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TIEP TUYEN CUA PO THI HAM SO

A — KIEN THUC CHUNG

Bai toan 1: Tiép tuyén tai diém M(x,;Y,) thuge dd thi ham sé:
Cho ham s6 (C):y=f(x) va diém M (X;¥0)€(C). Viét phuong trinh tiép tuyén véi (C) tai M.

- Tinh dao ham f'(x). Tim hé s6 goc cua tiép tuyen la f'(x,)

- phuong trinh tiép tuyén tai diem M 1a: y =f'(x)(Xx—X, )+,

Bai toan 2: Tiép tuyén c6 hé sé géc k cho truéc

- Goi (A) latiép tuyén can tim c6 hé sé goc k.

- Gid st M(X,;Y,) latiép diém. Khi d6 X, thoa man: f'(x,)=k (*).

- Giai (*) tim X,. Suyra y, =f(X,).

- Phuong trinh tiép tuyén can tim la: y =K(x —X,)+Y,

Bai toan 3: Tiép tuyén di qua diém
Cho hamsé (C):y=f(x) va diém A(a;b). Viét phuong trinh tiép tuyén véi (C) biét tiép tuyén di
qua A.

- Goi (A) la dudng thang qua A va co hé s6 goc k. Khi do (A):y=k(x—-a)+b(*)
f(x)=k(x-a)+b (1)
f'(x)=k (2)

- Thay (2) vao (1) ta c6 phuong trinh an x. Tim x thay vao (2) tim k thay vao (*) ta c6 phuong
trinh tiép tuyén can tim.

* Chuy:
1. Hé sb goc cua tiép tuyén voi (C) tai diém M(X,;Y,) thuoc (C) la: k=F"(X,)
2. Cho duong thang (d):y=k,Xx+b

- Dé (A) latiép tuyén cia (C) <:>{ c6 nghiém.

1
+) (A)/1(d) =k, =Kk, +) (A) L(d) :>kA.kd=—1<:>kA=—k—
d
kA — kd
1+k, K,
3. Tiép tuyén tai cac diém cyc tri cua do thi (C) c6 phuong song song hoac triing véi truc hoanh.
4. Cho ham s6 bac 3: y =ax® +bx’ +cx+d,(a = 0)

+) (A d)=a=tana = +) (A,0x)=a=k, =ttana

+) Khi a>0: Tiép tuyén tai tam d6i xtng cua (C) ¢ hé sé goc nho nhat.
+) Khi a <0: Tiép tuyén tai tam d6i xtng caa (C) ¢ hé sé goc 16n nhat.

B - BAI TAP
DANG 1: TIEP TUYEN TAI PIEM THUQC PO THI HAM SO:

Cau 1. Tim phuong trinh tiép tuyén cua d6 thi ham sé y = x> — 3x* + 2 tai diém M (-1,-2)?
A. y=9x+11. B. y=9x-11. C.y=9x-7. D.y=9x+7.
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Huwéng din giai:

Chon dap an D.

y'=3x"—6x=y'(-1)=9.

Vay phuong trinh tiép tuyén I3 : y=9(x+1)-2< y=9x+7.
Cau 2. Phuong trinh tiép tuyén ciia dudng cong (C):y = x* —3x* +4 tai diém A(L2) la
A y=3x+5. B. y=2x+4. C. y=-2x+4. D. y=-2X.
Huwéng din giai:

Chon dap an D.

y'=4x’-6x=y'(1)=-2.

Viy phuong trinh tiép tuyén: y = —2(X —l) +2& y=-2X
Cau 3. Viét phuong trinh tiép tuyén cua d6 thi ham sé y = x* —3x +2 tai diém M (2;4)
A. y=-3x+10. B. y=-9x+14. C. y=9x-14. D. y=3x-2.
Huwéng din giai:

Chon dap an C.

Taco y' =3x*-3.

Do d6 : phuong trinh tiép tuyén cua do thi tai M (2;4) 13 :

y=Y'(2)(x-2)+4 =9(x-2)+4 =9x-14.

Cau 4. Cho hamso y = X—l Phuong trinh tiep tuyen cia do thi ham s6 tai diem M (0;-1)la
X+

A. y=3x+1. B. y=3x-1. C. y=-3x-1 D. y=-3x+1.
Huwéng din giai:
Chon dap an B.

Taco: y' =

(x +1)2

He s6 goc tiép tuyen : y'(0)=3

Phuong trinh tiép tuyén ciia d6 thi ham s6 tai M (0;-1) la y =3(x—-0)-1=3x-1.
Cau 5.Cho ham s y =x*+3x* -2 c6 do thi (C). Viét phuong trinh tiép tuyén cua (C) tai diém co
hoanh do bang -3.

A. y=30x+25. B. y=9x-25. C. y=30x-25. D. y=9x+25.
Huwéng din giai:

Chon dap an D.
y(-3)=-2
y'(-3)=9

y=9(x+3)-2< y=9x+25.

Taco y' =3x*+6Xx nén { , do d6 phuong trinh tiép tuyén la

A 2 . A s ba A 4 . s
Cau 6. Tiep tuyen cua do thi ham so y= f (X):—1 tai di€m c6 hoanh d¢ X, =—1 c6 phuong trinh la
X_

A y=x+2. B. y=—x+2. C. y=x-1. D. y=-x-3.
Huwéng din giai:
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Chon dap an D.

f'(x)= —( 4 )2 . Phuong trinh tiép ctia @6 thi ham sé tai diém c6 hoanh d¢ X, =-1 Ia
x-1

y=f"(-1)(x+1)+ f (-1)=—(x+1)-2. Vay y=-x-3.

Cau 7. Tim phuong trinh tiép tuyén voi do thiham sé y = tai diém c6 hoanh d¢ bang 0 ?

X+1
A y=3x+1. B. y=3x-1. C. y=3x-4. D.y=3x-2.
Huwéng din giai:
Chon dap an B.

y'= = y'(0)=3.

(x+1)2
X =0=y,=-1
Vay phuong trinh tiép tuyén la: y=3(x—-0)-1< y=3x-1.

Cau 8. Tim phuong trinh tiép tuyén cta do thi ham sé y = x* — x? + x +1 tai diém c6 tung do bang 2
A.y=2x. B. y=9x-11.

C.y=2x va y=2x+%. D. y=2x+4.

Huwéng din giai:
Chon dap an A.
TXb: D=R.
Goi M, (X;; Y, ) 12 tiép diém cua d6 thi ham sb véi tiép tuyén.
Taco y, =2 =% X, +X,-1=0 (X, -1)(x +1) =0= x, =1.
y' =3 -2x+1=Y'(1)=2.
Viy phuong trinh tiép tuyén caa dd thi ham s tai diém co6 tung do bang hai 1a y = 2x.

Cau 9. Viét phuong trinh tiép tuyén véi db thi ham sé y = tai diém co tung do bang 3.

A. x+4y-20=0. B. x+4y-5=0. C. 4x+y-20=0. D. 4x+y-5=0.
Huwéng din giai:

Chen dap an A.

Goi M (x,,Y,) latiep diem.

Theo ¢ baitaco y,=3= x, =8.
4

(x-)

Vay tiép tuyén tai diém M (3:8) c6 phuong trinh la: y :—%x+5 hay x+4y—-20=0.

y:

= y'(8):—%.

Cau 10.Cho dudng cong (C):y =x°—3x*. Viét phuong trinh tiép tuyén cta (C) tai diem thuoc (C)
va c6 hoanh d6 x, =-1

A. y=-9x+5. B. y=-9x-5. C. y=9x-5. D. y=9x+5.
Huwéng din giai:

Chon dap an D.
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Taco y'=3x"—-6X.
V6i X, =-1=y, =—4,y'(-1)=9.
Vay phuong trinh tiép tuyén tai (-1,—4) 1a y =9(x+1)-4=9x+5.

Cau 11. Cho hamsé y = 2X _34 c6 dothila (H ). Phuong trinh tiép tuyén tai giao diém cia (H) Vvéi
X_
truc hoanh la:
A. y=-2x+4. B. y=-3x+1. C. y=2x-4. D. y=2x.
Huwéng din giai:
Chon dap an A.
_x4 2
X—3 (x—3)2

D0 thi ham s6 cét truc hoanh tai diém A(2;0) = y'(2)=-2.
Phuong trinh tiép tuyén tai diém A 1a: y=-2x+4.
Cau 12. Cho ham sé y = —x*+3x* —6x—11 c6 do thi (C). Phuong trinh tiép tuyén véi dd thi(C)
tai giao diém cua (C) véi truc tung la:
A y=6x-11va y=6x-1.
C.y=-6x-11va y=-6x-1.
Huwéng din giai:
Chon dap an D.
Giao diém cua db thi véi truc tung A(0;—11),
y=—X+3x*-6x-11=y' =-3x*+6x-6=y'(0)=-6.
Tiép tuyén cua dd thi ham sb tai diém A(0;-11) 1A
y=-6(x-0)-11=-6x—-11.
Cau 13. Viét phuong trinh tiép tuyén cua do thi ham sb y = x®—-3x2+2 tai diém thudc do thi co
hoanh do % thoa diéu kien y"(%,)=0
A.y=-3x+3. B. y=9x+7.
Huwéng din giai:
Chon dap an A.
Taco: y=x*-3x*+2.

C.y=0. D. y=-3x-3.

y'=3x?—-6X.

y"=6Xx—-6.

y"(%)=0< 6% -6=0< %, =1=y,=0.

Tiép tuyén tai X, =1 c¢6 phuong trinh 1a: y = f '(x,)(X — X,) + Y, = —3X+3.

Cau 14. Tiép tuyén tai diém cuc tiéu caa do thi ham s y = 3 x® —2x* +3x-5
B. Song song vai truc hoanh.

A. Song song véi duong thang x =1. ’ i
D. Cb hé sb6 goc bang —1.

C. C6 hé sb goc duong.
Huwéng din giai:

Chon dap an B.

Tap xac dinh D=R.
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x=1 ——E
Taco y'=x>—4x+3, y=0e | Y773
x=3,y=-5

Vi ca hai diém cuc tri déu khdng thugc truc hoanh va tai mdi diém déu cd y'(x,)=0 nén tiép tuyén

song song vai truc hoanh.

Cau 15. Goi A la giao diém ciia dd thi ham sé y = 2X_

Vi truc Ox . Tiép tuyén tai A cua do thi

ham sb da cho c6 hé sé goc k 1a
5 1 1 5
Ak=-= B. k==, C. k=-=. D. k==.
9 3 3 9
Hwéng dan giai:
Chon dap an B.
Giao diém cua db thi va truc hoanh 1a A(2;0).

y=2f oy o y(2)-2
2x—-1 (2x-1)° 3
A A AR z 5 =K A Y 1
Vay hé so goc cua tiep tuyén la k = 3
Cau 16. Tiép tuyén caa db thi hamsé y == +é tai diém A(-1;0)c6 hé s6 goc bang
X_
Al B.-1. c. 2. D2
6 6 25 25
Hwéng dan giai:
Chon dap an B.
Taco: y'=( — 7 = hé s6 goc cua tiep tuyén tai A(-10) la y'(—l)z—%.
X—5

Cau 17. Tiép tuyén caa db thi ham sb y = x> +4x* +4x+1 tai diém A(-3;-2) cat dd thi tai diém tha
hai 12 B. Biém B c0 toa do la

A. B(-10). B. B(110). C. B(2;33). D. B(-21).
Huwéng din giai:

Chon dap an C.

y' =3x* +8x+4

Phuong trinh tiép tuyén tai A(—3; —2) , y'(—3) =7 la y=7x+19.

. X A a3 ) X=2;y=33

Phuong trinh hoanh d6 giao diém x° +4x° +4x+1=7x+19 < {x _ 3y-2

Vay B(2;33).
Cau 18. Phuong trinh tiép tuyén cua dd thi ham s6 y = x* —3x® +1tai diém c6 hoanh do X, thoa
2y"(%,)+Y'(%)+15=0Ia

A y=9x+T7. B. y=9x+6. C. y=9x. D. y=9x+1.
Huwéng din giai:

Chon dap an B.

Taco: y' =3x*-6x va y" =6Xx—6.

Thay vao diéu kién dé bai ta co:
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2y" (%) +Y'(%)+15=0< 2(6x,—6)+3x; —6X, +15=0
& 33X +6%,+3=0< x, =-1.

Phuong trinh tiép tuyén tai diém c6 hoanh do X, =1 la:

y =Y (-1)(x+1)+y(-1)=9(x—1)-3=9x+6.

2x+1
x-1

Cau 19. Goi M ¢(C):y= c6 tung d bang 5. Tiép tuyén cua (C) tai M cét cac truc toa do
Ox, Oy lan luot tai A va B. Hay tinh dién tich tam giac OAB ?
A2 B. 19 c. 123, p. 122,
6 6 6 6
Hwéng dan giai:
Chon dap an A.

Theo dé bai, ta co vy, 5 Pu +1=5<:>XM =2.
Xy —1
Taco y'=——=y'(2)=-3.

(x-1)°
Phuong trinh tiép tuyén A cua (C) tai M 1a y =-3x+11.

Giao diém cua A véi Ox: cho y=0:>x=1—31:> A(%;O].

Giao diém cia A véi Oy:cho x=0=y=11= B(0;11).

/121 11 11
Tacd AB=,[—+121=—"=+10, d(0,A)=—+.
9 3 ( ) V10

Dién tich tam giac OAB la S :%d (0,A).AB :%.

A iy : TR . 2x+1 , . ... . Lo .
Cau 20. Tiep tuyen ctaa do thihamso y = X+ tai di€ém c6 hoanh do bang O cat hai truc toa do tai

X+1

A va B. Tinh dién tich tam giac OAB

A. l B. 1. C.

2

Huwéng din giai:

Chon dap an A.

1
(x+1)°
x=0=y=1, y'(0)=1.
Phuong trinh tiép tuyén y = x+1, ta duoc A(O;l), B(—l;O).

1 1
S =—0A0B=-.
r088 =7 5

NP

y'=

Cau 21. Cho ham s6 ¢6 d thi (C):y =2x>-3x*+1. Tim trén (C)nhitng diémM sao cho tiép tuyén
cua (C) tai M cat truc tung tai diém c6 tung do bang 8
A. M (0;8). B. M (-L-4). C. M(%0). D. M (-18).

Huwéng din giai:
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Chon dap an D.

Taco: y =6x*—-6X.

Goitoado M (a;a’-3a’ +1) .

Khi d6 phuong trinh tiép tuyén cua do thi ham sé tai diem M 14 :
y=y'(a)(x-a)+a’-3a’+1 < y=(6a’-6a)x—4a’+3a’ +1

Vi tiép tuyén cét truc tung tai di€m c6 tung do bang 8 nén tiép tuyén di qua diém A(0;8).
Do d6 ta c6 phuong trinh : 8=-4a°+3a’ +1 < —4a’+3a°-7=0 ca=-1<M(-1-4).

2x-1
X+1
M (X, ¥o), % >0 la mot diém trén (C) sao cho tiép tuyén véi (C) tai M cat hai duong tiém can lan

luot tai A, B thoa min Al” +1B® = 40. Khi do6 tich XY, bang:

1 1
A.—5. B.E. C. 1 D. 2.

4
Huwéng din giai:
Chon dap an D.

2%, —1
1(-L2),M (x,;—>—),x, >0
(-1:2),M 0 0%

0

Cau 22. Cho ham sb y = c6 ddthila (C). Goi | 1a giao diém 2 dudng tiém can. Goi

2% 4 B(ox, +1:2)
+1

Co A(-L
0
2 2 2 2 2%, — 4.,
IA% + 1B? = 40 <> AB? =40 < (2x, +2) +2-=2)" =40
X, +

X, +1f =1
(% +1)

© 4%, +1)" = 40(x, +1f +36 =0 < (o 417 =9

S X =2>0,y,=1

Vay XY, =2.
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DANG 2: TIEP TUYEN CO HE SO GOC K CHO TRUOGC

Cau 1. Cho ham sb y = x* —8x?+2 ¢6 db thi (C) va diém M thudc (C) c6 hoanh dé bang ~/2 . Tim
hé s6 goc k cua tiép tuyén vai do thi (C) tai M .

A k=-62. B. k=-7+/2. C. k=-8V2. D. k=-92.

Huwéng din giai:

Chon dap an C.

Tachd y' =4x*-16x.

. P P \ 3

Do d6 hé sé goc k cua tiép tuyén véi dd thi (C) tai M 1a k = 4(J§ ) ~16v2 =-82 .
Cau 2. Tim phuong trinh tiép tuyén caa db thi ham sé y =x®—3x biét tiép tuyén co hé sé géc bang
-3.
A y=-3x-2. B. y=-3. C. y=-3x-5. D. y=-3x+1.
Huwéng din giai:

Chon dap an D.

Taco y' =3x*—6x.

Hoanh d6 tiép diém la nghiém cua phuong trinh y' = -3 < 3x* —6x=-3< x=1,

Véi x=1= y(1) =-2. Vay phuong trinh tiép tuyén la: y=-3(x-1)-2 < y=-3x+1,

2x-1

Cau 3.Tim toa do cac diém M trén d6 thi (C): y = i biét tiép tuyén tai M c6 hé s goc bang —1.

A M (32] B.M(0;1), M(-L3). C.M(01), M(23). D.M (—2;2].

Huwéng din giai:
Chon dap an C.

2x-1

y= X_l.TXD D=R\{1}.
-1 2%, —1
= M e(C)= M| x,;—=2 .
e M) (2o
Tiép tuyén tai M c6 he s6 géc bing -1 = y (%) =—-1< _—12 =-1
(%-1)

- X —1=1 - Xy =2

Xp—1=-1 Xo =0

Vay M(0;1), M(2;3).

Cau 4. Chohamsb y = 2x+1

c6 d thi 1a(C). Phuong trinh tiép tuyén cua (C) c6 hé s6 goc bing
=5 la:

A. y=-5x+2 va y=-5x+22. B. y=-5x+2va y=-5x-22.

C. y=5x+2 va y=-5x+22. D. y=-5x-2 va y=-5x+22.
Huwéng din giai:

Chon dap an A.
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7 - - e .2 N 2 1 N
Ta co: y'=(X—52)2 Goi toa d¢ tiep diem 1a M (X, Y,), Yo = XX°_+2 Va X, #2
- 0
X, =3=Y,="7

Theo gia thiét: y'(x,)=-5——=-5<
(%) o2y Y —1oy, =3

Phuong trinh tiép tuyén can tim tai diém M (3;7) la: y=-5(x-3)+7 < y=-5x+22

Phuong trinh tiép tuyén can tim tai diém M (1,-3) la: y=-5(x-1)-3< y=-5x+2.
Cau 5: Cho ham sé Yy = X* —6Xx* +9X ¢ db thi (C). Tiép tuyén cua (C) song song v&i dudng thing
d:y=9X c6 phuong trinh 1a

A. y=9x+40. B. y=9x-40. C. y=9x+32. D. y=9x-32.
Huwéng din giai:

Chon dap an D.

Ta o :y':3x2 —12x+9

g Xx=0=y=0. PTTT :y=9x
L. Y =9
Theo dé: Y Xx=4=y=4 PTTT:y:9(x—4)+4<:>y:9x—32

Suy ra chon dap an D.
3
Cau 6. Goi (C) 1ado thi ciahamsd y :%—sz +X+2. C6 hai tiép tuyén cia (C) cung song song
v6i duong thang y = —2x+5. Hai tiép tuyén do 1 :

A. y=-2X +% va y=-2x+2. B. y=-2x+4 va y=-2x-2.

C. y=—2x—§ va y=-2x-2. D.y=-2x+3 va y=-2x-1.

Huwéng din giai:
Chon dap an A.
Goi M (x,,Y,) latoa do tiép diem. Taco: y'= x> —4x+1.

4
X, =1 =—
Do d6: y'(X))=-2< X, —4x,+1=-2&| ° RACREN
X, =3=>Y,=—4
Cau 7.Cho hamsé y = X+b2 c6 do thi ham s6 (C). Biét rang a,b 1a cac gia tri thuc sao cho tiép
ax—
tuyén cta (C) tai diem M (1,—2) song song véi duong thang d :3x+y—4=0. Khi dé gia tri cua
a+b bang
A 0. B. -1. C.2. D. 1.

Huwéng din giai:
Chon dap an C.

a-2=0 a#2
Taco ‘M (L-2)e(C)e 2=10 o & (1)
a-2 |-2(a-2)=1+b |b=3-2a
- s — —ab A K , ” - X X f —Z—ab
Talai c6: y'=—"—"—. Hé so gdc cuaticp tuyen y'(1)=-3 < ~=-3(2)
(ax—2) (a-2)
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. a#2
The (1) vao (2), ta duoc : , <Sa=l=b=1l=a+b=2
5a”-15a+10=0

R . 2X+3 .. . A
Cau 8. Hai c6 bao nhiéu tiép tuyen vai do thiham so y = 1’ biét tiep tuyen vubng goc vai

, 1
duong thang y = 2 X ?
A. 0. B. 1. C. 2. D. 3.
Huwéng din giai:
Chon dap an C.
(x)=—2 e |
V0= -1y 1

X =—=

2
Vay c6 2 tiép tuyén thoa man yéu cau bai toan.

Cau 9. Tiép tuyén cua dd thi ham sé y = x> —3x+2 vubng géc véi duong thing yz—éx la
1 1
A. y=9x+18;y =9x-14. B. y:—§x+18;y:—§x+5

C. y=9x+18;y =9x+5. D. y:éx+18;y:éx—14

Huwéng din giai:
Chon dap an A.
+TXD: D=R.
+y'=3x"-3.
+ Phuong trinh tiép tuyén ciia do thi ham s6 tai diem M (x,; Y, ) c6 dang:

y=Yo=f"(%)(X=X).

+ Tiép tuyén vudng goc véi duong thang y = —%x = tiép tuyén cd hé sé goc k =9

X, =2 =4
:>f‘(XO):9<:>3X02—3:9<:>X02:4<:{° :{yo :
Xg =2 Y, =0
PP o ly-4=9(x-2) [y=9x-14
+ Vay c0 2 tiep tuyen thoa yéu cau la S :
y—-0=9(x+2) y =9x+18

X—2 5 o e g . . .
c6 @6 thi 1a (C). Viét phuong trinh tiép tuyén cua (C), biét tiép tuyén

Cau 10. Cho ham s y =
2x+1

. . 1
vuong goc vai duong thang y = T X+1
A. y=5x+3va y=5x-2. B. y=5x-8va y=5x-2.
C. y=5x+8va y=5x-2. D. y=5x+8 va y=5x+2.
Huwéng din giai:
Chon dap an C.
TXD: D:R\{—%}.
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Goi duong thang A c6 phuong trinh y=K(X—X,)+Y, Ia tiép tuyén véi do thi (C), vi tiép tuyén
, 1 i
song song vai duong thang y = _§X+1 nén ta co k(—%) =-1=k=5.

A . 5 X =0
Viaytaco k=——5=5=
(2%, +1)

V6i x, =0= y, =2 va k =5nén dudng thang A c6 phuong trinh 12 y =5x—-2.

X, =—1

V6i x, =-1= y, =3 va k =5nén dudng thang A cé phuong trinh 1a y =5x+8.
L , N . , 1
Vay ¢6 hai tiép tuyén cia d6 thi (C)song song voi dudng thang y = = X+1.

Cau 11.Tiép tuyén caa dudng cong (C) vudng goc véi dudng thang 2x + 3y + 2017 = 0 ¢6 hé sé goc

bang :
NS B. 2. c. -3 D. -2,
2 3 2 3
Huwéng din giai:
Chon dap an A.
Ta co:
2 2017

2x+3y+2017:0<:>y:—§x— = Hé s goc cua tiép tuyén Iég

Cau 12. Cho hamso y = x*+ax® +bx+c di qua diém A(0;—4) va dat cuc dai tai diém B(L;0) hé so
goc k cua tiép tuyén vai do thi ham sé tai diém c6 hoanh d6 bang -1 1a:

A k=0. B. k=24. C. k=-18. D. k=18.
Huwéng din giai:

Chon dap an B.
y(0)=—4  (c=—

a=-b6

y(1)=0 1+a+b+c=0

Ta co: (1) =0 IS 34284b =0 &<b=9
y'(1)= B c=-4

y"(1)<0 6+2a<0
Do d6 k=y'(-1)=3-2a+b=24.
Cau 13. Trong cac tiép tuyén tai cac diém trén dd thi ham sé y = x°* —3x* + 2, tiép tuyén c6 hé sb goc
nho nhat bang:
A. -3 B.3 C.-4 D.0
Huwéng din giai:
Chon dap an A.
Tap xac dinh: D =R
Goi M (X,;Y,) latiép diém cua tiép tuyén voi do thi ham sé

Hé s6 goc cua tiép tuyén: k =3x2 —6x, =3(x, -1)*-3>-3
Vay hé sé goc cua tiép tuyén nho nhat bang -3

Cau 14.Cho duong cong (C):y = x> —3x* +5x + 2017 .. Trong cac tiép tuyén caa (C), tiép tuyén co
hé s6 goc nho nhét bang:
A. 1l B. 2. C. 3. D. 4.
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Huwéng din giai:
Chon dap an B.
(C):y=x>-3x*+5x+2017
y'=3x*-6X+5
Goi M(X,;Y,) latiép diém

Heé sb goc cua tiép tuyén tai M (X,;Y,) 1a k = y'(X,) =3%," —6X, +5=3(x-1)*+2>2.
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DANG 3: TIEP TUYEN PI QUA MOQT PIEM

Cau 1.Cho hamsé y =x*+3x* -4 c6 do thi (C). S tiép tuyén voi do thi (C) di qua diem
J(-L-2) la:

A. 3. B. 4. C. 1. D. 2.
Huwéng din giai:

Chon dap an C.

Taco y' =3x +6X.

Goi a la hoanh d¢ tiép diém thi phuong trinh tiép tuyén c6 dang
y=(3a’+6a)(x—a)+a’+3a’ - 4.
Vi tiép tuyén di qua J (-1,-2) nén
—2=(3a°+6a)(-1-a)+a’+3a’ —4<>—2a°-6a’ —6a—2=0<>a=-1.
Vay qua diém J (-1;,-2) chic6 1 tiép tuyén voi (C).
Chiy: y"=6x+6=0<x=-1 va y(-1)=-2 nén J(-1-2) la diém udn cia (C) do d6 qua

J(-1-2) chico 1tiép tuyén véi (C).

2 —
Cau 2. Lap phuong trinh tiép tuyén chung cua hai dd thi ham sb sau day y = f (x) = X+—3);l
X_
5 B3
=g(X)=—=X"+=x+—
y=9()=-x +ox+
A y=13. B. y=15. C.y=-13. D. y=-15.
Huwéng din giai:
Chon dap an A.
2 —
L)("Zl:—%x§+§xo+5—: (1)
, Xy —
Goi X, 1a hoanh d¢ tiép xdc cia f (x) va g(x) { ,
X =A% -5 % 5 (2)
2
(%, —2) 3 3
Luwu y: Hé trén c6 bao nhiéu nghiém thi phuong trinh ¢6 bay nhiéu tiép tuyén chung

Giai (1) = X3 —6x% ~15x, +100 =0 = K :4
Giai (2) = x5 —6x; +12x,-35=0=%,=5
Suy ra x, =5 la nghiém duy nhét cta hé trén (Chi c6 duy nhat 1 tiép tuyén chung)
Do d6 toa do tiép diém A(5;13) va hé sé goc k= f'(5)=g'(5)=0
Khi d6 phwong trinh tiép tuyén chung c6 dang y =0(x—-5)+13 < y=13.
Cau 3. Bd thi ham s y = x* (x - 3) tiép xic véi duong thang y = 2x tai bao nhiéu diém?
A. 0. B. 1. C. 2. D. 3.
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Huwéng din giai:
Chon dap an B.
Xét hé phuong trinh

Xx=0
x* —3x% =2x 3x*—3x?2=0 x=1
= = = x=-1.
4x3 —6x =2 4x° —BX =2 X=-1
4% —6x =2

He phuong trinh trén c6 mot nghiém nén d thi ham sé y = x? (x2 — 3) tiép xdc véi duong thing

y = 2X tai mot diém.
Cau 4. Cho ham s y=x®—6x>+9x—2 (C). Viét phuong trinh dudng thang di qua diém A(-11) va
vudng goc voi dudng thang di qua hai diém cuc tri cia (C).

1 3 1 3
A y=—X+—. B. x—-2y-3=0. C.y=——Xx+—. D. y=x+3.
y D y y D) y

Huwéng din giai:

Chon dap an A.

Taco: Yy =3x*—12x+9 .

. . 1 2 . . . .

Lay y chia y' ta duoc: y = (gx —§) y' +(—2X + 4) . Suy ra phuong trinh duong thang di qua hai

diém cuc tri ciia db thi ham sé 1a: y=-2x+4 .

Puong thang d vudng gdc véi duong thang y =—2x+4 ¢6 dang: —X+2y+c=0

Vid diqua A(-L1) nénc=-3 .

Vay d:—-x+2y-3=0= y:1x+§ .
2 2
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MOT SO BAI TOAN KHAC VE HAM SO

Cau 1: Hoi diém 1(0;-2) thudc dd thi ham s6 nao?

A_yzi, B.y:2X+2. C. y=x"-2x2. D. y=x%+3x>.
X+1 x-1
Huwéng din giai:

Chon B.

Thay toa do diém 1(0;-2) lan luot vio cac dap 4n ta dugc dép an.B.

Cau 2: Tim toa d6 tdm ddi xing cua d6 thi ham s y = x* +3x* —9x+1
A. (-16). B. (-112). C. (1,4). D. (-3;28).

Hudéng dan giai:

Chon B.

y' =3x*+6x-9.

y"'=6Xx+6.

y'=0< x=-1.

Thay x =—1 vao hamsé y=12.

Cau 3: Tim gid trj ctia tham s6 m dé d6 thi ham s6 y = x* —3x+2m di qua diém A(-16)
A. m=3. B. m=-3. C. m=-2. D.m=2.

Huwéng din giai:

Chon D.

Do thi ham s y = x* ~3x+2m di qua diem A(-16) nén -1+3+2m=6<m=2

CAu 4: Tim tat ca gid tri ciia m dé do thi hams§ y = x* +2mx* —2m +1 di qua diém N (—2;0)

A2 B. L. c. i p. 2.
2 6 6 2
Hwéng dan giai:
Chon B.

Do thi ham s6 y = x* +2mx* —2m +1 di qua diémN (—2;0) thi
(-2*+2m(-2° —2m +1=0

& 6m+17=0
—17
em=—
6

Cau 5: Cho ham séy = mx® +(m+2)x -3 c6 d thi (C,, ). Tim tat c4 cac gia tri thuc cta tham
so m dé dé thi (C,,)di qua diemM (1;2)?

A. § B. 1. C. g D. 6.
2 3
Huwéng din giai:
Chon A.
Tathay toa do diém M (1,2) vao hamsé y=mx’+(m+2)x-3 :
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2:m.13+(m+2).1—3<:>m:%

Cau 6: Tim trén do thi ham séy = ¢6 bao nhiéu diém co toa do nguyén?

X+1
A. 2. B. 3. C. 4. D. 6.
Huwéng din giai:
Chon C.
:3x—2:3_ 5.
X+1 X+1
Bé y nguyén thi x+1 1a uéc cua 5> x+1e {1145} < X € {0;-2;4;-6}.
A . « R Y . /4 2X_2 7
CAu 7: C6 bao nhiéu diém thude dd thi ham sé (C):y = T ma toa df la s6 nguyén?
X+
A. 2. B. 4. C.5. D. 6.
Huwéng dan giai:
Chon D
Taco: y= X2 _,_ 4
X+1 X+1

Do d6 : cac diém thudc do thi thoa man diéu kién c6 toa do nguyén khi: x,ye Z .
Suyra: 4i(x+1) < (x+1)eU (4)={1L+2;+4}
Do d6 ¢6 6 gié tri x nén ¢ 6 diém thudc do thi co toa do nguyén.

Cau 8: Tim tat ca cac gia trj thuc cua tham sé6 m dé do thi ham sé y =x® —3x%+m c6 hai diém
phan biét di xang nhau qua géc toa do

A. m>0. B. m<O0. C.0<m<1. D. m>1.
Huwéng dan giai:
Chon A.
Pé d6 thi ham s6 co hai diém phan biét ddi xirng nhau qua gdc toa do khi va chi khi hé phuong trinh
sau c6 nghiém khéac (0;0) :

{x3—3x2+my (1)
(%) =3(-x) +m=-y (2)

Lay (1)+(2)vé theo vétaco : 2m—6x" =0 < X’ =%.

Ycbt thoa man @%>0 =Sm>0.

CAau 9: Tim m dé trén do thi ham sé y=x° +(2m -1)x* +(m-1)x+m-2 c0 hai diém A, B
phan biét d6i xung nhau qua géc toa do
1

A.Egmsl. B. m>2.
1 1
C. me(—oo;E)u(l;+oo). D.E<m<2.
Huéng din giai:
Chon D.
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Pé trén dd thi ham sé da cho ¢ hai diém A, B phan biét d6i xiing nhau qua goc toa do thi hé phuong
trinh sau c6 nghiém khac (0;0) :

X*+(2m-1)x*+(m-1)x+m-2=y (1)
(—x)*+(2m=1)(—x)* +(m=1)(-x)+m—-2=—-y (2)
Lay (1)+(2) vé theo vétaco : 2(2m-1)x*+2(m-2)=0 (3)
Do détaco: (3) < X _2-m diéu kién M.
2m-1 2

Ycbt < (3) ¢6 hai nghiém phan biét khac 0.

Dé (3)co hai nghiém phan biét khac 0 < 22;“1 >0 @%< m<2.
Cau 10: Tim truc d6i xtiing ctia d6 thi ham sby = x* —2x? +5 ?
A. Duong thang y = 4. B. Truc hoanh.
C. Truyc tung. D. Pudng thang y =5.
Huwéng din giai:
Chon C.

Ham s tring phuong 1a mot ham chin nhan Oy 1am truc d6i xung.
Cau 11: C6 bao nhiéu diém M thudc dd thi ham sé y =XLi sao cho khoang céch tir M dén
X i

truc tung bang hai lan khoang cach tir M dén truc hoanh

A. 3. B. 2. C.0. D. 1.
Huwéng din giai:
Chon B
Taco:Me(C)=>M (x;iij
X_

X+2

x-1

:2(x+2j

x-1

X:_z(ﬂj
x-1

Theo dé :d (M,Oy)=2d (M,Ox) < |x| =2

Xx=1 _ 1
o x2—3x—4:0c>[§;z .
X>+X+4=0

Cau 12: Tim trén hai nhanh cua d6 thi hamsé y _X+3 pai diém M va N sao cho do dai doan thang

X+1
MN nho nhat
A. M (=3;0) va N(0;3). B. M (0;3) va N(-3;0).
C. M (ﬁ—1;1+ﬁ) va N(—\/E—l;l—\/i). D. M (\/E;\/E) va N(—JE;—JE).
Huwéng din giai:
Chon C.
X+3 2

=1+ )
X+1 X+1

Taco: y=

Goi M (m—1;1+%j; N(n—1;1+%) véi n<0<m 1 hai diém trén d6 thi ham so.
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Ta co:

2
MN? =(m—-n)’ +(£—2j =m? +iz+n2 +iz+2{m(—n)+

}24+4+2.4:16.
m n m n

Déng thic xay ra khi m=+/2;n=-/2.

Vay M (ﬁ—1;1+ﬁ) va N (—\/5—1;1—\/5).

Cau 13: Cho do thi (C):y= X—j Bict ring, c6 hai diem phan biét thudc do thi (C) va cach déu hai
X

truc toa do. Gia sir cac diém dé lan Iuot 1a M va N. Tim d6 dai cua doan thang MN

A MN =42, B. MN = 242, C. MN =345. D. MN =3.
Huwéng din giai:
Chon A.
G -3

OI M

( x0+1]
d(M,0x)=""2 d(m,0y)= |X0|:> —| %| < =+
0+1 XO+1

Xo =—3 XO:11yO:_
s, 70 o = M(L-1),N(-33)= MN =442
Xg +2X,—3=0 Xo=-3,¥, =3
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