. C.r=2. D. r=+5.

Trong khong gian véi hé toa do Oxyz, cho mit phing (P):x—2y+2z—2 =0 va diém
1 (—1; 2;—1). Viét phuong trinh mit cau (S ) c6 thm I va cit mit phang (P) theo giao tuyén 1a
dudng tron c6 ban kinh bang 5.

A (8):(x+1) +(y=2) +(z+1)" =25. B. (8):(x+1)" +(y—=2)" +(z+1)" =16.

C. (8):(x=1) +(y+2) +(z-1)" =34. D. (8):(x+1) +(y-2) +(z+1)" =34.

Trong khong gian Oxyz , mit cau tim I(1;2;-1) va cit mit phing (P):2x—-y+2z-1=0 theo
mot duong tron ¢ ban kinh bang N phuong trinh la

A. (x+1)2 +(y+2)2 +(z—1)2 =9. B. (x—l)2 +(y—2)2 +(z+1)2 =9.

C. (x+1)2 +(y+2) +(z—1)2 =3. D. (x—l)2 +(y—2)2 +(z+l)2 =3.

Trong khong gian Oxyz, viét phuong trinh mit cau tam /(—1;3;0)va tiép xtic voi mat phang
(P):2x—y+2z+11=0.

A. (x+1)2+(y—3)2+22=4. B. (x—1)2+(y+3)2+22=4.
C. (x+1) +(y-3) +27 =2. D. (x—1)2+(y+3)2+22=g.

Trong khong gian véi hé truc toa dd Oxyz, phuong trinh nao dudi day la phuong trinh ctia mat
cau c6 tim 1(3;1;0) va tiép xtic v6i mit phing (P):2x+2y—z+1=07?

A. (x+3)2+(y+1)2+22=3. B. (x+3)2+(y+1)2+22=9.
C. (x—3)2+(y—1)2+22:3. D. (x—3)2+(y—1)2+z2=9.

Trong khong gian véi hé toa d6 Oxyz , mit cau tam / (-2:9;-1), tiép xc v6i mat phing (Oxz)
c6 phuong trinh la

A. (x+2) +(y=9) +(z+1)" =81. B. (x+2) +(y=9) +(z+1)" =9.

C. (x=2) +(y+9) +(z-1)" =81. D. (x=2) +(y+9) +(z-1) =9.

Trong khong gian Oxyz, mit cu tim [ (1;-2;-3) va tiép xtc véi truc Oy c6 phuong trinh Ia
A (x=1) +(y+2) +(z+3) =4. B. (x+1) +(y-2) +(z-3) =4,

C. (x=1)" +(y+2) +(z+3)" =10. D. (x+1) +(y—2) +(z-3)" =14.
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Ciu 76. Trong khong gian Oxyz , tim phuong trinh mit cau (S) cotdm 1 (1;-4;2) vadién tich 647 .

A (x=1) +(y+4) +(z-2) =4, B. (x+1) +(y—4) +(z+2) =16,
C. (x+1) +(y—4) +(z+2)" =4. D. (x—1)" +(y+4) +(z-2)" =16.
---------------  § | DY |E———
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HE TRUC TOA BO TRONG KHONG GIAN & MAT CAU

A. HE TRUC TOA PO TRONG KHONG GIAN

. L HE truc toa do Oxyz:
Hg truc gom ba truc Ox, Oy, Oz d6i mot vudng goc nhau.
E=(0;0:1) Truc Ox: truc hoanh, c6 vecto don vi i= (1;0,0).
: Truc Oy : truc tung, c6 vecto don vi } =(0;1,0).
. | Truc Oz: truc cao, c6 vecto don vi k= (0;0;1).
O- ----- = (1:&)::][;] | Diém 0(0;0;0) 1a gbe toa dd.
Y }".'(0: o L Toa do vecto: Yecto u=xi+ y;' +zk < u=(x; V;2)|.
a=(a;ay;a,), b=(b;b,;b;). Ta co:

dth= (a,xb; a,tb); a, +b,) a cung phuong

ki = (ka,; kay; ka,) b<a=kb (keR)
4 bl & =Hb, a, a a

a=bh< a,=>b, < azzkb2<:>_1:b_2:b_3’ (by, by, by #0).
o =b, a, = kb, | p) 3

ab=a.b +a,b, +a,b, | lal=a} +ai +a | a’ =‘er =4 +a; +a;

ab ab, +a,b, + a,b,
allbl  \Ja2 + a2+ a2 \JB2 + b2+ 12

albsab=0<ab +ab,+ab,=0 cos(d, b) =

L Toa d9 diém: |M (x; y; z) = OM = (x;y;2)|. Cho A(x; ¥ z,) » B(xXy; ¥s3 25) » C(xp5032.), ta co:

E:()CB =X Vs~ Va3Z5—Z,)

AB = \/(xB _xA)2 +(ys _J’A)Z +(z; _ZA)2

Toa dd trung diém M cua doan théng AB:

M(xA+xB.yA+yB.ZA+ZB)‘
i )

Toa do trong tam G cua tam giac ABC:
G(XA +Xp+ X0 Y, Vst Ve _zA+zB+ij
3 ' 3 ’ 3 '

QUY TAC CHIEU PAC BIET

Chiéu diém trén truc toa do

Chiéu diém trén mit phang toa dd

< R . . Chiéu vao Ox -0
Dlem M(xM ’yM’ZM) (Giz nguyen x) Ml (xM ’0’0)
‘2 . . Chiéu vao Oy . .
Dlem M(xM ’yM ’ZM) (Giiz nguyény) MZ (O’yM ’0)

< R . . Chiéu vao Oz -0
Blem M(xM ’yM ’ZM) (Gi& nguyén z) MB(O’O’ZM)

- A . . Chiéu vao Oxy . .
biem M(x)55,32)) Gz nemin s g M1 (%335,,50)
M,(0;y,52,)

M,(x,;0;z,,)

LN . . Chiéu vao Oyz
Dlem M(xM ’yM ’ZM) (Giz nguyén y,z)
Chiéu vao Oxz

Blem M(xM;yM;ZM) (Gi@ nguyénx, z)

Poi xirng diem qua truc toa do

Poi xirng diém qua mit phing toa d

. . Dé6i xiing qua Ox o .-
M(xM ’yM ’ZM) (Gitt nguyén x; doi ddu y,z) Ml (xM ’ yM ? ZM
M(x . <z ) Déi xting qua Oy M (7x . <z

M ’yM M (Git nguyén y; doi ddu x,z) 2 M ’yM ’ M
M(x . -z ) Dé6i xiing qua Oz M (7x . <z
M ’yM M (Gi@t nguyén z; doi ddu x,y) 3 M’ yM M

. . Do xting qua Oxy . .
M(xM ’yM ’ZM) (Giit nguyén x,y; déi ddu z) Ml (xM ’yM ’ ZM)

. . Dé6i xiing qua Oxz . .
M(xM ’yM ’zM) (Giit nguyén x,z; doi ddu y) M2 (xM 9 yM ’zM)

. . Dé6i xiing qua Oyz . . .
M(xM ’yM ’ZM) (Giit nguyén y,z; doi ddu x) M3( xM’yM’ZM)
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4. Tich c6 hwéng cia hai vecto:

< Pinh nghia: Cho a= (a,,a,, a), b= (b, b,, b,), tich c6 hudng cta avab la:

I a a a a a a
[a,b:l = (bj bj 5 bj bll > bll bj j—(a2b3 —asb,;a.b, —aby;ab, —a,b )
@ Tinh chit: [2,5]La [a, 5] LB ~ [[@b]| =lall5l.sin(a,5)

Diéu kién cing phwong cita hai vecto a &b la J Diéu kién dong phing cua ba vecto a, b va ¢ 1a
[a,5]=0 véi 0=(0;00). ' [, B].=0.

| Dién tich tam gidc ABC:
Di¢n tich hinh binh hanh ABCD:S_ .., =|[4B,4D . s %‘[E, ﬁ]“

Thé tich khéi hdp: Ve 5. =|[4B, AD)AA|. | Thé tich tir dién: 7, = é‘[ﬁ,%]ﬁ‘ .

CAU HOI CUNG MUC PO PE MINH HQA

Cau 1. Trong khong gian Oxyz , hinh chiéu vudng goc cua diém M (2;—2;1) trén mat phang (Oxy) o toa

do 1a

A. (2;031). B. (2;-2;0). C. (0;-2:1). D. (0;0;1).
Loi giai

Chon B

Ta c6 hinh chiéu cta diém M (xo 3 Vo ;ZO) trén mit phang (0xy) la diém M '(xo 3 Vo ;0).
Do d6 hinh chiéu cua diém M(2;— 2;1) trén mat phang (Oxy) 1a diém M'(2;— 2;0) )

CiAu2. Trong khong gian Oxyz, cho céc vecto a = (1;0;3) va b= (=2;2;5). Tich vo huéng a.(a +l;) bang

A. 25. B. 23. C.27. D. 29.
Loi gidi
ClignlB

Taco a+b=(~1;2;8).
Suyra a.(a+b)=1.(~1)+02+38=23.
Vay Zl.(é+13)=23.

Ciu 3. Trong khong gian Oxyz, hinh chiéu vuong goc cua diém M (2;1;—1) trén mat phang (OZx) co toa

dola

A. (0;1;0). B. (2:1;0). C. (0;1;-1). D. (2;0;-1).
Loi giai

Chon'D

Hinh chiéu cta M(2;l;—1) lén mat phéng (Ozx) 1a diém c6 toa do (2; O;—l).

Caud4. Trong khong gian Oxyz , hinh chiéu vudng géc cia diém M (2;1;—1) trén truc Oy c6 toa dd la
A. (0;0;-1). B. (2;0;-1). C. (0;1;0). D. (2;0;0).
Loi giai
ChonC
Hinh chiéu vudng goc cia diém M (2;1;—1) trén truc Oy 6 toa dd la (0;1;0).

Ciu 5. Trong khong gian Oxyz , hinh chiéu vudng goc cia diém M (3;—1;1) trén truc Oz cod toado la
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Cau 7.

Cau 8.

Cau 9.

Cau 10.
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A. (3;0;0). B. (3;-1,0). C. (0;0;1). D. (0;-10).
Loi giai

Clighic

Hinh chiéu vudng goc cua diém M (3;—1;1) trén truc Oz ¢6 toa dd la (0; O;l)

Trong khong gian Oxyz , hinh chiéu vudng goc cia diém M (3;1;—1) trén truc Oy ¢6 toa do 1a
A. (0;1;0). B. (3;0;0). C. (0;0;-1). D. (3;0;-1).
Loi gidi
ChomA
Hinh chiéu vudng goc ctia diém M (3;1;-1) trén truc Oy c6 toa dd 1a (0;1,0).
Trong khong gian Oxyz , cho hai diém A(1;1;-1) va B(2;3;2). Vécto AB c6 toa do la
A. (,2;3). B. (-1;-2;3). C. (3:51). D. (3;4;1).
Loi giai
Chon A.
Taco AB=(1;2;3).
Trong khong gian Oxyz, cho hai diém A(2;-4;3) va B(2;2;7). Trung diém cua doan AB co toa do

la

A. (1;3;2). B. (2;6;4). C. (2-15). D. (4,-2;10).
Loi gidi
X, + X,
=—4—2=7
X, 5
Goi M 1a trung diém cua AB.Khido { y,, =%:—1 = M(2;-1;5).
J’_
- = z, 2ZB _s

Trong khong gian véi hé toa 0 Oxyz, cho hai diém A(3;-2;3) va B(-12;5). Tim toa d trung
diém I cua doan thing AB .

A 1(=221). B. I(1;0;4). C. 1(2;0;8). D. [(2-2-1).
Loi gidi
Chon'B
Toa d¢ trung diém 7 cua doan AB véi A(3;-2;3) va B(—1;2;5) dugc tinh béi
xl :le
2

», =%=0:>1(1;0;4)

_ZitZ

I 5 =4

z

Trong khong gian véi hé truc toa dd Oxyz, cho hai diém A(1;2;-1), Bva E(I;S);l) . Xac dinh toa
do B

A. (2;5,0). B. (0;-1,-2). C. (0;1;2). D. (-2;,-5;0).
Loi gisi
Chon A

Goi B(x;y;z) :E(x—l;y—2;z+1)
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x—1=1 x=2
=1y-2=3=1{y=5=B(250)
z+1=1 z=0

Cau 11. Trong khong gian véi hé toa do Oxyz, cho hai véc-to a:(3;2;1),5 :(—2;0;1). b6 dai cua véc-to

a+b béng

A. L. B. 3. C.\2. D. 2.
Loi giai

Chon B

Taco a+b=(1;2;2).
D6 dai cia véc-to a+b 1a \5+E\=\/1z+22+22 =3,

Cau 12. Trong khong gian véi hé truc toa d6 Oxyz, cho ba diém A(0;2;5),B(—2;0;1) , C(S;—8;6). Tim toa
d6 trong tam diém G cua tam giac ABC.
A. G(1;-2;-4). B. G(-1;2;—4). C. G(1;-2;4). D. G(3;-6;12).
Loi giai
Chon C
Vi G 1a trong tam cta tam giac ABC thi ta co:
X, X+ X

Xg —le

+y, +
Vo :L;ycz—z. Tir 6 suy ra G(l;—2;4)-
, Zatitie y

3

Cau13. Cho a=(2;1;3), b=(4;-3;5) vi c¢=(-2;4;6). Toa do ctia véc to u=a+2b—c 1a

A. (10;9;6). B. (12;-9;7). C. (10;,-9;6). D. (12;-9;6).
Loi gidi
Chon B

Taco: u=a+2b—c=(2+24—(-2);1+2.(-3)-43+2.5-6) =(12,-9;7).

Cau 14. Trong khoéng gian Oxyz, cho hai vecto a,b thoa ‘5‘:2\/5, ‘13‘=3 va (21,5):300. b6 dai vecto

3a-2b bang

A. 9. B. 1. C.6. D. 54.
Loi giai

ChoniC

Taco: (3a-25) =9.(a) ~12.ab+4(B) =36. D¢ i vecto 3325 bing 6

Ciu 15. Trong khong gian véi hé toa dd Oxyz cho diém A(L;1;2) va B(3;4;5). Toa dd vecto AB 1a
A. (453). B. (2;3;3). C. (-2,-3;3). D. (2;-3;-3).
Loi gidi
Chon'B
Toa do vecto AB = (3-14-1;5-2)=(2:3;3).

Cau 16. Trong khong gian Oxyz, cho a =(—3; 4;0) va b :(5;0;12). Cosin cua goc gilta a va b bang
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

TAI LIEU TONG ON TAP TNTHPT 2020

NES B2 c.-L b
Loi giai
Cligilp
ab ~15 3

Ta co: 005(5;5)

) al | ) JE3) 4245 4122 BREY

Trong khong gian voi hé toa dd Oxyz, cho vecto & =(3;0;1) va v =(2;1;0). Tinh tich v hudng

iy ?

A. iv=8. B.iv=6. C.iv=0. D. i.v=-6.
Loi giai

chionlB

Taco: uv=32+0.1+1.0=6.
Cho diém M (1;2;-3). Hinh chiéu vudng goc ciia diém M trén mat phang (Oxy) la diém
A. M'(1;0;-3). B. M '(0;2;-3). C. M '(1;2;0). D. M '(1;2;3).
Loi giai
Chon'C
Vi M’ 14 hinh chiéu vuéng goc ctia diém M trén mit phing (Oxy) nén toa d6 M’ 1a (1;2;0).
Trong khong gian véi hé toa do Oxyz cho diém A4(=3;1;2). Toa d6 diém 4 ddi xung véi diém 4 qua

truc Oy la

A. (3;-1;-2). B. (3;-1;2). C. (3;1;-2). D. (-3;-1;2).
Loi giai

Chon C

Goi M 13 hinh chiéu cua diém 4 1én truc Oy = M (0;1;0).
A’ d6i ximg v6i diém A qua truc Oy nén M 1a trung diém ctia 44’
=>x,=2x,-x,=0+3=3;y,=2y,, -y, =21-1=Lz,=2z,-2z,=0-2=-2.
Cho hai véc to a = (1;—2;3),13 =(-2;1;2). Khi d6 tich v huéng (Zl +B)B béng
A.12. B. 2. C. 11. D. 10.
Loi giai
Cligalc
a+b=(~1;-1;5) = (a+b)b=-1.(-2)+(-1).1+52=11.
Trong khong gian Oxyz, cho d = (1;2;1) va b= (—1;3;0). Vecto ¢ =2d+b cb toa do la
A. (17:2). B. (1;5:2). C. (37:2). D. (1;7:3).
Loi giai
Chon'A
Co E=2&+15, goi ¢ =(c1;c2;c3)
¢ =2.1+(-1)=1
=4 ¢,=2.2+3=7
c,=2.1+0=2
Vay ¢=(1:7;2)
Trong khong gian Oxyz, cho diém A(4;2;—1). Hinh chiéu vudng géc clia diém A 1én tryc Ox 1a

diém
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

A. M(0;2;-1). B. M (—4;0;0). C. M (4;0;0). D. M(4;-2;1).
Loi giai

Chon|C

Hinh chiéu vudng goc cua diém A 1én truc Ox la diém M (4;0;0).

Trong khong gian Oxyz , hinh chiéu vudng goc cua A(2;3;1) 1én truc toa dd x'Ox 1a
A. 0(-2;0;0). B. R(0;0;1). C. 5(0;3;1). D. P(2;0;0).
Loi giai
Cligalp
Ta c6: hinh chiéu vuong goc cua A(2;3;1) 1én truc toa @ x'Ox la P(Z;O;O) .
Trong khong gian véi h¢ toa d0 Oxyz, cho cac diém A(3; —4;0) , B(—l; 1;3) , C (3, 1,0). Tim toa do
diém D trén truc hoanh sao cho 4D = BC.

A. D(-21;0), D(—4;0;0) B. D(0;0;0), D(-6;0;0)

C. D(6;0;0),D(12;0;0) D. D(0;0;0), D(6;0;0)
Loi giai

ChonD

Goi D(x;0;0) e Ox

~0
AD = BC & J(x=3) +16 =5
</(x=3) + c{ 6

X =
Trong khong gian véi hé toa 46 Oxyz, cho hai diém A(—2;3;1) va B(S; 6; 2). bPuong thflng AB cit
mat phang (Oxz) tai diém M . Tinh ti s6 ;—ﬁ

A N B AM _
= BM 2 BM

2 c. M _1 p. M _;
BM 3 BM
Loi giai
ChonD
M e(Oxz) = M (x;0;z) ; E=(7;3;1)3AB=J579 ; m:(x+2;—3;z—1) va
x+2="7k x=-9
A,B,M thing hing = AM =k.AB (keR) <{-3=3k < {-1=k = M(-90,0).
z-1=k z=0

BM =(-14;-6;-2) ;AM =(-7;-3;—1) = BM =24B.

Trong khong gian voi hé truc toa d0 Oxyz, cho hai vecto ;:(2;1;0) va E:(—l; 0; —2). Tinh

cos(a,g).

A. cos (Z,E) = —235 B. COS(;,B) = —% C. cos(;,g) = 235 D. cos(;,g) =

(611 S)

Loi giai
Chon B

—

ab 2 _ 2
Aol 55 5
Trong khong gian vdi hé toa o Oxyz cho ba diémM(2;3;—1) , N(—l;l;l) va P(l;m—l;2). Tim m

dé tam giac MNP vudng tai N .
A. m=-6, B. m=0. C. m=—4, D.m=2,

Ta co: cos(;,g) =
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Cau 28.

Cau 29.

Cau 30.

TAI LIEU TONG ON TAP TNTHPT 2020
Loi giai
Chon B
MN (=3;-2;2); NP(2;m—2;1)
Tam gidgc MNP vuéng tai N <> MN.NP=0 —6-2(m-2)+2=0m-2=-2<m=0.
Trong khong gian Oxyz , cho hinh binh hanh 4BCD. Biét A4(1;0;1), B(2;1;2) va D(L;—1;1), toa do
diém C la:
A. (20,2). B. (2;2;2). C. (2-22). D. (0;-2;0).
Loi giai
Chon'A
Xe=Xp+x,—x,=2+1-1=2
Do ABCD la hinh binh hanh nén DC = AB = 1y, =y, +y, -y, =1-1+0=0 = C(2;0;2).
Zp=zytzy—z,=2+1-1=2
Trong khong gian v6i hé toa do Oxyz, cho cic vecto a = (2;m—1;3),5 =(1;3;-2n). Tim m,n dé

cac vec to a,b cung hudng.

A.m=7;n=—%. B. m=4,n=-3. C.m=2n=0. D.m=7;n=—§.
Loi gii

Chon A
a=(2;m-1;3),b=(1;3;-2n) cing huéng
<a=kbk>0

2=kl k=
Sim-1=k3 ©sm=7

s=k(2n) |, 3

4

Viy cac vec to Zz,l; cung huéng khi m=7;n= —%.

Trong khong gian véi hé toa dd Oxyz, cho vecto u = (1;1;—2),\7 =(1;0;m). Tim tat c4 gié tri cia m

dé goc gitra hai vecto u,v bang 45°.

A m=2. B. m=2++6. C.m=2-+6. D. m=2++6.
Loi giai
Chon C
~ -\ uw 1-2m
Tacé: cos|lu,v)|==——== .
( ) ‘qu‘ \/g.\/l+m2
Goéc gitra hai vecto u,v bing 45°:>cos(;t,\7)=%.
1
_ 1-2m>0 <L
o t2m V2 { ) PSS eom=2-45.
Joiemt 2 |(1=2m) =3(1em?) T L T

Vay véi m= 2-/6 thi goc giita hai vecto u,v bang 45°.
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Cau 31.

Cau 32.

Cau 33.

Trong khéng gian Oxyz, cho hinh hép ABCD.A'B'C'D’ biét A(l;O;l), B(2;1;2), D(l;—l;l),
C'(4;5;—5). Toa do cua dinh 4' 1a
A. A'=(4;5,-6). B. A'=(3;4;-1). C. 4'=(3;5;-6). D. 4'=(3;5;6).
Loi gidi
Chon'C
Gia sir toa d cac dinh lan lugt 1a C=(xc3yes5z¢), A =(x,3¥432,). Tl gide ABCD 1a hinh binh

hanh nén ta co:

x.—1=1
DC =AB < ye+l=1 & C=(2;0;2)
z.—1=1
Tu gidc AA'C'C 1a hinh binh hanh nén ta c6
x,—1=2
A =CC" & | y,=5 < A'=(3;5;-6).
z,—1=-7

Trong khong gian véi hé toa d0 Oxyz, cho hai diém A(—2;2;—2); B(3;—3;3). Piém M trong

khong gian thoa man Aﬁj—; = % Khi d¢6 d6 dai OM 16n nhét bang

A. 643 B. 124/3. C. 5/3. D.%.
Loi giai

Chon'B

Goi M (x;y;z).

Ta cod M—A=g<:>3MA:2MB<:>9MA2 = 4MB*?
MB 3

9| (x+2) +(y=2) +(z+2)" | =4[ (x=3) +(y+3)" +(z-3)’]

Sl +y +272 +12x 12y +122=0

& (x+6) +(y—6) +(z+6)" =108.

Nhu vay, diém M thudc mat cau (S ) tam [ (—6; 6; —6) va ban kinh R :\/ﬁ =6x/§ .

Do O (S) nén OM 16n nhit bing 2R =123 .

Trong khong gian véi h¢ toa d0 Oxyz, cho ba diém A(—2;3;1) , B(2;1;0) , C(—3;—1;1). Tim tat ca

cac diém D sao cho ABCD la hinh thang c6 diy AD va dién tich tr gidc ABCD bang 3 lan dién
tich tam giac ABC.

D(-8;-7;1 D(8;7;-1
A. D(-12;-1;3). B. ( ). C. D(8;7;-1). D. ( ) :
D(12;1;-3) D(-12;-1;3)
Loi giai
Chon A
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Cau 34.

Cau 35.

TAI LIEU TONG ON TAP TNTHPT 2020

D

Taco: S 0 =%(AD+BC).d(A,BC) < S s =%(AD+BC).%.

(AD+BC).S, 5
BC
Ma ABCD 14 hinh thang ¢6 ddy 4D nén AD=2BC (1).
BC=(-5-21), AD=(x, + 2y, -3z, -1).
x,+2=-10 x,=-12
(l) Sy, -3=-4 <qy,=-1.

&3S, 0 = <3BC=AD+BC < AD=2BC.

z,—=1=2 z,=3

Vay D(-12;-1;3).

Trong khong gian Oxyz, cho bon diem A(1;—2;0), B(1;0;—1) va C(0;—1;2), D(0;m;k). H¢ thic
gilta m va k débdn diém 4, B,C,D dong phang la:

A. 2m-3k=0. B. m+2k=3. C. m+k=1. D. 2m+k=0.
Loi giai
Chon' B

Tacé AB=(0;2;-1),4C =(-1;1;2).

Mit phing di qua ba diém A4, B,C ¢6 véc to phép tuyén n= AB A AC = (5:1;2).
Phuong trinh mat phang di qua ba diém 4,B,C 1a 5x+ y+2z-3=0.

Bén diém A, B,C,D dong phing < D e (ABC) < m+2k-3=0c m+2k=3.

Trong khong gian v&i hé toa dd Oxyz , hinh chiéu cua diém M (1;-3;-5) trén mat phing (Oyz) ¢o

toa dod l1a

A. (0;-3;5). B. (0;-3;0). c. (L-30). D. (0;-3;-5).
Loi giai

ChonD

Cach 1:

Goi N 1a hinh chiéu ctia M trén mit phing (Oyz)nén N(0;b;c) = MN =(~L;b+3;c+5)
Do MN cling phuong véi véc to don vi ;=(1;O;0) trén truc Ox nén: [W,;] =0
c=-5
<:>(0;c+5;b+3):(0;0;0)<:>{b_ 3
Vay N (0;-3;-5).
Cach 2
Goi N 1a hinh chiéu ciia M trén mit phang (Oyz)nén N(O;b;c) :>]WV=(—1;b+3;c+5)
MN L MN.j=0 -1.0+(b+3).1+(c+5).0=0 b=-3
Khido: <~ << 7 = .
MN 1k  |MNk=0 |-1.0+(b+3).0+(c+5).1=0 [c=-5
Vay N (0;-3;-5).
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Ciu 36. Trong khong gian Oxyz, cho hai diém 4 (—2;4;1) va B(4;5;2). Diém ¢ théa mdn OC = BA ¢6 toa

do 1a

A. (-6,-1,-1). B. (-2,-9,-3). C. (6,1,1). D. (2,9,3).
Loi giai

Chen'C

Goi toa do diém C(x;y;2)
Taco OC=(x;y;2); BA=(-6;—1;~1)

x=-6
Theo baira OC = B4 < {y=-1
z=-1

Vay toa do diém € 1a C (-6;-1;-1).

Ciu 37. Trong khong gian voi hé toa &6 Oxyz cho cac vécto u=2i—-2j+k, v=(m; 2;m+1) voi m 1a tham
s6 thue. Co bao nhiéu gia tri cia m dé ‘Zt‘ = M .
A. 0. B. 1. C.2. D. 3.
Loi giai
Chon C
Taco u =(2;—2;1)

Khi d6 H =\/22+(—2)2+12 =3 va M =\/m2+22+(m+1)2 =2m" +2m+5

m=1

Do d6 ‘&‘:‘5‘@9=2m2+2m+5 <:>m2+m—2:0<:>{
m=-2

Vay c6 2 gia tri ciia m thoa yéu cau bai toan.
Cau 38. Trong khong gian véi hé toa do Oxyz cho M (-1;2;3) va N(1;0;2). Tim toa do diém P thoa
min MN =2.PM ?
A. P(-2;3;7). B. P(-4:;6:7). C. P(—2;3;%). D. P(—2;—3;%).
Loi giai
ChoniC
Goi P(x;y;z).tacod m=(2;—2;—1) va W:(—l—x;Z—y;?)—z),
Suy ra 2.PM =(-2-2x;4-2y;6-2z).
—2-2x=2 x=-2

_ . 7
Tu MN =2.PM ,suyra 14-2y=-2&<y=3 :P[_2;3;5)
6—-2z=-1 7

B. PHUONG TRINH MAT CAU
o Mt cdu tam 1(a;b;c) va cé ban kinh R c6 phwong trinh (S) : (z — a)* + (y —b)* + (2 — ¢)* = R
o Phuong trinh z* + y> + 2> —2az — 2by —2cz +d =0 véi a* +b° +c* —d >0

la phirong trinh ciia mdt cau cé tam I(a;b;c) va ban kinh R = \/a2 SRpREE
o Dé mot phwong trinh la mét phwong trinh mdt cau, can théa man hai diéu kién:

Hé s6 truée *, y?, 2* phdi bang nhauva a® +b* 4 ¢ —d > 0.
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Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

TAI LIEU TONG ON TAP TNTHPT 2020

B1. XAC PINH TAM VA BAN KiNH

Trong khong gian Oxyz , cho mit cau (S) :()c—l)2 +(y +2)2 +(Z—3)2 =16. Tam cua (S) c6 toa do
la
A. (-1;-2;-3). B. (1;2;3). C. (-1;2;-3). D. (1;-2;3).
Loi giai
Chon D
Mt ciu (S):(x—a)2 +(y—b)2 +(z—c)2 =R? co tam 1a I(a;b;c).
Suy ra, mit cau (S) :(x—l)2 +(y+2)2 +(z—3)2 =16 c6tam la 1(1;—2;3).

Trong khong gian Oxyz, cho mit cau (S): (x—2)2 +(y+4)2 +(Z—1)2 =9. Tam cta (S) co toa dd la
A. (-2:4;-1). B. (2;-4;1). C. (241). D. (-2;-4;-1).
Loi gidi
Chon'B
Tam cua mit cau (S) cotoaddla (2;-4;1).
Trong khong gian Oxyz , cho mit cau (S):(x+3)2 +(y+1)2 +(z-1)" =2. Tam ciia (S) c6toado 1a
A. (3L-1) B. (3;-L1) C. (-3-1L1) D. (-3;1;-1)
Loi giai
Chgn C
Tam ca () c6 toa do 1a (—=3;—11).
Trong khong gian hé toa d¢ Oxyz, tim tat ca cac gia tri cia m dé phuong trinh
x* +y* +z> —2x -2y —4z+m=0 la phuong trinh ciia mot mit cau.
A. m<6 B. m>6 C. m<6 D. m>6
Loi gidi
Chon'C
Phuong trinh x* + y* +z* —2x -2y —4z+m =0 la mot phuong trinh m3t cau
ST +1P+2°-m>0 < m<6.
Trong khong gian véi hé toa do Oxyz, cho mat cau (S): (36—5)2 +(y—1)2 +(z+2)2 =9. Tinh ban
kinh R cua (S).
A. R=3 B. R=18 C. R=9 D. R=6
Loi giai
ChonlA
Phuong trinh mat cau tam [ (a; b; c) , ban kinh R c6 dang:
(x—a)2 +(y—b)2+(z—c)2 =R*=R=3.

Trong khong gian véi hé toa do Oxyz , cho mit cau

S):(x+1)24—()/—2)2+(z—1)2 =9 .Tim toa d6 tam [ va tinh ban kinh R cua (S)
A. I(-1;2;1) va R=3 B. I(;-2;—1) va R=3CI(-1;2;1) va R=9 D I(1;-2;-1) va R=9
Loi giai
ChonA
Mat cau (§):(x+1)"+(y-2)" +(z-1)" =9¢6 tam I(-1;2;1) va ban kinh R=3
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Trong khong gian Oxyz, cho mat cau (S):(x—2)2 +(y—3)2 +(z+1)2 =25. Toa d§ tim [ va ban
kinh R ctia mit cau (S )12‘1
A. 1(2;3;—1);R=25. B.I(-2-31);R=25.C. I(2;3;—1);R=5. D. I(-2;-3;1);R=5.
Loi giai
Clighic
Mit cau (S) c6 tam /(2;3;—1) va ban kinh R=S5.

Trong khong gian voi hé toa do Oxyz phuong trinh nao sau day khong phai 1a phuong trinh cua mét
mat cau?

A X+ Y +27+x-2y+4z-3=0. B. 2x’ +2y° +2z° —x—y—-z=0.

C.2x" +2y" +22° +4x+8y+62z+3=0. D. x*+y" +z°—2x+4y—4z+10=0.
Loi giai

ChoniD

Phuong trinh x* + ) + 2> —2ax—2by—2cz+d =0 1a phuong trinh mat cau néu thoéa diéu kién
a+b+c*—d>0.

Phuong trinh: x° +)* +z° —2x+4y—4z+10=0 c6 1’ +(-2)*+(2)*~10=-1<0. Do d6 phuong
trinh nay khong 1a phuong trinh ctia mat cau.

Trong khong gian véi hé toa @6 Oxyz , cho mit cau (S):(x—3)2 +(y+1)2 +(z+2)2 =38. Khi d6 tdm
I va ban kinh R ctia mit cau la
A. I(3-1;-2),R=2V2. B. [(-3;1;2),R=2V2.
C. I(-3%1;2),R=4. D. [(3;-1;-2),R=4.
Loi gidi
ChonA

Mit cau (S) ¢6 tam 7(3;~1;-2) va bankinh R=2+/2.

Trong khong gian véi hé toa d0 Oxyz cho (S):x* +y* +2z> —2x+4y—4z-25=0. Tim tdm / va ban

kinh R cua mat cau (S).

A. I(=2;4;-4);R=~29 B. [(-1;2;-2);R=5. C. I(1;-2;2); R =~/34. D. [(1;-2;2);R=6.
Loi giai

Chon'C

Mit cau (S)co tim 7(1;-2;2) va ban kinh R = \/12 +(=2)7 +2% —(-25) =+34.

Vay: I1(1;-2;2);R =+/34 .

Trong khong gian v6i hé toa dd Oxyz, cho mit cau (§):x*+y° +2z> —8x+10y—6z+49=0.Tinh
ban kinh R cta mat cau (S)
A. R=4/151. B. R=+/99. C.R=1. D. R=7.

Loi gidi
Chon'B
Tacd X +y° +2° —-8x+10y—62+49=0 x* =8x+16+ 1> +10y+25+ 2> —6z+9=1
c>(x—4)2+(y+5)2+(z—3)2:1

Viay mat cau co ban kinh R=1.

Trong khéng gian Oxyz, cho mit cau (S): x*+y*+z°-2y+2z-7=0. Ban kinh ctia mat cau da
cho bang
A. 9. B. 3. C. 15, D. 7.
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Loi giai
Chon'B
Taco R=I’+(-1) ~(~7) =3.

Cau 51. Trong khong gian Oxyz , cho mit cau (S) x4+ )" + 2" +2x—22z—7=0. Ban kinh cia mit cau

da cho bang

A AT B.9. C. 3. D. J15.
Loi giai

Clignlc

XY+ 42x-2z-T=0x"+y° +2°-2.(-D)x+2.0y-2.1z-7=0.
=a=-1,b=0,c=1,d=-7.

— T4m mit cau I(—I;O;l)bén kinh R=~a’>+b* +c* —d =\/(—1)2+02+12+7 =3,

Ciu 52. Trong khong gian Oxyz, co tit ca bao nhiéu gia tri nguyén cua m dé phuong trinh:

x* 4y + 2% +dmx +2my —2mz +9m* — 28 = 0 1a phuong trinh ctia mit cau?

A. 7. B.S. C.9. D. 6.
Loi giai

ChonmA

Ta co:

¥ +y 4z’ -|—4mx-|—2my—2mz+9m2—28=0c:>(x+2m)2 +(y+m)2+(z—m)2 =-3m’ +28
Phuong trinh da cho 1a phuong trinh cia mit cau khi va chi khi m thoa:

—3m2+28>0©—,/% <m< ,/% (3,055 <m <3,055).
Tép cac gia tri nguyén cua m la: § ={-3,-2,-1,0,1,2,3} .

Cau 53. Trong khong gian v&i hé toa do Oxyz, cho diém A(1;a31) va mat cau (S) c6 phuong trinh

X+ +22 =2y +4z-9=0. Tap cic gid tri ciia a dé diém 4 niam trong khéi ciu la

A. (-3;1). B. (-1;3). C. (—o;-1)U(3;+ ). D. [-1;3].
Loi gigi
Chon'B

Mit cdu (s) c6 tim 7(0;1;-2), ban kinh R=+/14.

Diém A4 nim trong khdi cdu < /4 < R < 1/1+(a—1)2+9 <14 o (a—l)2 <4 -1<a<3.
B2. VIET PHUONG TRiINH MAT CAU

o Tam I(a;b;c)

e« BK:R

S):|(x—a)l +(y—b"+(z—c) = R|

® Dang 1. Co bin (S) : {

@ Dang 2. Viét phwong trinh mt cau (S) cé tim I va di qua diém A.
o Tim I

« BK:R=
® Dang 3. Viét phwong trinh mdt ciu (S) c6 dwong kinh AB, véi A, B cho truéc.

Phuong phap: (S) : { I (dang 1)

o Tam I la trung diém ciia AB.
Phwong phap: (S) :
) « BK:R= %AB

@ Dang 4. Viét phwong trinh mdt ciu (S) cotdm I va tiép xiic véi cdc truc va mp toa d.
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o Tam I
Phurong phap: (5) : {- BK:R=1IM v&i M 1a hinh chiéu cua 1 1én truc hodc mp toa
® Dang 5. Viét phwong trinh mgt cau (S) cé tim 1 va tiép xiic véi mét phang (P).

e Tam I
Plucong phdp: (S) { B : R=d[I;(P)]

o Khodng cdch tir diém M(z,5y,:2,) dén mat phang (P): ax + by + cz +d = 0 duwoc xdc dinh boi

ax, +by, +cz, +d
cong thirc: d(M;(P)):‘ M e Mb2 MQ ‘ -
a +0 +c

® Dang 6. Viét phwong trinh mét ciu (S) di qua bon diém A, B, C, D.

Phuong phap: Goi (S): z° + y*> + 2> — 2ax — 2by —2cz +d = 0

Vi A, B, C, D€ (S) nén tim duwoc 4 phwong trinh = a, b, ¢, d = (5).

@ Dang 7. Viét phwong trinh mt cau (S) di qua 3 diem A, B, C va tim thugc mp (P).

Phuong phap: Goi (S): z° + y* + 2° — 2ax — 2by — 2cz +d = 0

Vi A, B, C €(S) nén tim dwoc 3 phwong trinh va 1(a;b;c) € (P) la phwong trinh thir tu.

Gidi hé bon phuong trinh nay = a, b, ¢, d = (S).

Dang 8. Viét phwong trinh mdt cau (S) c6é tim I va cdt mit phing (P) theo giao tuyén la mpt
dwong tron co ban kinh 1.

2

Phuong phdp: Dua vao moi lién hé |R* = d° .+ r°| vd can nhé C = 2nr va S, = mr’.

Ciu 54. Trong khong gian Oxyz , cho mit cau (S) cotam 7(0;0;-3) vadiqua diém M (4;0;0).
Phuong trinh cua (S) 1a

A X+ +(z+3) =25, B. X’ +y +(z+3) =5

C. x>+ +(z-3)" =25. D. x> +)*+(z-3) =5.
Loi giai

Chon A

Phuong trinh mét cau (S) c6 tam 7(0;0;—3) vaban kinh R la: x* + »* +(z+3)2 =R*.
Taco: M e(S)=4>+0*+(0+3)" =R* & R* =25,
Vay phuong trinh can tim 1a: x* + * +(z+3)2 =25.

Ciu 55. Trong khéng gian Oxyz, cho hai diém / (I;1;1) va A(1;2;3). Phuong trinh cuia mat cau co tam [ va
di qua diém 4 1a

A (x+1) +(y+1) +(z+1)" =29. B. (x=1)"+(y=1) +(z-1)" =5.

C. (x=1) +(y—1) +(z-1)" =25. D. (x+1) +(y+1) +(z+1)" =5.
Loi giai

Chon B.

Mt cAu c6 ban kinh R =14 =/0+1+4 =45 .
Suy ra phuong trinh mit cau la (x—l)2 +(y—1)2 +(Z—l)2 =5.

Ciu 56. Trong khong gian véi hé truc toa d6 Oxyz, cho hai diém A(1;2;3),B(5;4;—1). Phuong trinh mat
cau duong kinh 4B 1a
A. (x=3) +(y-3)" +(z-1)" =9. B. (x=3)" +(y-3)" +(z-1)" =6.
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Cau 58.

Cau 59.

Cau 60.

TAI LIEU TONG ON TAP TNTHPT 2020

C. (x+3) +(y+3) +(z+1)" =9. D. (x=3) +(y-3) +(z-1)" =36.
Loi giai
Chon A

+Goi [ 1a trung diém cua 4B = 1(3;3;1).

AB(4;2;~4)= AB=16+4+16 =6

+ Mit cau duong kinh AB c6 tdm 1(3;3;1) ,ban kinh R = % =3 c6 phuong trinh la:
(x=3) +(y=3)" +(z-1)" =9.

Trong khong gian Oxyz cho diém 7(2;3;4) va A4 (1;2;3). Phuong trinh mat cau tam I va di qua A ¢

phuong trinh la:

A, (x+2)+(y+3) +(z+4)=3. B. (x+2)2+(y+3)2+(z+4)2 =9.

C. (x-2)+(y=3) +(z-4)" =45, D. (x=2) +(y=3) +(z—4)" =3
Loi gidi

Chon'D

Ban kinh mt cAula R=I14=+/3.
Phuong trinh mat cdu tam 7(2;3;4) va R=14=+/3 1a (x=2)* +(y-3)" +(z-4)" =3

Trong khong gian toa 4§ Oxyz, mat cau tam [ (l; 2; 3) , €0 ban kinh 3 c6 phuong trinh la

A. (x=1) +(y-2)" +(z-3)" =0. B. (x+1) +(y+2) +(z+3)" =9.
C. (x+1) +(y+2) +(z+3)" =3. D. (x-1) +(y-2) +(z-3)" =3.
Loi gidi
ChomA

Mt cau tim 1(1;2;3), bankinh R =3 ¢6 phuong trinh 1a (x— 1)2 +(y—2)2 +(z —3)2 =9,

Trong khong gian Oxyz, cho hai diém A(1;0;2), B(—1;2;—4). Phuong trinh mit cau duong kinh
AB 1a

Ao P+ (y=1) +(z+1) = 44. B. xz+(y—1)2+(z+1)2 =11.

C. X’ +(y+1) +(z=1) =44. D. X’ +(y+1) +(z-1) =11
Loi gii

Chon B

Goi 7, R lan luot 13 tAm va ban kinh ctia mit cau c6 duong kinh 4B .

Taco I latrung diém AB:>I(0;1;—1) va Rz%zx/ﬁ.

Phuong trinh mit cau la x* +(y —1)2 +(z -|—1)2 =11.

Trong khong gian véi hé toa do Oxyz, cho diém M (1; —2;3) . Goi I1a hinh chiéu vuong goc cua M

trén truc Ox . Phuong trinh nao duéi dy 1a phuong trinh mat cau tAm I ban kinh IM ?

A (x-1) +y?+22 =413 B. (x-1) +y*+2° =13

C. (x+1)2+y2+22:17 D. (x+1)2+y2+22:13
Loi gidi

ClignlB
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Cau 61.

Cau 62.

Cau 63.

Hinh chiéu vuong goc cua M trén truc Ox 1a (1; O;O) =M = \/B .Suy ra phuong trinh mat cau
tim | bankinh IM 1a: (x—1) +y? +2° =13.

Trong khong gian véi hé truc toa dd Oxyz , phuong trinh nao dudi day 1a phuong trinh mit cau di qua
ba diém M(2;3;3) , N(2;—l;—l), P(—2;—1;3) va cO tAm thudc mit phéng (a’) 2x+3y—z+2=0.

A X+ +2°-2x+2y-2z-10=0 B. X’ +y +z" —4x+2y—62z-2=0

C. X" +y +22 +4x-2y+6z+2=0 D. x> +y* +2° —2x+2y—-2z-2=0
Loi giai

Chon B

Gia sir phuong trinh mat cau (S) c6 dang x° +y° +2z° —2ax—2by—2cz+d =0.

biéu kién: a* +b* +¢* —d > 0(*)

Vi mit cau (S) di qua 3 diém M(2;3;3), N(2;—l;—1), P(—2;—1;3) va co tam [ thudc mp(P) nén
4a+6b+6c—d =22 a=2

o . 4a-2b-2c—-d=06 b=-1
ta c6 hé phuong trinh = :T/m(*)
4a+2b—6¢c+d =-14 c=3
2a+3b-c=-2 d=-2

Vay phuong trinh mat cau 1 : x> + y* + 2> —4x+2y -6z -2 =0.

Trong khong gian voi hé toa dd Oxyz , phuong trinh nao dudi diy 1a phuwong trinh mat cdu ¢ tim
1(1;2;—1) va tiép xuc voi mit phang (P) x—=2y—-2z-8=07?

2

A (x+1) +(y+2) +(z-1)" =3 B. (x—1)" +(y-2) +(z+1)" =3

C.(x=1)+(y-2) +(z+1)’ =9 D. (x+1) +(y+2) +(z-1)" =9
Loi giai

Chon'C

Goi mat cau can tim 1a (S).
Ta c6 (S) la mit cu c6 tam /(1;2;—1) va ban kinh R.
Vi (S) tiép xuc véi mit phing (P):x—2y—2z-8=0 néntaco
Cl22-2.-n-8 3
Jr+(=2) +(-2)

Vay phuong trinh mit cau can tim la: (x—l)2 +(y —2)2 +(z +1)2 =9.

R=d(1;(P))

Trong khong gian véi hé toa dd Oxyz, cho mat cau (S) c6 tam/(21L1) va mit
phéng(P) :2x+y+2z+2=0. Biét mit phing (P) cit mit cau (S) theo giao tuyén 1a mot duong

tron ¢ ban kinh bang 1. Viét phuong trinh ctia mat cau (S )

A (S):(x+2) +(y+1) +(z+1)° =8 B. (8):(x+2)  +(y+1)° +(z+1)° =10
C. (8):(x=2) +(y-1) +(z-1)" =8 D. (f.):(x—2)2+(y—1)2+(z—1)2 =10
D Loi giai

Goi R,r lan luot 1a ban kinh ciia mit cau (S ) va duong tron giao tuyén

2
Tacd R*=r+(d(L(P))) :1{%} 10

V22 41+ 22
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Cau 65.

Cau 66.

TAI LIEU TONG ON TAP TNTHPT 2020
Mit cdu (S)tam 7(2;1;1)ban kinh R =10 1a (x=2)" +(y-1)"+(z=1)" =10,

Trong mit phang toa do (Oxy) , cho dudng tron (S ) c6 tim / nam trén duong thang y = —x, ban
kinh R=3 va tiép xuc véi cac truc toa d6. Lap phuong trinh cua (S ), biét hoanh do tim 7 1a sd
duong.

Ao (x=3) +(y-3)

C. (x=3) =(y-3)’

2

B. (x—3) +(y+3)
D. (x+3)2+(y+3)2
Loi giai

9. 9.
9. 9.

Chon'B
Do tim / nam trén dudng thing y = —x = I(a;—a) , diéu kién a>0.

Dudng tron (S) ¢6 ban kinh R =3 va tiép xiic véi céc truc toa do nén:
d(I;0x)=d(I;0y)=3 o |a|=3<a=3(n)va=-3()=1(3;-3).
(8):(x=3)" +(y+3)" =9

Trong khong gian v6i hé truc toa d6 Oxyz, cho mit cau c6 phuong trinh

Vay phuong trinh

(S):x2+y2+z2+2x—4y—6z+m—3=0. Tim sb thyc coa tham s m dé mat phang
(,b’):2x—y+2z—8=0 cat (S) theo mot dudng tron c6 chu vi bang 87 .
A.m=-3. B. m=-1. C.m=-2. D. m=-4.
Loi giai
Chon'B
Ta co (S):xz+y2+22+2x—4y—6z+m—3=0<:>(x+1)2+(y—2)2+(z—3)2 =17-m.
(S) 1a phuong trinh ctia mat cau thi 17—-m >0 m<17.
Khi d6 7(~1;2;3); R=~/17-m lan luot la tim va ban kinh cta (S).
Dé mit phang ( ﬂ) :2x—y+2z-8=0 cit (S ) theo thiét dién 1a mot dudng tron ¢ chu vi bang 87
thi duong tron do c6 ban kinh r =4.
Tacéd R* =d*(1,(B))+r* <17-m=16+2< m=-1 (TMBK).

Trong khong gian Oxyz, phuong trinh ctia mit cau co tam / (1;—2;—3)Ve‘1 tiép xuc véi mit

phang (Oyz) la
A (x=1) +(y+2) +(z+3)" =9 B. (x—1)" +(y-2) +(z-3) =1
C. (x=1) +(y+2) +(z+3)" =4. D. (x—1)" +(y+2) +(z+3)" =1
Loi gidi
ChonD
Mit phang (Oyz) c6 phuong trinh la: x =0.
1-2.0-30)
d(I1,(0yz))=———=1
( ( )) I°+0°+0°

Vi mit cau tiép xic voi mat phéng(Oyz) suyra: R= d([,(Oyz)) =1.

Vay phuong trinh mit cau can tim la: (x—l)2 +(y+2) +(z +3) =1.
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Cau 67.

Cau 68.

Cau 69.

Trong khong gian véi hé truc toa 49 Oxyz cho mit phang (&) c6 phuong trinh 2x+y—z—-1=0 va
mit cau (§) ¢6 phuong trinh (x—1)"+(y—1)" +(z+2)’ =4. Xac dinh ban kinh 7 cta duong tron 1a
giao tuyén ciia mit phing () va mit cau (S).

) B - 203 coX5 2

- 3 3 3
Loi giai

A.r

Chon'B
Mit cau (S) 6 tim I(1;1;-2) va ban kinh R=2. Goi d la khoang cach tir tim / dén mit phang
(a).Taco d:d(l,(a))zé.
Khi dé ta cé: r=+R*—-d’ =¥.

Trong khong gian Oxyz , cho mit phang (P) :X+2y—-2z+3=0 va mit ciu (S) co tam I(O;—Z;l) .

Biét mat phang (P) cit mat cu (S ) theo giao tuyén 1a mot duong tron c6 dién tich 27 . Mit cau

(S) c6 phuong trinh la

A P +(y+2) +(z+1) =2, B. x2+(y+2)2+(z—1) =3.

C. X +(y+2) +(z+1)" =3. D. X +(y+2) +(z+1)" =1.

Loi giai

Chon'B

Goi R,r 1an luot 12 ban kinh ciia mit cau va dudng tron giao tuyén. Theo giai thiét ta co:
xrt=2r<rt=2

Mgt khac d(L,(P))=1 nén R = +[d(1,(P))] =3.

Vay phuong trinh mat cau la x° +(y+ 2)2 +(z —1)2 =3.

Trong khong gian toa d0 Oxyz, cho mit cau (S):(x- 2)2 +)y +(z+ 1)2 =9 va mit phing
(P) :2x—y—2z-3=0. Biét mit cdu (S) cit (P) theo giao tuyén 1 duong tron (C) Tinh ban kinh

r cla (C)

A r=242. B. r=+2. C.r=2. D. r=+5.
Loi giai

ChonlA

Hinh vé
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Miit cau (S) c6 tam 7(2;0;—1), ban kinh R=3.
22-0-2.(-1)-3
V2 (1) +<—2>2
Bn kinh dudng tron giao tuyén (C) 1a r =R> —d” =/ 1> =242
Trong khong gian véi hé toa dd Oxyz , cho mit phang (P) :x—2y+2z-2=0 va diém 1(—1; 2;—1) .

Khoang céch tir tim / dén (P) la d =d(1,(P))= =1<R=3

Viét phuong trinh mat cau (S) ¢6 tdm 7 va cit mdt phing (P) theo giao tuyén 1a duong tron c6 ban
kinh bang 5.

A (8):(x+1) +(y—2) +(z+1)" =25. B. (8):(x+1)" +(y—2) +(z+1)" =16.
C.(8):(x=1) +(y+2) +(z-1)" =34, D. (S):(x+1) +(y=2) +(z+1) =34.
e Loi giai

Goi & 1a khoang cach tir tam / dén mit phang ta co:
1-4-2-2

h=d(I;(P) n L_;

\/12 ) 42

Ban kinh mit cu (S) la: R=\/F2+h2 =\/52+32 =\/§.
Phuong trinh mat cau (S) la: (x+1)2 +(y—2)2 +(z+1)2 =34,

Trong khong gian Ox)z , mit cau tdm 7 (1;2;-1) va cit mat phang (P):2x-y+2z-1=0 theo mot

dudng tron co ban kinh bang V8 6 phuong trinh 1a
2

A. (x+1)2+(y+2)2+(z—1)2 =9, B. (x—1)2+(y—2) +(z+1)"=9.
C. (x+1)2 +(y+2) +(z—1)2 =3. D. (x—l)2 +(y—2)2 +(z+1)2 =3.
Loi gii
Chon B
| \
~N

Facebook Nguyén Vwong® https://www.facebook.com/phong.baovuongTrang 19




NGUYEN BAO VUONG - 0946798489

Cau 72.

Cau 73.

Céu 74.

Cau 75.

Goi H 14 hinh chiéu cia / 1én mat phang (P)-Khido H latam cua dudng tron giao tuyén ciia
(P) véimit cau (5).

[2-2-2-]
= =1.

J2+(-1) +22

Khoang cach tir diém 7 dén mit phang (P) la: h= d(l;(P))

Bén kinh it chu (5) la: R=i* +7 = [1* +(\&) =3.
Phuong trinh mat cau (S) : (x—l)2 +(y—2)2 +(z+1)2 =9.

Trong khong gian Oxyz, viét phuong trinh mat cau tam /(-1;3;0)va tiép xac voi mit phing
(P):2x—y+2z+11=0.

A. (x+l)2+(y—3)2+22=4. B. (x—l)2+(y+3)2+22=4.

C. (x+1)2+(y—3)2+22=2. D. (x—1)2+(y+3)2+22=g.
Loi gidi

ChonlA

Ta ¢6 ban kinh mjt chula R=d (1, P) = 2cD-13+20+10]
J2 +(-1) 427

Nén mit ciu can lap c6 phwong trinh 1a: (x+1)2 +(y—3)2 +z° =4,

Trong khong gian v&i hé truc toa do Ox)z , phuong trinh nao dudi day 1a phuong trinh ciia mit cau
co tam /(3;1;0) va tiép xtic voi mit phiang (P):2x+2y—z+1=07?

A. (x+3)2+(y+1)2+22=3. B. (x+3)2+(y+1)2+22=9.

C. (x=3) +(y—1)" +22=3. D. (x=3) +(y-1)"+2*=9.
Loi giai

Chon'D

Goi (5) la mat cau c6 tam 7 va tiép xuc véi (P) c6 R la ban kinh. Khi do ta co:
23+2.1-0+1|
T R=3.
22 +2°+(-1)

d(1,(P))=R=R=

Vay phuong trinh cua (5) la (x—3)2 +(y—1)2 +2°=9.

Trong khong gian véi hé toa d0 Oxyz, mit cau tam / (-2:9;-1), tiép xuc véi mit phing (Oxz) co

phuong trinh 1a

A (x+2) +(y=9) +(z+1)" =81. B. (x+2) +(y=9) +(z+1)" =9.

C. (x=2) +(y+9)" +(z—1)" =81. D. (x=2)" +(y+9)" +(z-1)"=9.
Loi giai

ChomA
Mt cau c6 tim 7 (-2;9;-1), ti€p xic v6i mit phang (Oxz) nén c6 ban kinh

R =d(I.(0x2))=]9| =9, do d6 n6 c6 phuong trinh 1a: (x+2) +(y=9)" +(z+1)" =9’

hay (x+2)" +(y—9)" +(z+1)" =81

Trong khong gian Oxyz , mit cAu tim [ (1;-2;-3) va tiép xtc véi tryc Oy c6 phuong trinh 1a
Ao (x=1) +(y+2) +(z+3) =4, B. (x+1) +(y-2)' +(z-3) =4.

Trang 20 Fanpage Nguyén Bio Vwong @ https://www.facebook.com/tracnghiemtoanthpt489/




TAI LIEU TONG ON TAP TNTHPT 2020

C. (x—l)2 +(y+2)2 +(z+3)2 =10. D. (x+l)2 +(y—2)2 +(z—3)2 —14.
Loi gidi
ChoniC
Goi A 1a hinh chiéu vudng goc cia 7(1;—2;-3) trén truc Oy :>H(O;—2;O) — IH =410
Mt cau tam / (1,-2;-3) tiép xuc véi truc Oy ¢6 ban kinh R = IH = /10 nén ¢6 phuong trinh:
(x=1) +(y+2) +(z+3) =10.

Cau 76. Trong khong gian Oxyz, tim phuong trinh mit cau (S) cotam 7 (1;-4;2) va dién tich 647 .

Ao (x=1)" +(y+4) +(z-2)" =4. B. (x+1) +(y—4) +(z+2)’ =16.

C. (x+1)2 +(y—4)2 +(Z+2)2 =4, D. (x—l)2 +(y+4)2 +(z—2)2 =16.
Loi gidi

Chon'D

Taco: S=47R* =47k =41 >R =16=>R=4.
Phuong trinh mat cau (S) c6tam 7 (1;-4;2) va ban kinh R =4 la:

(x—l)2 +(y+4)2 +(z—2)2 =16.
Két luan: Mit cau (S) c6 phuong trinh 1a (x—l)2 Jr(y+4)2 +(Z—2)2 =16.

HET
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