CHU PE 9: Ti SO THE TiCH
I. LY THUYET TRONG TAM
Chui thich V, =T, hé tich cil, V, =T hé tich méi (ding cho ky thudt chuyén dinh va day).
1. Ky thuat doi dinh (ddy khong déi)

a. Song song voi da 5 : o
8 8 Y Dinhctu  BPinh moi

1
1 273 Mat day = .

1) 2

Pinh mdi

Binh c

2. Ky thuit chuyén day (dwong cao khong déi)

V. S ) ) . .
71 = S—l ;voi S, 1a dién tich day cii; S, 1a dién tich day mai
2 2

Chu y:

i. Pua hai khéi da dién vé ciing mot dinh; hai ddy moi va cii nim trong ciing mot mét phang (thuong
thi day cii chira ddy méi). Ap dung cong thic tinh dién tich ctia da giac dé so sanh ti sd giira day
cli va day moi.

ii. Néu tang (hodc giam) mdi canh cua da giac (tam gidc, tr giac), k 1an thi dién tich da giac s& ting
(hodc giam) &* lan.

iii. Ti sb da giac hay gap la ti s6 dién tich ctia hai tam gic.

//,\1“
! ' Vil
s, =E.AM.AN.smA i AM-AN. ,ff_"" \‘.
Suasc ;AB.AC.sinA 4B AC .r_/_/_ \
B Biiiianse

3. Ti s6 thé tich ciia khdi chép

a. Ti sé thé tich ciia khoi chép tam gidc



Visse _ SA' SB' SC’
Vi e SA SB'SC

Cong thuec:

Luu y: Cong thire chi dp dung véi khéi chdp c6 ddy la tam gidc nén
trong nhiéu trieong hop ta can chia nhé cac khoi da dién thanh cdc

hinh chdp tam gidc khdc nhau roi méi dp dung.

. , i
b. Ti so thé tich cua khoi chop twr gidc
= Truong hop ddc biét: Cho hinh chép S.4BCD c6 ddy ABCD (hodc da gidc bét ky), mat phiang (P)

song song voi ddy cit cac canh bén S4,SB,SC, SD lan luot tai A',B',C",D’.

Khi do | sazer _ |, oo SA SB° SC_SD°_
Vs e SA SB SC  SD

Chu y: Cong thirc trén dung voi day n gidc.

» Truong hop day la hinh binh hanh (hay gap)
Bai toan: Cho hinh chép S.ABCDco day ABCD 1a hinh binh hanh. Mit phing (P) cit cac canh

SA4,SB,SC,SD lan luot tai A", B’,C", D" sao cho ii =Xx; 5B =y; ¢ = z; ST,

Khidé |—+—=—+—| va —+—+—+-

l 1 N VS.MNPQ _ xth 1 1 1 1
x z y t Veusecn 4 \x y z t

4. Ti s6 thé tich ciia khdi ling tru

a. Lang tru tam gidac

M Két qua 1:

Goi ¥ 1a thé tich khdi lang try, V] 1a thé tich khoi chop tao thanh tir 4 trong 6 dinh cia lang try, V, 1a thé

tich khdi chop tao thanh tir 5 trong 6 dinh ciia lang try. Khi d6: |V, = —;V, = =——
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V. 2V
3 b




1 2
Vidu: Hinh lang tru ABC.A'B'C'——V ;5 = EVABC.A’B’C’ 3V epase = EVABC.A’B’C'

M Két qua 2: A C
Cho hinh ldng try tam gidc 4BC.4'B'C’. Mat phang (&) cét cac dudng IT' 7
thang AA',BB',CC'lan luot tai M,N,P (tham khao hinh v€ bén). Vv L ) { |I
| -
v & i
Tinh ti s0 —22<2F ' S || 2 Jl' ;
ABC.A'B'C ' me e |
, | T’x |
HD: Ta co Vs ynp = Vi ase +Visnec L i /'L{ N
. | 1AM, e
Laico Vi upc = E-d (M;(ABC))’SAABC = E-ﬂ.d(z‘l ;(ABC)).SAABC - H/
1AM 1AM

3 AA" apcagc >V apc = Eﬂ ABC.A'B'C’
. h h ) ' '
Va Sype ==-(BN +CP); Syeey = E.(BB +CC")=h.BB

2
ﬁ(BN+CP)

_ Sewc _ 2 _1(BN+CP)_1 BN+CP

h.BB' 2\ BB ) 2\BB cC’

SBCC’B

1 'p'’
Suyra V, yupe = g.d(A;(BCCB ))-Savec

1 o\ L( BN CP I(BN cCP
= g.d(A;(BCCB ))E(BB’ +@j.SBCC,B, = 5( 25" +@j-VA_BcoBr

. 2 1 (BN CP
Ma VA.BCC’B’ = E VABC.A’B’C’ = VA.BNPC = g(ﬁ + ﬁ]'VABC.A’B’C’

1AM, L1(BN  cP
3 aq " meane T3\ e oo

V iscamp I(AM BN CPJ

Vay V =
Y V ic.mnp 3\ 44" BB' CC'

j Viscawce = %
ABC.A'B'C’

V
Cong thirc tinh nhanh |—2<° — 1 (AM BN cp j

3\ 44" BB’ CC

VABC.A'B’C'

b. Khoi hgp
M Két qua 1:
Goi ¥ 1a thé tich khdi hop, V; 1a thé tich khdi chop tao thanh tir 4 trong 8 dinh cta khéi hop gom hai

duong chéo cua hai mat song song, V, la thé tich khéi chop tao thanh tir 4 trong 8 dinh cua khéi hop &

7%
;szg

cac truong hop con lai. Khi do: |V, =

v
3




14 5y A ! ! ! ! 1 1
Vi dy: Hink hop ABCD.A'B'C'D'—— sy =V isco eV seon = Visco.awer

M Két qua 2: A D
Cho hinh lang tru tam gidc ABCD.4'B'C'D’. Mit phing («)cit : -
cic dudmg thing A4',BB',CC',DD'lin luot tai M,N,P,Q (tham © ) '
khé.O hinh Vé bén)- J|.'llll -:-:_: : T o . -4 {-}
e
Ching minh rang AM + CP _BN + DO e Lo e
44'  CC' BB DD’ A = D'
; Viscomsro _1(AM  CPY_1(BN DQ |5 )/
Visep.amen 2\ a4’ CC “2\BB' DD’ B’ e

e Chung minh AM cp _BN + DO
AA' CC' BB' DD’

Goi / 1a tdm hinh vuéng ABCD; I' 1a tam hinh vuéng A'B'C'D’.
AM CP AM +PC 201

Ta co: = ;

AA' CC' A4 A4
BN+DQ_BN+DQ_20[' AM CP BN+DQ
BB' DD’ BB’ BB’ AA’ CC' BB' DD’

V
o Chitng minh ABCD.MNPQ  _ 1 (/UW’ CP ) 1 (BN DQ]
“sepapen  2\A44" CC’ 2\ BB" DD’

Chia khéi da dién 4BCD.MNPQ thanh hai khéi da dién ABC.MNP va ACD.MPQ ;
Lam tuong tu voi thé tich khéi lang tru tam giac;

V isc e :l AM N CP N BN N DQ
4\ 44" CC" BB'" DD’

Cong thé tich hai khi da dién =

ABC.A'B'C’

AM CP BN DO  Viscoro l[AM CPJ 1{@ N DQ)

A4 CC' BB DD Vo omew 2\A4 CC') 2\ BB DD’

Cong thirc tinh nhanh

V iscoamro _l(AM+ CP BN, DQJ_l(AMJr CPJZL(BN DQ)

= = -
4\ AA" CC'" BB' DD’ 2\ 44" CC' 2\ BB'" DD’

VABCD.A'B'C'D’

II. CAC DANG TOAN TRONG TAM VA PHUONG PHAP GIAI
> Dang 1. Ti s6 thé tich ciia khdi chép

Vi du 1: Cho hinh chép S.4ABC c6 thé tich V =18. Goi M la trung diém cta S4, E la diém d6i xing v6i B
qua C. Goi N 1a giao diém cua hai dudng thang SB va ME.
a) Tinh thé tich khdi chop MABE




b) Tinh thé tich khdi chop AMNBC
¢) Tinh thé tich khdi chop SANE

Loi giai
Vi E d6i ximg véi B qua C = C la trung diém ctia BE.
Ma M 13 trung diém cia SB. SC " ME = N

Suy ra N la trong tam ASBE —)i—]g = % .

) 1 1 E
a) Ta co: S, g = EdHBC.BE = 25dA%BC.BC =2.8 5c

Va j((;;((ii?))) = ;ﬁ :d(M;(ABC)):%d(S;(ABC))

Khi d6 V,, ., =%d (M;(ABC)).S 50

1,1
= E.z-gd(M;(ABC))-SAABC =Vs.apc =18.

7
b) Ta co M:S_M_S_N :l_g:lj Ve o :lVSABC
Vs isc SB S 23 3 ’ 3 7
., 2 2
Lai co VS.ABC = VS.AMN + VAMNBC —>VAMNBC = VS.ABC - VS.AMN = EVS.ABC = 5'18 =12
c) Taco VS.ANE = VS.AME - VS.AMN = VS.AME _EVS.ABC
Lai c6 Vsawe _ SM_1 —V, 1 V. 1 2V, V.
: = T Tan A s. =5 7s. =5 4“Ys.apc = Vs.aBc
o SB 2 ave = 5 Vs.aE T AB 4B
. 1 2 2
Do do6 Vs ane =V anc _EVS.ABC = EV.S“ABC = 5'18 =12

Vi du 2: Cho hinh chép déu S.4BC co6 day canh bang g, canh bén bang 2a.
a) Goi M, N 1an luot thudc 4B, AC sao cho 24M = AB, AN = 2NC. Tinh V..

b) Mat phing (P) di qua trong tAm ctia tam gidc ABC, song song vé6i S4 va BC, biét (P) cat SB, SC lan
luot tai P, Q. Tinh thé tich khéi chép MPOCB

Loi gidi




Goi G 1a trong tdm tam gidc ABC = SG L (A4BC).

Tam giac SAG vudng tai G, co

SG =/S4* — AG* = \/(261)2 —(“sz a3

3

1 a3\/ﬁ

= Thé tich khéi chép S.ABC 1a V ;. = 356w ==

a) Ta co Saauy _ AM AN _

l 1 VS.AMN 1
S.sc AB AC 2’

2
—=e = A —
3 3 VS.ABC 3

. 2 a3\/ﬁ
Ma VS.ABC = VS.AMN + VS.MBCN —)VS.MBCN = EVS.ABC = T

b) Qua G ké dudng thing song song v6i BC, cit AB, AC lan lugt tai E, N. Tuong ty, tir E, N ké cac dudng
thang song song véi BC cit SB, SC lan luot tai P, Q.

Dé dang chtrg minh dugc SP_SQ_AN _2
SB SC AC 3
, 1 1 1 SP SO 5
Ta co: VMPQCB = EVA.PQCB = E(VS.ABC - VS.APQ) = 5( S.4BC S_BE S.ABC) = ﬁVS.ABC'

5 a3\/ﬁ_5x/ﬁa3

Vay thé tich can tim 1a V. =,
24 MPocE = e T T 216

Vi du 3: Cho hinh chop S.4ABC c6 day ABCD la hinh vuong canh a2 , canh bén SA4 vudng gbéc vaoi day.
Géc gifta hai mit phang (SBD) va (ABCD)bang 45°.
a) Goi M, N, P lan luot 1a trung diém cua S4, SB, AB. Tinh V., .

b) Goi H 1a hinh chiéu cta A4 trén SD; E 1a trung diém cua BC. N6i AC cit DE tai F. Tinh thé tich cac khdi
da dién MHCD, HFCD.

Loi gidi
Goi O 1a tam hinh vuéng ABCD = (SBD);( ABCD) = SOA = 45°

A 1
Suy raSA = OA = TC =0V, e = SAS sy =

2 24°
(av2) =5

a
3
a) Ta co Sy = Sasus = Sasuv = Saaur —Sasew

1 1 1 1

= SASAB _ZSASAB _ZSASAB _ZSASAB = ZSASAB'

. 1 1
Laico Vo, =Viampr = Ed(D;(SAB))'SAMNP = ZVD.SAB




SAABD. _IV _

1
S.ABCD — o *
ABCD 8

3

2
b) Xét ASAD vuong tai 4, duong cao AH = SH = sS4 = l
SD \SD 3

e Tinh thé tich khdi chop MHCD.

S HD 1
Taco L ="=-—=§ ==S
S.n SD 3 aHCD = 3 9asco

! 11
= Vignep =54 (M3(SCD)) Sy =<7 (4(SCD))-Spscr
1 1 11 1 3
= EVA.SCD = EVS.ACD = E‘EVSABCD = E'VS.ABCD = ;Z_S-

e Tinh thé tich khdi chop HFCD.
EC CF EF
AD AC FD

1 DF 2
=——=—==.
2 E 3

Vi EC//AD =

Cach 1. Taco V,, .y, :%.d(H;(ABCD)).SAFCD ma " -

Va Sarcp :E
DE

2 4 4 1
= E*) VH.FCD = ;-VS.ECD = E'ZVS.ABCD = EVS.ABCD = 7

SAECD
. , 1
Cach2.Taco V, v =V o :g.d(F;(SCD)).SAHCD =

2 2

= §VA.SCD = §VS.ACD =

21
E'EVSAABCD = EVS.ABCD = 7

Vi du 4: Cho tir dién ABCD c6 thé tich V. Goi V' 1a thé tich cua khdi tir dién c6 cac dinh 1a trong tdm cua

!

- 5 As L7 A 7 2 A V
cac mat cua khoi tir dién ABCD. Tinh ti so 7 .

8 v 23

A2 B. L cl-L p. =
V V V

27 “vo27

Loi gidi




Goi M 1a trung diém AC; E, F lan luot 13 trong tAm cia tam giac ABC,

ACD. Trong tam giac MBD c6 EF = %BD.

. \ e ea L .1 ]
Tuong tu ta cd cac canh con lai cua tir di€n mai sinh ra bang g canh cua

, 3
tr dién ban dau. Do d6 — = [1] L Chon C.
v \3) 27

Vi du 5: Cho tir di€n ABCD c6 AB, AC, AD d6i m{t vuong géc va 4B = 6a, AC =9a, AD =3a. Goi M, N,
P lan luot 1a trong tAm ciia cac tam giac ABC, ACD, ADB. Tinh thé tich V ctia khdi tir dién AMNP.
A. V=84 B.V =4d". C.V=6a’. D. V =2a’.

Loi gidi

1

Taco: V,,., = gAB.AC.AD =27a’.

ABCD

Goi E, F, G lan luot 1a trung diém cta BC, CD, DB.

1 27
Suyra V.. = Z Viser = Ta3-

Do M, N, P la trong tdm ctia cac tam giac ABC, ACD, ADB.
R , AM AN AP 2
Nén ta co: = = =—.
AE AF AG 3
Lai co: Ve _ AM.AN. AP :i.
AE AF AG 27

A.EFG

>V e = i'VAJEFG =2a’. Chon D.

27

Vi du 6: Cho hinh chép S.ABCD c6 chiéu cao bang 9, dién tich day bang 5. Goi M 1 trung diém cta canh
SB va N thudc canh SC sao cho NS =2NC. Tinh thé tich ¥ ctia khdi chop 4. BMNC.
A. V =15. B. V =5. C. V' =10. D. V =6.

Loi gidi




NP SN 2 SM 1
Tur gid thiét, tacd —=— va —=—.
SC 3 SB 2

Thé tich khéi chép Vy 0 = %.9.5 =15

.
Ta cb LSAMY _ ‘Z—Ag% = % = Visune

S.ABC

3

§.4BC

=10. Chon C.

Vi du 7: Cho hinh chép S.ABC ¢6 SA=3,58=4,5SC =5 va ASB = BSC = CSA = 60°. Tinh thé tich ¥’ ciia

khéi chop di cho.
A,V =52. B. V =53. C. V =10. D. V =15.
Loi gidi
Trén SB, SC lan luot lfiy cac diém E, F sao cho SE = SF =3.. S
Khi d6 S.AEF 1a khéi ti dién déu c6 canh a =3 .
3
Suy ra thé tich khéi chép SAEF1a V, .. = N2 92
~ 12 4 E
Ve se SB SC 4'5 20 A -

20

— Vs asc = ?'I/S.AEF =5\2. Chon A.
B

Vi du 8: Cho tr dién déu canh ABCD c¢6 canh béng a. Goi M, N lan luot 1a trung diém cua céac canh AB, BC
va E 1a diém d6i xtmg voi B qua D. Mit phang (MNE) chia khéi tir dién ABCD thanh hai khoi da dién,

trong d6 khdi da dién chtra dinh 4 c6 thé tich V. Tinh V

3 3 3 3
V:7ﬁa B.V:“ﬁ“ C.V:13\/§a D.V:\/Ea
216 216 216 18

Loi gidi




3
Thé tich khéi tt: dién déu ABCD canha 13 V,,,,, = %
Goi P=ENNCD va Q=EM N AD.
= P, Q lan luot 1a trong tdm ctia ABCE va AABE
Goi S'1a dién tich tam gidc BCD = S, ,r =S e =9-

. 1 S
Taco: S, =§.SACDE =3

Goi 4 1a chiéu cao cua t dién ABCD, suy ra

d[ M;(BCD)]= g;d[Q;(BCD)] = g

Khi d6 ¥V, ;s = %SABNE.d(M;(BCD)) = S?h

Vi ¥y =5 S (0:(BCD) =57

Suy 12 Veop wim = Vieowe =Vo.roe = B T T e

6 27 54 18 3 18

n B.

3 3
Vay thé tich khoi da dién cha dinh 413 V' =V 0 = Vypp s = 11 2'¥2 = 11;/_12: - Cho

18" 12

Vi du 9: Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang vuong tai 4 va B, AD =2,BA = BC =1. Canh

bén S4 vuong goc voi day va S4 = V2. Goi H 14 hinh chiéu vudng goc ctia 4 trén SB. Tinh thé tich ¥ cua
khéi da dién SAHCD.

av-22 By -2, cr-H2 p.y-22
3 9 3 9
Loi gidgi
Tam gidc vudng S4B, c6 SB =+S4* + AB*> =3
. \ R \ 1 n R AD
Goi M la trung diém cia AD = ABCM la hinh vuong nén CM = AB=a = -
——> Tam giac ACD vudng tai C. g
Taco Vs yucp =Vs.aep +Vs.anc f‘h
| ™
f 1 .
[ 1)
oV \op = lSMCD SA = 1(1 AD.ABJ SA = V2 Fia) e
’ 3 ’ 3 2 3 / I I| =,
HlA) M S
Vewe SH SA*> 2 2 V2 f\',‘* R e M s s i
¢S = = r =% = Veune =3 Vsape = A s -
Veuse SB SB* 3 ' 37 9 e




2 2 42
Vay VS'A”CD:§+T:T\/_' Chon B

Vi du 10: Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, S4 = a vudng goc v6i mat phing
déy (ABCD). Diém M thudc canh SA sao cho i—j\j = k . X4c dinh k sao cho mit phang (MBC) chia khoi

chop da cho thanh hai phan c6 thé tich bang nhau.

A kB B k- —LHYS c.p-TV2 D, k=S
2 2 2 4
Loi gidi
Cich 1.Ké MN //AD(N e SD) N _SM_y

SD SA4
Khi d6 mit phing (MBC) chia khéi chép thanh hai phan 1a S.MBCN va AMBDNC.

Taco VS.MBCN = VS.MBC + VS.MCN’

Vs usc _ SM _ _ I
® VS.ABC - SA - k = VS.MBC - k'VS.ABC' /._.-' : \\
v il
o R _&'&:kz = Vs uew _k2'I/S.ACD' f't{,‘.'
Viser SA SD ok
f e
., ) 1 II."III_.:-__ - ."J1_
Lai co Vs ypey = E‘VS.ABCD = kVs ape + KV yep = E‘VS.ABCD e
B
V v -
o g Lsme g2 Vsawen Ly s k= L++5
2 2 7 2
Cich2: Vi o4 -1 B _y 5C_\ SD _1
SM  k SB SC S. k
2 ! +2
. V r 2 -
Ap dung cong thirc, ta duge 2L = k1 = k= It \/g Chon B.
S.ABCD 4.1.1 2 2 2
k k

Vi du 11: Cho hinh chép déu S.ABCD. Goi N 1a trung diém SB, M 1a diém ddi xtng v6i B qua A. Mit
phang (MNC)chia khoi chép S.ABCD thanh hai phan c6 thé tich lan luot 1a ¥;,¥, véi V] <V, . Tinh ti s

thétichﬁ.

2
ALS g l_5 ch_s p._5
v, 17 v, 11 v, 9 v, 13




Loi giai

Goi 4, S lan lugt 1a chiéu cao va dién tich day cua khdi
choép S.ABCD. Khi d6 V; ,,p = %S.h.

N&i MN cét SA tai E, MC cit AD tai F.

Tam gidc SBM c6 A, N lan luot 13 trung diém ctua BM va
SB. Suy ra E 1a trong tdm tam giac SBM.

Vi ACDM 13 hinh binh hanh nén F 1 trung diém MC.

Taco VBNCAAEF = VABCEN + VE.ACF

JVime SE SN _2

Ve se SASB 3

1 1 1
E = §—>VS.ENC = EVSAABC

1 111 1
oV, r = ESAACF d(E;(ACF)) = E.ZS.gh = E-VS.ABCD-
, 1 5
Do d6 VBNC.AEF - VABCEN + VE.ACF _VS.ABCD +E'VS.ABCD E'VS.ABCD = Vl
4
Suyra V, =—V; seo A Chon A.

Vi du 12: Cho hinh chép S.ABC c6 SA =1,5B = 2,SC =3, ASB = 60°, ASC = 90°,CSB =120°. Thé tich ciia

khéi chop S.ABC bang?
A. ﬁ B. ﬁ C.\2 D. ﬁ
4 2 6
Loi gidgi
Ki hiéu nhu hinh v& v6i S4 = SP = SK = 1= Hinh chiéu vudng goc S
H ha tir S xubng (APK ) tring véi tdm duong tron ngoai ti€p AAPK . N
Tacé AP=1,4K =2 I\ \ &
Goi H 1a trung diém cua canh PK !f | \l{/;f. L
i Fd ""\
ﬂl § ¥ F ."\.
:sinéoozH—ﬁzgzHP:?:PKzzHP:ﬁ / {/{ H x_\
1P \
Nhu vady AP* + AK*> =1+2=PK*> = AP 1 4K A ‘fl- ST T j;i'--"'* ¢
N f-"'"--‘
% g




= H la tam dudng tron ngoai tiép AAPK = SH L (APK).

Canh SH =/SP> — HP* = /1_% _1

:V;‘.APK :éSH'SAPK = ;SH ;APAK—

Ta co: Vsare _ 54 E SK_ =1. ll
Ve e SASBSC 273

111
322

= VS,ABC

142 =

= 6VS‘APK =

SISESIS

. Chon B.

Vi du 13: Cho hinh chop S.ABC c6 ddy ABC la tam gidc vudng can tai B, voi AC = a2, Canh S4=a va
vudng goc v6i mit phang day. Goi G 1a trong tim ctia tam giac SBC, mit phang (a) qua 4, G va song song

v6i BC cat SB, SC lan luot tai M va N. Tinh theo a thé tich ¥ ciia kh6i chop 4. BCNM

3 3
Ay =22 B. V=22
54 27

C.

y=2a
27

Tacg Voan _SA SM SN _ SM SN
Ve se SA SB'SC  SB SC’

SM SN _ SG
SB SC GP

Veuy _ 4 4
= — =—=>Vs amw ==Vs.a8c
Veuse 9 9

Bairaco: MN//BC =

5

= VA.BCNM = VS.ABC - VS.AMN = EVS.ABC'

Tam giac ABC vudng can tai B, voi AC = a2.

= AB = BC—AC a

NG

1 1 1, &

= Vs pc = ESA'SABC = ga-za =— =V, ponm = EVS‘ABC =07

2

3

Loi gidi

Vi duy 14: Cho hinh chép S.ABCD, trén canh S4 1ay diém M sao cho SM = AM . Mit phang () di qua M

va song song véi mit phing day cit SB, SC, SD lan luot tai N, P, O. Ki hiéu Vvivav, 1an luot 1a thé tich cua

khéi chop S.MNPQO va S.ABCD. Tinh ti s

s|w




AL B o 1 c Lt pL_L
v, 16 , 8 v, 4 v, 24
Loi gidi
Taco N, P, O lan luot 1a trung diém cua SB, SC, SD. S
Tish Vo _SM SN SP_111_1 A
Vi e SA SB'SC 2272 8 R
V. : \
Tish e SM 5P SO _111_1 [ JM\ NG
Vein S4 SC S 222 8 fj, Fay R ¥
VL
= VS.MNPQ =V unp +VS,MPQ = gVS.ABC +§VS.ACD :gVSABCD I 4 ; | ' _1'-1 . 1 D
/ T \ /
V f ’ i Y II.-"'
:>I/1=11/2 :}—lzl ,-'IJ i T ll"., /
8 v, 8 " S i3 74
) B Ci
y
Hodc ap dung cong thirc —- = (Sﬂj _L .Chon B
v, SA 8

Vi du 15: Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat, véi 4B =a, AD = a3. Canh S4 =2a

va vudng goc v6i mat phang day. Mit phang (a) qua 4 va vudng goc v6i SC cit SB, SC, SD lan luot tai H,

I, K. Tinh theo a thé tich ¥ ctia khéi chép S.AHIK.

3 3 3 3
N B,y - 603 c.y 83 b,y - 124°V3
35 35 35 35
Loi gidi
Taco SC L (AHIK)= SC L AI,SC L AH = AH 1 SC.
.. [BC L 4B
Lai co = BC 1 (S4B)= BC L AH = AH 1 BC.
BC 1 S4
S
 [4H 1LsC
Nhu viy = AH 1 (SBC)= AH L SB,tuong tu A
AH | BC ik
thi 4K L SD. 1Y N
| | II". Y
Canh SB =+/S4> + AB* =4’ +a* = a5 F i Xy
| I ! \
H; F J'JI ,Iu' ™
III|I|' "\-J*":':-F _I'-:;II_ =i H%D
.-'III. - -1 S B - e 2
| ~ e T
P Y _a.c




2 2
s SH = SA 4q 4a SB 5

SB a5 f SH 4
Ma S4 =2a = SA= AC = ASAC vuodng can tai 4

= I1a trung diém cia canh SC = i—f =2.

P S cC SB SD SD 7
Do do —t = ——=—.
SA SI SH SK  SK 4

Ap dung cong thuc, ta dugc:

1+§+2+z
Vs amx __ 4 4 :2
Vs asco 4_1‘52.2 35
474
3
Do dé Vy e = %%SA.SABCD = %.2a.a.a\/_ = 8“35_@. Chon C.

Vi du 16: Cho hinh chép S.ABC c6 SA=6,SB =2,5C =4, 4B =210 va SBC =90°, ASC =120°. Mit

phang (P) di qua B va trung diém N ciia SC dong thoi vudng goc v6i mit phang (SAC ) , cit canh SA tai

M. Tinh ti so thé tich &k = -S54V

S.ABC

Ak=2 B.k=2 C.k== D. k=—
9 5

(o)
B -

Loi gidgi
Goi D thudc S4 sao cho S4=3.SD = SD =2. <

Xét ASBC vudng tai B, cb cos BSC = g—g - % = BSC = 60°. \

/\ M=D4g.
Va AB* = SA> + SB*> = ASAB vuong tai S = ASB = 90°

Xét tir dién S.BND c6 DSB = 90°, BSN = 60°, DSN =120°
= BD? + BN* = DN* = ABDN vudng tai B

Ma SB = SN = SD = hinh chiéu ciia S trén mit phang (BDN) trung 4 A\ ¢
v6i tim dudng tron ngoai tiép tam gidc BDN. . \l

Goi H la trung diém DN => SH L (BDN) = (SDN) L (BDN) N

Hay (BDN) L (SAC)= mp(P)=(BDN)= M =D.

Vay k = 32N Vsmm _ SN S—:ll:l Chon C
Vewe SC SD 23 6




Vi du 17: Cho khéi tir dién ABCD c6 AB, AC, AD d6i mot vudng goc voi nhau va AB =2a,
AC = AD = 4a. Goi H, K 1an lugt 12 hinh chiéu cua 4 1én BC va BD. Thé tich cua khdi tt dién ABHK la
164° 32a° 24° 3a’

A. B. C.— D. —
75 75 3 2

Loi gidi

Tacd BD =\ AB* + AD* =./(2a)" +(4a)’ =2a/5

2 2
Va ABz=BK.BD:>BK:(ABj =( 2a j _1
BD \ BD 2a3/5) 5

Tuong tu, duogc ﬁ = l
BC 5

3
Lai ¢6 ¥, ucp = Viunc =%.4a.4a.2a = 163“ .
1% 3 3
Vay Lok =BK.BH=1.1=L:>VABHK =L‘16a =16a ‘
Veuwn BD BC 55 25 2573 75

Chon A.

Vi du 18: Cho hinh hop S.ABC ¢6 SC =2a va SC L(ABC). Pay ABC la tam giac vudng can tai B c6

AB = a2 . Mit phing («r) di qua C va vudng goc véi SA, (a) cit S4, SB lan luot tai D, E. Tinh thé tich

khéi chop S.CDE
3 3 3 3
A B. 2% c. 2 p. L
9 3 9 3
Léi gidi
(SC L 4B
Ta cod :ABL(SBC):CELAB
BC 1 AB

Ma S4 1 (a)= SA L CE suyra CE L (SAB)= CE L SB

Tam giac ABC vudng cn tai B = AC = AB\J2 =2a




Suyra SC = AC = ASAC can tai C= SDzDA@i—lj:%.

Tam gidc SBC vuéng tai C, 6 CE = —5=BC __ 2*6“.

Jsc+Bc® 3
Do dé SE =/SC? - CE” = Nf“ _>*;_§ _ Nf“ .l =§,

AB® 24’

Khi d6 Vs-ﬂ:S_D_S_E:l: Ve cor
Vicws SA SB 3 '

~Llse
33 2 9

Chon C.

Vi du 19: Cho tt di¢n ABCD c6 cac canh AB, AC va AD d6i mot vudng goc. Cac diém M, N, P lan luot 1a
trung diém cac doan thang BC, CD, BD. Biét ring AB = 4a, AC = 6a, AD = 7a. Tinh thé tich ctia khéi tix
dién AMNP.

AV =1a B. V =284’ C.V =14a’ D. V =21a’

Loi gidai
T dién ABCD c6 céac canh AB, AC va AD d61 mdt vudng goc

——V oep = %AB.AC.AD =284’

1 1
Tacod S, =ZSABCD, suyra V,,.» ZZVA.BCD =7a’. Chon A.

Vi du 20: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 13 trung diém SB va G 1 trong

tam ctia tam giac SBC. Goi V, V" lan luot 1a thé tich ctia cac khdi chop M.ABC va G.ABD. Tinh ti s6 ;

ALl B. L -2 c. L2 p.L_2
yto2 V'3 V'3 V'3

Loi gidi
Goi H va K 1an luot 14 hinh chiéu ctia M va G trén mp(ABCD)

MH CM 3

Suyra MH //GK > = =—.
GK CG 2




1

1
7MH'SAABC '~ SABCD
Tacs —=- =%f =% Chon D
g GK 'SAABD 5 SABCD

Vi du 21: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. 7 ndm trén canh SC sao cho IS = 2IC.
Mat phéng (P) chtra canh A7 cét canh SB, SD lan luot tai M, N. Goi V'v lan luot 1a thé tich khdi chop

!

S.AMIN va S.ABCD. Tinh gia tri nho nhat cta ty sb thé tich V7

AL B. > c.t D. >
5 54 15 24
Loi giai
Goi O la tam cua hinh binh hanh ABCD. A)

Goi H =SK N Al,qua Hké d / /BD cit SB, SD tai M, N.

Xét tam gide SAC, co = A€ O _y JOF 1 SH _2
IC OC SH sC 4 SC 5

Ma MN //BD—s M _SN _SH _4
SB_SD SO 5

Ta o6 Vsus _SM ST _2 SM Vouwns _ 1 SM
VSABC 'SB SC 3 SB VS.ABCD 3 SB

vy Vo _SN SI_2 S_: Viwu _1 SN
I/tS.ACD SD SC 3 VSABCD 3 SD
Suy ra K:— SM SN l —+— i Chon C.
vV SB SD 3 15

Vi du 22: Cho diém M nam trén canh S4, diém N nam trén canh SB cta khdi chép tam giac S.ABC sao cho

SM = 1SN _ = 2. Mit phang ( ) di qua MN va song song véi SC chia khdi chop thanh 2 phan. Goi v, la

MA 2’ NB

A < A ’ \ Ao 5 A A \ . s » A V
the tich cua khoi da dién chira 4, V, 1a thé tich cua khoi da dién con lai. Tinh ti s6 71 ?
2

A L2 B. -2 c A3 D.
5 4 6

SN
W | N

SN
SN

SN

Loi gidi




Ké NP//SC(P e BC), ké MQ//SC(Q e SC).
Khi d6, mit phang (@) cat hinh chép theo thiét dién 1a MNPO.
ViNP//SC:>Q:3;MQ//SC:>Q:l
CB 3
Syero CPCQO 12 2 2
Tac) 2 =— X _-_"“_-Z=§ ., ==5
S CB'CA 33 9 ~ 8¢ ogae

ACBA

., S A 22 4
Lai co —2 - AM. Q =—.==—= Sgoc éSASAC.
Suse S4 AC 33 9 9
. 2 10 10
Va d(N;(SAC))==.d(B:(SAC)) = Vy suoc = == Vsuse === V-
3 27 27
) 2V 10 4V 5V
Do do6 v, = VSCMNPQ =VN.CPQ +VN.SMQC =E+EV:?:> 4 :?-
V@K:i;ﬂ:i Chon B
v, 99

Vi du 23: Thi xd Tir Son xdy dung mot ngon thap dén 1ong 14y hinh chép tir giac S.ABCD c6 canh bén

SA=12m va ASB=30°. Nguoi ta can mac mot duong day dién tir diém 4 dén trung diém K cia S4 gdm
AE, EF, FH, HK nhu hinh v&. Dé tiét kiém chi phi ngudi ta can thiét ké dugc chiéu dai con duong tir 4 dén

HF + HK

K 12 ngdn nhat. Tinh ti s6 & =
EA+ EF

B.k=l (:.k=l D.k:

AW
S}
w
(USH N S}




Loi gidi
Gia str ngon thap duoc 1am bang bia nén ta cit duoc ngon thap
theo cac duong S4, AB, BC, CD, DA. Va trai cac mat bén S4B,
SBC, SCD, SDA 1én cing mot mit phang.

Ly

Vi ASB = BSC = CSA = DSA =30° nén khi trdi ra mit phang

ta thu duoc mot tam giac can S44 cd6 géc ¢ dinh

S =4.30°=120° nhu hinh v& bén.
DPé do dai doan gip khuc AE + EF + FH + HK nhé nhit khi
va chi khi 4, E, F, H, K thang hang.

Vi K 14 trung diém ciua SA = F = SC N AK = F 1 trong tAm cua tam giac SAA

Vaytisé k=L AR _FK 1 chon B
EA+EF AF 2

Vi du 24: Cho hinh chép S.ABCD c6 day ABCD 1 hinh binh hanh c6 thé tich 1a V. Goi M 13 mét diém trén

canh AB sao cho % = x,0 <x <1. Biét ring mit phang (&) qua M va song song véi (SBC) chia khéi

chop S.4ABCD thanh hai phan trong d6 phan chira diém A4 c6 thé tich bang %V. Tinh gia tri cta biéu thirc

c.i
3

| —

Loi gidi
Ké MN //BC(N € CD),NP//SC(P € SD),MQ//SB(Q € S4).

= mp(a) cit chép S.ABCD theo thiét dién 1a MNPQ. g

MA_AQ _ND _ _ SQ_SP_,
AB  S4 CD SA ~ SD
Mit khac AAMN = AADN

Ta co

2
X X

= VQ.AMN =Voaow =XVs oy = EVS.AMND = TV-

x’ (1 —x)
2

Va VN'APQ :x(l—x)xVN_SAD = V.

Do do6 VAQM.DPN = VQ.AMN + VP.AND + VNAAPQ

2 .3
2 27




= l Chon A.
2

=x-3x"+—=0=>x=—.Viy P= I=x
27 3 I+x

xX=

Vi du 25: Cho hinh chép S.ABCD c6 day la hinh binh hanh va c6 thé tich bang 1. Trén canh SC lay diém E
sao cho SE = 2EC. Tinh thé tich ¥ ctia khi tir dién SEBD.

A.sz. B.Vzl. C.Vzl. D.Vzi.
3 6 3 3
Loi gidgi
V. SE 2 2 21 1 1
Taco £ ——— —Z o =27 ==_S =—.1=—. Chon C.
VS‘BCD SC 3 S.EBD 3 S.BCD 3 2 ABCD 3 3 'y

Vi du 26: Cho hinh chop S.ABCD c6 day ABC 1 tam giac déu canh a, S4 vudng goc voi miat day. Goi M 1a
trung diém cua BC. Mat phang (P) di qua 4 va vudng goc véi SM cit SB, SC lan luot tai E, F. Biét

Ve ior = %VS_ABC . Tinh thé tich ¥ cta khdi chép S.4BC.
3 3 3 3
Av=L B.V=%L c.y=2% D=L
2 8 5 12
Loi gidi

Dung AH L SM, dung dudng thang qua H song song v4i BC cit SB, S
SC lan luot tai E, F.
Khido EF //BC L SM = mp(AEF) 1 SM.

Laico: V. . =Lty SE_SF _SH 1
. ° S.AEF 4 S.ABC SB SC SM 2
Do d6 ASAM vudng can tai 4= SA=SM = “*f

3
Vay Vy e = %.SA.SABC = % Chon B.

Vi du 27: Cho hinh chép S.ABCD c6 day 1a hinh binh hanh, goi M, P lan luot 1a trung diém cua SA va SC.

Diém N thudc canh SB sao cho i—]; = k. Mit phang (MNP) cét khoi chop theo thiét dién 1a tir giac MNPOQ.

V. 2
_SMNPC —, gidtricua kla:

Biét rang T

S.ABCD

A. ke{l;g}. B. ke{l;z}. C. ke{g;g}. D. ke{é;z}.
3°3 3°5 3°5 55




Loi gidi

SM SN _ SP SO )

TacO —=x =z;—=t. .
s4 UsB sc T 7sp S
i :':'..l' N
__.' i ""-. %
Ta co: x=z=l. ma l+l+l+l=4. g o
X z y t _.." ]I.J_(I '._.IL'-- _— .:j':r
. e I
Ap dung cong thirc nhanh ta co: A \\:F \ I‘J .
! r | X r, .
I -~ i ) N,
M = izt l l l_{_l = y_t.24 :i_ __-'JI.. g 2T #l’j :_.-'I.:,.’:{F_’ P ——— _-7--.D
Vs sscp 4 X z y t 16 15 LRE: :-"'::Jr-' T T =T
NP> 2 .
y+t 4 I Tk
—=4 t=— o - .
4 vt s T S \
Syt=—= = 7 - A
15 . 4 Z—E B'L" =SS
TR LT
16, 4 x=3 2 2
Khi d6 y, t 1a nghiém cta phwong trinh X —-—X +—=0= 3 =ke<—;—;. Chon C
15 15 2 3
X:g

Vi du 28: Cho khdi chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, 4B =1, 4D =2,54 vudng goc voi mit
phing day (ABCD) va SA=2.Diém M trén canh S4 sao cho (MBC ) chia khéi chop S.ABCD thanh hai

phan co thé tich bang nhau. Tinh dién tich S ciia tam giac MAC.

W55 B.Szﬁ. C.Szﬁ 5_*6.

A. S= . .
2 2 3 4

Loi gidi
Qua M ké dudng thang d //BC, cat SD tai N = N e (MBC)

Pat 4 — =2
SM SN

SA SB SC SD

i g Vomex _ SM " SB”SC TSN _k+1

S4 SB SC SD 2k*

S.ABCD 47777
SM SB SC SN
V.
Theobéi:M=l:>k+2l=l<:>k=l+\/§:>MA=3—xB b ¢
S.ABCD 2 2k 2
Dién tich tam gidc MAC1a S = 2MA AC —%.(3—\/3).f = 3\/52_5. Chon A.




Vi du 29: Cho khoi chop S.ABCD c6 day ABCD 1a hinh binh hanh, M thudc canh S4, P thudc canh SC sao
cho 2SM = AM,SP = PC. Mit phing («) chira MP, chia khdi chop S.ABCD thanh hai khdi da dién. Goi

V., V 1an luot 14 thé tich khdi da dién chira dinh S va thé tich khdi chép S.ABCD. Gia tri nhé nhét ctia biéu

thirc 5 la
V
A B. c. L D. =
12 25 15 25

Loi gidi
Gi4 sir mt phang () chtra MP, cit duong thang SB, SD lan lugt tai N, Q.

4 SC SB+SD
SM SP SN SO

Khi do S3+2=x+y<x+y=3.
SA SB SC SD
Vi Vsamrg _ SM SN SP SO _X+y+5 _x+y+5_ 5
VS.ABCD 4. S4 SB SC SD 4.3.x.2. y 24xy 12xy

SM SN SP’ SO

> o1

Tacd 4xy<(x+y) =25 12xy < 75— >
y<(x+) 4 2% 75 15

.V o fps
Vay ti s0 71 dat gia tri nho nhat bang % Chon C.

Vi du 30: Cho khéi chop S.ABCD c6 day ABCD 1a hinh binh hanh, M 1a diém thudc canh SB, N 1a diém
thudc canh SD sao cho SB =3BM,SN = 2ND. Mt phang (AMN ) chia khéi chép S.ABCD thanh hai khéi

da dién. Goi ¥, ¥, 1an lugt 1a thé tich khdi da dién chira dinh S va dinh C. Tinh ti s6 7‘
2

A. B. 2 C.

W | N
N |~

1
3

Loi gidi
Gid str mit phang (AMN) cit dudng thing SC tai P.

Khi do SA SC SB+SD©1+£:%+%<:>£:

SA SP SM SN SP SP




sS4 SB SC SD 3 3

+— 1+ +2+—
Vé VS.AMPN — SA SM SP SN — 2 2 :i:lj V :3V
5.4BCD 1
Vs apco 4&5&&5’2 4.1.2.2.E 183
S4 SM SP SN 2 2

|4
Ma VS.ABCD = VSAAMPN + VAMPN.BCD = Vl + Vz = 3Vl g Vz = 2K S 71 = % Chon D.

2

> Dang 2: Ti s6 thé tich khéi ling tru

Vi du 1: Goi V14 thé tich ctia hinh lap phuong ABCD.A'B'C'D',V, 14 thé tich tir dién 4’4BD . Hé thiic nao

sau day dang?

A.V =06V, B. V =4V, C. V=3 D. V=2V,
Loi giai
, b 1 , A D’
Taco V==_S,,,.44" va 'V, =§SAABD.AA , -
' a“ \\\
‘ | % O
Ma SAABD = ESABCD —)71 =6 ,'J : M, L
“‘ ! Jil "\
Suyra V' =6V,. Chon A. Y R 1--p

Vi du 2: Cho hinh liang tru ding ABC.A'B'C’ . Goi D 1a trung diém ctia AC. Tinh ti s6 thé tich khdi tur dién
B'BAD va thé tich khdi lang tru di cho.

A. 1 B. 1 .
4 6 12

W | —

4 1 hY 1 !
Tacd Vype ypcr = Spupe-BB" va Vg, = ESABAD .BB'.

v,
MéSABAD=%SAABC sh=—rzmw 1 cpon s,

VABC.A’B'C'

Vi du 3: Cho khéi ling tru ABC.A'B'C’ . Puong thang di qua trong tim cia tam gidc 4BC va song song
v6i BC ct céc canh 4B, AC lan luot tai M, N. Mit phang (A'MN) chia khéi lang tru thanh hai phan. Tinh

ti s6 thé tich (phan bé chia phan 16n) cua chung.

A. 2 B. 4 C.
3 23

NN N
=)
|

Loi giai



Goi G la trong tdm cua tam giac ABC. A’ B’
Goi E 14 trung diém ciia BC = 46 _2 )
AE 3 Vo

Qua G ké duong thang d / /BC, cit AB, AC lan luot tai M, N. Voo

_ AM AN  AG _g
AB AC AE 3
AM =§AB

= = Sy :§SAABC (D.

ANz%AC

(dinh 1i Talet)

r ' b 1 '
Taco Vipeype = Spupc-AA" VAV iy = ESAAMN'AA 2).

. . 4 23
Tx(DHva(2) = VA'.AMN = EVABC.A’B'C' = VBMNC,A’B'C' = E ABC.A'B'C'

Vay ti s6 can tim 14 4 : 23 = i Chon B.
27 27 23

Vi du 4: Cho hinh lang tru ABC.A'B'C" c¢6 day ABC la tam giac vudng can tai 4, AC = 242, Biét AC’
tao v6i mit phang (ABC) mot goc 60° va AC' =4 . Tinh thé tich cta khéi da dién 4BCC'B'.

A. % B. ? C. 23 D. #

Loi gidi
Goi H 1a hinh chiéu ctia 4 trén mit phang (4'B'C’).
Suy ra HC' 1a hinh chiéu cia AC' trén mit phang (A'B'C’).
Do d6 (AC';(ABC)) = (AC'; HC') = AHC' = 60°
Tam giac AHC', c6 AH = AC'sin AC'H =23

2
Dién tich tam giac S, ;. = % =4

Suyra Ve oper = Spupe-AH = 8‘/5

. 1 1 83
Taco VA.A'B’C’ = ESAA’B’C’ AH = EVABC.A’B'C' = T

163

Suyra Veop =Viscawe —Viwpe = — Chon D.




Vi du 5: Cho hinh hdp chit nhat ABCD.A'B'C'D' c6 thé tich V. Cac diém M, N, P lan luot thudc cic canh
AC, AB',AD' sao cho AM =2AC, AN =3A4B', AP = 44D'. Tinh thé tich cua khdi t& dién AMNP theo V.

AV e =8V B. Ve =4V C.Vyppr =6V D. V, np =12V
Loi gidai
Taco V=V ype + (VAA’B’D’ +Veewpy T Vopac +Vanac ) *i ; { y &
V | o
MavV, o =Veewr =V o =Van, o =—. ' ; ¥l
AA'B'D CCBD ppac = Vemac = B + 3
‘\\‘ :'f L
Suyra Vo =K. ;! T‘\ o
3 vl N
O S
! ’ ||.| rd . . "
T gia thiét, ta co A5 :l; AC :l;AD :l. f‘:::—\x D
N 3 AM 2 AP 4 S A B %
/ ]
V o ! ’
Ta o4 Laznc _AB" AD" AC 1 B %

Viwy AN AP AM 24
4
>V =24, e =24 =87 Chon A.

Nhan xét: Cong thirc gidi nhanh: Thé tich ciia khoi tir dién (4 dinh nam trén hai dwong chéo cia hai mdt

Ao Jen I A, M 1 » Ao 7w .y
doi dién) co thé tich bang 3 cua khoi lang tru tam gidc.

Vi du 6: Cho liang tru tam gidc déu ABC.4'B'C’ ¢6 géc giita hai mit phang (A4'BC) va (ABC) béng 30°.

Diém M nam trén canh AA'. Biét canh 4B = a3 , thé tich khéi da dién MBCC'B’ bé“lng

N g, 343 ¢, 32 p. 20
T =5 = 3
Loi giai
Goi V' 1a thé tich khdi lang tru ABC.A'B'C’. A’ B’
Do AA'/ /BB =V, yewe =Viscew =V Vi pe =V —% = 271/
x:\ \‘/
Dung AH 1 BC ma AA' 1L BC = BC 1 (A'HA) KT
L
M+e % s 1
Do dé (A’BC);(ABC)=m=30°:AH=ABT\/§=3§. | %
h LY
dsz--\-Fx--> B
f‘i T | _\-\
H




a\/g 94°

Khi o Ad'= AH.tan30° = ===V = Ad"Syypc ==~

3
Vay thé tich cn tinh 13 ¥, , . = 2% = 3%. Chon A.

Vi du 7: Cho hinh lang tru ABC.4A'B'C’ c6 thé tich bang V. Cac diém M, N, P lan luot thudc cac canh

AM _1.BN _ CP _ 2 Tinh thé tich cia khéi da dién ABC.MNP
A4 2 BB CC' 3
2 9 20, 1

AV ==V B.V'=—V C.V'=— D.V'=—V
3 16 27 18

AA',BB',CC" sao cho

BN CP
MN=——,p= .
AA' BB’ cc’

, taduoc Ve p = %V. Chon D.

Cong thirc giai nhanh V., = (—
2
3

L2
s 39p

Ap dung véi: m =%

Vi du 8: Cho hinh 1ap phuong ABCD.A'B'C'D’ canh 2a, goi M 1a trung diém ctua BB’ va P thudc canh

DD'sao cho DP = %DD’ . Mit phang (AMP) cit CC' tai N. Thé tich khéi da dién AMNPBCD bing

B 11a° 9q°
3 4

AV =24° B. V =3d’° C.V

Loi gidi
Ap dung cong thirc tinh nhanh, ta duoc

V ivwvescn 1(BM DP I(1 1 3 3 3 3
— + - | =y ==.(2a) =3a’.Chon B
38 DD’ 5 4 3 AMNPBCD ~ g ( ) .

2

2

VABCD.A'B'C'D’

Vi du 9: Cho hinh hop ABCD.A'B'C'D'. Goi M la diém thuoc CC’ théa man CC'=4CM . Mit phang
(AB'M) chia khéi hop thanh hai phan c6 thé tich 1a ¥; va ¥,. Goi V] 1a phan thé tich c6 chira diém B. Tinh

. V
tiso k=—.
2




Ak=— B. k=L C.k=— D. k=2
32 16 25 32

Loi gidi

Trong mit phang (CDD'C’),ké MN //C'D. Suyra CN = %CD va ¥, lakhdi da dién ABB'NCM.

B iy C
A L T e ol
! M D M
[ ___.—-' L -
B Wk 4=
y o 2
v = e il T (
. s PR,
= e A e
A A A D

Ta chia khéi hop thanh hai phan (nhu hinh v&). Khi @6 V. vens = Vissen + Viaen -

0+ 2 +1 5 (1
s VABB’CM = T'VABC.A'B’C’ = E(EVJ

11 1 (1 1
® Vipen = Z'ZVC'.ADC = 1_ (5 VADC.A'D'C') = V

6 9%
7 25 Vo7
Vay V. =V o 4V =V ——sV, =2 31 = ' Chen C
1 ABCMB MACN 32 2 32 sz 25

Ve upe Vi dién tich giam 4 lan va chiéu cao giam 4 lan

e

Nhan xét: Ta co V-, = %

Vi du 10: Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Goi M la trung diém cia 4'B’, N 1a trung diém
cta BC. Tinh thé tich ctia khéi tr dién ADMN.

3 3 3 3
AVv=2 B.V=". c.v==. D. V=2,
3 12 6 2
Loi giai
1 A’ '
Tacd Vg =V oy =54 (M:(4BCD)) S, A D
M/
. -l
Laico d(M;(ABCD))=d(A";(ABCD))= AA’ W nas
s 6 d(M:( 4BCD)) = d (4+( 43CD) .
. 1 1 Wy "
Va S = Susep = Sausy — Sacon = Susep _ESABCD = ESABCD "1: \ et
A k - i _:_# ' D
. 1 o1 L Viscoascn a’ & T
Dodo V. =§.AA 'ESABCD =gAA S zep =T=?. ; H’L_.."'#




Chon C.

Vi du 11: Cho hinh hop chit nhat ABCD.A'B'C'D' ¢ AB = a, AD = 2a. Dién tich tam giac A'DC bang

2
a *2@ Tinh thé tich khéi chép A.BCC'B’ theo a.
A d B. 24° C. 3d° D. 64’
Loi gidi
. (cD L DD’ o ' A o
Ta co = CD 1 (ADD'A")= CD L A'D. »
CD 1 AD |
) By
Suyra S0 = %.A'D.CD =2 ‘25 — > A'D=a13 I ¢
|
|
I

Do d6 AA' =\ A'D* — AD? =\/(a\/§)2 ~(2a)’ =3a. Y RSP, B 1

Thé tich ctia khdi hop ABCD.A'B'C'D' 1a V = AA'.AB.AD = 64’ .

: 1 1
Lai c0 V, poep = 5VABCD'A,B,C,D, = E.6a3 =2a’. Chgn B.

Vi dy 12: Cho khéi hép ABCD.A'B'C'D’. Goi M thue canh AB sao cho MB = 2MA. Mit phing (MB'D’)

chia khéi hop thanh hai phan. Tinh ti s6 thé tich cta hai phan do.

2 B. . c. D. 2.
12 17 41 17
Loi gidi
Ly thuyét b6 sung:

Cho hinh chép cut ABC.A'B'C' c6 chiéu cao h, S, la dién tich tam gidc ABC, S, la dién tich tam gidc

A'B'C'. Thé tich khoi chép cut ABC.A'B'C' la |V = %h(s1 +8, +4/S,8, )

Qua M ké duong thing d / /BD, cit AD tai N

A’ D’
Suy ra thiét dién cit boi mit phing (MB'D') 1a MND'B’ /? e /
B f"d_rf (C / i

Khl dé VABCD.A’B'C'D' = VAMN.A'B'D' + VB'C'D'.MBCDN "1 : f{f

\ ! ¢
bat 44" = h;S yop =S —Vaigep awer = Sh | i’ﬂ' f’;
r 5 ! e I Y ]
Ap dung cong thirc tinh thé tich chdp cut, ta co ¥--7 N D

S M




1

VAMN.A’B'D' = EAA'(SAAMN + SAA'B’D' + SAAMN'SAA’B'D’ )

Soow  AM AN

Ma =

SAA BD

Va SAA’B’D’ = S

Vay ti s6 thé tich can tinh 1a

AB AD

1
5 = SAAMN = ESAABD =

5 > VAMN.A’B’D’ =7

13

S
18

182 ) 54

—. Chon C.

S SJ_EV

Vi dy 13: Cho hinh 13p phuong 4BCD.A'B'C'D'. Goi I la trung diém ctia BB', mit phang (DIC') chia

khéi 1ap phuong thanh 2 phan c6 ti sd thé tich phan bé chia phan 16n bang

A2 B. c. .
8 3 17
Loi gidgi
Tham khao hinh v& dudi day:
A’ D'
//.-
r g
B
F |l \
b 't -==3 p
o A 4
- » /
e oM
F o=

bat 44" = h;SABCD =5§—> Visep.awen = S.h
N&i IC' cat BC tai F; nbi FD cit AB tai M.
Suy ra mp(DIC') chia khoi 14p phuong thanh hai khéi IBM.C'CD va IMAA'B'.C'DD’

Tacd BI//CC' =

1B FB 1
L SN
FC 2

1

SAIBM = ZSABAB’

Vi M 1 trung diém cua AB ma BM //CD = ; f; !

1

Ap dung cong thie tinh thé tich chop cut, ta duoc

1

Do do, thé tich khdi IMAA'B'.C'DD" 1a Viy,,p cop =V —

1. (S §
Visu.cep = EBC'<SA13M +Sscep N Samy Sacen ) = _h~£_ +—+

3 (8 2

7
24

==S
ABB'A’
8

—V=—V.

_ L sh
24




Vay ti s6 can tinh 14 7.7 Chon C.
2424 17

Vi du 14: Cho khéi ling tru ABC.A'B'C’" ¢6 thé tich bang 1. Goi M, N lan luot 14 trung diém cta cac doan
thang A4’ va BB'. Puong thang CM cit duong thang C'4’ tai P, duong thang CN cit duong thang C'B’
tai 0. Thé tich cua khdi da dién 16i A'MPB'NQ bang:

A.l B.

W | —
w | N

, 1 1
Ta c6: Ve asnn = EVC,ABB’A’ = 5

Suyra Ve swe =Viseane =Veumn =1—5 =

Lai ¢0 Ve cpo =Vauw awe +Vamrsno

2
= VA’MPB’NQ = VC.C'PQ _g- Ma SAC’PQ =4S g

1
= VC.C'PQ = 4VC',A’B'C' =4.—

Ve g =—
ABC.A'B'C :
3

W

2

=—. Chon D.
3

R 4 2
Vay VA’MPB’NQ = E - g



BAI TAP TU LUYEN
Cau 1: Cho khéi chop S.ABC, trén ba canh S4, SB, SC lan luot lay ba diém A',B',C’' sao cho

S4' = %SA,SB’ = %SB,SC’ = %SC. Goi ¥ va V' 1an luot 14 thé tich cta cac khoi chép S.ABC va S.A'B'C’.

Tinh ti s K
v

A. 1 B. 1 C. 1 D. 1

3 27 9 6

Céu 2: Cho hinh chép S.ABC. Goi M 1a trung diém canh S4 va N 1a diém trén canh SC sao cho SN =3NC.
Tinh ti s6 k giita thé tich khoi chop ABMN va thé tich khéi chop S.ABC.

3 2 1 3

A k== B. k=— C.k=— D. k==
8 5 3 4

Cau 3: Cho khdi ttr dién c6 thé tich bang V. Goi V' 1a thé tich cta khdi da dién c6 cac dinh 14 cac trung

R 5 ’ 5 As L7 A ~ ’ , A V
diém cua cac canh cua khoi tir dién da cho, tinh ti sO 7

Al B L1 cl.2 p.L-2
Vo2 Vo4 Vo3 Vo8
Cau 4: Cho khéi chép S.ABC c6 thé tich bang V. Diém M la trung diém cta doan thiang 4B, N 1a diém nam

!

giita AC sao cho AN =2NC. Goi V' 1a thé tich khdi chop S.AMN. Tinh ti s& % .

a Ll B. L1 c. -1 p.L_2
Vo3 ) Vo6 Vo3

Cau 5: Cho tir dién ABCD c6 thé tich bang ¥ va G 1a trong tim tam giac BCD, M la trung diém CD. Thé
tich khdi chop AGMC 1a

4 L c.
9

A, — B D

18

NI

Vv
"3

Cau 6: Cho hinh chép S.ABC c6 ddy ABC la tam gidc vuong can tai B, AC =2a,SA vudng goc voi day,

SA = a, I thudc canh SB sao cho S/ = %SB. Tinh thé tich khoi chop S.ACL

3 3 3 3
AL B. L c. L p. &
3 6 12 9
Céu 7: Cho khéi chop S.ABC c6 thé tich bang V. Goi M, N, K lan luot 13 trung diém cua AB, BC, CA. Tinh
thé tich khéi chop
AL B. L c.r p. =
2 3 4 8

Cau 8: Cho hinh chép déu S.ABC c6 SA=3a. D thudc canh SB va DB = a. Mit phang («)di qua AD va

song song voi BC cit SC tai E. Tinh ti s gitra thé tich khéi tir dién SADE va thé tich khéi chop S.4BC.



A2 B 2 c L

9 9 3
Cau 9: Cho khdi tr dién ABCD c6 thé tich 1a ¥ va diém E trén canh 4B sao AE =3EB. Tinh thé tich V' cua
khdi t dién EBCD theo V.

A. V'zK B. V'zK C. V'zK D. V'zK
2 5 3 4

D.

SN

Cau 10: Cho hinh chop S.ABC, SA L (ABC),SA = a,AABC vuong can, AB = AC = a, B'la trung diém cia

SB, C' 1a chan duong cao ha tir 4 cuia ASAC . Tinh thé tich cta khdi chép S.4B'C’

3 3 3 3
AL B. © c. & D. &
9 12 36 24
Céu 11: Cho khéi chép S.ABC. Goi G 1a trong tdm cua tam giac SBC. Mit phiang (a) qua AG va song song

v6i BC cit SB, SC lan lugt tai 7, J. Tinh ti s6 cua hai khéi tir dién SALJ va S.ABC.
A2 B. 2 c. 2 D. >
9 3 9 27
Cau 12: Cho hinh chép S.ABC c¢6 diy ABC 1a tam giac vudng can tai B, AB =a. Pudng thang SA vuong
goc v6i mit phang (ABC), goc gitta dudng thang SB va mat phang (ABC) bang 60°. Tinh thé tich ¥ cla

khéi chop M.ABC, véi M 14 trung diém cua SB.

3 3 3 3
A.V:\Ba. B.V:‘B". C.V:‘g". D.V:‘B".
2 4 12 6

Cau 13: Cho hinh chop S.ABC c6 day ABC 1a tam gidc vudng can, AB = AC = a, SC vudng goc véi mat

phang (4BC) va SC = a. Mit phang qua C, vudng goc v6i SB va cit S4, SB lan luot tai E, F. Tinh thé tich

khéi chop S.CEF.
3 3 3 3
A2 V2 B. & V2 c. L p. L
12 36 36 12

Cau 14: Cho hinh chop S.ABC c6 thé tich V. Goi H, K lan luot 1a trung diém cta SB va SC. Tinh thé tich
khéi chop S.AHK theo V.

1 1 1 1
A. Vs anx =5V B. Vs anx :ZV C. Vs anx :EV D. Vs anx =€V

Cau 15: Cho khéi chop S.ABCD c6 thé tich 1a 3a*. Goi G 1a trong tAm cua tam giac SAB. Thé tich cua khéi
chop G.ABCD la

A V=a B.V =24 C.V:%cf D.V:§a3
Cau 16: Cho hinh chop déu S.ABCD c6 d6 dai canh bén va canh ddy déu bang a. Goi M, N, O lan luot 1a
trung diém SC, SD, AC. Tinh ti s thé tich Vsom

S.4ABCD



1 1

A. . 1 C. —
4 12 16

B

N~

Cau 17: Cho hinh chép S.ABC ¢6 SC =2a va SC L (ABC). bay ABC la tam giadc vudng can tai B va co

AB = av2. Mit phang (e) di qua C vudng goc voi SA va cat S4, SB 1an luot tai D, E. Tinh thé tich khéi

chop S.CDE.
3 3 3 3
A B. 2% c. 2 p. L
9 3 9 9

Cau 18: Cho hinh chop S.ABC c6 day la tam giac ABC thod man 4B =2a,BC =4a, AC = 24/5a. Canh bén
SA4 vudng goc v6i day va SA =2a. Goi M, N lan luot 1a hinh chiéu vudng goc ciia 4 trén SB, SC. Tinh thé
tich ¥ ctia khdi chop S.AMN.

3 3 3 3
_2a B.v=2 C.V=‘“/g D.V:‘“/g

AV =—
9 12 2 3

Cau 19: Cho hinh chép S.ABC c6 day la tam gidc vudng can tai B, canh S4 vudng goc voi day, goc

ACB =60°, BC =a,SA4 = ax/3. Goi M 1 trung diém ciia SB. Tinh thé tich ¥ ciia khéi t dién MABC.
3 3 3 3

Av=2L B.Vv=_ cr== p.v=2
2 3 6 4

Céu 20: Cho hinh chép S.ABC c6 day 1a tam giac déu canh a, SA =2a va SA vudng goc voi day (ABC).

Goi M, N lan luot 13 trung diém cta S4, SB va P 1 hinh chiéu vudng goc ctia A 1én SC. Tinh thé tich ¥ cua
khéi chop S.MNP.

A. £a3 B. £a3 C. £a3 D. £a3
30 6 15 10

Cau 21: Cho hinh chép tam giac S.ABC c6 ASB = CSB = 60°, ASC =90°. SA=SB=1 ,SC =3. Goi M 1a

diém trén canh SC sao cho SM = %SC. Khi d6, thé tich ctia khdi chop S.4BM bang

J6 V3 V2 V2

A V=2 B. V=22 c.v=J% p. v =Y2
36 36 12 4

Céu 22: Cho hinh chép S.ABC c6 SA=4,SB=5,5SC =6, ASB = BSC =45°, CSA = 60°. Céc diém M, N, P
théa man déng thuc AB = 44AM; BC = 4BN;CA = 4CP. Tinh thé tich khdi chop S.MNP.

1282 g c. 245 p, 35V2

A. . — .
3 8 32 8

Cau 23: Cho hinh chop S.ABC c6 day ABC la tam gidc vudng can tai B, SA4 J_(ABC). Biét AB=ua,
SA = 2a, mit phiang di qua 4 va vudng goc véi SC va cit SB, SC lan luot tai H va K. Tinh thé tich ¥ cua
hinh chép S.AHK.



s s % 4w
15 45 15 45
Cau 24: (S¢ GD va PT Biic Giang) Cho khoi chép S.ABCD c6 day ABCD 1a hinh chir nhat, 4B =1,

AV B.V C.V D.V

AD =2, 84 vudng gbc véi mit phing ddy (4BCD) va SA=2. Diém M diém trén canh S4 sao cho mit
phang (MBC ) chia khdi chop S.4ABCD thanh hai phan c6 thé tich bang nhau. Tinh dién tich S cta tam giac
MAC.

355 NG NG 5-5

B'S=_ C.S=— D.Sz—
2 2 3 4

Cau 25: Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng canh a, canh bén S4 vudng goc voi mat day,

SA = a. Mit phang (P) qua A va vudng gbc v6i SC cat SB, SC, SD lan luot tai B',C’,D’. Tinh thé tich ¥/
ctia khéi da dién ABCDD'C'B'.
3 3 3 3
_a B. V=% c.v=22 p.v=22
18 9 12 6

Cau 26: Cho hinh chop S.ABCD c¢6 ddy ABCD 1a hinh vudng, S4 vudng gbc v6i mit phing (4BC ) va

AV

SA=a. Goi M, N lan luot 1 trung diém cua AD, DC. Goc giita mit phang (SBM ) va mit phang (ABC )
bang 45°. Tinh thé tich khdi chép S.ABNM.
3 3 3 3
25a B. 25a C. 25a D. 25a
8 16 18 24
Céu 27: Cho hinh chép S.ABCD. Goi A',B',C',D' theo tht tu 1a trung diém cua cac canh S4, SB, SC, SD.

A.

Tinh ti s6 thé tich ciia hai khdi chop S.4'B'C'D’ va S.ABCD
Al B. - c.l L

4 16 8 2
Ciu 28: Cho hinh chép S.ABCD c6 thé tich V, c6 day ABCD 1a hinh binh hanh. Goi N 14 trung diém cta SC.
Mot mat phéng di qua AN cit cac canh SB, SD lan luot tai M, P. Goi V' la thé tich cua khdi chop S.AMNP.

!

Tinh gia tri nho nhat cua T = %

D

A. B

0| W

A c.2 D. .

3 3 8
Ciu 29: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh, M 1a trung diém cua SC. Mit phing (P)
chira AM va song song v6i BD chia khdi chop thanh hai phan. Goi v, 1a thé tich ctia phan chira dinh S va v,

, \ R 4
1a thé tich phan con lai. Tinh ti s0 — .
2

A. B. 2 C.
3

NoRR )
N | —

W | —



Céu 30: Cho hinh chop S.4ABCD c6 day 1a hinh tir giac 16i véi O 1a giao diém cuia AC va BD. Goi M, N, P, O

lan luot 1 trong tAm cac tam giac SAB, SBC, SCD va SDA. Goi V,, V, lan luot 1a thé tich ctia khdi chop

. R

S.ABCD va O.MNPQ. Tinh ti so 7
2

A. 8 B.% C.2 D.9

2
Ciu 31: Cho hinh chép tir giac déu S.ABCD. Goi N la trung diém cua SB, M 1a diém ddi xtng v6i B qua A.
Mit phing (MNC) chia khoi S.ABCD thanh hai phan c6 thé tich lan luot 1a ¥;, ¥, véi ¥;<V,. Tinh ti s6

s Biet i koS

9 IETI
Ciu 32: (S¢' GD va PT Thira Thién Hué 2017) Cho hinh chép déu S.ABCD c6 canh day bang 2a. Mit bén
hinh chop tao voi day mot gée br?mg 60°. Mat ph'fmg (P) chtra AB di qua trong tam G cua tam giac SAC cit
SC, SD 1an luogt tai M, N. Tinh theo a thé tich ¥ ctia khdi chop S.4BMN.

AV =34° B.V=Ta c.v:?f D.V

Cau 33: Cho hinh chop déu S.ABCD c6 SA=a, goc gilra mat bén va mat day 1a 60°. Goi M la trung diém

33,
=——ua
2

SA, mit phang (P) di qua CM va song song véi BD cit SB, SD lan lugt tai E, F. Tinh thé tich khoi chép

S.CEMF
3 3 3 3
A.a\/E B.a\/E C.4ax/E D.4ax/E
75 225 225 75

Cau 34: Cho khéi lang tru tam gidc ABC.A'B'C’ ¢6 thé tich 1a V. Goi E 14 trung diém cta A'C’, F la giao
diém cua AE va A'C. Biét khoi chop F.A'B'C’ ¢ thé tich 1a V,. Tinh ti s0 —*

2 p. 2.1
9

B 2-1 c.

Azl
3 Vo6 Z

B

Ciu 35: (S& GD&PT Can Tho 2017) Cho khdi lang tru dimg ABC.A'B'C’ va M 1a diém tiy ¥ thudc canh
bén BB'. Goi V,V' lan luot 1a thé tich cua khéi lang tru ABC.4'B'C’' va khéi chop M.AA'C'C. Tinh ti sb

¥
v

k

A.k=2 D.kzl

— B.k:— C.k=
3

A\ | —
|
W



Céu 36: Cho ling tru ABC.A'B'C’ c6 thé tich bang 18. Goi M, N lan luot 1a trung diém cia 44', BB'. Tinh
thé tich ¥ cia khdi da dién CNMA'B'C’ .

A. 12 B.6 C.9 D. 15

Cau 37: Cho ling try ABC.A'B'C’" ¢6 thé tich bang V. Goi G la trong tim tam giac ABC. Tinh thé tich khi
chop G.A4'BC theo V.

. g B. %
Céu 38: Cho hinh ling tru ABC.A'B'C’ c6 thé tich V. Goi G 1a trong tdm cta tam giac ABC. Khi d6 thé tich
khéi chop G.A'B'C’ 1a
4 14

2

C

L D
5

4
"9

A. 3 B. 31 C.2y D

Cau 39: Cho khdi lang tru tam gide 4BC.A'B'C’ c6 thé tich ¥,. Goi P 1a mot diém trén duong thang A4’
Tinh thé tich khéi chop tir giac P.BCC'B’ theo V,

= B. Lo C. N
3 2 4

Cau 40: Cho hinh lang try tam giac déu ABC.A'B'C' cb tht ca cac canh déu béng a. Goi M, N lan luot 1a

D

w |CN

trung diém cua céc canh 4B, B'C. Mit phing (A4'MN) cit canh BC tai P. Tinh thé tich cua khoi da dién

MBP.A'B'N
3 3 3 3
A.7‘“/g B.‘““/g c.7‘“/§ D.7‘“/g
32 32 68 96

Cau 41: Cho khéi lang try tam giac ABC.A'B'C'. Goi M, N lan luot 1a cac diém thudc cac canh bén
AA',CC" sao cho MA=MA" va NC=4NC'. Goi G la trong tam tam giac ABC. Trong bdn khéi tir dién
GA'B'C', BB'MN, ABB'C', A'BCN khéi nao c6 thé tich nho nhat?

A.Khéi 4'BCN B. Khéi GA'B'C’ C.Khéi 4BB'C’ D. Khéi BB'MN

Céu 42: Cho khéi lang tru ABC.A'B'C' ¢6 day ABC la tam giac vudng tai B. AB=BC =2a, AA' = a3.
Tinh thé tich ¥ ctia khdi chop A.BCC'B’theo a.

3 3
_4a'\3 B.V=d\3 C.sza\/g

D.V =243
3 3

AV

Céu 43: Cho hinh ling tru dimg ABC.A'B'C' ¢6 AB=a, AC =2a, AA' = 2a\J3, BAC =120°. Goi K, I 1an

luot 1a trung diém cta cac canh CC’, BB'. Tinh thé tich ¥ cta khéi tir dién I4'BK

3 3 3 3
Av=L B,y 43 c.y-a¥s V=2
2 6 2 6

Céu 44: Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Tinh thé tich ¥ cua khéi ti dién ACD'B’




A.V:la3 B.V = C.V=— D. V=
3 3 4 4

Cau 45: Cho khéi hop chit nhat ABCD.A'B'C'D'. Ti s thé tich cta khéi tir dién A’ABC va khéi hop chir
nhat ABCD.A'B'C'D’ bang

AL B. . c. L D. .

4 6 2 3
Cau 46: Cho hinh hop ABCD.A'B'C'D’ c6 thé tich V. Goi V, 14 thé tich ctia tir dién ACB'D’". Tinh ti s6 %
AL B. c.l p. 2

3 3 5 5

Céu 47: Cho hinh 1ap phuong ABCD.A'B'C'D’ canh a. Goi M 1a trung diém ciua A'B’ va N la trung diém
cta BC. Tinh thé tich cta khdi tir dién ADMN.

3 3 3 3
Av=2L B. V=L c.v-L p.y=-L
3 12 6 2
Céu 48: Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh a.Tinh thé tich cua khdi tir gidc D.ABC'D'.
3 3 3 3
AL B, 42 c. N2 D. =
3 6 3 4

Cau 49: Cho hinh 1ap phuong 4BCD.A'B'C'D’ . Goi M 1a diém trén duong chéo CA' sao cho MC = -3MA’
Tinh ti s giira thé tich V, cua khéi chop M.ABCD va thé tich V, cua khéi 1ap phuong.

A L=— B.L=2 C.

SSS

1
9 v, 4
Cau 50: Cho hinh hop ABCD.A'B'C'D'. Goi M thudc canh AB sao cho MB =2MA. Mit phang (MB'D')
chia khéi hop thanh hai phan. Tinh ti s6 thé tich cua hai phan d6.

3 B L ¢ 2 p. 2

12 17 41 17

Céu 51: Cho hinh hdp chit nhat ABCD.A'B'C'D’ cb thé tich bang 1 va G 1a trong tim cua tam giac BCD'.
Tinh thé tich ¥ ctia khdi chop GABC'

Av=>L B. V= =1 D.v=1
18 12 3 6

Cau 52: Cho hinh hop chit nhat ABCD.A'B'C'D’ . Ti s6 thé tich cua khéi tir dién A'ABC khdi hop chir nhat
ABCD.A'B'C'D’ bang

A.

N
N~
N | —
W | —



Céu 53: Cho hinh 1ap phuong ABCD.A'B'C'D'. Goi M, N lan luot 1a trung diém ctia 4B va AD, mit phang
(C'MN)) chia khéi 1ap phuong thanh hai khéi da dién. Goi ¥, 1a thé tich cua khdi da dién c6 thé tich nho

, , . V.
hon, V, 1a thé tich cta khoi da dién c6 thé tich 16n. Tinh 71 .
2
Al p_13 c. i1 )
Vv, 3 Vv, 23 v, 2 v, 47

Céu 54: Cho hinh lap phuong ABCD.A'B'C'D’. Goi I 1a trung diém ciia BB', mit phing (DIC ') chia khdi

1ap phuong thanh hai phan c6 ti s6 thé tich phan bé chia phan 16n bang

A2 B. 2 L 2
8 3 17 12



LOI GIAI BAI TAP TU LUYEN

Ciu 1: Tacs Loaze _SA SBSC_111_1 cpons
Vewe SA SBSC 333 27

Ciu 2: Ta ¢co Ssauy _ AM_ 1 Sasuy :ﬂ:é.
SASA N SA 2 ’ SASAC SC 4

3

SASAC = gSASAC

Slw

1
Suyra S,,,v = >

1 31
@Ed(B;(SAC)).SMMN =§x§d(B;(SAC)).SASAC

v
= Vpauy = %VB.SAC & k=0 = g Chon A
S.4BC

Cau 3: Ki hiéu tt dién va cac diém nhu hinh vé.
 Vsape _ 54 _SB -SC _1 V=L
Ve se SA SB SC 8 : 8

v
Tuong tu V, up =Vapuw =Veonr = g

4 ! _
Dodo V' = Vs.asc = (VS.A'B'C' Ve ¥V + VCAC'NP)

=V — K+K+K+K :KDLIL. Ch(.)llA
8 8 8 8 2 Vo2

Cau 4: Tacod Sy = AM.AN =l.
Sipe AB AC 2

. 1 1
Lai ¢6 Vy i =§d(A;(ABc)).SMMN;VS,ABC :§d(A;(ABC)).SAABC

V. S
Suy ra SN = —AAUN :l—ﬂ/S.AMN :%. Chgn A

S.4BC SAABC 3

S
Cau5: Taco e MG _1 S cs =1SABCD
Sus MB 3 2

1

SABCD = ESABCD

N | —

1 1
Suyra S, = ESAMCB = 5
Lai ¢6 ¥V, gpc =§d(A;(BCD)).SAMGC

d (4;(BCD)).S s :% Chen C

|~
W | —

M



. . : 1 3
Cau 6: Dién tich tam giac ABC1a S, = % =d’ = Ve e = E'SA'SAABC = a?

4 1 1d o
Vay 4 zﬂzlz Vs.aic =5 Vs.nc - L=L Chon D
Ve se SB 3 ' 37 33 9
1
1 V. gh'SAMNK 1 14
Cau7: Tacod Sy = =Sy pe ——> M = 0 =7 Ve vk =7 Chgn C
3 Vsasc  1p S\ isc
3

Céu 8: Qua D ké duong thiang d //BC, cit SC tai E

= Mt phing («) ¢t khéi chop theo thiét dién la AADE

Theo dinh li Talet, ta co sD = SE = 2
SB SC 3
Do do Vs‘ﬂzg,gzz.g:i. Chon B
Vi se SB SC 33 9
V ;d(E;(BCD)).SABCD E O ER 1V |
Céu 9: Ta c6 =255 = ; T ma =7 _VE-BCD =—. ChenD
A.BCD g.d(A;(BCD)).SABCD A.BCD

Cau 10: Tam giac SAC can tai A ma AC" L SC

2 |
Suy ra C' 1a trung diém cia SC—— 5C =
SC 2
. ABZ 2
Tam giac ABC vuong can tai A——> S, 5 = 5 = %
1 a’

Do d¢, thé tich khéi chép S.4BC 1a V; . = 3548 e =~

3

Vs imer
sapc _ SB SC - % =V e = %, Chon D

Vi - _11
Yy . SBSC 272




Céu 11: Qua G ké duong thing d / /BC, cit SB, SC tai I, J.
SG _SI _S] 2

Tacd d//BC = ——="—-="2=Z= (MIa trung diém ciia BC)
SM SB SC 3
Khidé@:ﬂ_ﬁ:%_%:icmmc
Ve se  SB SC 33 9

2
Cau 12: Dién tich tam gidc ABC1a S, ;. = %.AB.BC = “7

Ta c6 SA L (ABC)= SB;(ABC)=(SB; AB) = SBA = 60°

Tam gisc SAB vudng tai 4, c6 SA = AB.tan SBA = a3

Suy ra thé tich khéi chop S.ABC 1a V, .. = E.SA.SAABC =

_.
Q’u)
ey

Vi M 14 trung diém cta SB——V,, 0 = > Vsne == Chon C

Cau 13: K¢ CF L SB(F € SB)

SC 1L 4B
: { = AB 1 (SAC)

Taco
AC 1 AB

Ké CE L SA(E € SA) ma AB L CE = CE 1 (SAB)= CE 1 SB

) , V

Do d6 C,E,F dong phang :ﬂzﬁ.g

Veeis SA SB
Tam giac SAC vudng can tai C —>S—E=l

SA 2
Tam giac SBC vudng tai C, c6 - = 12+ 12:>CF:CZ\/g
CF SC° BC 3
Tam gidc SCF vudng tai F,c6 SF =~/SC*> —CF? =§:>§—I;=%
Vi 11 1 1 aa da
vay 32— - =V .. =—V, ,. =———=—. ChonC
ay 23 6 R N TS 0

S.CAB




Cau 14: Taco I/S'ﬂ=ﬁS—HS—K—1

11 1
. . - ._-_=_ Hl\
Vi se SA SB SC 22 4 IIJ.- ".\\
, 1 1 II}' l. ._\.- =
Do do VS.AHK :ZVS'ABC :ZV ChQnB / .\ J‘:T)\\
e W
é_::‘:#_'_ﬂ_ H L'\' 1
T T e——— v ol
M
x‘_“x 4
e {
B

Cau 15: Goi M 1a trung diém cia 4B = A4,G,M thing

hang va SM =3GM = d(G;(A4BC)) = %d(S;(ABC))

, 1
Taco: V, e = Ed (G5(4BCD)).S 151

d(4;(ABCD)).S 5y = %VS_ABCD =a’. Chon A

W | —

1
T

Cau16: Do S 50, =4Socp = Vs apep = Wsocn

S
x
|
Mt khic Yooy _ SO SM SN 1 i) R
Vioew SO SC 'SD 4 H A
1 »
VS.OCD 1 . |
=Vsomw = T4 = EVS.ABCD .Chon D { ; LUI'I /. '
F _.-.'__1'—__,1}‘—'—-' = =»
P N :__ I'J -
B = 5 '!."-
I“"'.I‘I : D
Céu 17: BC = AB = a\J2,AC = AB\J2 = 2a \ On
AB 1 BC
0 = AB 1L CE. LY,
AB L SC S NE
Miit khic CE ()= CE L SA= CE L (SAB)= CE L SB e e T = 4



Tam giac SCB vudng tai S c6 dudong cao CE co:
SC* SE SE sc?
= = =
SB* SB ~ SB SC’+BC’
SC = AC = ASCA vudng can tai C nén D 1a trung diém ctia SA4

Suyra Vocan _ SC SE D _4 1
Vs, SC SB SA

SC* = SE.SB =

N

62

1
3
2

1 1 1 2 1
Mt khic ¥y = -SC.8 e = 5.261.5(61\/5 ) = 39 = Vo =5

Cau 18: Tacé AB*> + BC* = AC* =20a”> = AABC vuong tai B

3
Do d6 S ;0 = %AB.BC =4 =V, e = %SA.SABC _Sa

Xét tam gidc SAB vudng tai S c6 dudong cao AM co:

SA* SM __SM SA? 1

j— = =
SB*> SB SB  SA*+ AB*> 2
SA? 4

SN 1
Tuong ty —=— —= —_—
SC S4+A4AC° 4+20 6

SA* = SM .SB =

Mait khac M:&ﬂ:L:V L.Scf 24°
: V. SB SC 12 samv =573 5

Chon A.

Cau 19: AABC vudng tai B
= AB = BCtan B = tan 60° = a\/§

1 az\/g
2

SAEC = EABBC =

Goi H la trung diém cua 4B = MH 13 dudng trung binh cua tam

MH //S4= MH 1 (ABC)
giac SAB =

3
Do dd V,, e = %MH.SABC = "T Chon D.

Cau 20: Xét tam gidc SAC vudng tai S c6 duong cao AP co:

SA4* = SP.SC =

T T e " e o 2 =
SC SC SC S4°+AC 4+1

S4> Sp__Sp S84 4 4
5

2p=2p Chon C
3 9

by li':'l'"-

"
'. .
"u,_.
I"._I ~ r
l"\. 4 .
".k F x In'I
A
W
,, AM
i i Y
Y R
A ES *
-, \
\
Sy 4

2




Do dg Vouwe _ SM_SN SP

11
Ve se SA SB'SC 2°2

4_1
5 5

2 3
Laico S50 = M = Vs apc = %SA'SABC - ﬁ'
1 o \/5 a3\/§
Suyra V, =—, = . Chon A.
y S.MNP 5 6 30 .
Ciu 21: Ta ¢6 SA=SB=SM =1= hinh chiéu ctia dinh § S
xudng mit phing (4BM ) la tim dudng tron ngoai tiép AABM . 2/3“\_
| N
Mit khic ASC =90° = AS | SM = AM 1L \SA* + SM? = /2. P I\ :
i I 1 b
Céc tam gidc ASB, ASM 1a cac tam giac déunén AB = BM =1. o : \ A
2 2 2 N . 4 H \ *x
Suyra AB* + BM® = AM* =2 = AABM vudng tai B. y - L > M
Khi d6 SH L (ABM) thi H 1a trung diém ctia canh huyén AM. x""a\\ 2 3
.
"N‘_ ’
Ta co AH:g:SH:\/SAz—AHZ:%. B
1 1 N2 4BBM 2
V. =—SH.S ;, =——. =——. Chon C.
S.ABM 3 ABM 3 2 2 12 .

Céu 22: Trén SB lay diém E sao cho SE =1
Dung EF 1 SA,EG L SC(F e S4,G € SC).

Khi d6 ASEF,ASEG vudng can tai E .
Tacé EF =EG=1= SF =SG =42

Do CSA = 60° = FSG = 60° = AFSG déusuyra FG =+/2.

. . 1 1
Khi d6 AEFG vudng cantai £ = S, :EEF.FG:E

Suyra Vs pc =60V e =10

Mt khic S _AM AP _3 g 3
S, AB AC 16 16




3 3 7
Tuong tw = S0 = Spuw = Seve == S.5c = Sume = (1_3-_)5'/130 =—S

16 16 164
7 7 35
Suy ra VS.MNP :E'VS.ABC :EIO :?. Ch()n B.

Cau 23: Dé dang chting minh dugc 4H L SB,

AC = AB2 = a 2.

Tam giac SAB vudng tai 4, c6 duong cao AH nén

S4* = SH.SB = S4° _SH_ A :i
SB> SB SA*+ AB* 5

s 2 i, YO

Tuwong tu, ta tinh duoc Sk _ ————5 == A
SC  SA4"+4C° 3

Véy I/S.AHK _S_H SK 4

8 8 1
=V e = —
15 S.AHK 15 3

Vi e SBSC 5

2
'3

Chon B.

Cau 24: Goi N =(MBC) N SD. S

Taco: BC//AD = (MAC)N(SAD) = MN suyra ' X

MN//BC//AD. VS.ABC =VS,ACD - 2

V ;III i .I
DiitSﬂ=X. TaC(’)Mzsﬂ:x_ _."IJ; I"
S4 Vs asc S4 I,

V. X
S.ACM _ '
= =xX=>Vs yon = EVS.ABCD' 4

i
|
|
F I 1 - 5
Vs apep ‘1 T-_ L: e ™~
I %
|
[ S
1

t".J .

VS .ABCD

2

.,V SM SN x
Lai co: SO S_AS_D =x'= Vsemn = TVS.ABCD

§.CAD

1 x x 1 “1++/5

jVS.ABCD =SSRty T

X X

= Vs sonm = [_

+— :>SM:—1+\/§
2 2

Laico AC =+/1+4 =«/§,MA=2—(—1+\/§)=3—\/§,AC=\/§
] 3J5-5

Suyra S, :EMA.AC =

. Chon A.



. BC 1 AB S
Céu 25: Do = BC 1 AB' %
BC L §4 i1
(4B L SC , & D
Ta co: = AB' 1 (SBC)= AB' L SB S
AB' 1 BC B f _1__;_-:",. ""'.:: -
(=T | 4 LA
Do hinh chép ¢6 (S4C) 1a mét phang déi xtmg nén ..-’ﬂi* ,;’-‘_ U .
Vs apcn _ Vs.agc _ SB '.SC,' " y , " ., \F i
VS.ABCD VS.ABC SB SC II."' r i G i ;
L S
Xét tam giac SAB vuong tai S c6 duong cao AB' co: B - —‘=C.
2 ' ' 2
SA* = SB'.SB = SA2 _5B = 5B’ _ ZSA 5 1
SB SB SB  SA" + AB 2
Twongtg SC_SA__ S8 1 Vowe 1 Vower
SC SC* SA*+AC* 3 Vs ise 6 Vs isen
1 1, 1, 5q°

Mat khac V

ABCD T ESA'SABCD = ga = Vsaper = Ea = Vigeo.asco = Vsaseo ~Vsaper = 18

Chon A.

Cau 26: Dung AH | BM

Tacé BM L SA=> BM L (SHA). A
Khi do ((SBM);(4BCD)) = SHA = 45° 1R
{ '.\' "
.fl.l : II'I \ 29
< X / SR ~
Pt AB = AD = x=> AM = MD = DN ==~ /1 N .
2 A S
..'" ; b il Vg 7
Mit khac AH = MAB X 5 0%
Jam? 4t 5 ol e N
B Y ™ N 7
o - v
Suy ra SA:AHtan45°=%=a:>x=a\/§ B" Es.
5

S e =Sasco — Souy —Spew =X — 3 4 3 3

i 1
Do d6 VS‘AABNM = ESABNM SA4 =

sS4, SB' SC'_SD
Cau 27: Taco Lsazco. _ SA' SB_SC_ SD' _2+2+2+2 1 (0

A SA SB' SC' SD 42222 8
"SA'" SBSC 'SD'

S.ABCD




Cau 28: Goi O la tam hinh binh hanh ABCD
N6i AN NSO =1 = I 1a trong tdm tam gidc SAC
Qua 7 ké duong thfmg d cit SB,SD lan luot tai M, P
Y| SB SC SD
bat —=L—=x—=2—=y
SA SM SN SP

VI
Suyral+2=x+y < x+y=3 Vé7:x+y+3:x+y+3

8xy 8xy

V' 23 1
Tacd 4xy<(x+y) =9 =-—>22—_ ChonB.
v (x+y) v 29 3 ¢

Céu 29: N6i AN NSO = I = I 14 trong tAm tam gidc SAC
Qua I ké duong thang d //BD, cat SB,SD lan luot tai E,F

SE SF 2 ,
Suyra — =— = —; E,F thudc mat phang ( P
"M SBT 5D 3 phing (P)
S4 SB SC SD 3
— et —+—— 1+2.—+2
Khido . _S4 SE SM SF __ "2 " _
sasco 404 SB SC SD 33,3
SA SE SM SF 22
. ol
Ma Vg pep =V, +V,——>—=—. Chon D.

2

Cau 30: Ta c6 (MNPQ)//(ABCD) = d(S;(MNPQ)) = %d(S;(ABCD))
Ma O € (4ABCD)——>d(0;(MNPQ)) = %d (8;(4BCD))

. 2Y
Laico SMNPQ :(Ej 'ESABCD :§SABCD——>_: :7. Ch()n C

Céu 31: N6i MN N SA = E = E la trong tim ASMB
N6i MC N AD = F = F 1a trung diém AD

Taco VAEF.BNC = VN4MBC - VE.MAF

SAMAF

= %.d(N;(ABCD)).SAMBC —%..d(E;(ABCD)).

N




11 11 1

= E.Ed(S;(ABCD)).SABCD —E.g.d(A;(ABCD)).ZSABCD
1 1 5 V,
EVS.ABCD _EVS.ABCD = EVS.ABCD = 71 =— . Chon A.

2

Cau 32: Goi O 1a tam hinh vuéng ABCD = SO L (ABCD)
Goi E 1a trung diém BC = BC L (SEO)

Do d6 (SNO);(ABCD) = (SN;ON) = SNO = 60°

Tam gisc SEO vudng tai O, ¢ SO = OE.tan SEO = a3

4q° \/§

3
Vi (P) chira AG nén (P)NSC =M la trung diém ciia SC D ¢

Suy ra thé tich khéi chép S.ABCD 1a V ) =

Qua M ké dudng thing d / /CD, cit SD tai N

SA SB SC SD
+—+

- - 7_{_7
N 4 SA4 SB SM SN 1+1+2+2 3 NG 3
Khi d6 —S4BMN_ _ - == =—a . Chon C
Hee SA SB SC SD 41122 g sy @-then

"SA SB SM SN

S.ABCD

Cau 33: Goi O 1a tam hinh vuéng ABCD = SO L (ABCD)
Goi N 1a trung diém BC = BC L (SNO)
Do d6 (SNO);(ABCD) = (SN;ON) = SNO = 60°

3

Tam giac SNO vudng tai O, c6 SO = ON. tan SNO = >

2
Tam gidc SAO vudng tai O, c6 SO =~SA* — 04 = |’ _x?

2 2 2
Suyraﬁ= 612—x—<:>?’izaz—x—<:;>AB:x:2a\/g
2 2 4 2 5




Thé tich khéi chép S.ABCD 1a V ., = %.SO.SABCD =

2(1\/3 ﬁ LZax/gjz _4a3\/g
= =

5 5 75

W | —

N6i SONCM =1 ——1 la trong tim ASAC:?—éz%.

Qua / ké duong thfmg d//BD, cat SB,SD lan luot tai E,F = £=£:z
SB SD 3

3

bt SA_ SB_ SC_ SD_ Ve weyezee 22501

S SM SE T'SC TSF Ve iscn 4xyzt 4233, 3
233

C

3 3
vVay Vs ypcr :l'I/SABCD 21'461 \/E = 4 \/E Chon
' 3 7 3 75 225

FA'" AE 1 FA" 1 -
= = — = = — ‘.I' ¥t C"
FC AC 2 c4' 3 .

Cau34: Do A'E//AC =

B Pz
Do d6 d(F;(A4'B'C"))= %d(C;(A'B'C’)) N, A
F\}{ : H'x“/#. r
1 Ny B
Suy ra VF.AB’C’ :EVC.A’B’C’ :gVABCD.ABC" ;’ %
/ n .
Vay £=l Chon D / “‘x
noo9 .f: M
f LY
- SN ——— z
7~ C
4 K“H W
‘h\\\ e g
B
Cau 35: Taco MB'//(ACC'A") nén B C
—a
d(M;(A'AC))=d(B';(4'AC)).
) Mg ™
Do d6 V’=VB,_ACC,A,=V—VB,.ABC=V—§V=§V N i
Vay k:K:g. Chon A
Vo3
j:? o e R S ¢




|

Cau 36: Goi V 1a thé tich cua khi try. B
1 1 =
Taco: sy ==Sipss = Verwsa = EVC.A’B'BA' ! P i
— voor ' Y |
Matkhac Ve g5y =Vipcuse =Veuwe =V —5=— ( [ 4 {
3 3 N *\ ! [
12V 1 T ' '
= Vepps ==—==.18=6 . . '
CMNBA = 5 T T S | N
. i
D0 d6 Vs =V = Ve sns =12. Chon A J' P N
e "
B | -__,-"‘-.. .
'\ I' -
JF
. |
c'

s
(¥
‘71
¢
M,

Céu 37: Goi / 1a trung diém ciia BC = Al =3GI
Khi d6 d(4;(A4'BC))=3d(G;(A'BC)) =V, s =V guwe
 Lls V V
Matkhac V, ype =V ipc = 3 Vo.anc = ECh(.m D

Cau 38: Do (4BC)//(A'B'C")=d(G;(A'B'C"))=h véi h l1a

chiéu cao khéi lang try.
1 1
hS pe = E.V .Chon A

Do do V; ,pe ==

Cau 39: Do A4'//(BCC'B') va P e A4’ néntaco
e Wi ¢



Vv, 2V,
=Vo ~Viasc =V _?0 = TO- Chon A.

VP.BCC’B’ = VA’.BCC’B’

Cau 40: Goi E 1a trung diém cta BC, F 1a trung diém ctia BE.
Khido MF//AE ma AE//A'N nén MF //A'N

Suy ra cac diém A',M,F,N thuoc cung mQt mat phfmg.

Vay (A'MN) cét canh BC tai diém P = P tring v6i F .

Cong thirc tong quat tinh thé tich khéi da dién

“Thé tich khéi chép cut 1a ¥ :g(B+B’+ BB') v6i h 1a chiéu cao,

B, B' 1an luot 1a dién tich hai day”
Xét khéi chop cut MBP.A'B'N ¢6 chiéucao h=BB' =a.

S,.. S
B=S,,, =—4¢ -~ ,
Va dién tich déy B8 5503
' SA’B'C' 4
B = SA’B'N’ = 5 = E

Thé tich khéi da dién MBP.A'B'N la

i 3

V:E. £+£+ EE :7\/§a . Chon D
3708 2 V82 96

Ciu 41: Goi V' 1a thé tich khi lang try ABC.A'B'C’

. Vo2
Taco: V,poow =V =V, e = V_?:T

|'Ir.l. |
.’I‘l..' |
.l'.III |
iy, o e e s
AT | /¢’
e
Er
- C-r
=% A
& |
| = r
| o it 1
| B i
A4 [ II
| | I|
| |
| o
fe=z---- ,Ill.. s ;:’I c
HM—."'\--\,\H et ._l g £
T
B



gy V 1
Khi do Vs ype = ?5 Viesow =Vassy = EVA’.BCC’B’
1 , 12y v
(Do Sy = ESCC’B’B )-Do do Vi gy = ET = ?
1 V
Tuong tw V, cps =Vycws = E‘VA'.BCC'B’ = E
1 1

Do SBCN < SBCC’ 2

Vay khoi chop BB'MN c¢6 thé tich nhé nhit. Chon

Céu 42: Goi V' 1a thé tich khdi chop ABC.A'B'C’

, vo_2r
Taco: Vypeow =V =Vyupe =V —F=—
3 3
Laico V=S 044 = 2BAC 44203 3
3
Suyra V, pocp = %.2&3\/5 = 4a3\/§ . Chon A

Céu 43: Goi V' 1a thé tich khdi chop ABC.A'B'C’

, Voo2r
TacO V,peew =V =Vyipe =V — ? = T
_— 1
Laico: Sy, = ESKICB = ZSBCC'B’
12 1
Suyra Vs = ZVA‘BCC'B’ = ZEV = EV

Mit khac V =S ,..AA' = %AB.A C.sin BAC.AA'

= %.a.2a.sinl20°.2a\/§ =37’ = Vs = %V =

A.

Ciu 44: Thé tich khdi 1ap phuong 1a ¥ = o°.

1,

TacO V, oo =Vease =Vouco =V pec =—a

=—Sscer = Viypen < E'VA’.BCC’B’ =

'! : e ———
%
g L y
.."‘._ , B
._\-
= = = = — = = e P
A - A
.  ftad
A —
L g
"L"'.._‘ ‘x::_'- “
L -- "
"L_. i
5 o~
l“ B - _-1. Jr
-".,I \
\._' Y : I.'
% i
\ \ .
\ EY¥
== = = = = == = .
A i
", ,|I.
"x.___ \ I 5
.“H‘. '\l, -lr‘._ -~
-‘.:"'-'B‘
4’ 4
: D

S
o™ , ;|
%, . C'}
e | P
I"‘:"‘n' - ‘{’
iy r i
\r"-‘! {
‘l#:‘”_\_ _______ {
4 o '
/ b [ 4
’ ™, o
)
/ ‘:\-‘u% ‘I;'fll
S




VACD'B' = VABCD.A’B'C'D' - VA,A'B'D’ - VB',ABC - VD'.ACD - VD',B'C'C

3 3
Suyra V, .y =a — 4.% = a?. Chon A

Caud5:Taco S0 =280 = Viasep =2V ape A
r‘ F
b 1 /i
Mat khac V, jzep = EVABCD.A'B’C’D’ g : % 2
i P N _,_r/
d 1 1 1 Sr f: '.l : '\l' o
Dodo V, ==V, =——=V f 4
A'.4BC A'.ABCD 5V ABCD.4'B'C'D "
2 23 i : N 5
L]
| i i \
| I \
= EVABCD.A'B’C’D" Chon B i N :
i I \
. T e e
F '_" & e i\
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