BAI 4. TIEM CAN
Muc tiéu
% Kién thirce
+ Nam duge khai niém duong tiém can cua dd thi ham sd, khai niém duong ti€m can dang, tiém
can ngang cua do6 thi ham sé.
+ Nhéan biét dugc cac d6 thi ciia ham s6 c6 tiém can
+ Nim duoc tinh chét cua cac duong tiém can véi dd thi ctia ham sb
+ Kining
+ Biét cach xac dinh phuong trinh dudng tiém cén cta ham s6 cho béi cong thirc, cho bai bang
bién thién.
+ Bién luin sb duong tiém can dung, tiém can ngang cua dd thi ham sd chtra tham sd.
+ Xac dinh c4c duong tiém can cua do thi ham s6 an.

+ Ap dung cac tinh chat clia cac duong tiém cin vao cac bai toan lién quan.
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I. Li THUYET TRONG TAM
Puong thing y = ¥, duoc goi la duong tiém cén ngang (goi tat 1a tiém can ngang) cua do thi ham s

y=f(x) néu lim f(x)=y, hodc lim =y,
Ya

y=fix)

W

)

Puong théng x =x, dugc goi la duong tiém can dung (goi tat 1a tiém can dang) cua dd thi ham s
y = f(x) néu it nhat mot trong céc diéu kién sau duge thoa man:

lim f(x) = +o0; lim f(x) =+400;

X=Xy

lim f(x)=—o0; lim f(x)=—c0.

¥

y =fix)

X=X,

L
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SO PO HE THONG HOA

Tiém can dirng Tiém cin ngang

Puong thang x = x, dugc goi la Puong thang y =y, dugc goi la

tiém cén dimg cua do thi ham s6 tiém can ngang cua do thi ham so

y=f(x) néu it nhat mot trong y=/(x) néu xliIEof(x) =%
céc diéu kién sau dugc thoa man: S
hoac lim =y,

X—>—00

lim f(x) = +o0; lim f (x) = +o0

vA
im0 = o lim £ (x) == _
“ OyA 0 ¥=Ya
0 %
y =f(x)
7 I 3
v
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II. CAC DANG BAI TAP

Dang 1: Xéc dinh cic duwong tiém cdn ctia @ thi ham s khi biét biéu thirc, bang bién thién, do thi

Bai toan 1. Xac dinh cac duwdng tiém cin dwa vao dinh nghia

4+ Phuwong phap giai
Duyra vao dinh nghia ciia duwong tiém cdn
Tiém cin ngang

Puong thang y = Y, la duong tiém can ngang cua

d6 thi ham s y = f(x) néu lim f(x) =y, hodc

fim 1 (x) =%y

Tiém can ding
Puong thang x = x, la duong tiém can dirng cua dd
thi ham s6 y = f(x)néu mot trong céc diéu kién
sau dugc théa man:

lim f(x) = +o0; lim f(x) = 400

lim f(x) = —o0; lim f(x) =—00

4+ Vidu miu

Vi dy: Cho ham s6 y = f(x) ¢6 lim f(x)=1 va

X—>+0

lim =-1

Dua vao dinh nghia dudng ti€ém can ngang, ta co
phuong trinh cac duong tiém can ngang cua do thi
hamsd y=f(x) la y=1va y=—1.

Vi dy: Cho ham s6 y = f(x) ¢6 lim f(x) = +o0

va limf(x)z—oo.

x—2
Dua vao dinh nghia duong tiém can ding, ta co
phuong trinh cac dudng tiém can dung cua dd thi

hamsd y = f(x) la x=-2 va x=2

Vidy 1: Cho ham s6 y = f(x) ¢6 lim f(x)=-3 va lim f(x)=3.Ménh dé nao duéi day ding?

X—>+00

A. Do thi ham sb da cho c6 hai tiém can ngang la y =3 va y=-3

B. D thi ham s6 di cho c6 hai tiém can ngangla x=3 va x=-3

C. D) thi ham sb di cho c6 diing mot tiém cin ngang

D. D6 thi ham s6 da cho khong c6 tiém can ngang

Huéng dén gidi

Vi lim f(x) =-3 nén y = -3 1a mot duong tiém can ngang ciia do thi ham sb.

X—>—00

Vi lim f (x) =3 nén y =3 la mot dudng tiém can ngang cua do thi ham sod.

X—>+0

Chgn A

Vi du 2: Cho ham s y = f(x) ¢6 db thi 1a duong cong (C) va céc gidi han:

lirg f(x)=1 Iir? f(x)=1 lim f(x)=2; lim f(x)=2.Mgénh dé nao sau day dung?

A. Duong thing x =2 1a tiém c4n dimg cua (C)
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B. Dudng thang y =2 1a tiém can ngang cua(C)
C. Duong thang y =1 1a tiém can ngang ciia(C)
D. Puong thang x =2 1a tiém can ngang cﬁa(C )

Huéng dén gidi
fim f(x) =

lim f(x)

X—>+%0

Chon B

2
Ta co 5 = duong thing y = 2 1a tiém c4n ngang cta (C)

Vi du 3: Cho ham s y = f(x) xéac dinh trén khoang (-2; —1) va co x1i13+f(x) =2, xlir-l} (x)=—o0.
Ménh dé nao sau day dung?
A. Db thi ham sb y= f(x) c6 ding hai tiém can ding la x = -2 va x=-1
B. D6 thi ham s6 y = f(x) c6 ding mét tiém can ngang la y =2
C. Do thi ham sb y = f(x) c6 ding mot tiém can dimg 12 x = -1
D. B6 thi ham s y = f(x) c6 ding hai tiém canngang la y =2 va y=-1
Huéng dén gidi
Do Xl_l)l}} f(x)=-o nén dd thi ham sb ¢o ding mét tiém can dung 1a x = -1

Chgn C

Bai toan 2. Xdc dinh cac dwong tiém cdn ciia dd thi ham s6 dwa vao bang bién thién va do thi ham
s0

4+ Phuwong phap giai
Dya vao bang bién thién ctia ham s6 y = f(x) xéc Vi du: Cho ham s6 y = f(x) c6 bang bién thién

dinh phuong trinh cac duong tiém can dung, ti€ém nhu sau:

can ngang, sb cac duong ti€ém cén cia dd thi ham

X x | —o0 Xy + o0
O y=f (x) .

4 -
Chu y:
, o o +a0 Yo

- Ung voi diém x = x, trong bang bién thién thi &
dong y phai ghi cac ki hiéu -oo hoac +oo (khong phai y
cac gia tri cu thé) thi duong thang x = x, méi la o i
duong ti¢ém cén ding cua do thi. Duya vio bang bién thién ta c6 dudng thing x = X,

- Ung véi diém -oo hodc +oo trong bang bién thién |y tiém can dimg va dudng thing y =y, 1a duong

thi & dong y phai ghi céc gid tri cu thé y, (khén : ,
&y phae gla i ) Y ¥, (khong tiém c4n ngang cua do thi ham s6 y = f(x)
phai 1a -0 hodc +o) thi duong thang y =y, moi la

dudng tiém can ngang ciia do thi.
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4 Vidu miu

Vi dy 1: Cho ham s6 y = f(x) xdc dinh va c6 dao ham trén R\{+1}. Ham s c6 bang bién thién nhu

hinh v& dudi day.
—o0 -1 0 1 + o0
y' + - - +
11 + o0 + o0 3
f N
I, -2 —

Do thi hamsd y = f (x) ¢6 bao nhiéu duong tiém can?

A. 4 B.1 C.2 D.3
Huéng dén gidi
Ttr bang bién thién cta ham sd, ta ¢6

lim f(x) =3 = y=-3 latiém can ngang cta d6 thi ham s6

X—>—0

lim f(x) =3 = y =3 la tiém cén ngang ctia d6 thi ham s6

X—>+o0

lim f(x)=+00 = x=-1 latiém cén dimg cia d6 thi ham sb

x—>-1"
lim f(x)=+00, lim f(x)=—00 = x =1 la tiém cén dung cua dd thi ham s
x—>1" x—-1"

Viay ham s6 c6 hai tiém cén ding 1a x ==1, hai ti€ém cén ngang la y =13
Chgn A

Vidu 2: Cho ham sé y = f (x) xac dinh va c6 dao ham trén R\ {—2; 1} va ¢ bang bién thién nhu sau:

-0 =5 1

1 212

Phuong trinh dudng tiém can dung cua d6 thi ham sé da cho 1a
A.x=-2vax=1

B. khong c6 tiém cén dliing
C.x=-2 D. x=1
Huéng din gidi

Tir bang bién thién, tacd lim y =+ nén x = -2 1a dudng tiém can dung;
x—(-2)"

limy =1lim y =2 nén x =1 khong la duong ti€ém can dung.

x—-1" x—1
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Chon C.
Vi du 3: Cho ham sé y = f(x) ¢6 do thi nhu hinh v& dudi.

¥ '
R,
2
11
-1 X
4 3 -2 ol 1 2
14
o !

Phuong trinh cac dudng tiém can ctia do thi ham s6 y = f (x) la
A.x=1va y=-2 B.x=1vay=2
C.x=-1vay=-2 D.x=-1vay=2

Huéng dén gidi

Dya vao d6 thi, ta suy ra tiém cin dimg va tiém can ngang cta do thi lan luot 1a cic duong thang

x=-1,y=2.

Chon D

Bai toan 3. Xdc dinh cic dwong tiém cdn ciia d thi khi biét ham s6

4+ Phwong phap giaii

Tiém cén ciia do thi ham s6 Vi du: Xac dinh cac duong tiém can ciia d6 thi ham
ax+b £ 2x+3
= ,cz0,ad—bc#0 S0 y=
cx+d x—1

Thuec hién theo cac budc sau:

d Huéng dén gidi
Buworc 1. Tap xac dinh D =R\ {——} . )
c Tap xac dinh D :R\{l}.

Budc 2. Xac dinh cac duong tiém can dung, tiém  Khi d6 lim y = lim y =2 nén dd thi c6 duong
c4n ngang cua do thi. _ e
tiém can ngang la y =2
- lim y =< nén dd thi ham sb cé dudng tiém can )
A G - g UM CAN 1 ) = +o0; lim y = —0 nén dd thi co dudng tiém
x>0

x—>1"

candimgla x =1
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. a
ngang la y=—
c

- lim_y =40 nén dd thi ham s6 c6 duong tiém

x>
c

can dingla x = _4
c

Buée 3. Két luan

ax+b

Do thi ham s6 y = c6 hai duong tiém can:

cx+d

“ A A 4 a Y A A d
Tiém cén ding x = — va tiém can ngang y = ——.
C C

Chu y:
- Giao di€m cua hai duong tiém can cua do6 thi ham

s6 y = ax+b 1a diém I(—i; gj 1a tam ddi xtng

cx+d c c
ctia do thi.
ax+b

cx+d
cung voi hai truc toa d tao thanh hinh chit nhat co

- Hai duong ti€ém can ctua do thi ham s6 y =

ad
J’_ —

chu vi la 2( a
c

C

j va dién tich la

C

Tiém cén ciia d6 thi ham s hitu ty y =

Diéu kién xac dinh g(x)=0.

lim y néu théa man dinh
XXy
X->Xg

nghia cua dudng tiém cén ding va tiém can ngang
thi két luan.
Chui y:

Tinh cac gi¢i han lim y;
x—>to0

X—>+00

/(%)
g(x)

f(x)=ax"+a,_x"" +.+ax+a, (a, #0)va

v6i

- Dbi v6i ham s6 phan thirc hitu ty y =

g(x) = bmxm + bm_lxmfl +...+ blx + b(] (bm * O)

Khi do:

+ Néu n>m thi 6 thi ham s6 khong co tiém can
ngang.

+Néu 1 = m thi dd thi ham sb c6 tiém can ngang la

2x+3
x—1

Vay d6 thi ham sé y =

nhan duong thang y = 2 1a tiém can ngang

va nhan duong thang x =1 14 tiém can dung.

Vi du: Xac dinh cac duong ti€ém can cua dd thi ham
% y=— x+1
X +2x-3
Huéng dén gidi
Tap xac dinh 1a D =R\ {1; - 3}

lim =+

x—-3*

Taco lim y =0; lim y = too;
x—1*

x—>to0
Suy ra do thi ham sb da cho c6 hai tiém cén dung 1a
x=1; x =-3 vamot tiém can ngang y =0
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n

b

m

y:

+Néu n < m thi d6 thi ham sb c6 tiém can ngang la
y=0
- Néu dudng thiang x = x, 1a tiém can dung ctia d6
thi ham s6 thi x = X, la nghiém cua phuong trinh
g(x)=0 (nguoc lai nghiém cua g(x)=0 chua
chic di 1a tiém cén dtng ciia d0 thi). Hay noi cach
khic x = x, 1a cdc diém gidn doan cua ham sd.
Tiém cén ciia d6 thi ham so6 v ty.
Dbi v6i ham sb vo ty, bude quan trong nhat dé xac
dinh @6 thi ham sd c6 tiém can ding va tiém cén
ngang 13 tim tap xéac dinh ctia ham sd.

Buwoc

4+ Vidu miu

Vi du 1: Phuong trinh cac dudng tiém can cia @6 thi ham s6 y =

A x=-2y=1
C.x=2y=1
Huéng din gidi

Tap xac dinh D =R\ {2}

Vi du: Xac dinh tiém can dung, ti€ém cén ngang cua
V1-x?

x+2

d6 thi ham s6 y =

Huéng dén gidi

Tap xac dinh D =[-1; 1]

Khong ton tai cac gidi han lim y; lim nén do thi

ham s khong c6 tiém can ngang.

Mt khac do ham s lién tuc trén khoang (—l; 1) va
lim y = f(-1); limy = /(1) nén ham s lién tuc
x—>-1" x>~

trén doan [—1; 1] — D6 thi ham sd khong c6 tiém

can dung.

x+1 .
la
x=2
B.x=Ly=2
D.x=2y=-1

, . x+1 .ox+1 A~ \ \ \  n A , , ITRE e
Tacod lim = 4o00; lim =—o0 nén x =2 la phuong trinh dudong ti¢m can dung cua do thi ham so

x—>2+x—2 x—>2’x—2
.oox+1 .ox+1
lim = lim
x40 x — D x>0 x —
Chon C

=1 nén y =1 la phuong trinh dudng tiém cén ctia d6 thi ham sb.

Vi du 2: D thi ham s6 nio sau day nhan duong thang x =2 1a tiém can dimg?

2x
x—2

A y= B. y=2

C.y=

_ D.y—x-2-2
x+2 X
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Huéng dén gidi

Ta thay ham s6 y = 2x co tap xac dinh D = R\{Z} va lim 2x = 4o00; lim 2x = —o nén d6 thi
x—=2 x—=2" x =2 =2 x—2

ham sd ¢6 tiém can ding 14 x =2
Chgn A

; A A A A U A 3x+1 .
Vi du 3: Toa d6 tdm doi xing ctia do thi ham s6 y = 1 la

x_
A. (—1; 3) B. (—1; 1) C. (3; 1) D. (1; 3)

Huéng din gidi

Tap xac dinh D =R\ {1}

Ta c6 duong tiém can dung cua dd thila x =1 va tiém can ngang clua do thi la y =3, toa do tim ddi xung
ctia do thi 1a giao cua hai duong ti€ém can [ (1; 3) .

Chon D

Vi du 4: Cac dudng tiém can cia d6 thi ham s6 y =

tao vo1 hai truc toa d0 mot hinh chir nhat co

x—1
dién tich bang
A. 2 (dvdt) B. 3 (dvdt) C. 1 (dvdt) D. 4 (dvdt)
Huéng din gidi

Tap xac dinh D=R\ {1}

D) thi ham sb c6 duong tiém can ding x =1 va tiém cén ngang la y = 2. Khi d6 hinh chir nhat tao bdi
hai duong ti€ém cén va hai truc toa do c6 cac kich thudc 1a 1 va 2 nén c6 dién tich S =1.2 =2 (dvdt)
Chgn A

<=2
x—2
A.4 B.3 C.2 D. 1
Huéng din gidi
Téap xac dinh D = R\{Z} .

. -2
lim y = lim

x—2* 2" x—

Vi du 5: Tong so tiém can ding va tiém can ngang cua do thi ham so y = la

= +00 = D0 thi ham s6 c6 tiém can dimg x =2

. .X— X 11y A s oiea A
lim y = lim =1= DO thi ham s0 c6 tiém cin ngang y =1

X—>+0 x40 x —

. . N2-x PR A g oiea A

lim y = lim =—1= D06 thi ham s6 ¢6 ti¢ém can ngang y = —1
X——0 x>0 x—2

Viay s0 duong tiém can ctua do thi ham so 1a 3.
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Chon B

Vi du 6: D6 thi ciia ham s6 y = 5 X+l ¢6 bao nhiéu duong tiém can?
X +2x-3
A.3 B.2 C.1 D.0
Huéng din gidi
Tap xéc dinh D = ]R\{l; - 3}
P x+1 n A L 1 A 7 ,en ~ \
Tacé lim ——————=0 nén do thi ham s6 c6 tiém cén ngang la y =0.
¥odo x° 4 2x =3

+ lim y = —o0; lim y = +0 = D6 thi ham s ¢o tiém can dung 14 x =1;
x—1"

x—1"

+ lim y = —o0; lim y =400 = D thi ham s6 c6 tiém can dimg 1a x = -3

x—>-3" x—>-3"

Vay d6 thi ham so0 c6 ba ti€m cén.

Chgn A
, O A o
Vidu 7: Do thi ham s6 y = | | . ¢6 bao nhiéu duong ti€ém can?
x —
A. 1l B.2 C.4 D.3

Huéng dén gidi
Tap xac dinh D =R \{£1}

Taco lim y = lim y =1= Do thi ham s6 ¢6 tiém can ngang 1a y =1

X—>+0 X—>—0

lim y = 400; limy = —0 = D6 thi ham sd ¢6 tiém cén dingla x=1
x>

x—1*

lim y =+400; lim y=—-00 = D06 thi ham sb ¢6 tiém can ding la x=-1

x—>-1" x—-1"
Viay d6 thi ham s ¢ ba duong tiém can
Chon D

(xz —-3x+ 2)sinx

Vi du 8: B6 thi ham s§ y = c6 bao nhi€u duong tiém can ding?

X’ —4x
A. 1 B.2 C.3 D. 4

Huéng din gidi

Tap x4c dinh D =R \{0; 2}

2 _ : 2 _
Tacod limy =lim al 23x 2| sinx = 0 23'0 2 A= 1 nén x =0 khong phai l1a dudng tiém can
x>0 x>0 x -4 X 0" -4 2

dang.
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(x2—3x+2)Sinx ‘ (x—l)sinx_sinZ

lim y = lim =lim = nén dudng thing x =2 khong 1a duong tiém can
x—>2y x—2 x3 —4x x—>2 X(X+2) 8 g g g g ug ¢
dang.
2 .
x*—=3x+2)sinx , \
lim y = lim ( 2 ) = —oo nén dudng thang x = -2 1la tiém can ding cua do thi.
x—-2" x—-2" x  —4x

Véy ham s chi c6 mot dudng tiém can dimg 13 x = 2.

Chgn A
Vi du 9: S6 dudng tiém can cta do thi ham s6 y = # 1a
X" +x
A.3 B.4 C.2 D. 1
Huéng din gidi

Tap xéc dinh D =[-9; +0)\{0; —1}.

Khi @0, ta co
lim ﬁ =+o0, lim ﬁ =—00 = x =-1 la tiém cén ding cla dd thi ham sd.
> X"+ x > xT+x
Nx+9-3 . 1 1 . ANx+9-3 1

- —Lva im0
xal—r(}* x> +x xler(r)l+ (X+1)( [x+9 +3) 6 va xggl’ X2+ x 6

= x = 0 khong phai 1a tiém can dimg ctia d6 thi ham s6.

. Nx+9-3
lim ———=
X—>+0 x +x
Chon C.

Chii y: Khéng ton tai lim y vi trong tdp xdc dinh khéng cé x tién téi - co
X—>—00

0= y =0 latiém can ngang cua dd thi ham sd.

N16-x"
x(x — 16)
A. 4 B.2 C.0 D. 1
Huéng dén gidi
Tap xéc dinh D =[—4; 4]\ {0}

Vi du 10: D6 thi ham s y = ¢6 bao nhiéu duong tiém céan?

Do lim y = +o0; lim y = —o0 nén duong thang x = 0 14 tiém cén ding cta d6 thi ham sd.
x—>0"

x—0"
Vay dd thi ham sb c6 mot duong tiém can.
Chon D.

Vi du 11: D6 thi ham s y = ¢6 bao nhiéu duong tiém can?

[+ -1
A0 B. 1 C.2 D.3
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Huéng dén gidi
Tap x4c dinh D = (—1; + o)\ {1}

Taco:
. . NVx+1 RN A roea A \
lim y = lim y = 0= DO thi ham s6 ¢6 tiém can ngang la y =0
X—>+0 X—>+0 x—1
: : 1 .
lim y = lim =+o0; lim y = —o0
x—1* -t x— x—>1"

=> PO thi ham s0 c6 ti€ém cén dimg la x =1

Vx+1 1

=— lim =—00

= x +1

=> PO thi ham s0 c6 ti€ém cén ding la x =—1

lim

x—>-1"

y= lim

x—>-1"

x—1

Vay dd thi ham sb ¢ ba duong tiém can.
Chon D

Vi du 12: Phuong trinh cac duong tiém cin ngang ctia d6 thi ham sé y =

A y=1 B. y=3vay=1
C.y=2 D. y=3
Huéng din gidi

Tap xac dinh D =R\ {3}

2+l+,/1+L2
X X _3

= lim =
X—>+0 1 _ é
X

2x +1+4/x% +1

x—3

Tacod lim y = lim

X—>+00 X—>+0

= y =3 la dudng tiém can ngang ctia d6 thi ham sé.

1 1
24—+, 1+—
2x+1+4x* +1 +x+\/ T 1

lim = lim = lim =

X0 X——0 x=3 X—>—00 3

= y =1 la dudng tiém can ngang.

Chon B

2x+1++/x* +1

la

:6x+1—\/x2 -2

x-3

Vi dy 13: Biét cdc duong tiém cén cla dudng cong (C): y
thanh mot da gidc (/). Ménh dé nao duéi day ding?
A. (H) 1a mot hinh chit nhat c6 dién tich bang 8

B. (H) 1a mot hinh vudng c6 dién tich bing 4

va truc tung cit nhau tao

x—5
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C. (H) 1a mot hinh vudng c6 dién tich bang 25
D. (H) 1a mdt hinh chit nhét c6 dién tich bang 10
Huéng dén gidi
Tép xéc dinh (—o0; =2 |O[ V25 + )\ {5}
6x+1—-x" =2

Tacod lim y = lim =5= y=>5 latiém cén ngang cua (C)

X—>+00 X—>+0 X — 5

. . bx+1—~/x" -2
lim y = lim

X——0 X—>—0 x—5

=7 = y =7 latiém can ngang cta (C)

lim y = +o0; lim = —c0 = x =5 1a tiém cén dung cta (C)

x—5* x5

Viay dd thi c6 ba duong tiém can 1a y=5; y="7;, x=>5 cung véi tryuc tung tao thanh mot hinh chir nhat co
kich thudc 2 x5 nén co dién tich bang 10.

Chon D

Vi du 14 : Cho ham s6 y = x ++/x* + 2x + 3. Khi d6, d6 thi ham s6
A. c6 tiém can dung va khong c6 ti€ém cén ngang
B. c6 tiém can ngang va khong co6 tiém can dung
C. c6 tiém can dung va ti€ém can ngang
D. khong c6 ca tiém can dung va tiém can ngang
Huéng din gidi
Tap xac dinh D =R
Do ham s lién tuc trén R nén d6 thi khong c6 tiém céan diing
Taco lim y= lim (x++x +2x+3 )= lim e
e e o X 4 2x+3 - x

= y =—1 la tiém can ngang ctia @6 thi ham s6

lim y = lim (x+\/)c2 +2x+3)=+oo

X—>+0 X—>+00
Vay d6 thi chi c6 mot duong tiém can ngang la y = —1

Chon B

Vi du 15: Phuong trinh cac duong tiém can ngang cta d6 thi ham s6 y = = la
x =1
A.y=1va y=-1 B. y=1
C.y=-1 D. Khong c6 tiém can ngang
Huéng dén gidi

Tap xac dinh (—o0; 1) U(1; +0)
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Tacod lim y = lim =1 va lim y = lim

—>+0 —>+0 2 X—>—0 ——0 2
X X x _ 1 X X x _ 1

= y =1 la tiém can ngang ciia @6 thi ham sd.

Chon B

+ Bai tap tu luyén dang 1
Céau 1: Chohamsd y = f(x) ¢6 lim f(x)=2 va lim f(x)=-2.Ménh dé ndo sau day dung?
A. Db thi ham sb da cho c6 hai duong tiém can ngang 13 cic dudng thing y =2 va y=-2
B. D6 thi ham s da cho khong co duong tiém can ngang
C. D) thi ham s6 di cho c6 diing mot dudng tiém cén ngang
D. Do thi ham s6 da cho c6 hai duong tiém can ngang la cic dudong thang x =2 va x = -2

Céu 2: Ham sb y = f(x) xéc dinh v6i moi x#+1, 6 lim f(x) =+, lim =—oo, lim f(x)=-+wo,
x—l"

li
x~>(—1)7 X—>+0

lim f(x)=—o0.Ménh dé nao dudi day dung?

A. D) thi ham sb ¢6 hai tiém can diang
B. D4 thi ham s6 c6 mot tiém cin dang
C. B0 thi ham sb khong c6 tiém cén ding
D. D6 thi ham s6 ¢6 hai tiém can ngang
Céu 3: Cho ham s6 y = f(x) c6 lim f(x)=—o0 va lim f(x)=2. Ménh dé nao sau day ding?
x—3" x—3"
A. Puong thiang y =2 1a tiém can ngang ctia d6 thi ham s§ y = f (x)
B. D6 thi ham s6 y = f(x) khong c6 tiém can ding
C. Duong thang x =3 1a tiém cén dung ciia d6 thi ham s§ y = f (x)

D. Puong thang x =3 khong phai 1a tiém can ctia d6 thi ham s6 y = f (x)

Céu 4: Cho ham s6 f(x) xéc dinh va lién tuc trén R \{-1} c6 bang bién thién nhu sau

X -0 -1 1 +o0
£(x) ; 0 +
2|+ + o0
f(x)
= 0

Ménh dé nao sau day sai?
A. D6 thi ham s6 khong c6 tiém can ngang
B. Ham sd khong c6 dao ham tai x = -1
C. Ham sb da cho dat cuc tiéu tai x =1

D. D6 thi ham s khong co tiém can ding
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Céu 5: Cho ham s6 y = f (x) xac dinh trén R\ {1}, lién tyc trén moi khoang xac dinh va co bang bién
thién nhu hinh dudi

X — o 1 2 + a0
y = = 0 -
3 +0
5
y /
— e

Do thi ham s6 da cho c6 bao nhiéu duong tiém cén?

A.3 B. 1 C.2 D.4

Céu 6: Cho ham s6 y = f (x) xac dinh trén R\ {0} , lién tuc trén mdi khoang xac dinh va c6 bang bién
thién nhu sau

X —a 0 1 + o
¥ - + 0 -
2
Y
—mo||— -0
Hoi do thi ham sb c¢6 bao nhiéu duong tiém cin?
A. 1 B.2 C.3 D. 4
Céu 7: Cho hamsé y = f (x) ¢6 bang bién thién nhu sau
X — 0 3 +oo
y' 5 . 0 b
1 3
2
¥ \
—a0 -3
Téng s6 tiém cén ding va ti€ém cén ngang cua dd thi ham sb da cho la
A.3 B. 4 C.1 D.2

Céu 8: Cho ham s6 y = f(x) c6 bang bién thién nhu hinh v&. D6 thi cia ham s6 dé cho ¢ bao nhiéu
duong tiém can?
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X —a ~2 0 Fac
y' * i
+a001 4
y
—h 0
A. 4 B.1 C.3 D.2
Cau 9: Tong s6 duong tiém can ding va tiém can ngang cia do thi ham s6 y = f (x) c6 bang bién thién
nhu sau
X — -2 0 +a0
y' Z +
+ o +2C 11
y
(| B 0
A.0 B. 1 C.3 D.2
Céu 10: Phuong trinh dudng tiém can ngang ctia do thi ham s6 y = )1C+ 2 la
- X
A y=-1 B. x=-1 C.x=1 D. y=1
A A1 oa1a £ x+2 ‘A \ ‘a A
Cau 11: D6 thi ciaham s6 y = ¢6 bao nhiéu duong tiém can?
- X
A.2 B.3 C.1 D. 4
Cau 12: Puong tiém can dimg cita b thi ham sé y = 2~ _11 la
X+
A y=-2 B. x=1 C.y=2 D. x=-1
Cau 13: Ham s6 nao dudi ddy c6 do thi nhan duong thang x =2 1a duong tiém cén?
5x 1 2 1
A y= B.y=x-2+— C.y= D.y=—o-
7 2—x 4 x+1 4 x+2 4 x+1
2-5x

Cau 14: Toa do giao diém cua hai duong tiém can cua dd thi ham sb y= 5 13 la
X+

A. (_2; éj B. (—é; —ij C. (—2; —éj D. (E, —Ej
5 2 22 2 2 22

Ciu 15: Tong khoang cach tir diém M(l; - 2) dén hai dudng tiém can cta d6 thi ham s6 y = 2etl

la

x—1
A. 4 B.2 C.1 D.3

Céu 16: D6 thi ham sd y = 1 ¢6 bao nhiéu duong ti€ém can ngang?
X+
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A.2 B. 1 C.3 D.0

Cau 17: Puong thang y = —1 14 tiém can ngang cua do thi ham s nao sau day?

2 _ 2
A.y=1+x B.y=2x +3x+2 C.y=2x 2 1).y:l+x
I-x x—=2 x+2 1+x
A \ \ A ~ , , A1 z xz -2x+3 .
Cau 18: Phuong trinh dudng tiém can ding cua do thi ham so y = 54 la
x —
A x=2 B. x=-1 C.y=1 D. x=1
A X \ A A s aM s A 2x 3x
Cau 19: Phuong trinh duong tiém can ngang cta do thi ham s6 y = ——— la
x+1 2x-1
1 1 3
A y=2 B. x=— C.y=— D. y=—=
4 2 4 2 4 2
" P ¥’ —5x+6 . \ A A,
Cau 20: DO thi ham s6 y = —————— ¢0 bao nhi€u duong tiém cén dung?
x =3x+2
A.l B.3 C.0 D.2
2 - Y
Cén 21: Cho ham s y = 25 22 \janh dé no sau day sai?
x =2x-3
A. D6 thi ham sb c6 ba duong tiém can
B. D) thi ham s ¢ hai tiém can dung 1a x =—1 va x =3
C. Do thi ham s6 c6 tiém can ngang 1a y :%
D. D) thi ham sb c6 tiém can ngang la y=2
Cau 22: Sé dudng tiém can cia db thi ham sé y = % 1a
x|+
A. 1l B.2 C.3 D. 4
3
Cau 23: S6 duong tiém can ding va tiém can ngang cla dd thi tham sb y= 2x—+xz la
X —x-
A.2 B. 1 C.3 D.0
_ 42
Cau 24: S6 dudng tiém can ciia dd thi ham sé y = 12— VAT g,
x =2x-3
A.0 B.2 C.3 D. 1
A NTRER X sz_zx_?) , ‘A \ ‘n A
Cau 25: b6 thi ham s6 y = E— c6 bao nhiéu duong tiém can?
x J—
A.3 B.1 C.2 D. 4
Cau 26: Phuong trinh cic duong tiém can ctia d6 thi ham s6 y = —i‘/:x-li_l 1a
x —
A.x=1ly=2 B. x=1 C.x=0;y=-1 D.x=Ly=-1

Ciu 27: D6 thi ham s y =

= ¢6 bao nhiéu duong tiém can?
4—-x
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A.2 B.0 C.1 D.4

Céu 28: D6 thi ham s nao sau day c6 dung hai duong tiém cin ngang?

VX' —x B Jx+2 C _x-2 D. y= V4 —x*

A y= |x|+2 T |x|—2 T x4l x+1

Cau 29: Goi n, d lan luot 1a s duong tiém cén ngang va sb duong ti€ém can diang cia dd thi ham sb

y= "X Gidtrician, dla
(x—l)\/;

A.n=1d=2 B.n=0;d=1 C.n=0;d=2 D.n=d=1

A A 1 1y A V3x? +2 Ay ‘A \ . A
Cau 30: D6 thi ham s6 y = ———=—— c¢0 tat ca bao nhiéu dudng ti€ém can?

2x+1—-x

A.l B. 4 C.3 D.2

Céu 31: Phuong trinh cac dudng tiém can ngang ctia do thi ham s6 y = Jxol la
Vax? +3
A y=1 B. y=1va y=-1 C.y=2 D.y=2vay=-2

Cau 32: D6 thi ham s6 y = 2x —1++/4x*> —4 c6 bao nhiéu duong tiém can ngang?

Al B.0 C.3 D.2
s . 2 . .
Cau 33: Do thi hamso y = Y o baonhitu duong tiém can?
Vxt+1—-x
A.2 B. 1 C.3 D.4

Cau 34: D4 thi ham s6 y = v4x” +4x +3 —+/4x” +1 ¢6 bao nhiéu dudng tiém can ngang?

A.2 B.0 C. 1 D.3
2 X VX' -4 _
Cau 35: DO thi ham s6 y = ————— ¢0 bao nhi€u duong tiém can?
2x" =5x+2
A.2 B.1 C.3 D.4
PAP AN
1-A 2-A 3-C 4-D 5-A 6-B 7-A 8-C 9-C 10-A

11-A 12-D 13-A 14-C 15-A 16-B 17-A 18-A 19-C 20-A

21-C 22-B 23-B 24-D 25-C 26-B 27-A 28-C 29-C 30-D

31-B 32-A 33-B 34-A 35-A
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Dang 2: Xac dinh cac dwong tiém cin ciia do thi ham s6 chira tham s6

ax+b

Bai toan 1: Tiém cin cta do thi ham so y =
cx+d

4+ Phwong phap giai

Dé ton tai cac duong ti€ém can cua do thi ham s6 Vi du: Tat ca cac gia tri thuc cua tham s6 m dé€ do

y= ax+b thi c#0 va ad —bc #0 thi ham s§ y = 2x+4 c6 tiém can dung 1a
cx+d x—m
Khi d6 phuong trinh cac duong tiém cén la A.m< -2
+ Tiém can ding x = _4 B.mz =2
¢ C.m>=-2
D. m=-2

A A a
+ Tiém can ngang y =—
c ~

Huwong dan gidi
biéu kién d¢ d6 thi ham so6 ¢6 tiém can la

2m-4z0=m=-2

Chon B
4+ Vidu miu

’ cr ot 4 X aX 11 4 (2m—1)x+1 P \ A ~

Vi du 1: Gi4 tri cua tham s6 thuc m dé do thi ham s6 y = ——— c¢6 duong tiém can ngang y =3
x—

la

A.m=1 B.m=0 C.m=2 D.m=3
Huéng din gidi

Diéu kién dé db thi ham s c6 tiém can 1a
—m(2m—1)—17r&0<::>2m2 -m+120=>VmeR
Phuong trinh duong tiém cdn ngangla y =2m—-1néncod 2m—-1=3 > m=2.

Chgn C

’ A , ) 5 4 22X 1t 1 £ X
Vi du 2: Tap hop céc gia tri thuc cua tham s6 m dé do thi ham so y =
mx —

A. R B. R\ {0} C. R\ {1} D. R\{0; 1}

c6 tiém can dung la

Huéng dén gidi
m#0 {m =0
=

Diéu kién dé dd thi ham sd ¢6 tiém can la
—1+m=0

m#1

Chon D

Vi du 3. Téap hop céc gia tri ciia tham s6 m dé d6 thi ham sé y = le khong co ti€ém céan ding la
m
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A R B. {0; l}
3

Huéng din gidi

. {%} D. {0}

biéu kién d€ d6 thi ham so khong c6 tiém céan dung la

-1+3m=0 m= 1
3
Chon B
Vi du 4: Cho ham s6 y = d +1b . Biét d6 thi ham s6 da cho di qua diém A(O; —1) va c6 duong ti€ém cén
X+

ngang la y =1.Giatri a +b bang
Al B.0 C.3 D.2
Huéng dén gidi
Diéu kién dé d6 thi ham s6 c6 tiém canla a —b # 0
Do d6 thi ham s6 di qua diém 4(0; —1) nén b=-1
D6 thi ham s6 c6 duong tiém can ngang 1a y = @ = a =1 (théa min diéu kién)
Vay a+b=0
Chon B

(a—3)x+a+2019

Vi du 5: Biét rang do thi ciia ham s6 y = nhan truc hoanh lam ti¢ém can ngang va

x— (b + 3)
truc tung lam tiém can dimg. Khi d6 gié tri ciia a + b bang
A.3 B.-3 C.6 D.0

Huéng dén gidi
Dicu kién dé do thi ham sb ¢6 tiém can1a —(a—3)(b+3)—(a+2019) =0

Phuong trinh cac dudng tiém cén la

x=b+3 b+3=0 b=-3 s
320 = (théa man dicu kién)
a— =

=
y=a-3 a=3

Vay a+b=0

Chon D

, S , £ X 4.1 . A , N S £ x+1 . . X
Vi du 6: Gia tri thyc cua tham s6 m dé duong ti€ém can dung cua do thi ham s6 y = di qua di€ém

X+m
AL 2) 1a
A.m=4 B. m=-2 C.m=-4 D.m=2
Huéng dén gidi

biéu kién d€ d6 thi ham s6 c¢6 duongtitmcanla m—-2=0< m =2
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Duong tiém can dung la x = —% = —% =1< m=-2 (thoa man)

Chon B

Vi du 7: Cho ham sé y = 7>+

5 v6i tham sO m # 0. Giao diém cua hai duong ti€ém cén cua do thi ham
x—2m

s6 thudc duodng thing nao dudi day?
A. x+2y=0 B. 2x+y=0 C.x-2y=0 D. y=2x
Huéng din gidi
Diéu kién dé do thi ham s c6 duong tiém canla —2m*> —120=VmeR.
Phuong trinh cac dudng ti¢m can la x=2m; y =m nén toa d§ giao diém cua hai duong tiém cén la
1(2m; m) thude duong thang x =2y
Chon C

Vi du 8: Tat ca cac gia tri thuc cua tham s6 m d€ d6 thi ham s6 y = c6 tiém can ding nam bén
xX—m

phai truc tung 1a

A.m>0vém¢% B.m>0
. 3
C.m>0vam¢z D. m<0
Huéng din gidi

A ‘A A A . \ A It A A \ 5
biéu kién d€ d6 thi ham s6 coé ti€émcanla -4m+5#0< m # 2

Phuong trinh dudng tiém cén ding la x =m

Dé tiém can dang nam bén phai truc tung thi m >0
m>0

Viy diéu kién can tim 1a 5
m * Z

Chon A.

Bai todn 2: Tiém cén ciia d thi ham s6 phén thirc hiru ty

4+ Phwong phap giai

- Tiém c4n cia d6 thi ham sd y= 4 véiAlasé Vi du: Cho ham s6 y== 2 . Gia tri
f(x) x"=2mx+3m-1
thyc khdc 0 v £ (x) 13 da thitc bac 11> 0 ctia tham s6 thuc m dé dd thi ham s§ da cho nhan

duong thang x =2 14 tiém can dimg 1a

- P4 thi ham sb y= ludn c6 tiém can ngang A ;; =3

4
/(%)

B.m=2
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y=0.

- Puong thang x = X, 1a tiém can dung cua 6 thi

ham so y = khi va chi khi x, 1a nghiém cua

A
f(x)
f(x) hay f(x,)=0

f(x)
g(x)

£ (x), g(x) 1a cac da thirc bac khac 0.

f(x)
g(x)

Vol

- Tiém cén cua d0 thi ham s6 y=

- Diéu kién @€ d6 thi ham s6 y = co tiém

can ngang la bac f(x) < bac g(x).

- biéu ki¢n dé¢ duong thang x=x, la tiém can

f(x)
g(x)

cua g(x) nhung khong 1a nghiém cta f (x) hodc

dung cta d6 thi ham s6 y = 1a x,1a nghiém

x, la nghiém boi n clia g(x), dong thoi 1a nghiém

boim cua f(x) va m<n

4+ Vidu miu

Vi du 1: Tat ca cac gia tri thuc ctia tham s6 m dé d6 thi ham s y =

A.m=8 B.m=0
Huéng din gidi

C.m=#4

C.m#3

D.m#2

Huéng dén gidi

Diéu kién: x> —2mx +3m—1%0

bat g(x) =x" = 2mx+3m—1

bé duong théng x =2 la tiém cén ding cla dd thi
ham s6 d4 cho thi
g(2)=0<:>4—4m+3m—1=0<:>m=3

Chgn A

Vi du: Gia tri thyc cta tham sb m dé do thi ham sb

yzw khong c6 tiém cén dimg la
X—m

A.m=0

B.m=1

C.m=0m=1

D.m=0;,m=-1

Huéng déin gidi

Diéu kién x = m

bat f(x)=2x"-3x+m

D6 thi ham sé dd cho khong c6 tiém can dimg thi

m=0

f(m)=0<:>2m2—3m+m:0<:>{
m=1

Chon C.

mx® —2x+1

co tiém can dung la
2x+1

D. m=#-8

Téap xac dinh D:R\{—%}. bat g(x) =mx’ —2x+1

Dé dd thi ham s6 ¢6 tiém can ding thi x = —% khong 1a nghiém cua g (x)
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@g(—%) 0@%+2¢o@m¢—8

Chon D

x—1

Vi du 2: Biét d6 thi ham s6 y = (m, n 1a tham s6) nhan duong thang x =1 1a tiém can

X’ =2mx+n+6
ding, gid tri cia m + n bang
A.6 B. 10 C.-4 D. -7
Huéng dén gidi
Diéu kién: x> —2mx+n+6 = 0. Dat g(x) =x*-2mx+n+6
Do x =1 la nghiém cua f(x) = x —1 nén d6 thi ham sb da cho nhan dudng thang x =1 1a tiém can ding

thi x =1 phai la nghiém kép cua phuong trinh
l)=—2m+n+7=0 n=2m-7 =1
g(X):O@{g() <:>{ {m

A=m"-n-6=0
Vay m+n=-4.
Chon C

m* =2m+1=0

(Zm—n)x2 +mx+1

Vi du 3: Biét d6 thi ham sb y= nhén tryc hoanh va tryc tung lam hai tiém can. Gia

x> +mx+n—6
tri m+ n bang
A. 8 B.9 C.6 D. -6
Huéng dén gidi
Diéu kién x> + mx+n—6=0
Phuong trinh dudng tiém cin ngang ctia d6 thi ham s61a y =2m —n
=2m-n=0 (D
bat f(x) =(2m—-n)x> +mx+1 va g(x) =x"+mx+n-6
Nhan thﬁy f (0) #0 véi moi m, n nén dd thi nhin truc tung x=0 la tiém can dung thi

2(0)=0=n-6=0<n=6.Kéthop véi(1)suyra m=3.

Vay m+n=9
Chon B
, \ 1 ax>+x-1 .. s\ A \ A3
Vi du 4: Cho ham s0 y =———— ¢6 d6 thi (C) (a, b 1a cac so thyc duong va ab = 4). Bict rang
4x +bx+9

(C) co tiém can ngang y = ¢ va c6 ding mot tiém can dimg.

Gié tri ctia tong T =3a + b — 24c bang
A.8 B.9 C.6 D. 11

Huéng dén gidi
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Piéu kién 4x* +bx+9 =0

‘A A , X 1 1A £ 14 a a
Phuong trinh tiém can ngang ctia do thi ham so 1a y = 2 = 2 =c

Do thi (C ) ¢6 mdt tiém can dimg nén ta c6 cac trudng hop sau:
Truong hop 1: Phuong trinh 4x* +bx+9=0 c6 nghiém kép x=x, va khong 1a nghiém cua

ax’> +bx+1=0

< b'-144=0<=b=+12.Vi b>0 nén b:12:>a:%:>c:é
lxz+x—l

Thir lai ta c6 ham s0 y = —————— (théa mén)
4x" +12x-9

Vay T =3.l+12—24.L:11
3 12
Truong hop 2: 4x* +bx+9=0 c6 hai nghiém phan biét va mot trong hai nghiém théa min
ax’ + x—1=0. Diéu nay khong xay ra vi ab =4 .
Chon D

Chuy: a; b> 0 nén mdau so (néu co) hai nghiém déu am, tir so hai nghiém trdi dau.

Bai toan 3 Tiém cén clia dd thi ham s6 vo ty
Cho ham s8 vo ty y = £ () Vi du: Tat ca céac gia tri thuc cia tham s m dé d6

2
- Tim tap xé&c dinh D cua ham so. thi ham sé y = (2’" + 1)x +3

2 1 A 4 4
- bé ton tai tiém can ngang cua d6 thi ham so VY +1
y = f(x) thi trong tap x4c dinh D ctia ham s6 phai Dgang di qua diem A(L; -3) la

c6 duodng tiém can

chtra it nhit mot trong hai ki hiéu -oo hodc +oo va A. m=0
ton tai it nhat mot trong hai gidi han Xlirr; y hodac B.m=+1
C.m=-2
D.m=2
Huéng dén gidi
Tap xac dinh D=R

Ta cod lim y =2m+1 nén d thi chi c6 mot duong

x—>too

lim y hiru han.

X—>+00

tiém can ngang la y =2m +1
D¢ tiém c4n ngang di qua diém A(1; —3) thi

2m+1=-3 o m=-2
Chon C

4+ Vidu miu

Vi du 1: Biét d6 thi ham s§ y = 2x ++/ax* + bx+4 c6 tiém can ngang y = —1
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Gié tri 2a —b® bang

A. 56 B. -56 C.-72 D. 72
Huéng dén gidi
Didu kién ax’ +bx+4>0

Dé @6 thi ham s6 co tiém can ngang thi a >0

Khi d6, ta co
lim y = lim (2x+\/ax2 +bx+4) =400

—4)x* +bx+4
limyzlim(2x+\/ax2+bx+4):lim(a Jx +bxrd

X X o ax® +bx+4 —2x
a-4=0
a=4 _ 3

= b 3 1<:>L) 4.Vay2a—b =-56

—a-2

Chon B.

Chii y: Pé lim y = —1 thi bdc tir phai bang bdc mdu nén phai cé6 a—-4=0. Khi dé lim y =

b
lim R N

mx++/x* —=2x+3

Vi du 2: C6 bao nhiéu gia tri ctia tham sé m dé d6 thi ham sé y = 1 c6 mot duong tiém
x —
canngangla y =27
A.0 B. Vo sb C.1 D.2
Huéng dén gidi

Tap xac dinh D =R\ {%}

Taco limy:m—H; limy:mT_1

X—>+0 2 X—>—0
—=2
ERER A A \ ‘A A \ 2 m=3
Do thi ham s0 c6 mot duong tiém cén ngang la y =2 & = {

Chon D

<+ Bai tip tw luyén dang 2

A A3 Ao X ax+1
Cau 1: Biet rang do thi ham so y =
X—

cé tiém can dung la x =2, ti€ém can ngang la y =-3. Khi do
a+b bing
A. -1 B.2 C.1 D. -2

A , s 4 X 22X 1: L £ (m+1)x_2m+1
Cau 2: Cac gia tri thuc cia tham s6 m dé d6 thi ham s6 y =

" khong c6 tiém cén ding la
x —_—
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A.m=2 B. m= C.m=1 D. m=-1

1
2

ax +1

Cau 3: Cho ham sé y = . Gia tri cia tham s6 @ va b dé d6 thi ham s6 nhan duong thang x =1 lam

x —2

A A NP 2 | A .
tiém can dung va duong thang y = 5 lam tiém can ngang la

A.a=2;b=2 B.a=2;b=-2 C.a=1b=2 D.a=-1b=-2
Cau 4: Gia tri ciia tham s6 m dé duong tiém can dimg ctia d6 thi ham sé y = ;nx —1 di qua diém A(1; 2)
xX+m
la
A.m=-2 B. m=-4 C.m=-5 D. m=2
Cau 5: C6 bao nhiéu gia tri ctia tham sé m dé d6 thi ham s6 y = X ml khong c6 duong tiém can dung?
mx +
A.0 B.1 C.3 D.2
Cau 6: Biét d6 thi ham s6 y = Zx+1 c6 duong tiém cén ding la x =2 va dudng tiém cén ngang la
x —
y =3, giatri ciia a +b bang
A.4 B.0 C.1 D.5
A I TR R L qX aA geay L mx+2 .
Cau 7: Tat cé cac gia tri cia tham s6 m dé do thi ham so y = . c6 tiém can dung la
x —
A.m#2 B. m=#-2 C.m<=2 D. m<2
A \ Z 2mx +1 , . x . .2 , . \ A ~ , A N
Cau 8: Cho ham so0 y = v6i tham s6 m # 0. Giao diém cua hai duong tiém cén cua do thi ham
xX—m

s6 da cho thudc dudng thang nao dudi day?

A. 2x+y=0 B. y=2x C.x-2y=0 D. x+2y=0
Céu 9: Gia tri cia tham s6 m dé dudng tiém can ding cia do thi ham s6 y = x+3 . di qua diém
X+m-—
A(S; 2) la
A. m=-1 B.m=6 C.m=4 D. m=-4
Cau 10: Cho ham sb y= m3;+1 T Biét d6 thi ham sb nhan truc hoanh va truc tung lam ti€ém cén ngang
X+on+
va tiém can ding. Khi d6 tong m + n bang
A0 B. -1 c.t p. 2
3 3 3
A Ae o2 g g . , A 2R 4 a A A Py R + mx+35 ..
Cau 11: Tat ca cac gia tri thyc ctia tham s6 m d€ duong tiém can ngang cua d6 thi ham so y = 1 di
X+

qua diém M (10; -3) 1a

A.m=5 B. m=-3 C.m=3 D.m=——

TOANMATH.com Trang 27



A A 5 ’ .7 . 5 A A 3A . \ A - 1 r . \ ‘A A \ .
Cau 12: Tat ca céc gia tri thuc cua tham so m dé d6 thi ham s0 y = 2 ¢6 hai duong tiém can va hai
x—2m

dudng tiém can d6 cung voi hai truc toa d6 tao thanh mot hinh chit nhat c6 dién tich bang 1 1a
A.mzil B.mzil C,m:—l D.m=l
6 3 6 6

(n—3)x+n -2019

(m, n la tham sé) nhén truc hoanh lam tiém céan
x+m+3

Cau 13: Biét dd thi ciia ham sd y =

ngang va truc tung la tiém can dtimg. Téng m — 2n bang
A.0 B.-3 C.-9 D.6

Céu 14: D) thi ham s6 f(x) == _bl
X+

di qua diém M (1; 2) va c¢6 dudng tiém can dimg la duong thang

x=-2.Giatri f(-1) bang

A.2 B. -8 C. L D.6
2
Cau 15: C6 bao nhiéu gia tri thuc cta tham s6 m dé hai duong tiém can cua dd thi ham sd y= 2x——mz—1
x—m

cat nhau tai diém thugc duong thang y = x +1?

A.l B. -1 C.0 D.2
Cau 16: D6 thi ham sd y = 3x il 29 c6 duong ti€ém can ding la x = a va duong tiém can ngang la y =5.
X+
Gi4 tri nguyén cua tham sd m nho nhat théa mén m > a+b 1a
A.m=-1 B. m=-2 C.m=0 D. m=-3
ax+1

di qua M (2; 5) va c6 duong tiém can ding 1a duong thang x =1

Céu 17: Biét do thi ham sé y =
X+

thi tong a + d bang

A.l B.8 C.7 D.3
~ SA A s a1 £ (a_Zb)x2+bx+1 A " , R | 2 A
Cau 18: Bict do thi cia ham s6 y = 5 ; c6 tiém can dung la duong thang x =1 va ti€ém
X 4+x-—
can ngang 1a dudng thing y = 0. Gia tri a +2b bang
A.7 B.8 C. 10 D.6

(4a—b)x2 +ax+1

Céu 19: Biét do thi ham s6 y = ~—
x +ax+b-12

nhan tryc hoanh va truc tung lam hai tiém can thi gia

tri a +b bang
A. 10 B. 15 C.2 D.-10
X +ax’ +bx+c
(x-2)

A.9 B. 4 C.1 D.7

Céu 20: Biét d6 thi ham s6 y = khong c6 tiém can ding. Gia tri b+ ¢ bang

X +ax? +b

s— khong c6 tiém cén ding. Gia tri ab bang

Ciu 21: Biét d6 thi ham s6 y = )
x—1
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A.2

Cau 22: Biét rang d0 thi ham s§ y =

A.-2

Ciu 23: Biét do thj ham s y =

A -2

4

Céu 24: Véi cac s thuc duong a, b dé dd thi ham sb y

B. -1

B.2

N3x+1+ax+b

C.-2

(x-1)°

Vix+1+ax+b

(x-3)

B. —

15
16

c. -2

8

\/a+bx—\/§

D.1

D. -2
16

khong co tiém can ding. Gia tri a +2b bang

p. -2

khong co tiém can ding. Gia tri ab bang

c6 ding mdt duong ti€ém can.

x_
Gia tri 16n nhét cua biéu thuc log,, g bang
AL B.2 C.-1 D.-2
2
DAP AN
1-A 2-A 3-C 4-A 5-C 6-A 7-B 8-B 9-D 10-B
11-B 12-C  [13-C  |14-B 15-A | 16-B 17-A | 18-B 19-B | 20-B
21-C [22-C  |23-C  [24-D

Dang 3. Xac dinh cic dwong tiém cin ciia dd thi ham an

Bai toan 1: Biét d6 thi, bang bién thién ciia ham s6 y = f (x), xic dinh tiém cdn ciia dd thi ham s6

y= A v6i A 12 s6 thye khac 0, g(x) xac dinh theo f(x)

g(x)
+ Phuwong phap giai

- Xac dinh tiém can dung: Vi dy: Cho ham s6 y = f'(x) lién tuc trén R va c6

+ S6 tiém can cta do thi ham s6 y = la s do thi nhu hinh v&.

A
g(x)
nghiém cua phuong trinh g(x)=0. YA

+ Duya vao d6 thi, bang bién thién ctia ham so

y=f (x) dé xac dinh sd nghiém cta phwong trinh

A o

g(x)=0 dé suy ra s6 dudng tiém can dimg.

- Xac dinh tiém can ngang: dua vao nhanh vo tan

cua do thi, bang bién thién ctia ham s6 dé xac dinh.
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S6 duong tiém can dang cua d6 thi ham so

= 1
YT )
A. 2. B. 3.
C.4. D. 1.

Huéng dén gidi

S6 duong tiém can dung cia dd thi 1a sb nghiém
cua phuong trinh f(x)+1=0< f(x)=-1.

Duya vao d6 thi ta thdy phuong trinh ¢6 ba nghiém
nén c6 ba tiém can dang.

Chon B.

4+ Vidu miu
Vidy 1. Cho ham s y = f(x) lién tuc trén R va c6 bang bién thién nhu hinh v& dudi day.

X |—o0 1 40

y ~ 0 +

—2

Tong s duong tiém can cia ham s6 y=——— 1a
A. 2. B. 3. C. 1. D. 4.
Huéng din giai

S6 duong tiém can dung cua d6 thi 13 sb nghiém cua phuong trinh f(x)+1=0 f(x) =-1.

Tir bang bién thién ta thiy phuong trinh ¢6 hai nghiém phéan biét nén d6 thi ham s6 y = W co
x)+
hai duong ti€m cén ding.
L 1 1 .. 1 1 | Y S A A
Taco lim ————=——=—; lim ————=——=— nén d0 thi ham so0 c6 hai duong ti€ém can
v f(x)+1 341 47 o= f(x)+1 141 2

. |- 1
ngang la y:Z va y=§.
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Vay dd thi ham sd y= c6 bbn duong tiém can.

1
f(x) +1
Chon D.

Vidy 2. Cho ham s6 y = f(x) x4c dinh, lién tyc trén R va c6 bang bién thién nhu hinh v& bén dusi.

X |- 1 2 +
y' c 0 o 0 %
+
-
0
—0
Tong sb tiém can ngang va tiém can dimg ctia do thi ham s6 y = 3; la
f(x + x) +3
A. 2. B. 4. C.3. D. 1.

Huwéng din gidi

Pit t=x" +x, taco khi x > —oo thi t > —o0 vakhi x — +oo thi  —> +o©.

Mit khéc ta ¢6 ' =3x*+1>0,VxeR nén véi moi e R phuong trinh x*+x=¢ c6 duy nhat mot
nghiém x.

S6 duong tiém can dung cia d6 thi 1a sb nghiém cua phuong trinh

f(t)+3=0e f(1)=-3.

Ttr bang bién thién ta thiy phuong trinh ¢6 duy nhat mot nghiém nén dd thi ham sé y = 3;
f (x + x) +3
c6 mot tiém can dung.
A 1 . 1 . 1 . A AR s s A
Ta c6 lim — = lim———=0; lim . = lim =0 nén do thi ham so
e (x4 x) 43 o f(1)+3 o (P 4x)+3 o= f(1)+3
=————— c6 mdt tiém cén ngang la y=0.
4 f (x3 + x) +3 4
Vay db thi c6 hai duong tiém can
Chon A.

Vidy 3. Cho ham sé bac ba f(x)=ax’ +bx’ +cx+d(a,b,c,d € R) ¢6 dd thi nhu hinh v& dudi day.
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Db thi ham sé g(x)= ¢6 bao nhiéu duong tiém can dung va tiém can ngang?
1 g g g gang

f(4-x")-3
A.2. B. 3. C.4. D. 5.
Huéng din gidi

bit r=4—-x*,taco khi x > too thi t > —0.

Khido lim g(x)= lim L. 0 nén y=0 la tiém can ngang ciia d6 thi ham s6 g(x).

x—>#o0 t——o f(t) -3

Mit khéc f(4—x2)—3=0@f(4—x2)=3©L_x2 _4

4—x2=—2©[x=i\/g

= D6 thi ham sé g(x) c6 ba dudng tiém can dimg.
Vay dd thi ham sd g (x) c6 bbn duong tiém can.
Chon C.

Bai toan 2: Biét do thi, bang bién thién ciia ham s6 y= f (x), xéc dinh tiém cin ciia d6 thi ham s6

y= M v6i ¢(x) 1a mét biéu thirc theo x, g(x) 12 biéu thirc theo f(x)

g(x)
4+ Phuwong phap giai
- Dya vao d6 thi ham s6 y= f(x) tim nghiem Vi ~ du:  Cho  ham s6 bac  ba
_ .3 2 LA - . ~
cua phuong trinh g(x) =0 va xac dinh bicu thuc f (x) =ax +bx" +cx+d ¢6d6 thi nbnr hinh vE.

g(x). .er
o(x)

- Rut gon bicu thitc ———= va tim tiém can dang,

g(x)

tiém can ngang.

Chii y: . :

- Piéu kién ton tai cia o(x).

- Sir dung tinh chat néu da thie g(x) c6 nghiém
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la x=x, thi g(x)=(x—x,).g(x),6do g (x) la

mot da thirc.

4 Vidu miu

(" =3x+2)v2x+1
(x4 -5x° +4)f(x)
nhiéu duong tiém cén ding?

A. 2. B. 6.

C.4. D. 3.

D6 thi ham s6 g(x)= c6 bao

Huéng dén gidi
X2——

Diéu kién xac dinh {x #1; x = 2.

f(x);tO

Vi diéu kién
(x)— V2x+1
TG (xr2) s (x)

Khi d6 s6 duong ti€ém can dung ctia do thi ham so

trén, ta co

g(x) 1a s6 nghiém cta phuong trinh f(x)=0
, N 1
théa man x > R

Duya vao do thi ta thay phuong trinh
f(x)=0e [i ) ]; €(%1) (60 man didu kign)
Véy d6 thi ham sb y = g(x) c6 hai duong tiém cén
dang.

Chon A.

Vi dy 1. Cho ham s6 bac ba f(x)=ax’ +bx’ +cx+d 6 dd

thi nhu hinh vé.

,_‘

3x+2)\/x_

Do thi ham s6 g(x)= G |

/(%=1 (x)]
duong tiém can dung?
A. 4. B. 6.
C.3. D. 5.

Huwéng din gidi

|
c6 bao nhiéu :
I

/
\ B
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x>1 x>1
Dicu kién xac dinh {x#0 <4 f(x)=0.
f(x)=f(x)=0 f(x)=1
f(x)=0 (1)
Xét phuong trinh 7 (x)— f(x)=0 & .
(x)= /() F)=1 (2)
Duya vao db thi ta thiy
- Phuong trinh (1) c¢6 hai nghiém phéan biét x =x, <1 (loai) va x =2 (nghiém kép).
- Phuong trinh (2) c6 ba nghiém phan bi¢t x =1, x=x, 6(1;2), xX=x,>2.
Khi do
L) =1 ()= F @)L (x)-1]=a" (x=x) (x=2) (x=1)(x -2, ) (x—x,)
Suyra g(x)= x|
Y= azx(x—xl)(x—Z)(x—xz)(x—xs)’

trong d6 x, <1, x, €(1;2), x, >2 nén dd thi ham s y=g(x) cobatiém can dimgla x=2; x=x,;

X=X,.
Chon C.

Vidy 2. Cho ham s bac ba f(x)=ax’ +bx” +cx+d c6 dd thi nhu hinh v& dudi day.

YA

! x
/ 10 1 7
bat g(x) = & Do thi ham s6 y = g(x) ¢6 bao nhiéu duong tiém can dang?
VR EEETIE e
A. 4. B. 2. C.s. D. 3.

Huéng din giai

Diéu kién xdc dinh £ (x)-2f(x)#0 < {f (

Ta cod fz(x)—Zf(x)zob{
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Dya vao do thi tacé f(x)=0 c6 hai nghiém x=x, <0 va x =1 (nghiém kép).
x=1x, €(x;-1)

f(x)=2<:> x=0

x=x,>1
Vay biéu thirc /7 (x)—-2f(x) = f(x)[ f(x)-2]

=a’ (x—xl)(x—l)2 x(x—x,)(x—x5).

2
Khi do6 ta co g(x)= r Y = !

S(x)=2f(x) @ (x=1)(x—x)(x-x)(x-x)
Vay dd thi ham sd ¢6 bdn duong tiém can dung.
Chon A.

Vidy 3. Cho f(x) la ham da thirc bac 6 ¢6 bang bién thién nhu sau

-3

(x—.’))(x2 —4x+3)
£ ()L (%) =2]
A. 3. B. 2. C.4. D. 1.

Huéng din gidi
f'(x)#0
f(x) £2

Do thi ham s6 g(x)= c6 bao nhiéu dudng tiém can dirng?

Didu kién {

"(x)=0
Tacd (x—3)(x* —4x+3)=(x=3) (x=1); f'(x).[f(x)-2]=0e S'3) .
f(x)=2
Dua vao bang bién thién, ta c6
f'(x)=0 conghiémla x =1; x =2 (nghiém kép); x =3 (nghiém kép)
:>f’(x):a()c—l)()c—2)2(x—3)2 véia>0.

x=x <1

f(x)=2 c6 hai nghiém L v e(23) nén f(x)=(x-x)(x-x,).p(x) véi p(x) la mot da thuc

bac 4 va p(x)>0,‘v’xe]R.
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1
a()c—2)2 (x—xl)(x—xz).p(x) '

Vay d6 thi ham s6 y = g(x) c6 ba duong tiém can dang.

Khi dé g(x)=

Chon A.
Chu y. Do f(x) la ham da thirc bdc 6 nén f(x) la ham da thirc bdc 5.

Vi du 4. Cho ham sé y:f(x) la ham da thic bac 6 théa man 3f(1)—2<0 va
3f(a)-a’ +3a>0,Ya>2.Dd thiham s6 y = f’(x) nhu hinh v&.

ylk

SO dudng tiém cén dimg ciia d6 thi ham s6 g(x) = e :;;ll e 1a
A. 0. B.2. C. 1. D. 3.
Huéng din giai
bt h(x)=3f(x+2)-x’ +3x.Dicukién h(x)#0.

Taco h'(x)=3f"(x+2)-3x"+3, I'(x)=0< f'(x+2)=x" -1.
bat r=x+2,tadugc f'(t)=1"—4t+3. (*)

V& d6 thi ham s6 y = > —4¢+3 vao cung hé truc ¢6 d6 thi ham sd y = /'(¢) ta dugc hinh v& sau

\
\\. X

o TS B ~T% ]

Dua vao do thi ta théy (*)cobanghiémla t=1,t=3;t=a>4.
Suy ra phuong trinh h'(x)zO conghiémdon x=-L; x=Lx=a-2=b>2.

Ta c6 bang bién thién cua /(x) nhu sau
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h(1) /
h x
( ) \h(b)
N

Vi h(—l):3f(1)—2<0 va h(b)=3f(a)—(a—2)3 +3(a—2)=3f(a)—a3 +3a+6a’-12a+2>0
voi moi a >4 nén phuong trinh A(x) =0 c6 hai nghiém phan biét x = x, <-Lx =x, e (-11).
Véy do thi ham s6 y = g(x) c6 hai tiém can dimg.

Chon B.

<+ Bai tap tu luyén dang 3

Céu 1: Cho ham s6 y = f(x) lién tuc trén R\ {1} va c6 bang bién thién nhu sau

X —0 =2 s | 2 + o0

¥ = 0 & + 0 e
+0 +®
: \ /
2

Do thi ham s6 y =

1 . )
————— ¢6 bao nhiéu duong tiém can ding?
2f(x) -5
A. 0. B. 4. C.2. D. 1.

Céu 2: Chohamsd y = f (x) lién tyc trén ting khoang xac dinh va c6 bang bién thién sau

X —® 1 2 + 00
f'(x) + - 0 +
s +0
5
F(x)
9 3
Tong s6 duong tiém can ding va ngang cia do thi ham s6 y = ﬁ la
x —_—
A. 2. B. 3. C.4. D. 5.
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Céu 3: Cho ham s6 y = f(x) c6 bang bién thién nhu sau

X - -1 0 1 +00
y' & i e 0 3
180 2 1 1
y
— -0 —1
A A \ A A /. R A 5 A . \ A 2 \
Tong s6 dudng tiém can dung va tiém can ngang cia do thi hams6 y = ———— 1a
3f (x) -2
A. 3. B. 4. C.5. D. 6.

Céu 4: Cho hamsd y = f (x) lién tuc trén R\ {1} va c6 bang bién thién nhu sau

X -0 0 1 +oo
f (X) i 0 - =
—1 +00
(x) /
P
- 0
. . 1 . .
Do thi ham s6 y = ————— ¢6 bao nhi€u duong tiém can dung?
2f(x) +3
A. 3. B. 0. C.2. D. 1.

Céu 5: Cho hamsé y = f (x) ¢6 bang bién thién nhu sau

X% - -2 2 +o

y' + 0 - 0 +

Do thi ham s y= ; c6 bao nhiéu tiém can dung?
(3 — x) -2
A. 3. B. 1. C.0. D. 2.
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Céu 6: Cho ham s6 bac ba y = f(x) c6 do thi nhu hinh v& yA
, , : 12
bén. SO tiém can dung cua d6 thi ham s6 y = ﬂ lIa
S(x)-1
A.1 B.2 : e
. . . . o 48
C.3. D. 4.
-2

Céu 7: Cho ham s6 y = f(x) c6 bang bién thién nhu hinh v& sau

X —o0 -2 0 +a0
y' + -
+o0 |1
5 0
A . 5 \ A 1 rLA 5 [N \ A A
Do thi ciaham s y = W c6 tat ca bao nhiéu duong ti€ém cén ngang?
x —_—

Al B.2. C.3. D. 0.
Céu 8: Cho ham s6 y = f(x) c6 bang bién thién nhu hinh v&

X —o0 =2 0 +00
y' + =
+coo (] 1
. / \
o 0
D6 thi ctia ham s y = ﬁ ¢6 bao nhiéu duong tiém can?
x —
Al B.2. C.3. D. 0.

Ciu 9: Chohamsb y = f(x) xéc dinh trén R\{-1;1}, c6 dao ham trén R\{-1;1} va c6 bang bién thién

nhu sau

X - -1 0 1 +o

y' - 0 + +

+0 + +w 0
e 1 s
N . 1 . .
Do thi ham s6 y = W ¢6 bao nhiéu tiém can ding va ti€ém can ngang?
x)—
A. 2. B. 3. C.4. D.5.

Céu 10: Cho ham s6 y = f(x) xéc dinh, lién tuc trén R va c6 bang bién thién nhu sau
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X =90 -2 i +00
f'(x) S 0 I 0 =
+00
5
f(x) /
1
A A oA A N\ gt A A 7 5 A . \ A 1 \
Tong sO tiém cén ngang va tiém can dang cia d6 thi ham s6 y = ——— 1a
f(x3 + 2x) -5
A. 2. B. 4. C.3. D. 1.
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Céu 11: Cho ham s bac bon y = f(x) c6 do thi nhu hinh
v& bén. Sb duong tiém can ding cua dd thi ham sb
(x2 - 4).()62 + 2x)
y= P a
[/ ()] +2f(x)-3
A. 2. B. 5.
C.3. D. 4.

Cau 12: Cho ham s& f(x)=(x+3)(x+1)" (x—1)(x-3)

cO dd thi nhu hinh v& PO thi ham sb

-1 . .
g(x) =— YY" 6 bao nhidu duong tiém cén dung

S ()=9/ (%)
va tiém can ngang?
A. 8. B. 3.
C. 4. D. 9.
Céu 13: Cho ham béc ba f(x)=ax’ +bx’ +cx+d c6 do

thi nhu hinh v& bén. Sb duong tiém can ding va tiém can

. . xt—4x7 +3
ngang cua do thi ham s6 y = 5 la
(x=1)(/* (x) -2/ (x))
A. 4. B. 5.
C.2. D. 3.

Céu 14: Cho ham s6 béc ba f(x)=ax’ +bx’ +cx+d 6
d thi nhu hinh v& bén. DS thi ham sb
(x2 —2x)\/1—x
g(x)= ;
(x—3)[f (x)+3f(x)]

c6 bao nhiéu duong tiém

can dang?
A.S. B. 4.
C.6. D. 3.

Céu 15: Cho ham s bac ba y = f(x) c6 d6 thi ham sb
nhu hinh v& bén duéi. DS thi ham  sd
Jx
g(x)= ;
(x+ ) (x) =/ (%)]

c¢6 bao nhiéu tiém can

¥

L
)co

O ns's
7
R —
v =

dang? X
A3, B.0. g
C. 1. D. 2.
TOANMATH.com Trang 41



Cau 16: Choham s y = f (x) c6 bang bién thién nhu hinh v& sau

X -0 1 2 +o0
y + — 0 +
11| +o© + oo
y
g 1
Tong s6 duong tiém can dung va dudng tiém can ngang ctia do thi ham s6 y = # la
e/ -3
A. 4. B. 3. C.5. D. 2.
Céu 17: Cho ham s6 y = f(x) c6 bang bién thién nhu hinh v& sau
X - -1 1 +00
f'(x) + 0 - 0 +
+ 00
f(x) 5 \ /
0
A L xt =1
Hoi do thi ham s6 y = ———————— ¢0 bao nhi€u tiém can dung?
S (x) =41 (x)
A.S. B. 2. C.3. D. 4.

Céu 18: Cho ham s6 y = f(x) c6 dao ham lién tyc trén R \{1} va c6 bang bién thién nhu hinh v& sau

X —o0 1 + o0
i N _
5 +0o0o
y
5 -1
< Zf(x)_?’ PN n A ar A n S A £ \
bat g( ) = f(x) — S6 duong tiém can ding va tiém can ngang ctia do thi ham so y = g(x) la
A. 4. B. 5. C.6. D. 3.

Céu 19: Cho hamsé y = f (x) lién tyc trén R va c6 bang bién thién nhu sau

X —0 -2 1 +00
400
J (X) : \ /
-1
— 0
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A s 1 A 1 r A [N A PN A J
Do thi ham s6 y = YR bao nhiéu tiém can ngang va tiém cén dung?
o>

A. 2. B. 3. C.4. D. 5.

Céu 20: Cho hamsé y = f (x) lién tyc trén R va c6 bang bién thién nhu sau

X ~c0 -1 0 4 +00
f'(x) = 0 + 0 - 0 +
+ 0 + 00
\ 3
fx) -1 / \
-5
A L s £ fz(x)+2f(x)+1 , LR A A, o s . A " , . \ ‘A "
bo thi ham s6 y = I ( ) 5 co tong soO tat ca cac duong tiém can ding va duong tiém cén
x —
ngang la
A. 4. B. 5. C.6 D.7
DAP AN
1-B 2-D 3-D 4-C 5-A 6-C 7-A 8-C 9-C 10-C
1-D (12-C |13-A [14-D |15-A |16—-A |[17-D |18-A |19-C |20-C
Dang 4. Bién luin s6 dwong tiém cdn ciia do thi ham so6
f(x)

Bai toan 1: Bién ludn sé dwong tiém cin cia dd thi ham sé phéan thic y=

g(x) 1a cac da thire
4+ Phwong phap giai

/(%)

g(x)

biéu kién dé do thi ham s6 y = cO tiém can

ngang khi va chi khi bac f(x) < bac g(x). Khi do

/(x)
g(x)

d6 thi ham s6 y = c6 dung mot duong tiém

can ngang.

biéu kién dé do thi ham s6 y = ¢O tiém can

g(x)

dung x = x,

, VOi f(x) va

g(x)

Vi du: Xét db thi ctia ham sb

_ o x-1 :f(x)
X =3x+2  g(x)

Khi d6, do bac cua f(x) nho hon bac g(x) nén

d6 thi c6 mot duong tiém can ngang y = 0.

Ta c6 x=-2 la nghiém g(x)=0 nhung khong la
nghiém cia f(x)=0 nén x=-2 1a tiém cén ding

cua do thi ham so.
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Truong hop 1: x =x, la nghiém cua phuong trinh
g (x) =0 nhung khong la nghiém ctia phuong trinh
f(x) =0.

Truong hop 2: x = x, 1a nghiém boi n cua phuong
trinh g(x)=0, dong thoi 1a nghiém bdi m cua
phuong trinh f(x)=0 thi n>m.

Taco f(x)=(x—x,)".f,(x) véi f,(x) khong co
nghiém x=x, va g(x)=(x-x))" .g(x) voi

g, (x) khong c6 nghiém x = x,. Khi d6

LI AW A
g(x) (x=x))" g (x) (x=x)" ".g(x)

nén x =x, la tiém can ding cua do6 thi ham s da

cho.

4+ Vidu miu

Vi x=1 la nghiém kép cua g(x)=0 va la nghiém
don cua f(x)=0 nén x=1 1 tiém can dimg cua
dd thi ham sb.

Vay d thi ham s6 ¢6 3 tiém can la

y=0; x=-2; x=1.

x+2

Vi du 1. Goi S 13 tap céc gia tri nguyén duwong cia tham sd m dé do thi ham s y = co

ba tiém can. Tong cac gia tri clia tap S bang

A. 6.
Huéng din gidi

B. 19.

bidu kién x> +2x+m> -3m=0.

C.3.

X +2x+m*=3m

Tacod lim y=0= dd thi ham sd ludn c6 mot tiém can ngang y=0.

x—>too

S6 duong tiém can ding cia ham sd di cho 1a sé nghiém khac -2 cia phuong trinh

x*+2x+m*—=3m=0 nén dé do thi ham s6 y =

x+2

X +2x+m*=3m

c6 ba ti€ém cén thi phuong trinh

x” +2x+m’ —3m =0 phai c6 hai nghiém phan biét khac -2.

3-13 34413
2 <m< 2 -

{1—m2+3m>0
= =

2
m:—=3m#0 m=0,m=3
Do m nguyén duong nén m e {1;2} .

Vay tong cac gia tri cta tap S bang 3.
Chon C.
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X +m

cO dang hai duon
x*=3x+2 8 g

Vi du 2. Tong tit ca cac gia tri thyc cta tham sé m dé do thi ham s y =

tiém can la
A.-5 B.4 C.-1 D.5
Huéng din gidi
Didukién x#Lx#2.

Vi lim y =1 nén d6 thi ludn c6 mot duong tiém can ngang y =1 véi moi m.

xX—>*oo
x=1

Ta co x2—3x+2<:>[ .
x=2

Xét f(x)=x"+m.Dé dd thi ham s6 c6 dung hai duong tiém cén thi f(x) phai nhn x=1 hogc

f(l):Oc{mH:OC{mz—l

f(2)=0 " [m+4=0

o V6i m=-1,taco hamso y=

x =2 la nghiém hay { 4
m=—

2
x -1 x+1 X L a1 e 4 oA A 1s
= nén do thi c6 hai duong tiém cén la x=2;y=1

X =3x+2 x-2
(thoa man).
x’ -4 _x+2

5 = nén do thi c¢6 hai dudng tiém can 1a x=1;y =1
x =3x+2 x-1

e Véi m=-4,tacod hamso y=

(thda man).

Vay § = {—1;—4} nén tong cac gia tri m bang -5.
Chon A.

x*=3x+2

Vi du 3. Tinh tong tit ca cic gia tri nguyén ciia tham sd m dé dd thi ham s6 y = khong co

¥ —mx—m+5
duong tiém can dung

A. -12. B. 12. C. 15. D. -15.
Huéng din gidi

Diéu kién x> —mx—m+5#0.

bat f(x)=x"-3x+2,g(x)=x"—mx—m+5.

=1
Tacod f(x)=0< {x 5 1a nghiém don cta tur thirc.
X =

Dé d6 thi khong co tiém can dung, ta co cac truong hop sau
Truong hop 1. Phuong trinh g(x)=0 vo nghiém A =m*+4m—20<0< -2-23/6 <m<-2+26.
Do meZ nén me {—6;—5;...;2}

\ A aA . . . i l-m-m+5=0
Truong hop 2. f(x):O nhéan dong thoi x=1 va x =2 lam nghiém < <Sm=3
4-2m-m+5=0
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x*=3x+2

Thir lai, tacod y =
' Y x*=3x+42

=1, khi d6 dd thi ham sb y =1 khong co tiém can = loai.

Vay cac gia tri nguyén clua m dé dd thi khong c6 tiém can dung 1a m e {—6; —5;...;2;3} nén téng béng
-15.
Chon D.

2x—1
(mx2 —2x+1)(4x2 +4mx + 1)

Vi du 4. Tap hop cac gia tri thyc cua tham s m dé do thi ham s§ y = co

ding mot duong tiém can 1a
A. {-1;0} B. {0} C. (~o0;-1)u{0} D. (—o0;—1)U(1;+00)
Huéng din gidi

mx>—2x+1#0

Piéu kién .
4> +4mx +1#0

-1
45 +1

-Véi m=0, ham s6 c6 dang y =

Do thi ham s ¢6 ding mot ti¢m can ngang y=0.
Do d6 m =0 la mot gia tri can tim.
-Véi m=#0.

Tacod lim y =0 nén do thi ham s6 c6 mot tiém can ngang y =0.

Dé dd thi ham s6 c6 dung mot tiém can thi
+ Truong hop 1. Hai phuong trinh f(x) =mx’ -2x+1=0 va g(x) =4x> +4mx+1=0 cung vo

nghiém
1-m<0 m>1 .
= = = vO0 nghiém
4m* -4<0 -l<m<1
+ Truong hop 2. Phuong trinh (mx” - 2x +1)(4x” + 4mx+1) =0 c6 nghiém duy nhét la x = % . Khi d6

x= % la nghiém ctia mét trong hai phuong trinh f (x) =0 hodc g (x) =0

L {mzo
| 4 = _ 1.
142m+1=0 "=~
Do m#0 nén m=-1.
Thr lai, véi m =—1 thi ham s6 1a
2x—1 1

y:(—x2—2x+1)(4x2—4x+1):(—x2_2x+1)(2x_1)
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Khi d6, d6 thi ham sb da cho c6 cac tiém cén dimgla x=-1+ \/E,x =

Vay tap hop tham sé m can tim la m {0} .

Chon B.

% = m =—1 khong thda man.

Bai toan 2: Bién luin s6 duwong tiém cin cia do6 thi ham so6 chira can thire

4+ Phwong phap giai

Thuc hién theo cac budc sau

Buworc 1. Tim tap xac dinh cua ham sb.

Buworc 2. Xac dinh cac dudng tiém can.

- Tiém can ngang

+ Diéu kién can: D¢ d6 thi ham sb chira cin thirc ¢6
tiém can ngang thi trong tap xac dinh phai c6 cac
khoang (—0;a) hodc (b;+w).

+ Piéu kién du 1a: Ton tai mot trong cac gioi han

lim =g hodc lim =4 thi duong thiang y =a hoic

X—>—00 X—>+00
y =b la tiém can ngang cua do thi ham so da cho.
* Tiém can dung: Ton tai gia tri x, d€ mdt trong

lim y =+ thi

X=Xy

cac gioi han lim y =-oc0 hodc

xox;

x =Xx, la tiém can dung ctia d6 thi ham s6 da cho

4+ Vidu miu

Vi du 1. Tét ca céc gia tri thuc ciia tham sd m dé d6 thi ham sd y =

A.m> i B. m>0
9
Huwéng din gidi

mx’—4>0

Piéu kién
x#3

Dé d6 thi ham sb c6 tiém can ngang thi m > 0.

C. 0<m<i
9

Vi du: Xac dinh cac duong ti€ém cén cua dd thi ham

6 yo =X
Y X =3x+2°

Huéng dén gidi
Tap xac dinh D =[-1;1).

V1I-x’

3 c6 tap xac dinh la
x =3x+2

Xét ham sb y=

D:[—l;l) nén d6 thi ham sd khong c6 tiém can
ngang.

Ngodi ra, x=2 la nghiém ctia mau nhung khong
¢6 lan can trong tap xac dinh nén khong ton tai

lim y .

x—2*

1-x* X\ g
Ta c6 lim y = lim —————==+00 nén do thi c6
x>0 x—1" (2_)(:)‘,1_)(

mot tiém can dung x=1.
Chiui y: Lan can cua x, trong tap xac dinh la céac

khoang dang (a;x,);(x,;0) = D

mx’—4 e
c6 dang ba tiém can la
x_

D. VmeR
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2 Néu m<0 thi mx*—4<0

. 2
Khi d6 tap xac dinh cua ham s61a D =| —o0;——— |U| —;+0 |\{3}.
i xicdi o M

I g

Ta co lim =—+/m nén d6 thi ham so

X—>+0 X — X—>—0 x—3

c6 hai tiém can ngang la y = +Jm

A LA s A A I \ 4
bé ton tai ti€ém cén ding x =3 thi 3 >—<:> 5 .

N

Két hop lai ta c6 ng.

Chon A.

; I T I , £ 2 aA 1 La £ x+1-+x" +3x
Vi du 2. Tat ca cac gia tri thyc ctia tham s6 m dé¢ do thi ham s6 y =

c6 dung hai
X +(m+1)x—m=-2 s

duong tiém can la

m21
m< =2 m2>1
A.meR B. {|m<=2 C. D.
m# -3 m< -2
m# -3
Huwéng din gidi
. x> +3x>0 x<-3;x20
bicu kién ) = .
X +(m+1)x—m—2¢0 x#Lx#z-—-m—-2

Tap xac dinh D = (—o0;—3] U [0;+00) \{1;—m -2}

Tacd lim y=0,Vme D= y=0 1a tiém can ngang cta do thi ham sd.

x—>*tw
Pé dd thi ham sb co ding hai duong tiém cén thi phai c6 mot duong ti€ém cén ding.

- Véi m=-3 thi D=(—o0;-3]U[0;+00)\{1}.

x+1=+/x%+3x -1

X -2x+l (x—l)(x+1+\/x2+3x).

Do @6 lim y =—w va hm y=—0o0 nén x=1 1atiém can dng ctia d6 thi ham s6 = m = —3 thoa man.
-1

x—>1"

Khi d6, ta c6 ham sé y =

-V6i m#-3,taco

. . x+1-+/x" +3x . -1 -1
lim y =lim =1lim =

2T ol () x—m =2 (x+m+2)(x+1+m) 4(m+3)

= x =1 khong la tiém can dimg cua do thi ham sd.

-m-2<-3 [mzl

Dé duong x = —m—2 1a tiém can dung thi = .
-m—-220 m< =2
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m2>1
Khidé lim y=zo00 (tuytheom)nén x=-m—2 latiém can dimg khi {m <-2.

x—>(-m-2)"

m#-3

X . m=>1
Két hop ca hai truong hop, ta co -
m

Chon D.
Vi du 3. Tt ca cac gia tri thyc ctia tham s6 m dé d0 thi ham s6 y = x ++/mx” +1 c6 tiém can ngang 1a
A.m>1 B.0<m<1 C.m=1 D. m=-1
Huéng din giai
Trwong hop 1. Véi m =0 thi ham s6 1a y = x +1 nén d6 thi khéng c6 tiém can ngang. Do d6 m =0
khong phai gia tri can tim.
1

1 .
Wamiia

Trwong hop 2. Vi m < 0 thi ham sb c6 tap xac dinh 1a D = [— } nén khong ton tai lim y

va lim y = d0 thi khong c6 tiém can ngang.
X—>+00
Do d6 m < 0 khong phai gia tri can tim.

Truong hop 3. V&i m > 0 thi ham s c6 tap xac dinh 1a D =TR.

Xét lim ()c+\/mx2 +1):+oo.

X—>+00

1- 21
Xét lim (x+\/mx2 +1) i L) L
xX—>—0 x—)wox_ [me +1

Dé d6 thi ham sb c6 tiém can ngangthi 1-m=0& m=1.
Chon C.

x—1

Nmx* =3mx +2

Vi du 4. Tép tAt ca cac gia tri thuc cua tham s6 m dé dd thi cia ham sb y= c6 bon

duong tiém can phan biét 1a

A. (0:420) B. (§;+ooj . (§;+ooj D. @;+ooj\{1}

Huéng din gidi
Diéu kién mx? —3mx+2>0. (¥)

. -1 X s .
Truong hop 1. V6i m=0,taco y = X7 nén dd thi khong c6 duong tiém can.

2
Do d6 m = 0 khong phai gia tri can tim.
Truong hop 2. Vi m < 0.
Phuong trinh mx® —3mx+2=0 ¢6 A=9m>—8m>0,Yym<0 nén  Néu A<O thi him s6

c6 tap xac dinh Ia
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mx’ —3mx+2>0< x€ [xl;xz] (v61 x,,x, 1a hai nghiém ctia phuong D=9
trinh mx® —3mx+2 =0) nén dd thi ham sb khong c6 tiém cén ngang, chi

c6 tdi da hai tiém cén ding

Do d6 m < 0 khong phai gia tri can tim.

Truong hop 3. Vi m > 0.

Xét phuong trinh mx® —3mx+2=0.
-Néu A =9m’ —8m<0®0<m<§.Hémséxécdinhtrén R.
Khi @6 mx* —=3mx+2>0,Vx € R nén d6 thi ham s khong co6 tiém cén ding ma chi c6 hai tiém can

ngang la y:J_rL vi lim :L va lim =

-1
iy sy

-Néu A:9m2—8m=0<:>m=§.

3(x-2) ~ 3(x-2)

J8x* —24x+18  2[2x-3)

Khi d6, ham s6 tré thanh y = nén do thi ham so6 chi ¢c6 mot tiém can

dng va hai tiém can ngang.

-NéuA:9m2—8m>O:>m>§. New x =1 la nghiém cua

phuong trinh g(x) =0,
Ham s6 x4c dinh trén cac khoang (—o05x,) va (x,;+0). do pheong trink g(x) = 0

Khi d6 d6 thi ham s6 c6 hai tiém c4n ngang 1a y = J_rL. c6 hai nghiém phdn biét

m

R 4 1 1 £ an L 1A \ A A ©AA s 1 £ o4 a nen phuong trinh
bé d6 thi ham s6 da cho c6 bon duong tiém can thi do thi ham so phai

o e A A s, =0 co mot nghié
c6 hai duong ti€ém cén dung. g(x) co mot nehiem

Vi x =1 la nghiém cua tir f(x)=x-1 nén dé dd thi c6 hai tiém cén nita x=a=#l thi
dimg thi x=1 khong phdai la nghiém cua phuong trinh g(x) - m(x—l).(x B a).
Khi @6 ham s6 cé dang

1

mx’ =3mx+2=0=m-3m+2-0=>m=1.

x—
y:
e A qa M _ _
Vay gia tri cua m can tim 1a 9. \/m(x 1).(x a)
m#1 nén chi c6 mot tiem cdn

Chon D. dungla x=a.

1+vx+1

Vi du 5. Co6 bao nhiéu gia tri nguyén cia tham sé m dé do thi ham s6 y = \/ ) c6 hai
x—(1-m)x+2m

tiém can ding?

A. 1. B. 2. C.4. D. 3.
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Huwéng din gidi

o x=-1
biéukién | | .
X —(1—m)x+2m>0

bat f(x)=x*—(1-m)x+2m

Dé d6 thi ham sd ¢ hai duong tiém can dung thi phuong trinh f (x) =0 c6 hai nghiém phan biét
X,%, =—1.

Truong hop 1. f(x) conghiém x=-1< f(-1)=0=m=-2.

1++x+1
Vx? =3x-4

Khi d¢6 ham s6 c6 dang y = c6 tAp xac dinh 13 D = (4;+o0) nén chi c6 mot tiém cén

ding.
A>0
Truong hop 2. f(x) c6 hai nghiém phan biét x,,x, > -1 < < (x, +1)(x, +1)>0
X +x, >-2
m<5-26
(1—m)2—8m>0 m>5+2J6
S {2ml-m+1>0= = 2<m<5-26
1-m>-2 m>-2
m<3

DomeZ nén m=-1,m=0
Chon B.
Bai toan 3: Bién luin s6 dwong tiém cn ciia do thi ham an
4 Vidu miu

Vidy 1. Cho ham s6 y = f(x) liéntyc trén R va y = f'(x) c6 bang bién thién nhu sau

X —® -1 1 +00
F(x) 4 - 0 -
f'(x) -+

1 —0
A1 A 2020 r 1A % A A A 4
b6 thi ham s6 g (x) = W c6 nhiéu nhat bao nhiéu duong ti€ém can ding?
X)—m

A. 1. B. 2. C.3. D. 4.

Huéng dén gidi
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Diéu kién f(x) m.

2020
f(x) —-m

Dé d6 thi ham s6 g(x)= c6 duong tiém cin ding thi phuong trinh f(x) = m phai c6 nghiém.

Tur bang bién thién ctia ham s6 y = f”(x) suy ra phuong trinh f'(x)=0 c6 ding hai nghiém la {x

vol —l<a<l<b.

Tir d6 ta c6 bang bién thién cia ham s6 y = f(x) nhu sau

X -0 -1 a 1 b +20
f'(x) - 0 + 0 =
f(b
f(x) / (b)
0 \
Suy ra phuong trinh y = f(x) c6 nhiéu nhat la ba nghiém phan biét.
A A s X 2020, g A A
Vay do thi ham s0 g(x) = W c6 nhiéu nhat ba dudng tiém can dimg.
x)—m

Chon C.

2020

m v6i h(x)=mx* +nx’ + px* +qx. (m,n,p,q e R,m=#0),

Vi dy 2. Cho ham s6 g(x)=
h(0)=0.Hamsd y =h'(x) c6 do thi nhu hinh v& bén dusi.

¥ A

\ B

_10

|

C6 bao nhiéu gid tri nguyén ctia tham s6 m dé d6 thi ham s g(x) c6 hai tiém can dimg?

A. 2. B. 11. C.71. D. 2019

Huéng din gidi
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Te d6 thi suy ra h’(x)zm(x+1)(4x—5)(x—3)=m(4x3—13x2—2x+15) vai m<0 nén
s 13 5 2
h(x)zm X —?x —x"+15x | do h(0)=0.
D6 thi g(x) c6 hai dudng tiém cén dimg < phuong trinh /(x)=m" +m c6 hai nghiém phan biét
4 13 3 2 r . A ~ ‘A
& X" ——x" —x" +15x =m+1 c6 hai nghiém phan biét.
= s 13 5 2
bat f(x)=x -3 x X +15x.

Ta c6 bang bién thién cua f(x) nhu sau

X — 0 -1 % 3 + 0
f'(x) - 0 + 0 = s
+00 8575 +00
768 /
f(x) \
0

_32
3

Vi m <0 nén m+1€(%;1}<:>me(_735;0)

Viy ¢6 11 sb nguyén m.
Chon B.
Vi du 3. Cho ham s y = f(x) la ham s6 bac 3. Do thi ham s6 y = f'(x) nhu hinh v& dudi day va

f(-1)<20.
y A

y <

A L1 J4 f(x)—ZO \ X 1A A A PR v .
D6 thi ham so g(x) =>————— (m la tham s0 thuc) c6 bon tiém can khi va chi khi
S(x)=m
A.m<f(3) B.f(3)<m<f(—1) C.m>f(—1) D.f(3)£m£f(—l)
Huéng din gidi
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Diéu kién f(x) m.

Tur d6 thi ham s6 f'(x), ta c6 bang bién thién ham s6 £ (x) la

X —o0 =1 3 +00
f'(x) + 0 - 0 +
f(-1)
e \
f(3)

-Néu m =20 thi d thi ham sé khong c6 di bdn tiém cén.

-Néu m # 20 thi lim M
X—>Fo0 f(x)—m

=1= Puong thang y =1 la tiém cén ngang cua do thi ham so.

Ta c6 phuong trinh f (x) =20 ¢6 mdt nghiém x=a >3 vi f(-1)<20.

Suy ra do thi ham s g(x) c6 bén tiém can khi phuong trinh f(x)=m c6 ba nghiém phén biét khac
as f(3)<m< f(-1).

Chon B.

Vi du 4. Cho ham s6 f(x) lién tyc trén R va lim f(x)=1; lim f(x)=+w. C6 bao nhiéu gi4 tri

X—>—00 X—>+00
2
NxT+3x +x

nguyén cta tham sd m thudc [-2020;2020] dé d6 thi ham sb g(x)= co tiém can

Zf(x)—fz(x)+m

ngang nam bén dudi duong thang y = —1.

A.2. B. 0. C. 1. D.3.
Huéng dén gidi
x<-3;x>20

Didu kién {0 < f(x)<2
Zf(x)—fz(x)+m¢0

Do lim f(x) =+ nénkhi x =+ thi 2/ (x)— f*(x) > -0 vivly /2f(x)- f?(x) khong c6 nghia

X—>+0

khi x di 16n. Do d6 khong ton tai lim g(x).

X—>+00

Xét lim g(x) .

X—>—00

Vi lim f(x) =1 nén lim 27 (x)= f* (x) = [ lim [ 2/ (x) = /* (x)] = 1:

X—>—00 X—>—0 X—>—00
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lim (\/x2 +3x + x) = lim 3 _%

_ o —( /1—3+1J
X

Tuwdé lim g(x)= voi m = —1.
H—wg( ) 2m+2
. ’ A . \ A R A \ \ N _3
Khi d6 d6 thi ham so g(x) c6 tiém can ngang l1a duong thang y = iy
m+
Pé tiém can ngang tim dugc ¢ trén nam dudi duong thang y = —1 thi
- 1
<-leo-l<m<—
2m+2
VimeZ nén m=0.
Chon C.
4 Bai tap tw luyén dang 4
Cau 1: Tat ca cac gia tri thuc cua tham s6 m dé dd thi ham sb y= zx —1 c6 ba duong ti€m cén la
mx~ —2x+3
1 m # 0 m#0 m#0
m<—
A. 5. B. sm=#-1. C. 1. D. <m=#-1.
m<—
m#0 1 3
m<— m<—
3 5
2
Cau 2: C6 bao nhiéu gia tri cia tham sé m dé dd thi ham s6 y = me3 ! c6 dung hai duong tiém can?
x" =3x+
A. 3. B. 2. C.1. D. 4.
) . . s . X +x-2
Cau 3: Tat cé cac gia tri thuc cua tham s0 m dé d6 thi ham so y = PERRTY— c6 ba duong tiém cén la
X =2x+m
A.m<1 B. m#1vam#-8 C.m<lvam=#=-8 D. m<1va m=#-8
Cau 4: Tat ca cac gia tri thuc ctuia tham s6 m dé dd thi ham s y= % c6 mot duong tiém can
x —4x+m
ding va mot dudng tiém can ngang la
A. me{4;—12} B. me[4;12] C.m=-4 D. m=12

Cau 5: C6 bao nhiéu gid tri nguyén cia tham sb m thuoc khoang (—10;10) dé dd thi ham sé

6x-3 . g A« \ . A
y= c6 dang mot duong tiém can?
(mx2 —6x+ 3)(93(2 + 6mx + 1)

A. 6. B.7. C.5. D. 10.

I++vx+1
VX —mx—=3m

Céu 6: Tap hop tat ca cac gia tri thuc cia tham sé m dé do thi ham sd y = c6 dung hai

tiém can dung la
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col] m[h c. (o] D. (000

A A, o 4 sy , 4 R 2A 1 Lo £ m L oA ~ \
Cau 7: Tat ca céc gia tri thuc ctia tham so m dé do thi ham so y =+/x* +1 —Ex c6 tiém can ngang la

A.Khongtontaim  B.m=-2 C.m=-1vam=2 D.m=2vam=-2
2x+1
\/(l—m)xz +3x-1

Cau 8: Tat ca cac gia tri thuc cua tham s6 m dé do thi ham sé y = c6 duong tiém can

ngang la
A.m>1 B.0<m<1 C.m<1 D. m=1
A 2
Ciu 9: Tat ca gia tri cua tham s6 m dé @6 thi ham sb y= m +3;nx+1 c6 ba duong tiém can la
X+
1 1 1
A.m<0 B.0<m<— C.0<m<— D. m>—
2 2 2

Vx—-1+2019

\/x2—2mx+m+2

Cau 10: Tét ca gia tri cua tham s6 m dé d6 thi ham sé y = c6 dung ba duong tiém can

la

A. m>2hoic m<-1B.2<m<3 C.m<2 D.2<m<3

J=x> +2019x + 2020 —12/70
x? —(m+1)x+m

Cau 11: C6 bao nhiéu gia tri nguyén ctia tham s6 m dé d6 thi ham sé y =

c6 dang hai duong tiém can?
A.2019. B. 2018. C.2021. D. 2020.

x+1

Nmx? +1

Cau 12: Tat ca cac gia tri cua tham so m sao cho do thi cua ham s6 y = c6 hai tiém can ngang

la
A.m>0. B. m<0. C. m=0. D. Khong c6 m.

Cau 13: Goi S la tap tit ca cac gia tri cua tham sb m dé dd thi ham sb

y=3x* +3x> +2 —/4x? +3x+2 + mx co tiém can ngang. Tdng cac phan tir ciia S bing

A. -2. B. -3. C.2. D. 3.
Cau 14: Tat ca cac gia tri thuc ctia tham s6 m dé dd thi ham s y= x—” c6 hai tiém cén dung
m(x—l)2 +4
la
m<0
A. . B. m<l1. C. m<0. D. m=0.
m#—1
(m—l)x+l

Cau 15: Tat ca cac gia tri thuc cia tham so0 m sao cho d6 thi cia ham s6 y = c6 dung mot

VX' —x+1
duong tiém can ngang la

A. khong co gia tri nao cua m thoa man. B. VmeR.

C. m=1. D. m=0.
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Cau 16: Tét ca cac gia tri ciia tham s6 a dé d0 thi ham s6 y = ax ++/4x> +1 co tiém can ngang 1a

C.a==%2. D. a =+1.

x—+x*+1
Nax? +2

A.a=-2 VQGZ%. B.a=%

N | —

Cau 17: Tat ca cac gia tri cua tham s6 a d€ d6 thi ham s6 y = co tiém can ngang la

A.a>0. B. a=1hodac a=4. C. a<0. D. a>0.
— 2 \ r 2
Cau 18: Cho ham sé y= Y Y 5 4 thi (C,). Tap hop céc gid tri cia tham s6 thuc m dé

Vx> —6x+2m
(C,,) co dung hai tiém cén dung la
A. (09]. B. [8:9). . [4%} D. (4%}

(2m+l)x2 +3

Cau 19: Tét ca cac gia tri thyc cta tham sb m dé dd thj ham sb y= c6 duodng tiém cén

xt+1
ngang di qua diém A(-1;3) la
A.m=0. B. m=+1. C.m=-2. D. m=2.
Cau 20: Tat ca cac gia tri thuc cia tham s6 m dé dd thj ham s6 y:x; co ba tiém can la
xP+m
m<0 m=0
A.m=0. B. . C. . D. m>0.
m# -9 m=-9

mx—3

Nm*x? +2016

Cau 21: Tt ca cac gia tri thuc cua tham s6 m dé do thi y = c6 hai duong tiém cén ngang

la
A. m<0 . B. m=0. C.m>0. D. m#0.
Céu 22: Tat ca cac gia tri thyc cua tham s m dé d6 thi ham sb y :% c6 dung mot duong tiém
can la
A. -1<m<0. B. -1<m<0. C.m<-1. D. m>0.
_Nx-m-3

Céu 23: Cho ham s6 f'(x) c6 do thi (C). C6 bao nhiéu gia trj nguyén ctia tham s m thudc

x' —4x+3
doan [-10;10] dé o thi (C) c6 dung hai duong tiém can?

A. 3. B. 1. C.0. D. 2.
Chu 24: Cho ham s6 f(x) lién tyc trén R vacé lim f(x)= lim f(x)=2. Goi S Ia thp hop cac gia tri

X—>+00

It I , -1 2 +3
cua tham s6 m d¢ do thi ciia ham s0 g(x)= (x )[f (%) ]

= co téng sb tiém can dang va tiém
x? +2(m—1)x+m2 -2

c4n ngang bang 2. Tong cac phan tir cia S bang
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A. —l. B.-2 C.-3 D. i
2 2
DAP AN
1-B 2-B 3-D 4-A 5-B 6-—A 7-D 8§-C 9-B 10-D
11-A |[12-A |13-A |[14-A |15-C |16-C |17-D |18-D |19-D |20-C
21-D |22-A (23-D |24-A
Dang 5. Bai toan lién quan dén do thi ham s6 va cac dwong tiém cin
“e . . Ne g ten £ | A A a ad 3.1 A ax+b
Bai toan 1: Bai toan lién quan dén duong tiém cin cia do thi ham so y = y,
cx +
4+ Phwong phap giai
A 1 L £ ax+b \ . A , \ A - L AA s
D6 thi ham s6 y = c6 duong tiém can Vi du: Cho ham s6 y = 5 o0 do thi (C). Toa
cx + X+

khi va chi khi ad —bc #0,c #0.
Khi d6, phuong trinh duong tiém cén dung la
d

X=-—.
c

Phuong trinh duong ti€ém can ngang la y = a.
c

- Toa do giao dieém cua hai duong ti€ém can la

2 d a o~ \ A L 5 X
diem 7 (——;— va ciling la tdm doi xung cua do
c c

thi.
- Hai duong ti€ém cén cta do thi ham so cung véi

hai truc toa d¢ tao thanh mot hinh chir nhat c6 cac

kich thudc 1a |——| va |—| nén co6 chu vi la
c c
dl |al) . o s ad
C=2||—|+|—|| vadiéntichla §=|—-
c|l |c c

4+ Vidu miu

. cs s £ 2 2A © 1y A mx
Vi du 1. Gia tri cia tham s m dé do thi ham so0 y =

A(—1;J§) 1

do giao diém 7 cua hai duong ti€m cén cia dd thi
(C)1a
A. (2;—2). B
C. (—2;2). D.
Huéng déin gidi
Ta c¢6 phuong trinh hai duong tiém cén la x =-2
va y =2 nén toa do giao diém / cua hai duong tiém
canla 7(-2;2).

Chon C.

c6 duong tiém can dung di qua diém
2x+m
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A m=-2. B.m=2. C.m=+2. D.m=-1.

Huwéng din gidi

, A X 11y A g oen A , \ \ z m
Tacd ad —bc =m* +2 # 0,¥m nén do thi ham so c6 tiém cén ding la duong thang x = 5

Pé tiém can dung di qua diém A(—l;\/z) thi —% =-leom=2.

Chon B.
Vi du 2. Cac duong tiém cén cua d6 thi ham s y = 2x +13 tao véi hai truc toa do mot hinh chit nhat co
x —
dién tich bang
A. 3 (dvdt) B. 6 (dvdt) C. 1 (dvdt) D. 2 (dvdt)

Huéng din gidi

Phuong trinh cac duong tiémcanla x =1,y =2.

Do d6 hai duong tiém cén va hai truc toa do tao thanh hinh chit nhat dién tich béng 1.2 =2 (dvdt).
Chon D.

, L, o0 o e , £ 24X 1 1 £ 2mx+m \ A A ,
Vi du 3. Tat cé cac gia tri thuc cua tham s6 m dé d6 thi ham s6 y = 1 c6 duong ti€m can dung,
x —

tiém can ngang cua dd thi ham sb cung hai truc tga d9 tao thanh mét hinh chit nhat c6 dién tich béng 81a

A. m#=E2. B. m=2. C.mzi%. D. m=%4.

Huéng dén gidi

Diéu kién dé d6 thi ham s6 co tiémcanla 2m-m#0< m#0.

Khi d6 phuong trinh hai duong tiém cénla x=1va y =2m.

Theo cong thuc tinh dién tich hinh chit nhat tao bdi hai ti€ém cén va hai truc toa dd, tacod S = |2m| .
Theo gia thiét thi [2m|=8 <> m = +4.

Chon D.

Vi du 4. Cho do thi hai ham s6 f'(x) = 2x +11 va g(x)= i +21 vOi a # % Tat ca cac gia tri thuc duong
X+ X+

ctia tham sb a dé cac tiém can cia hai d6 thi ham s tao thanh mot hinh chit nhat c¢6 dién tich béng 41a

A.a=6. B.a=4. C.a=3. D.a=1.
Huéng din gidi
A s Ly £ 2x+1 0 ‘n A 1s \
Do thi ham so f(x) = o hai duong tiémcanla x=—1va y=2.
X+

CA L fea A A 1 £ ax+1 , ., A Ta 1
biéu kién d€ do thi ham so g(x)= 5 cotibmceanla 2a—-120 s a#—.
X+

Véi diéu kién d6 thi dd thi ham sb g(x) c6 hai duong tiémcanla x=-2 va y=a.
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Hinh chir nhat duoc tao thanh tir bén duong tiém can cua hai dd thi trén c6 hai kich thuée 1a 1 va |a - 2| .

a=06

Theo gia thiét, ta c6 |a —2[.1=4 <:>|: .
a:_

Via>0nén a=6.

Chon A.

Vi du 5. Cho ham s6 y = x_+1 ¢6 do thi (C ) Hai duong tiém can cia (C ) cit nhau tai /. Puong thing
x —

d:y=2x+b (blatham s thyc) cit d6 thi (C) tai hai diém phan biét 4, B. Biét b <0 va dién tich tam
s s 1S N
giac AIB bang 7 Gia tri cua b bang
A. -1 B. -3. C.-2. D. -4
Huéng din gidi
Ta c6 toa do diém /(L;1).
Phuong trinh hoanh d¢ giao diém cua (C) vadla

x#1
f(x)=2x"+(b=3)x-b-1=0(*)

x—+1=2x+b<:>{

x—1
Duodng thing d cat d6 thi (C) tai hai diém phan biét khi va chi khi f(x)=0 c6 hai nghiém phan biét

A=b*+2b+17>0
khac 1l & S VbelR.

f(1)=-2=#0
Goi x,,x, 1 hai nghiém ciia (*).
Khido A(x;;2x, +b), B(x,;2x, +b).
Taco I4d=(x —1;2x, +b-1); IB=(x, —1;2x, +b-1). Chi y:
- Véi tam giac ABC 6
AB =(a;b); AC = (c;d )

B +2b+17 1

thi S, ==|ad —bc|.

Dién tich tam giac [4B 1a S = %|(x1 —1)(2x, +b=1) = (x, —1)(2x, + b -1)|

1 1
:E|(b+l)(xl —x2)| :E|b+1|

2 ' 2
o |b+1| b +26+17 15 - Néu phuong trinh bac
Theo gia thiet thi =— . 2 ,
4 4 hai ax” +bx+c=0 co

b=2 hai nghiém phan bict

b=—4 JA

X,,x, thi |x1 —x2|=—
Do b<0 nén b=-4. a

Chon D.

& (b+1)[(b+1) +16]=225 & (b+1)’ =9@{
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Vi du 6. Trong mit phang toa do Oxy, cho hai duong tron (C,) va (C,) lan lugt cd phuong trinh

(x=1F +(y—-2)" =1 v& (x+1) +* =1. Biét db thj ham s y = 2
X+cC

di qua tam cua (C,), di qua
tam cua (C,) va c6 cac dudng tiém cén tiép xtic véi ca (C) va(C,). Tong a+b+c la
A.5. B. 8. C.2. D.-1.
Huéng din gidi
buong tron (C,) co tdm 7, (1;2); R =1va (C,) cotam I,(-1;0); R, =1.
Dicu kién dé do thi ham s6 co tiém can 1a ac —b = 0.

Goi (C) 1 db thi ham s6 y = “+0

x+c

Khi d6 ta c6 cac dudng tiém can (C) la x=—c vd y=a.

atb _, c#=l
Taco 1,1, (C) = c+l <qa=b
-a+b
=0 a=c+l
c—1
: y . le+1]=1
Puong thang x = —c tiép xiic vdica (C,) va (C,) nén o1 1:>c:0
C — =

=a=b=1
Khi d6 tiém can ngang cua (C) 1a y =1 tiép xtic véica (C,), (C,) théa man bai toan.
Vay a=b=lc=0=a+b+c=2.

Chon C.

\e, g Ne . A - . N A aA e ps ' ax+b _. | A A
Bai toan 2: Bai toan vé khoang cach tir diém trén do thi ham so y = dén cac dwong ti€ém cin

cxX +

4+ Phwong phap giai

S SRR A ax+b \ . , G oTx 4 —
Gia st do thi ham s0 y = c6 cac duong tiém Vi du: Xét ham s0 y =
cx+d x—1

c6 hai duong
.y d . a tiém cén la x=1 va y=2. Khi do tich céc

canla A :x=——va A, :y=—.
¢ ¢ khoang céach tir diém M bat ky trén dd thi dén

ax, +b

GQiM(xO;conrdJlédiémbétkitréndéthi. hai duong tiém cin 13 d = 2+
Khi 46 d, =d(M:A)=|x,+ =[S
C C
b a |ad—bc|
4, —d(sa,)=|Ztb
2 ( ) |cx0+d c ‘c(cx0+d)‘
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ad — bc

2
C

Viy ta ludn c¢6 d,.d, = =K 1a mot sb

khong doi.
Khi  do d +d, >2Jdd, =2JK nén
min(d, +d,)=2JK khi d, =d,

|ch | _ |ad be %@(conrd =|ad - bd|.

|c|‘cx+

4+ Vidu miu

Vi du 1. Goi M 1a giao diém ctia d6 thi y = 2x - v6i truc hoanh. Khi dé tich cac khoang cach tir diém

2x+3

M dén hai duong tiém cén cua dd thi ham sb di cho bﬁng
A. 4. B. 2. C. 8. D. 6.
Huéng dén gidi

Goi d,, d, lan luot 1a khoang cach tr M dén tiém can ding va ti€ém cén ngang cua dd thi ham sb da cho.

Ap dung cong thic, ta co d.d,= 6+2 =2.

Chon B.

Vi du 2. Cho ham s y = 2x _23 (C). Goi M 1a diém bat ky trén (C), d la tong khodng cach tir M dén
x —

hai duong ti€ém cén cua dd thi. Gia tri nhé nhat cua d béng
A. 10. B. 6. C.2. D. 5.
Huéng dén gidgi
Goi d,, d, lan luot 1a khoang cach to M dén tiém can dang va ti€ém cén ngang cua dd thi ham sb da cho.

—4+3
1

=1.

Ap dung cong thic, ta co d.d,= ‘

Khidé d =d, +d, >2Jd . d, =2.
Vﬁy dmin =
Chon C.

Vi du 3. Cho ham s6 y = 1=3x c6 dd thi (C) Piém M c6 hoanh d6 duong, nim trén (C) sao cho
-X

khoang cach tir M dén tiém can dg gap hai 1an khoang cach tir M dén tiém cin ngang cia (C ) Khoang
cach tir M dén thm ddi xtmg cta (C) bang

A. 5. B. 3./2. C. 245. D. 4.
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Huéng dén gidi
3x, -1

X, =3

Gia st M(xo; )E(C) (x, > 0;x, #3).

Do thi (C) ¢6 tiém can dimg A, :x =3, tiém can ngang A, : y =3 va tam dbi xtmg 1(3;3).

Khi d6 d, =d (M;A,) = |x, -3| va d, :d(M;Az):ﬁ'
XO—
Theo gia thiét d, = 2d, < |, —3|=i@[x° " =%, =7 (do x, > 0).
|x0—3| x, =-1

Vay M(7;5)= IM =245 .

Chon C.

4x —

> ¢6 db thi (H). Goi M (xy;,) v6i x, <0 1a mt diém thudc do thi

Vi du 4. Cho ham sb y =
x+1

(H) théa man tong khoang cach tir M dén hai duong tiém can cua (H) bang 6. Gid tri cia bicu thirc
S =(x, + ¥, )2 bang

A. 4. B. 0. C.9. D. 1.
Huéng din gidi

Db thi (H) c6 tiém cén ding A, :x=—1 vatiém cnngang A, :y =4.

Goi M(xo;‘:io;lsje(fl),xo #-1,x,<0.
Khido d, =d(M;A)) =|x, +1| va d, :d(M;Az):ﬁ:dl.dz =9.
0

Taco d, +d, >2\/d,d, =6 nén min(d, +d,) =6 khi
=2
d1=d2<:>|x0+1|=L:> o .
|x0+1| x, =—4
Do x, <0 nén M(-4;7)=S=9.
Chon C.

ax+b
cx+d

Bai toan 3: Bai toan lién quan giira tiép tuyén va ti€ém cin ctia do6 thi ham s6 y =

4+ Phwong phap giai

Ta c6 cac dang cau héi thwong gip sau

Gia str do thi ham s6 y = ax+b ¢6 do thi (C) co

cx+d Cau 1: Tinh dién tich tam giac I4B.
d a
cac duong tidmcanla A, :1x=—— , A, :y=— va 1 2|lad —bc| 1
& Hem e ! c YTV s, :EIA.IB:—| > |:5K
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. ax, +b
Goi M| x,;—>—
ex, +

Khi d6 tiép tuyén ctia (C) tai M 1a

J 1a diém bt ky trén do thi.

ad —bc ax, +b
diy=—(x—x,) +——.

(cx0+d)2( 0) cx, +d
Goi A=dnNA,
4 _i;Zbc—ad+acx0 - 2(ad - bc) '

¢ c(ex,+d) c(ex, +d)
B=dnA,

2
:B(2x0+1;3)318:(cx0—+d)‘.
c c c
. 4|ad—bc| TR 2.
Do d6 I4.IB =——— = K 1a mdt so khong doi.
c

Do AIAB vudng tai I nén

1 2|ad —bc|
Sy =—IAIB=———=

AIAB
2 c’

doi.

Ngoai ra, ta co {
Yatrs=

trung diém ctia AB.

1

X, +x, =2x,

2yy

—K 1a mot s khong

nén M ludn la

Céu 2: Tim diém M € (C) hogc viét phuong trinh
tiép tuyén cia (C ) biét tiép tuyén tao véi hai truc
toa do mdt tam giac vudng co

a) Canh huyén nho nhat.

AB =~IA® + IB* >~2IA.IB =2K .

Diu bang xay ra khi 4 =1IB .

b) Chu vi nho nhét

Taco

IA+IB + AB > 2\JIA.IB +2I4.IB = 2K + 2K
Diu bang xay ra khi /4 =IB.

¢) Ban kinh dudng tron ngoai tiép nho nhét.

Ta co R:lABZ\/K
2 2

Diu bang xay ra khi 4 =1IB .

d) Ban kinh dudng tron noi tiép 16n nhét.

, S K
Tacor=—=————
p IA+IB+ AB

Vay 7 16n nhat khi /4 + IB + AB nho nhat va bang
2\/E + \/ﬁ .

Diau bang xay ra khi /4 =1IB .

e) Khoang cach tir 7 dén tiép tuyén 16n nhat.

Goi H 1a hinh chiéu cua 7 1én d, ta co

1 11 2 2 K
=t > = S H< 2
IH* 14 B> I4IB K 2

Dau bang xay ra khi /4 = IB.

Nhdn xét: Cac cau hoi trén thi dang thire déu xay
rakhi /4 =IB nén AIAB vudng cantail. Goi « 1a
goc giita tiép tuyén d va tiém cdn ngang A, thi
a= (d;Az) = (d;Ox) =45° nén hé s6 goc cua tiép
tuyén 1a k = +tan45°=+1.

Vay céc bai toan trong cau 2 ta quy vé bai toan viét
phuong trinh tiép tuyén cua dd thi ham sd

_ax+b

khi biét hé s6 goc k =1 hodc k =—1.
cxX +
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4+ Vidu miu

Vi du 1. Cho ham sb y = 2x-1 c6 d6 thi (C). Tiép tuyén cta (C) tai diém c6 hoanh do bang 3 thudc

D

(C) cit céc dudng tiém can cla (C) tao thanh tam gidc c6 dién tich bing

A.4. B. 2+42. C. 4+242. D.2
Huéng din gidi
Ap dung cong thiic, ta cd S = w =2.
Chon D.
x—1

Vi du 2. Cho ham sb y = (C). Goi I 1a giao diém cta hai tiém can cta d6 thi ham s (C).

2x-3
Khoang cach tir / dén tiép tuyén bat ky cua do thi (C ) dat gi4 tri 16n nhat bang

1
A —. B. 1. C.\2. D. /5.
J2

Huwéng din gidi
N 2, N A a1y 31
Toa d6 giao diém cua hai duong tiém can la [ E;_

Goi 4, B 1a giao diém cua tiép tuyén d tai M e (C) bat ky vé6i hai duong tiém can.

4lad —bc| 4|-3+2| |

Khidotacd [4.IB = 5
c 4

Goi H 1a hinh chiéu cta / trén d, ta c6 12 =—+—2 =2=1H<
IH> 14 IB® IAIB

11 2 V2
-

Vay IH , =—.
y max 2

Chon A.

Vi du 3. Cho ham s6 y = 2x -1

x—2

c6 dd thi (C). Goi I 1a giao diém cua hai dudng tiém cén cua (C). Biét

tiép tuyén A cia (C ) tai M cit cac duong tiém can dimg va tiém cén ngang tai 4 va B sao cho dudng

tron ngoai tiép tam giac /AB c6 dién tich nho nhat. Khi d6, dién tich 16n nhét cua tam giac tao boi A va

hai tryc toa d6 thudc khoang nao dudi day?

A. (28;29). B. (29;30). C. (27;28). D. (26;27).
Huwéng din gidi
Taco y' = = <0.

(x-2)
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Theo 1y thuyét thi dé dién tich dudng tron ngoai tiép tam giac /4B nho nhat thi 4B nho nhat. Khi d6 hé
sO goc clia tiép tuyén A phaila k = +1.
Do y'<0,Vx nén k =-1.

_ =2-43
Xét phuong trinh y’:k:—32:—1:> g f
(x—2) x=2+\/§

-Véi x=2-3= y=2-3= Tiép tuyén A, :y:—(x—2+J§)+2—J§
<:>y=—x+4—2\/§.

Khi d6 A, cit Ox, Oy tai hai diém M (4-243;0),N(0;4-2V3) va S,y :%(4—2\/5)2.

-V6i x=2+3=y=2++/3 = tiép tuyén A, :y=—(x—2—\/§)+2+\/§
<:>y=—x+4+2\/§.

Khi do A, cét Ox, Oy tai hai diém  P(4+24/3;0), N(0;4+ 243 va S, :%(4+2\/§)2 ~27,85.
Chon C.

Vi du 4. Cho ham s6 y = x_—; g0i d 1a tiép tuyén ciia d6 thi ham sd tai diém c6 hoanh d6 bang m —2.
X+

Biét duong théng d cit tiém can dang cta dd thi ham s6 tai diém A(x1 ; yl) va cét tiém can ngang cua dd
thi ham s6 tai diém B(x,;,). Goi S 1a tap hop céc s6 m sao cho x, + y, =—5. Téng binh phuong cic
phan tir ciia S bang

A. 4. B. 9. C.0. D. 10.

Huéng din gidi

Ditukién m-2#22 < m=0.

Do thi ham s6 ¢6 tiém can ding A:x=-2 vatiémcanngang A':y=1.

3 m—3
Taco y' = =y (m-2)=—va y(m-2)=——.
Y (x+2)2 y( ) " y( ) m
. \ 2 \ 3 m—3
Phuong trinh duong thang d1a y = —(x-m+2)+ .
m m
m—=6 ,
A:dmA:A(—Z;—j;B:dmA = B(2m-2:1)
m

m—=6

Dodo x, +y, =-5<2m-2+

m=-3

2 m
=Se2m +4dm-6=0&
m

Vay S =(-3) +1 =10,

Chon D.
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4+ Bai tap tu luyén dang 5

Cau 1: Cac duong tiém cén cua do6 thi ham s6 y = % cling v6i hai tryc toa d¢ tao thanh hinh chir
x —

nhat co6 dién tich bfmg
A. 4036. B. 1009. C. 2018. D. 1.

2x+1
x+1

Cau 2: Khoang céach tir goc toa d¢ dén giao dieém cua hai duong tiém can cua do thi ham so y =

bang
A 3. B. 2. C. 5. D. 5.

Cau 3: Tat ca céc gid tri thuc cua tham s6 m dé duong ti€ém can dung va dudng tiém can ngang cua do thi

ham s6 y :% cung vo6i hai truc toa d6 tao thanh mot hinh chit nhét c6 dién tich bﬁng 31a
m+l—x
A.mzl;mz—é. B.m=-1m=3. C.mzl;mzé. D.m=—1;m=—§.
2 2 2

mx —1

Céu 4: Cho ham sd y = trong d6 m, n 1a tham sd. Biét giao diém cia hai duong tiém can cia dd

thi ham sb ndm trén duong thing x—2y+3 =0 va do thi ham s6 di qua diém A(0;1). Gié tri cia m+n
bang
A. -3. B. 3. C. 1. D. -1.

Cau 5: Cho ham sb y = ¥+2 6 db thi (C). C6 bao nhiéu diém M thudc (C) sao cho khoang cach tir

diém M dén duong tiém can ngang bang 5 1an khoang cach tir diém M dén tiém can dung?
A. 1. B. 2. C.3. D. 4.
Cén 6: Cho ham s6 y="""1 c6 db thi (C) va 4 1a diém thude (C). Gid tri nho nhét cia téng céc
x —
khoang cach tir 4 dén cac duong tiém cén cua (C) béng

A 242, B.2. C.3. D. 243.

Cau 7: Cho ham s6 y = al

+§ c6 d6 thi la (C). Toa do di€m M c¢6 hoanh do duong thu¢e (C) sao cho

tong khoang cach tir M dén hai tiém can nho nhat 1a
A. (0;-1). B. (2;2). C. (,-3). D. (4;3).

Céu 8: Cho ham s6 y = c6 do thi (C). M 1a diém thude (C) sao cho tiép tuyén cua (C) tai M cat

x—2
hai duong ti€ém cén cua (C ) tai hai diém A, B thoa min AB = 245 Téng cac hoanh do cua tit ca cac
diém M théa min bai toan bang

A. 5. B. 8. C.7. D. 6.

x+2
x+1

(C) dén mot tiép tuyén cua (C). Gia tri 16n nhat clia d bang

Cau 9: Cho ham s6 y = c6 d6 thi (C). Goi d la khoang cach tir giao diém hai tiém can cta dd thi
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A2, B. 34/3. C. 3. D. 24/2.

x—3

Céu 10: Cho ham s6 y = ¢ db thi 1a (C). Goi I 1a giao diém cua hai dudng tiém cén cua (C). Cac

x+1
diém M trén (C) sao cho d¢ dai doan /M ngén nht 1a

A. M, (1;1) va M, (-3;0) B. M, (1;-1) va M, (-3;3)
C. M, (1;-1) va M,(-3;2) D. M, (1;-2) va M, (-3;-3)
Céu 11: Cho d6 thi (C): y = 2 +11 . Goi M 1a diém bat ki thugc d6 thi (C). Tiép tuyén ciia do thi (C)
X

tai M cét hai duong tiém cén cua (C ) tai hai diém P va 0. Goi G la trong tam tam giac IPQ (véi [ 1a giao
diém hai duong tiém cn cua (C)). Dién tich tam gidc GPQ la

2

A.2. B. 4. C.=. D. 1.
3
Cin 12: Cho ham s6 y=22"1 c5 db thi 1a (C). Goi I 1a giao diém cta hai duong tiém can va
X+

M (x,,¥,) (%, >0) 1a mot diém trén (C) sao cho tiép tuyén cua (C) tai M cit hai duong tiém can lan

luot tai A, B thoa man AI° + IB* = 40 . Khi d6 tich x,y, bang

A.l. B. 2. C.1. D.E.
2 4
Cau 13: Tét ca gia tri thyc ctia tham sb m dé dd thj ham sb f (x) =— x+1 c6 hai duong tiém can
X" +mx+1
. X x
dimg 1a cac duong thang x = x, va x = x, sao cho x—12+ x—i >7 la
2 1
>2 2<m>+/5 > /5
A.[m . B. 2<m<2. c |2 b, "V
m< =2 ~5<m<-2 m<—/5
Céu 14: Biét ring do thi cia ham s6 f(x) = 236; c6 hai tiém cén ding la x=x, va x=x, sao
X +mx+n
X=X, =5 o 3
choy | . Gia tri m+ n bang
X —x, =
A.-1. B. -7. C. 1. D.7.
DAP AN

1-A 2-C 3-A 4-B 5-B 6-A 7-D 8§-B 9-A 10-B

11-A |12-B |[13-D |14-C
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