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CHUYEN DE:
KHAO SAT SU’ BIEN THIEN VA VE PO THI HAM SO
CAC BAI TOAN LIEN QUAN PEN KHAO SAT HAM SO

VAN PE 1: TINH PON PIEU CUA HAM SO

1. Pinh nghia:
Hams6 f dongbiéntrén K < (Vo,z, € K 2, <z, = f(z)) < f(z,))
Hams6 f nghichbiéntrén K < (Vay, 2, € K,z <z, = f(z;) > f(z,))
2. Piéu Kién can:
Gia st f c6 dao ham trén khoang I.
a) Néu f dongbién trén khoang Ithi f'(z) > 0,Vz €I
b) Néu f nghich bién trén khoang I thi f'(z) <0,Vz €1
3.Diéu kién du:
Gia st f c6 dao ham trén khoang I
a)Néu f'(z) > 0,Vxz € I (f'(z)= 0tai moOt s6 hitu han diém) thi f d6ng bién trén L.
b)Néu f'(z) <0,Vz € I (f'(x)=0tai mots6 hitu han di€ém) thi f nghich bién trén L.
c)Néu f'(z) =0,Vz € I,OxOIthi f khong doi trén L

Chii y: Néu khodng I dwoc thay béi doan hodc niva khodng thi fphdi lién tuc trén dé.

Dang toan 1: Xét tinh don diéu ctia ham sd

Phwong phdp: D€ xét chiéu bién thién ctia ham sd'y = f(x), ta thuwc hién cdc bwdc nhw sau:
- Tim tdp xdc dinh ctia ham sé.
- Tinhy . Tim cdc diém ma tai d6 y’= 0 hodcy’ khdng tdn tai (goi la cdc diém té&i han)

- Ldp bdng xét ddu y’(bdng bién thién). Tir dé két ludn cdc khodng ddng bién, nghich bién ctia ham sé.

Bai tip co' ban

HT 1. Xét tinh don diéu cia cdc ham sd sau:

Ny=2>-22+2-2 2)y=(4—m)(z—l)2 3)y=21>—32" +42 -1
14 2 4 2 1 4,1 2
4 =—z —22° -1 5)y=—2"—22"+3 6)y=—z +—2z" =2
)y 1 )y )y 10 10
2z —1 r—1 1
7 = 8 = Ny=1———
)y r+5 )y 2—x )y 1—x

1)y =z+3+2v2—z 11) y = N2z — —\3—12 12)3/:93"2—.772
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Dang todn2: Tim diéu kién d€ ham s6 luén déng bién hoic nghich bién trén tip xic dinh
(hoac trén tirng khoang xac dinh)

Cho ham s6 y = f(z,m), m la tham s8, c6 tdp xdc dinh D.

e Ham s6 f dong bién trén D - y’>0, [k [JD.
e Ham s fnghich biéntrén D = y’<0, [k [JD.
Tir dé suy ra diéu kién ctia m.

Chi y:

1) y’= 0 chi xdy ra tai mdt s6 hteu han diém.

2)Néu y' = az® + bz + ¢ thi:

a=b=0 a=b=0
c>0 c<0

ey'>0,Vz e R < ey'<OVzeR &

a>0 a
A<O0 A<O0
3) Pinh Ii vé ddu ctia tam thikc bdc hai g(z) = az® + bz + c:
e Néu A< 0 thi g(x) lubn ciing ddu véi a.
* Néu A= 0 thi g(x) luén cung ddu véi a (trir x = —21)
a

e Néu 4> 0 thi g(x) c6 hai nghiém x;, x2 va trong khodng hai nghiém thi g(x) khdc ddu véi a, ngoai khodng hai nghiém
thi g(x) cung ddu véi a.

4) So sdnh cdc nghiém x,, z,, ctia tam thirc bdc hai g(r) = az® + bz + ¢ véi s 0

A>0 A>0
-:v1<:v2<0<:> P>0 -0<:E1<:v2<:> P>O-x1<0<x2<:>P<0
S <0 S >0

5) DE ham s6 y = az® + bz® + cx + d ¢6 db dai khodng ddng bién (nghich bién) (z,;24) bdng d thi ta thwc hién cdc budc

sau:
e Tinhy’
e Tim diéu kién dé ham sé cé khodng dong bién va nghich bién:
a=0
A>0 e
* Bién d6i |z, — z,| = d thanh (z; +,)° — 4a2, = d° 2)

 Str dung dinh li Viet dwa (2) thanh phwong trinh theo m.

¢ Gidi phwong trinh, so v&i didu kién (1) dé chon nghiém.

Bai tip co ban

HT 2. Tim m d€ cac ham s6 sau luén déng bién trén tip xac dinh (hoic tirng khoang xac dinh) cta né:

3 2
1) y =2 —3ma® +(m+2)z—m Z)y:%—mx —2z+1
T +m mx + 4
3y= 4)y=
r—m T+m

HT 3. Tim m dé ham sé:
1) y = 2° + 32° + ma + m nghich bién trén mot khoang c6 do dai bing 1.

1 1 , .
2)y = g 2% — 5 ma® + 2ma — 3m + 1 nghich bién trén mot khoang c6 do dai bang 3.
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N y= 7%‘%3 +(m— 1):)62 + (m + 3)z — 4 ddng bién trén mot khoang cé dd dai bing 4.

HT 4.

Tim m dé ham so:
3

1) y= % + (m +1)a? — (m 4 1)z + 1 dong bién trén khoang (1; +w0).

2) y =2 — 3(2m + 1)2% + (12m + 5)z + 2 dbng bién trén khoang (2; +o).

mx + 4

Ny= (m = +2) dong bién trén khoang (1; +).
T+m
T+m ., ‘x 2
4) y = dong bién trong khoang (-1; +).
T—m
BAI TAP TONG HO'P - NANG CAO
HT5. Chohamsé y = 22+ 32 —ma —4 (1).Tim t4t ca cac gia tri cta tham s& m d€ ham sd (1) dong bién trén
khoang (—00;0).D/sim < —3
HT 6. Cho ham s6 y = 2x° — 3(2m + 1)z° + 6m(m + 1)z + 1 ¢6 dd thi (Cx).Tim m d& ham s3 dong bién trén
khoang (2;+00) P/sim <1
HT7. Chohamsdy = z” + (1 —2m)z” + (2 — m)z + m + 2. Tim m d& ham dong bién trén (0; +oo).
5
b/s:m < —
/ T4
HT 8. Cho hamsd y = ' —2ma? —3m +1 (1), (m la tham s6).Tim m d€ ham s6 (1) dong bién trén khoang
(1;2). B/s:m €[ —o0;1)
HT 9. Chohamsd y = 23 — 3(2m +1)z* + (12m + 5)z + 2 dong bién trén khoang (—oc;—1) va (2;+00)
b/s: T <m< S
12 12
HT 10. Chohamsd y = 23 —ma® — (2m* — 7m + 7)z + 2(m — 1)(2m — 3). Tim mdé ham s& dong bién trén [2;+00).

ot

D/s:—lgmgg
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VAN PE 2: CI’'C TRI CUA HAM SO

L. KIEN THU*C CAN NHO

L.LKhai niém cwec tri cia ham sé

Gid st ham s6 f xacdinhtréntép D(D C R) va z, € D
1) z, - diém cyc dai cla f néu ton tai khodng (a;0) C Dva

1) < flag), Ve € (@) ().

Khidé f(z,) dwoc goi la gid tri cyc dai (cwc dai) cia f.

o € (a;0)sao cho

2) x, - diém cuctiéu clia f néu ton tai khodng (a;b) C Dva z; € (a;b) sao cho

J(a)> flay), ¥ € (a:b) ().
Khi dé f(z,) dwoc goi la gid tri cyc tiéu (cuc tiéu) cla f.
3) Néu =, la diém cyctricla f thidiém (z,; f(z,)) dwoc goila di€m cyc tri cla do thi ham s6 f.
I1. Piéu Kkién cin dé ham sé co6 cwc tri

Néuhamsd f c6 dao ham tai z, va dat cuc tri tai diém d6 thi f'(z;) = 0.

0
Chu y: Ham sé [ chi cé thé dat cuc tri tai nhitng diém ma tai d6é dao ham bdng 0 hodc khéng cé dao ham.
IIL. Piéu kién da d€ ham sé c6 cwc tri

1. Pinh li 1: Gid sit ham s f lién tuc trén khodng (¢;b) chita diém =, va c6 dao ham trén (a;b) \ {7}

0

1) Néu f'(x) ddi ddu tir &m sang dwong khi = di qua z thi f dat cwc ti€u tai .
2) Néu f'(z) d6i dau tir dwong sang &m khi z di qua =, thi f dat cwe dai tai 7,

2.Pinh li 2: Gid sit ham s6 f c6 dao ham trén khodng (a;b) chita di€m z, f'(z,) = 0 va c6 dao ham cdp hai khac 0 tai
diém z, .
1) Néu f"(z,) < Othi f datcyc daitai =,,.

2) Néu f"(z,) > Othif dat cyc tiéu tai z, .

II. CAC DANG TOAN

Dang toan 1: Tim cwc tri cia ham s6

Qui tdc 1: Dung dinh I 1.
«Tim f'(z).

* Tim cdc diém x,(i = 1,2,...) ma tai d6 dgo ham bing 0 hodc khéng cé dao ham.
e Xétddu f'(z). Néu f'(x) doiddu khiz di qua x;thi ham s6 dat cuc tritai .

Qui tdc 2: Ding dinh Ii 2.
« Tinh f'(z)

* Gidi phwong trinh f'(z) = 0 tim cdc nghiém z,(i = 1,2,...)
e Tinh f"(z) va f"(z;) (i =1,2,...).

Néu f"(x,) < O thi ham s6 dat cwc dai tai z,. Néu f"(x,) > 0 thi ham s6 dat cuc tiéu tai z,

i i
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Bai tip co' ban

HT 11. Tim cuec tri ctia cdc ham sd sau:

1) y= 3% — 223

2)y =2°—22> +22 -1

Ny= f%x?’ +42° — 15z

4 4
Hy=2 2243 5)y =2 —42% +5 6)y— L +a243
2 2 2
—2>+32+6 322 +47+5 22— 21 —15
Ny=——"7.-—— 8)y=—"——""—"— Ny=——"-—
T+2 z+1 z—3
5 . 427 422 -1 322 + 4z +4
10) y = (2 —2°%(z +1) 1) y=——"— 12) y =
20 +x—3 ¥ 4+r+1

13) y = aVa? — 4

14) y:\/x2—2x+5

15) y:x+\/2xf:r2

0968.393.899

Dang toan 2: Tim diéu kién d& ham sé c6 cwc tri

1. Néuhamsé y = f(x) dat cuc tri tai diém x, thi f'(z,) = 0 hodc tai z, khéng cé dao ham.
2.Déhamsé y = f(x)) dat cuc tritai diém x thi f'(z) doi ddu khi = diqua z,.
Chi y:
e Ham sé bdc ba y = az’ + b2 +cx+d cé cwc tri = Phwong trinh y' = 0 ¢6 hai nghiém phdn biét.
Khi d6 néu xo la diém cwc tri thi ta cé thé'tinh gid tri cuc tri y(x,) bdng hai cdch:
+y(z,) = ax03 + b:z:02 +cx, +d

+ y(z,) = Az, + B, trong dé Ax + B la phdn du trong phép chiay cho y

Bai tip co' ban
HT 12. Tim m dé€ ham s6:
DNy=m+ 2):53 + 322 + mz — 5 6 cuc dai, cuc tiéu.
2)y = z® - 3(m — 1)3v2 + (2m2 —3m +2)z —m(m —1) c6 cuc dai, cuc tiéu.
3Ny =2% — 3ma® + S(m2 — 1z — m3

4) y=22° —3@2m+ D2 +6m(m+Dz+1 z=2

5) y = 2° — 3ma® + (m2 — 1)z + 2 dat cyc dai tai

1
6) y:—mz4+2(m—2)1:2+m—5 c6 mot cuc dai a::;
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HT 13. Tim a,b,c,d d€ ham so:

o 1s . 1
1)y = az® + b2 +ex +d dat cwc tiéu bang 0 tai « = 0 va dat cuc dai bang % tai z = 3

2)y= az® +b2% + ¢ 6 db thi di qua gic toa dd O va dat cuc tri bing -9 tai ¢ = J3.
HT 14. Tim m d€ cdc ham s6 sau khong c6 cwec tri:

1)y =2 —32° +3mz+3m+14 2)y:mz3+3mx2—(m—1)x—l

HT 15. Tim m dé hamsd:

1) y =2 +2(m — 1) + (m® — 4m + 1)z — 2(m* + 1) dat cyc tri tai hai diém x,, %, sao cho:

1 1
—+—=_( +1)
oy T
1 .
2)y= 5:53 —ma? +mz—1 dat cwc tri tai hai diém z,, z, 2 sao cho: |I1 — m2| > 8.

1 1 .
N y= 3 ma> — (m— 1)932 +3(m—2)z+ 3 dat cyc tri tai hai diém z,, 7, sao cho: z; +2z, =1.

HT 16. Tim m d€ do thi ham s6:

2
1) y = —2% + ma? — 4 c6hai diém cuctrilad, Bva AB> = %
2)y= 2 —ma® + 42 +m c6 3 diém cuctrila 4, B, Cva tam gidc ABC nhan gdc toa d O 1am trong tAm.

BAI TAP TONG HO'P VA NANG CAO

HT 17. Tim m d& d6 thi ham sé:

Ny= 22° + ma® — 12z — 13 ¢6 hai diém cwc tri cach déu truc tung. B/s: m =0
2) y = 23 — 3ma® + 4m® 6 cac diém cwc dai, cuc tiéu d6i xing nhau qua dwong phan gidc thi nhat.

b/s:m = :I:L

V2

3) y = 2 — 3ma® + 4m® 6 cac diém cuc dai, cwc tiéu & vé mét phia déi véi dwong thing d : 3z —2y +8=0.

b/s:m €

4.
—g,lJ\{O}

HT 18. Tim m dé€ do thi ham sé:

1) y = 2° + 32 + m ¢6 2 diém cuec tri tai 4, Bsao cho AOB = 120"

—12 ++132
3

b/s: m=0,m=

2) y= 2t —2ma? +2¢6 3 diém cwc tri tao thanh 1 tam gidc c6 dwdng tron ngoai tiép di qua D [§ 9 P/sim=1

55

BHQC VO BO - CHUYEN CAN SE TOI BEN ade 6




GV.Lwu Huy Thuéng 0968.393.899

Ny= 2t +2ma® +m? +m c6 3 diém cuec tri tao thanh 1 tam gidc c6 mdt géc bing 120°.

b/s: m = —;

B
4)y= 2t —2ma® + 2m +m* ¢6 3 diém cuc tri tao thanh 1 tam gidc c6 dién tich bang 4.
b/s:m = §/§
HT 19. Tim m d€ ham sé:

1) y= 23 — 3mz 4+ 2 c6 hai diém cuc tri va dwong tron qua 2 diém cyec tri cit dwong tron tAm I(1;1) ban kinh

2443

bang 1 tai hai di€m 4, B sao cho dién tich tam giadc JAB 16n nhit. P/s: m = 5

. 9
2) y = 423 + ma® — 3z c6 hai diém cuc tri z;, 7, thoa man: z) +Hdz, = 0D/s: m = j:E
HT 20. Tim m d€ ham sé:

1) y =22 4+ 3(m —1)2% + 6(m —2)z —1 ¢6 dwong thing di qua hai diém cuc tri song song véi dudng thing
y=—-4z—-1.D/s: m=5

2) y =225 + 3(m — 1):52 +6m(1 —2m)z cb cac diém cuc dai, cyc ti€u ctia dd thi ndm trén duwong thing y = —4x .

P/sim =1

3) y=2°+ma® +75+3 c6 dwdong thing di qua cic difm cuc dai, cwc tiéu vudng goc voi dudng thing

y:3:v—7.})/s:m:i¥

o e axe R o 1 5
4) y= 2% —32% + m?z + m c6 cac diém cuc dai va cyc tiéu doi xirng nhau qua dwdng thang (A): y = 5:1: 5

P/s:im =0
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VAN PE 3: KHAO SAT SV BIEN THIEN VA VE PO THI HAM SO

I. KIEN TH(*C CAN NHO

1. Cac bwérc Khao sat sy bién thién va vé d6 thi cia ham sé

e Tim tip xac dinh ctia ham sd.
 Xét si bién thién ctia ham s6:

+ Tim cac gidi han tai vd cuec, gidi han vo cwc va tim tiém cin (néu c6).

+Tinh y'.

+ Tim cac diém tai d6 dao ham y' = 0 hoic khéng xac dinh.

+ Lap bang bién thién ghi ré diu cia dao ham, chiéu bién thién, cwc tri cia ham sé.
« V& do thi cia ham sé:

+ Tim diém udn cla do thi (d6i véi ham s bac ba va ham s6 trung phuwong).

+ V& cac duong tiém cin (néu cd) ctia do thi.

+ Xac dinh mot s6 diém dic biét ctia d6 thi nhw giao diém cta d6 thi véi cac truc toa do (trong trwong hop do
thi khong cit cac truc toa dd hodc viéc tim toa do giao diém phirc tap thi c6 thé bé qua). C6 thé tim thém mot s6
diém thudc do thi d€ c6 thé vé chinh xac hon.

2. Khao sat sw bién thién va vé d6 thi ham bacba y = a2’ + b2® + cx+d  (a = 0)
* Tap xac dinh D = R.
¢ D6 thi ludn c6 mot diém udn va nhan diém udn 1am tAm doi xing.
¢ Cac dang db6 thi:

a>0 a<o0

y' = 0c6 2 nghiém phén biét by 4y

= A'=b0>—3ac>0 /\\I / \ /\ ,
NV

y' = 0co6 nghiém kép A yA
= A'=8%—3ac=0 / \_ -
A 1 3 <\
/0 X 0 x
y' = 0vod nghiém Y4 17

«A'=b> —3ac <0 | |
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3. Ham sé trung phwong y = az* +b2> + ¢ (a = 0)

e Tapxacdinh D =R
* D6 thi luén nhén truc tung lam truc d6i xéng.
* Cac dang do thi:

a>0 a<o

y'=0c6 3 nghém phan bit

cab<o [N

Y4 Y4

y'=0chi c6 1 nghtm /\

0 X
~ab >0 \ y X
4.Ham s6 nhitbiény = &2 +0 (¢ = 0;ad — bc = 0)

cr+d
Ao ot s d
e TapxacdinhD= R\ {——
c

A 7 A A A 7 Y Y A A A~ Y a . - A ki . A "~ by A~ AN

* D6 thi c6 mét tiém can dirng la x = —— va mot tiém cdn ngang la y =—. Giao diém cua hai tiém cén la tdm do6i

C C

xtrng ctia d6 thi ham so.
* Cac dang do thi:

| N

Bai tip co ban
HT 21. Khao sat sy bién thién va vé do thi cAc ham s6 sau:

3 3

Ly=—2+3:2 -1 2.y=%—x2+m—1 3.yz—%+m2—2m+1
4.y:x472:132+2 5.y:fx4fx2+1 6.y:x_1
z+1
2z —1 _
7.y = z 8.y = vl
rz—1 —2r+1
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VAN PE 4: SU TUONG GIAO CUA CAC PO THI

Dang toan 1: Dung d6 thi ham sé bién luin s6 nghiém phwong trinh

¢ Co s& cia phwong phap: Xét phwong trinh: f(z) = g(x) (1)
S& nghiém ctia phwong trinh (1) = S6 giao diém ciia (C)) : y = f(z) va (C,) : y
Nghiém ctia phwong trinh (1) la hoanh d¢ giao diém cia (C,) : y = f(z) va (C,) : y
* D& bién luin s8 nghiém ctia phwong trinh F(z,m) = 0 (*) bang do thi ta bién ddi (*) vé dang sau:

F(z,m) =0 < f(z) = g(m) (1)

A y
©

Khi d6 (1) c6 thé xem 1a phwong trinh hoanh do g(m A/ 4):y=
giao diém cua hai dwong: Ycp ﬁ\

(C):y = flw)vad:y=g(m) : : .

: X
B A A

¢ d la dwdng thang cung phwong véi truc hoanh.

 Dwa vao do thi (C) ta bién lun s8 giao diém

cda (C)va d.Tw d6 suy ra sd nghiém cta (1)

Bai tip co' ban

HT 22. Khio sét sy bién thién va vé do thi (€) cha ham sé. Dung do thi (C) bién ludn theo m s6 nghiém cta phwong

trinh:
1)y:x3—352+1; 22 —3r+1-m=0 2)y=—x3+3m—1;x?’—3m+m+1:0
_ .3 .3 2 _ _ 3 .3 —
Ny=2"-3z+12°-3z—m"—2m—-2=0 4)y=—-2"4+3z—-12°-3c+m+4=0
5)y:—%+2x2—|—2; st — 42 —4+42m =0 6)y:m4—2522—|—2; st =222 —m+2=0

HT 23. Khio sét sy bién thién va vé do thi (€) cha ham sé. Dung do thi (C) bién ludn theo m s6 nghiém cia phwong
trinh:

1)(0):y::ﬂ373x2+6; |:r373x2+6|7m+3:0
3
2) (C):y =22 —92% +122— 4; 2lal” —92® + 1202l +m =0

3)(C):y=@+122-2); @+1’R—2l=m+122-m)

=m
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Dang toan 2: Tim diéu kién twong giao giira cac d6 thi

1.Cho hai do thi (C)):y = f(x) va (C,):y = g(z). D€ tim hoanh d¢ giao diém cta (C,)va (C,) ta gidi phwong trinh:
f(z) = g(z) (*) (goi 1a phwong trinh hoanh d6 giao diém).

S8 nghiém ctia phwong trinh (*) bang s6 giao di€ém cta hai db thi.

2.D5 thi ham s8 bacba y = az> + bz® + cx +d (a = 0) cit truc hoanh tai 3 diém phan biét

= Phuwong trinh az® + b2’ + cx+d=0 c63 nghiém phan biét.

Bai tip co' ban

HT 24. Tim toa do giao diém clia cac do thi ctia cAc ham s& sau:

x 3 2z —4
y=——+3z—— = — 423 —
1 9 9 2) Y 1 3) y =4z” — 32
y:§+% y=—a"+20+4 y=-—z+2

HT 25. Tim m d€ d6 thi cic ham sé:

1) y = (z —1)(z* — mz +m? — 3) cittruc hoanh tai ba diém phan biét.
2) y = ma® + 3ma® — (1—2m)x — 1 cat truc hoanh tai ba di€m phan biét.

3) y = 2° +22° + ma + 2m;y = z + 2 citnhau tai ba diém phan biét.

4) y =2 +21°> —22+2m —1; y = 22% — 2 + 2 citnhau tai ba diém phan biét.

HT 26. Tim m dé& do thi cAc ham so:

1) y = 2* —22% —1; y = m citnhau tai bén diém phan biét.

4

2) y = 2 —m(m +1)z® + m?® cittruc hoanh tai bén diém phan biét.

3)y=a*— (2m — 3):v2 +m? — 3m cit truc hoanh tai bén diém phan biét.

HT 27. Bién luan theo m s6 giao diém ctia cac do thi ctia cadc ham sd sau:
3
3 x
=z -3z -2 =" 43z
1) {7 2) Y 3

y = m(z —2) y =m(z—3)

HT 28. Tim m d€& d6 thi cia cac ham sé:

3r+1 . . o y x
=2t +4 ;¥ = x + 2m cat nhau tai hai diém phan biét 4, B. Khi d6 tim m dé doan AB ngan nhat.

Dy

1 . . 0 < x
2) y= ;y = —z + m cat nhau tai hai diém phan biét 4, B. Khi dé tim m dé doan AB ngan nhat.
z
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BAI TAP TONG HO'P VA NANG CAO
HT 29. Tim m dé€ ham sé:

1)y = 2:v+—11 (C) catduwongthdng A :y = z + m tai hai diém phin biét4, Bsaocho AB =2V2D/s: m = —-L,m =7
T

2)y= 932_—1(0) cat dwong thing A : y = —z + m tai hai diém phan biét 4, B sao cho 4, B ¢6 d6 dai nho nhAt.
T

1
b/s: m=—
/ 2

-1 . . .
Ny= . (C) catduwongthiang A : y = x + m tai hai diém phan biét 4, B sao cho tam gidc OAB vudng tai O.
x

b/s: m = -2
4)y= 2WL‘,IJ_—EZL_:;(C’) cit dwong thing A : y = z — 2 tai hai diém phan biét 4, Bsao cho AOB = 45°
T
5) y = (Lt m)z+ 21— m) cat dwong thang A : y = 7 tai hai di€m phan biét 4, B sao cho: o4 + 0B _ 4
x OB 0OA
r+1 R 2 Sl e A Len . L dia e
6) y= 0 cat duwong thang A : y = (m + 1)z + m — 2 tai hai di€ém phin biét 4, B sao cho tam gidc OAB c6 dién tich
z
. 3
bang —.
& 2
7))y = ; + 11 (C) cat dwong thing A : 2mz — 2y + m + 1 = 0, cat dd thi (C) tai hai diém phan biét 4, B sao cho biéu
T+

thitc P = 0A% + OB? dat gia tri nh6 nhit.

2 . . A w1 i L
vt N (C) Goillagiao diém cua hai tiém can. Tim trén do thi (€) hai diém A, B sao cho tam giac

HT 30. Chohamsd y =

7 —
IAB nhdn H(4;—2) lam tryc tAm. P/s: (2;4),(—2;0)
—z+1

HT 31. Chohamsd y =
20 —1

(C') Xac dinh m dé dwongthang A : y = x + m cat do thi (C) tai hai diém phan biét

c6 hoanh d6 ;,z, sao cho tong f'(z) + f'(x,) dat gié tri 16n nhat.

HT 32. Chohams6 y =
2z +1

hoanh do z,,, sao cho téng f'(z,) + f'(z,) dat gia tri nh6 nhat.

(C) Xac dinh m dé dwong thdng A : y =  + m cit do thi (C) tai hai diém phan biét c6

HT 33. Chohams8 y = ;x —

(C) Xac dinh toa d6 cac diém trén do thi (C) sao cho téng khodng cach tir diém d6 dén
T

truc hoanh gip 2 1an khoang cich tir diém d6 dén tiém cin ding.

BHOQC VO BO - CHUYEN CAN SE TOI BEN age 12




GV.Lwu Huy Thuéng 0968.393.899
VAN PE 5: SU TIEP XUC CUA HAI PUONG CONG

1. Y nghia hinh hoc ctia dao ham: Pao ham ctia ham sé y = f() tai diém z, 1a hé s6 goc cua tiép tuyén véi do thi (C) cta

ham s6 tai di€ém M, (mo; f(:vo)) .
Khi d6 phwong trinh ti€p tuyén cla (C) tai diém M, (mo; f(mo)) la:

Y=Y = f'(l’o)(lﬁffo) (yo = f(xo))

2. bieu kién can va du dé hai dwong (C)) : y = f(z) va (C,) : y = g(z)tiép xdc nhau la h¢ phuwong trinh sau cé nghi¢m:

Nghiém cda hé (*) 1a hoanh d6 cta ti€p diém cda hai duwong dé.
3.Néu (C)):y=pr+qva(C,y):y= az® + bz + ¢ thi (C1) va (C;) tidp xtic nhau

< phuwong trinh az® + bz +c = px + q c6 nghiém kép.

Bdi todn 1: Viét phuwong trinh tiép tuyén Actia (C) : y = f(x) tai diém M, (mo;yo):
e Néu cho x, thitim y, = f(x,)
Néu cho y, thi tim z, ld nghiém cua phwong trinh f(z) = y,.

*Tinh y'= f'(z). Suyra y'(z,) = f'(z,)-
* Phwong trinh tiép tuyén A la: y — vy, = f'(z,)(z — )
Bai todn 2: Viét phwong trinh tiép tuyén Actia (C) : y = f(z) biét Acé hé s6 géc k cho truée.
Cdch 1: Tim toa do tiép diém.
* Goi M(xo; yo) la tiép diém. Tinh f’ (x,).
*Acé hé s6 géck = f'(x0) =k (1)
e Gidi phwong trinh (1), tim dworc xo va tinh yo = f{x). Tir dé viét phwong trinh ctiia A
Cdch 2: Dung diéu kién tiép xilc.
e Phwong trinh dwong thdng Acé dang: y = kx + m.
A tiép xiic véi (C) khi va chi khi hé phwong trinh sau c¢é nghiém:

fl@)=kx+m

pw=k U

BHQC VO BO - CHUYEN CAN SE TOI BEN age 13



GV.Lwu Huy Thuéng 0968.393.899

e Gidi hé (*), tim dwoc m. Tir d6 viét phwong trinh clia A
Chii y: Hé s6 géc k cuia tiép tuyén A cé thé dwoc cho gidn tiép nhw sau:
+ A tao vé&i chiéu dwong truc hoanh géc a thi k = tana

+ A song song véi duong thing d:y = ax + b thl k=a

+ A vudng géc véi duwong thing d:y = ax + b (a Z0) thi k = 1
a

+ A tgo vé&i dwong thdang d: y = ax + b mot géc a thi

= tan«

+ ka
Bai todn 3: Viét phuong trinh tiép tuyén Acta (C): y = f(x), biét Adi qua diém A(z 5y ,).

Cdch 1:Tim toq do tiép diém.

* Goi M(xy; yo) la tiép diém. Khi dé: yo = f(x0), Vo = f (x0).

* Phwrong trinh tiép tuyén A tai M: y - yo = f’ (xo).(x - Xo)

*Adiqua A(z 5y ) nén: ya-yo=f"(xo).(xa - xo) )

¢ Gidi phwong trinh (2), tim dwoc xo. Tt d6 viét phwong trinh clia A

Cdch 2: Duing diéu kién tiép xilc.

* Phwong trinh dwong thang Adiqua A(x 4;y 4) va c6 hé s6 goc k:y - ya = k(x - xy
A tiép xiic véi (C) khi va chi khi hé phwong trinh sau c¢é nghiém:

fl@) = ke —zy)+y,

f@) =k (*)

* Gidi hé (*), tim dwoc x (suy ra k). Ttr dé viét phwong trinh tiép tuyén A

Bai tap co' ban
HT 34. Viét phwong trinh tiép tuyén cda (C) tai diém dwoc chi ra:

1)(C):y =32° —2> — Tz +1 tai A(0; 1) 2) (C):y=2*—22% +1 tai B(1;0)
3) 0y = 22 ic;-7)

2z —3

z+1 ., . o L .
4)(C):y = 5 tai cac giao diém cuaa (C) v&i truc hoanh, truc tung.

T —
5)(C):y =2z — \/21’2 +1 tai cic giao diém cta (C) v&i truc hoanh, truc tung.

6) (C):y = 2° — 3z + 1 tai diém udn cta (C).

HT 35. Viét phwong trinh tiép tuyén cta (C) tai cic giao diém cuia (C) v&i duwdng duoc chi ra:
1)(C)ry=21°—32> +9z—4 vad: y =Tz +4.
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2) (C):y:2x3—3x2+9x—4 va (P): y:—x2+8x—3.

HT 36. Tinh dién tich tam giac chan hai truc toa d6 béi ti€p tuyén ctia d6 thi (C) tai diém dwoc chi ra:
oz +11
(@:y =

tai difmAcoxa=2 .

HT 37. Tim m dé€ tiép tuyén ctia do thi (C) tai diém dwoc chi ra chin hai truc toa d6 mot tam giac cé dién tich bing S

cho truéec:
2 ) 1
1) (Cry = ermtaidiémAc()xA:Z VaSZE'
ZJ(C)=y=z_3m tai difm B co xp = -1 VéS:g.

3)(C):y=12>+1—m(z+1) tai diém Cco6xc=0va S = 8.

HT 38. Viét phwong trinh tiép tuyén A cia (C), biét A c6 hé s6 géc k dwoc chi ra:

1) (C):iy = 22° —32° +5;k=12 2)(C):y=2"’3*21;k=-3
v

HT 39. Viét phwong trinh tiép tuyén A cia (C), biét A song song v&i duwdng thing d cho truéc:
3 _
1) Oy =L 9?2 +3z+1;d:y=3x+2 2)(C)y :M;d: Y = ,§$+2
3 x—2 4
HT 40. Viét phwong trinh tiép tuyén A caa (C), biét A vudng goc voi dudng thing d cho trwéc:
3 _
1](C):y:m——2x2+3:r—|—1;d:y:f£+2 2)(C):y:M;d:y=$
3 8 x—2
HT 41. Tim m dé ti€p tuyén A cia (C) tai diém dwoc chi ra song song véi dwong thang d cho truéec:

(3m + 1Dz —m* +m
T+m

1) (C)ry = (m = 0) taidifmAcéya=0vad: y =2 —10.

HT 42. Viét phwong trinh tiép tuyén A cia (C), biét Adi qua diém dworc chi ra:

1) (C):y = —2° + 32— 2; A(2; -4) 2) (C):y = 2° — 3z +1; B(1; -6)
)@= - e HEry =1 -3+ 2, D[O;g]
5) (C):y = 22 B(-6; 5) 6) (Q):y = 21 p2 3

T —2 z—1

HT 43. Tim m dé& hai dwong (C1), (Cz2) tiép xdc nhau:
1) (C):y= 23+ (34 m)a? +mx —2; (C,) : truc hoanh

2) (C):y= 23 —22% — (m — D) + m; (C,) : truc hoanh
3) (C’l):y:z3+m(x+1)+1; Cy):y=a+1

) (C):y=2a"+2"+22-1 (Cy):y=z+m

HT 44. Tim m d€ hai dwdng (C4), (C2) tiép xdc nhau:
1) (C):y= et 4227 41 () : y=2maz’ +m
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2) (Cl):yz—z4+1:2—1; (02):y=—1:2+m

1 9
3) (Cl):y:—zx4+2x2+z; (Cz):y:—xzwLm

4)(C):y=(z+ 1)2(1: - 1)2; (Cy):y= 222 +m

y = f(z)

Gid st d: ax + by +c = 0. M(xy; ym) [Jd.
e Phwrong trinh duong thiang Aqua M cé hé s6 goc k: y = k(x - xu) +ym

*Atiép xtic véi (C) khi hé sau cé nghiém:

f@) =Kz —zy)+yy @
f'(x) =k (2
e Thé k tir (2) vao (1) ta dwoc: fx) = (x-xm).f'(x) +yu (C)

* S4' tiép tuyén ctia (C) vé tir M = S6 nghiém x ctia (C)

Bai tip co’ ban
HT 45. Tim cac diém trén d6 thi (C) ma tir d6 vé dwoc ding mét tiép tuyén véi (C):

1) (0):y=—2>+32> -2 2) (0):y =2 -3z+1

HT 46. Tim cac diém trén dwong thing d ma tir d6 vé dwoc dung mét tiép tuyén véi (C):
1

1 (C):y= x+1;dlétructung 2) (C):y= x+f;d:y=2x+1

T — T —

HT 47. Tim cac diém trén dwong thing d ma tir d6 vé dwoc it nhat mat tiép tuyén vai (C):
2z +1 3z +4

1) (C):y= ;dix=3 2) (C):y=—"—;
xr—2 4xr —3

dy=2

HT 48. Tim cac diém trén dwong thing d ma tir d6 vé dwoc ba tiép tuyén véi (C):
1) (C):y=—-2°+3"-2;d:y=2 2) (C):y=2°—3z;d:x=2

3) (0):y = —2® + 3z +2; dlatruc hoanh 4)(C):y=23—120+12;d:y=-4

HT 49. Tir diém A c6 thé ké dwoc bao nhiéu tiép tuyén véi (C):

1) (C):y= 23 =922 +172 +2; A(-2; 5) 2) (O):y = %xg —22% 4 32+ 4; A[g,g]
HT 50. T mot diém bat ki trén dwong thing d cé thé ké dwgc bao nhiéu tiép tuyén véi (C):
D(C):y=2°—62"+92—1;d:z=2 2)(C):y=2>-3z;d:2=2
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Dang toin 3: Tim nhirng diém ma tir dé c6 thé vé dwoc 2 tié€p tuyén véi do thi (C): v = f(x) va 2 tiép tuyén d6

vudng géc véi nhau

GQi M(XM,'yM).
e Phirong trinh duwong thing Aqua M cé hé s6 géc k: y = k(x - xu) +yu

*Atiép xtic vdi (C) khi hé sau ¢ nghiém:

f(@) = Kz —zy) +yy @
f'(a) =k (2)
e Thé k tir (2) vao (1) ta dwoc: fx)=(x-xu)f'(x) +ym (C)

* Qua M vé dwoc 2 tiép tuyén véi (C) = (C) c6 2 nghiém phdn biét x;, x2.
e Hai tiép tuyén dé vudng géc v&i nhau = f'(x1).f"(xz) = -1
Tty d6 tim dwoc M.

Chui y: Qua M vé dworc 2 tiép tuyén véi (C) sao cho 2 tiép diém ndm vé hai phia véi truc hoanh thi
(3) cou 2 nghieim phadn biedt

f(ay)-flazy) <0

Bai tip co’ ban
HT 51. Chitng minh ring tir diém A ludn ké dwoc hai tiép tuyén véi (C) vudng géc véi nhau. Viét phwong trinh cac tiép
tuyén do:

(C):y =227 -3z +1; A[O;—i]

HT 52. Tim cac diém trén dwong thing d ma tir d6 c6 thé vé dwgc hai tiép tuyén vai (C) vudng goc véi nhau:
D(C):y=2°-3"+2;dy=-2 2) (0):y = 2° + 32%; d1a truc hoanh
Dang toan 4: Cac bai toan khac vé tiép tuyén
HT 53. Cho hypebol (H) va diém M bat ki thudc (H). Goi I 1a giao di€ém cta hai tiém can. Tiép tuyén tai M cit 2 tiém cin
tai AvaB.
1) Chitng minh M 1a trung diém cta doan AB.
2) Chirng minh dién tich ca AIAB 12 mot hang sé.
3) Tim diém M d€ chu vi AIAB 1a nhé nhit.
4) Tim M dé& ban kinh, chu vi, dién tich dwong tron ngoai tiép tam gidc IAB dat gia tri nho nhit.
5) Tim M d€ ban kinh, chu vi, dién tich dwong tron noi tiép tam gidc IAB dat gia tri 1én nhit.

6) Tim M d€ khoang cach tir I dén tiép tuyén l1a 16n nhét.

D) (H)y =2 2) (H):y =1 3) (H):y = ——

HT 54. Tim m dé tiép tuyén tai diém M b4t ki thudc hypebol (H) cit hai dwdng tiém cin tao thanh mot tam giac c6 dién
tich bing S:
1) (H):y:M; S =38

r—m
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VAN PE 7: KHOANG CACH

Kién thirc cor ban:

1) Khodng cdch giiva hai diém A, B:  AB = \/(QJB - az:A)2 +(yp — yA)2
2) Khodng cdch tir diém M(xo; yo) dén dwirng thdng A: ax + by + ¢ = 0:

i, 2) = |ax0 + by, + c|
’ Va? +b?

3) Dién tich tam gidc ABC:

W2
S= %AB.AC. sin A = %\/ABQ.ACZ _(aBaAc)

Bai tap co' ban
HT 55. Tim céc diém M thudc hypebol (H) sao cho tong cic khodng cich tir d6 dén hai tiém cin 1a nho nhit.
T4 2 2z —1 4z —9
1) (H):y= 2)(H):y= 3)(H):y=
) (H) 1y =T ) )y == ) (H) iy ==

HT 56. Tim cac diém M thudc hypebol (H) sao cho tdng cic khoang cich tir d6 dén hai truc toa do 1a nho nhit.

D ()= 2) (H):y =2 3) (H):y ===

HT 57. Cho hypebol (H). Tim hai diém A, B thudc hai nhanh khac nhau ctia (H) sao cho d6 dai AB la nhé nhit.

D ()= 2) () y =22 3) (H):y ===

HT 58. Cho (C) va dwong thang d. Tim m dé d cit (C) tai 2 diém A, B sao cho dd dai AB l1a nhé nhit.

(H);y:x+i;d;2x—y+m:0

T —
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ON TAP TONG HOP

PHAN I: TINH PON PIEU CUA HAM SO

HT 1. Chohamsd y = %(m —1)2® + ma? + (3m — 2)z (1).Tim t4t ca cac gi4 tri cta tham s6 m dé ham sé (1) dong
bién trén tip xac dinh ciané. B/s: m > 2

HT 2. Cho ham s6 y = z° + 322 —ma —4 (1).Tim t4t ca cac gia tri clia tham s6 m dé ham s6 (1) dong bién trén
khoang (—o0;0).D/s:m < —3

HT 3. Cho ham s y = 2x® — 3(2m + 1)2% 4 6m(m + 1)z +1 c6 d0 thi (Cm).Tim m d& ham s dong bién trén khoang
(2;400) B/s:m <1

HT 4. Chohamsdy = 2° + (1—2m)z” + (2— m)z + m + 2. Tim m d& ham dong bién trén (0;+00). D/s:g >m
HT5. Chohamsd y = z* —2ma? —3m+1 (1), (m la tham s8).Tim m d& ham s& (1) dong bién trén khoang (1; 2).
b/s:m e (—oo;l].

HT 6. Chohams6 y = mz + 4 (1). Tim tAt ca cac gia tri cha tham s6 m d€ ham sd (1) nghich bién trén khoadng
T+m

(—o0;1) B/fs: —2 <m < —1.

HT 7. Chohamsd y = 2° + 32 + ma + m. Tim m dé ham s& nghich bién trén doan c6 d6 dai bing 1. D/s: = m = %

PHAN II: CU’'C TRI CUA HAM SO

HT 8. Chohams8 y = 2z + (1-2m)a® + (2—m)z +m +2 (m 14 tham s6) (1). Tim cAc gi4 tri cia m dé& do thi ham s&

(1) c6 diém cuc dai, diém cyc tiéu, dong thoi hoanh db ctia diém cuc ti€u nhé hon 1. B /s: Z <m < g

HT9. Chohamsé y=(m+ 2)m3 + 32 + mz — 5, m 12 tham s6.Tim c4c gia tri cia m dé cic diém cuc dai, cwc tiéu cia
d6 thi ham s6 da cho c¢6 hoanh d¢ 1a cac s6 dwong. D/s: —-3<m< -2

HT 10. Choham s8 y = 22% — 3(m + 2)a° + 6(5m + 1)z — (4m® +2). Tim m d&ham s6 dat cuc tiéu tai 7, € (12|

b/s: f§§m<0

HT 11. Chohamsd y = %x4 — ma? +g (1).Xac dinh m dé do thi ciia ham s (1) c6 cwc tiéu ma khéng cé cuc dai.

b/s: m <0

HT 12. Chohams8 y = —z* + 2ma® —4 (C,,). Tim cac gia tri cia m dé tit ca cac diém cyc trj ca (C ) déunam
trén cactruc toa do. b/s:m =2,m <0

HT 13. Choham s8 y = —2> + (2m + 1)a® — (m? — 3m + 2)z — 4 (m 12 tham s6) c6 db thi 14 (C»,). Xac dinh m dé (C») c6
céc diém cuc dai va cuc tiéu ndm vé hai phia cta truc tung. B/s:1 < m < 2.

’ 1 y , . .
HT 14. Cho ham s6 y = §x3 —ma® + (2m —1)z —3 (m la tham s6) c6 d6 thi 1a (Cn). Xac dinh m dé (Cn) c6 cac diém

m =1
cuc dai, cuc tiéu ndm vé cing mot phia ddi véi truc tung. B /s: 1
m

HT 15. Chohamsé y = 2% + 32° +ma +m — 2 (m 12 tham s8) c6 do thi 1 (Cy,). Xac dinh m dé& (C) c6 cac diém cuc dai
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va cuc tiéu ndm vé hai phia d8i véi truc hoanh. B/s:m < 3

HT 16. Chohamsé y = éxg —(m+1)2* + % (m+1? (C). Tim m dé cac diém cuc tri cia ham s6 (C) nim vé hai phia

1
(phia trong va phia ngoai) cia dwong tron c6 phuwong trinh: 22 + y2 —4z+3=0.D/s: |m| < B

HT 17. Cho ham s6 y = 2° — 3ma? + 4m® (m 13 tham s8) c6 dd thi la (C»). Xac dinh m dé (C) 6 cac diém cuc dai va

V2

cuc tiéu d6i xirng nhau qua dwdng thdngy =x. D/s:m = j:?

HT 18. Chohamsé y = —2° + 3ma® — 3m — 1. Véi gia tri ndo cta m thi d6 thi ham s8 c¢6 diém cwc dai va diém cuc tidu

d6i xtrng véi nhau qua dwongthdng d:z+8y—74=0.D/s: m =2

HT 19. Cho ham s8 y = —2® + 3ma® + 3(1 — m?)z + m® — m? (1).Viét phwong trinh dwong thing qua hai diém cuec tri
ctia dd thi ham s6 (1). B/s:y = 22 —m? +m.

HT 20. Cho ham s6 y = 2° — 322 + mz + 2 (C,). Tim m dé (C,) c6 cuc dai va cyc tiéu, dong thoi cac diém cyec tri
clia ham s6 cach déu dwongthdng d: x —y—1=0. D/sim =0

HT 21. Cho ham s8 y = z° — 32° — ma +2 (m 12 tham s8) 6 dd thi 1a (Cn). Xac dinh m d& (Cr) c6 céc diém cuc dai va

cuc tidu cach déu duong thdng y = 2 —1.D/s: m = {0; —g}

HT 22. Chohams8 y = 2> — 32> + ma  (1). V6i gia tri ndo ctia m thi db thi ham s& (1) c6 cac diém cwc dai va diém
cuc tidu ddi xirng véi nhau qua duong thing d:z -2y -5=0.D/stm =0

HT 23. Cho ham s8 y = z° — 3(m + 1)2® + 9z + m — 2 (1) ¢6 db thi 1a (Cm). V6i gia tri ndo cta m thi db thi ham s8 c6

< Coy e g axe . X 2 1
diém cuc dai va diém cuec tiéu doi xirng véi nhau qua dwong thang d:y = 5:17 .D/stm =1.

HT 24. Choham s6 y = %x?’ — (m—1)2* 4+ 3(m —2)z +%, véi m 1a tham sé thwe. Xac dinh m dé ham sé da cho dat

43
—

cuctritai z;, z, saocho z; +2z, =1.D/stm

1 12
HT 25. Chohamsé y = 23— 3(m + 1)1:2 + 9z —m, vdi m 1a tham s thwe. Xac dinh m dé ham s6 da cho dat cuec tri tai
), L, sao cho |x1 —a:2|§ 2PD/s: —3<m< 71—\/5 va 71+\/§ <m<1.

HT 26. Chohamsd y = 2 + (1—2m)z* + (2 — m)z 4+ m + 2, véi m 12 tham s6 thwc. Xac dinh m dé ham s8 da cho dat

1 v
cuc tritai z;, z, sao cho |a:1—m2|>—.})/s: m>M\/m<—l
3 8
~ N ~ Y ~ 7 . A . il 9
HT 27. Chohams6 y = 423 + ma? - 32. Tim m d& ham s6 c6 hai diém cwctri z;, x, thoa z; = —4z,.D/s:m = iE

1
3 Zma? + (m? —3)z c6 cuc dai =

5 1, cuc tiéu dong thoi Ty Ty 1a

HT 28. Tim céc gia tri cia m d€ ham sd y = %x

=
W~

A a2 . A A . A PR a1 5
do dai cac canh géc vudng ciia mot tam gidc vudng cé do dai canh huyén bang \/; b/s:m = N

y 2 ! " C e s g P
HT 29. Cho hamso y = gac?’ +(m+ l)a:2 + (m2 +4m+ 3)z+1. Tim m dé ham s6 c6 cwec tri. Tim gia tri I&n nhit cta

biéu thiec A = |;v1:1:2 — 2wy + :v2)| véi x,, 7, la cac diém cuc tri clra ham s6.
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B/S:Aggkhim:—ll

HT 30. Cho hamsé y = 23— 3(m + 1)1:2 + 92z —m (1) véi m 1a tham s thwe. Xac dinh m d€ ham s6 (1) dat cyc dai,

cuctiéu sao cho y.p, +yop = 2D/s: 5
m=—

~ 1 N ~ Y ~ 7 . - A Y
HT 31. Cho ham s§ y = 55173 —ma® 4+ (m? -z +1 (C,,)- Tim m dé ham s6 c6 cyc dai cuc tiéu va: yop + yop > 2

—1<m<0
m > 1

b/s:

HT 32. Cho ham s§ y = z° — 32z +2 (1). Tim diém M thuéc duomg thing d : y = 3z — 2 sao téng khoang cich tr M

téi hai diém cwc tri nhé nhit. B/s: M [%,%]

HT 33. Cho ham s6 y = 2°® — 3ma® + 3(m? — 1)z —m® + m  (1). Tim m dé ham s6 (1) c6 cuc tri dong thoi khoang
céch tir diém cuc dai cia d6 thi ham s6 dén géc toa do O bing V2 Ian khoang cach tir diém cwec tiéu ctia d6 thi ham sé
dén gbc toa do 0. D/s: m=3 2\/5 .

m=—3— 2\/5
HT 34. Cho ham s8 y = 2° — 3(m +1)2° + 3m(m +2)z —2+m (C).Tim m dé do thi ham s8 (C) c6 cuc tri dong thoi

khoéng cach tir diém cwc dai ctia d6 thi ham s6 (C) t&i truc Oz bang khodng cach tir diém cyec ti€u ctia d6 thi ham sé (C)
téitruc Oy. P/sim =2m=1m=—-1m=0

HT 35. Cho ham s8 y = 2° — 322 — mz 4+ 2¢6 db thi 1a (Cn). Tim m dé (Cn) ¢6 cac diém cuc dai, cwc tiéu va duong

thang di qua cac diém cuc tri song song véi dwong thing d:y = -4z +3.D/s: m =3

HT 36. Cho ham s8 y = 2 — 32 — ma + 2¢6 db thi 1a (C»). Tim m dé& (Cn) c6 cc diém cuc dai, cuc tiéu va dwong
thing di qua cac diém cuc tri tao véi duong thang d : z + 4y — 5 = 0 mdt goc 45 . D/s: m = f%

HT 37. Cho ham s§ y = 2® + 32> + m (1)Xac dinh m dé dd thi cia ham s (1) c6 hai diém cuc tri 4, B sao cho

A0B =120°.D/s: m:L;TNg

HT 38. Cho hams6 y = 2% — 3ma® + 3(m?® — 1)z —m® 4 4m —1 (1), m 12 tham s& thuc. Tim cac gia tri cia m dé dd thi
ham s6 (1) cé hai diém cuwc tri A, B sao cho tam gidc OAB vudngtai O, véi O lagéctoa dd.B/s: m = —1;m =2
HT 39. Chohams8 y = 2® + 3(m +1)z% 4 3m(m + 2)z + m*® + 3m>. Chtng minh ring véi moi m ham & luén c6 2 cwc
tri va khoang cach giira hai diém nay khéng phu thudc vao vi tri cia m.

HT 40. Cho ham s8 y = 2® — 32> —maz + 2 (1) v&i m 13 tham s thwc. Pinh m d& ham s8 (1) ¢6 cwc tri, dong thoi
. . C o aw il s e A A 3
duwdng thang di qua hai diém cuc tri ctia d6 thi ham so6 tao véi hai truc toa do moét tam giac can. B/s: m = 5

HT 41. Chohamsé y = f(z) = «* +2(m —2)a® +m* —5m +5 (C, ). Tim cAc gid tri clla m d& dd thi (C, ) ctia ham s8
6 cac diém cuc dai, cwe tidu tao thanh 1 tam gidc vudng can. B/s:m =1
HT 42. Cho ham s8 y = z* +2(m —2)2® + m®> —5m +5 (€,,). Véi nhig gid tri nao cha m thi db thi (Cn) c6

diém cwc dai va diém cuc tiéu, déng thoi cic diém cwc dai va diém cuc ti€u 14p thanh mot tam gidc déu. D/s:
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m=2-— %J’/g

HT 43. Cho ham s8 y = z* +2ma® + m® + m c6 dd thi (Cn) . V&i nhitng gia tri ndo ciia m thi dd thi (Cn) ¢6 ba diém

L N 1AL s R i Al s 1
cuec tri, dong thoi ba diém cyc tri dé 1ap thanh mot tam gidc c6 mot géc bang 120V. P/sim=——.

33

HT 44. Chohamsé y = 2* —2ma® + m —1 ¢6 dd thi (Ca) . Vi nhitng gid tri nao ctia m thi dd thi (Ca) c6 ba diém cuc

tri, dong thoi ba diém cuc tri d6 1ap thanh mot tam gidc c¢6 ban kinh dwong tron ngoai tiép bing 1.

V5 -1
2

P/sim=1m=

HT 45. Cho ham s6 y = z* — 2ma® 4+ 2m + m* c6 db thi (Cn) . V6i nhitng gia tri nao cia m thi d6 thi (Cm) c6 ba diém
cuec tri, dong thoi ba didm cuec tri d6 14p thanh mot tam gidc c6 dién tich bing 4. D/s:m = V16 .

HT 46. Cho ham s8 z*! — 2ma® + 2 c6 db thi (C,) - Tim tit ca cac gid tri cGa tham s6 m dé do thi (C, ) c6 ba diém cuc

m
tri tao thanh mot tam gidc c6 dwong tron ngoai ti€p di qua diém D g,g

D/sim=1

PHAN 3: SU TUONG GIAQ

HT 47. Chohams8 y = 2° — 62% 4+ 92 — 6 ¢6 dd thila (C). Dinh m dé dwong thing (d) : y = mz — 2m — 4 cit dd thi (C)
tai ba diém phan biét. B/s:m > —3

HT 48. Chohamsé y = 2° — 3m®z — 2m (Cy). Tim m dé& (C,,) va truc hoanh c6 ding 2 diém chung phan biét.

b/s: m=+1

HT 49. Chohams8 y = —22° + 62 + 1. Tim m dé dwong thing y = ma + 1 cit (C) tai 3 diém phan biét A, B, C sao cho

A(0;1) va Bla trung diém cua AC. D/s:m = 4

HT 50. Cho hamsé y = 113 —ma —z4+m+ 2 c6 do thifC ). TEnmdé (C ) cattruc hoanh tali3 diém phan bigfico tdng
3 3 m m

blith phwong cac hoanh do@om hon 15. B/s: lm| > 1

HT 51. Cho ham s8: y = 22 — 32 + 1 (1). Tim trén (C) nhitng diém M sao cho tiép tuyén ctia (C) tai M cit truc tung tai

diém c6 tung do bang 8. D/s: M(—1;—4)

HT 52. Cho ham s6y = z° + 2ma® + (m + 3)z + 4 c6 db thi 12 (C) (m 12 tham s6).Cho dudng thing (d): y = z +4 va
diém K(1; 3). Tim céc gia tri cia m dé (d) cit (Cn) tai ba diém phan biét A(0; 4), B, C sao cho tam giadc KBC c6 dién tich

bing 8\/§.B/s:m :g.

HT 53. Chohamsd y = 2 —32% +4 ¢6 db thila (C). Goi d, 1a dwong thing di qua di€ém A(—1;0) véi hé s6 goc &
(k € R).Tim k d€ dwong thang d, cat do thi (C) tai ba diém phéan biét A, B, C va 2 giao diém B, C cling v&i géc toa d6 O
tao thanh mot tam gidc c6 dién tich bang 1.D/s:k =1

HT 54. Chohams6 y = 2° — 322 +2 6 db thi 1a (C). Goi E 12 tAm ddi xirng cda db thi (C). Viét phwong trinh duwong
thang qua E va cit (C) tai ba diém E, A, B phan biét sao cho dién tich tam gidc OAB bang V2.

D/siy=—x+1; y:(—lzl:\/g)(x—l).

¢ 4 1 A = by ~ = \ . - 2
HT 55. Cho ham s6 y = §x3 —(2m —l—l):n2 +(m+2)x +§C6 do thi (C, ),m la tham s6. Goi A la giao di€m cla
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. . p s . oy A A i oA 1
(C’m) véi truc tung. Tim m sao cho ti€p tuyén cta (C’m) tai A tao véi hai truc toa do mot tam gidc cé dién tich bang g

13

11
b/ssm=——m=——
/ 6

6

HT 56. Chohamsd y = 2° +ma+2 c6 dd thi (Ca). Tim m d& db thi (Cm) cit truc hoanh tai mot diém duy nhAt.
b/s: m > —-3.

HT 57. Cho ham s8 y = 22 — 3(m + 1)z% + 6ma — 2 ¢6 db thi (Cx).Tim m d& db thi (Cx) cit truc hoanh tai mot diém
duy nhit. D/s: 1-V3<m<1+43

HT 58. Choham s8 y = 2° — 32° +1. Tim m dé dwong thing (A): y = (2m — 1)z — 4m —1 cit db thi (C) tai ding hai

diém phén biét. D/s: m = 72 ;m= 5>
HT59. Cho ham s8 y =z —3ma® +(m—1)z+m+1c6 dd thi la (C). Tim tat cd cac gid tri cla m dé
d:y=2x—m~—1 catdothi (C,) tai ba diém phan biét c6 hoanh d9 16n hon hoac bang 1.

D/s: khong cé gid tri m

HT 60. Chohams§ y = 2° — 3z + 2 (C). Viét phwong trinh duong thing cit db thi (C) tai 3 diém phan biét A, B, C sao

choz, =2va BC =2V2D/s: d:y=xz+2

HT 61. Chohamsé y = 4z° —6ma? +1 (C), m 13 tham s8. Tim m dé dwdmng thing d : y = —z + 1 ¢4t dd thi ham s6 tai
o y » 2

3 diém A(0;1), B, C véi B, C doi xirng nhau qua dwong phan giac thr nhat. B/s: m = 3

HT 62. Chohamsé y = z° + 322 + mz +1 (m1a tham s8) (1).Tim m dé dwong thing d : y = 1 ct dd thi ham s6 (1)
tai ba diém phan biét A(0; 1), B, C sao cho cac tiép tuyén ctia d6 thi ham sé (1) tai B va € vudng goc véi nhau.

965 9++/65
vm=Tg

P/sim =
/ 8

HT 63. Cho ham s8 y =2° ~ 3z +1 c6 db thi (C) va duong thing (d): y = mz +m + 3. Tim m dé (d) cit (C) tai

3422 _3_2J2
T\/ m=—_2°=¥2

M(1;3), N, P sao cho tiép tuyén ctia (C) tai N va P vudng géc véi nhau. B/s: m = 3

HT 64. Chohamsé y = 23— 322 +4 (C). Goi (d) 1a dwong thing di qua diém A(2; 0) c6 hé s6 goc k. Tim k dé (d) cit
(C) tai ba diém phén biét A, M, N sao cho hai tiép tuyén cua (C) tai M va N vudng géc véi nhau.

_312V2

D/s: k=
/ 3

HT 65. Chohamsd y =2 —mz+m—1  (C_ ). Tim m d& tiép tuyén ctia db thi ham s da cho tai diém z = —1

m
cit dwong tron (C): (z —2)% + (y — 3)> = 4 theo mot day cung c6 d6 dai nhé nhit. B/s:m = 2

HT 66. Cho ham s6 y = 23— 3mz +2 (C’7 ) Tim m d€ dwdng thang di qua diém cyc dai, cyc tiéu cﬁa(C’m) cat dwong

n

tron tam [ (1; 1) , ban kinh bang 1 tai hai diém phan biét 4, B sao cho dién tich tam giac IAB dat gia tri 16m nhat

2 ++/3

b/s: m =
/ 2

HT 67. Chohamsé y = 2* —ma® + m—1 c6 dd thila (C,,) Pinh m @& db thi (C,,) cat tryc tryc hoanh tai bén diém
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>1

han biét. B/s: |
t. H

phan biét. D/s m = 9

HT 68. Chohamsd y = z* —2(m + 1)2® +2m +1 (C, ). Tim tit ca cAc gid tri clia tham s6 m € R d& dd thi ham s8 da

cho cat truc hoanh tai 4 diém phan biét A, B,C, D lan lwot c6 hoanh d6 =, ,, zg,7, (7, <1y < T4 <1z,) saochotam
gidc ACK c6 dién tich bang 4 biét K(3;—2). P/s:m = 4

HT 69. Choham 6 y = 2* —2(m +1)a® +2m +1c6 dd thila (C,, ). Dinh m d& dd thi (C,, ) cat truc hoanh tai 4 diém

phan biét c6 hoanh d6 lap thanh cip s6 cong. B/s: m = {4; —%}

HT 70. Cho ham s8 y = 2* — (3m +2)2® + 3m  ¢6 db thi 13 (Cx), m 12 tham s8. Tim m dé dwong thing y = —1 cit dd
1
. ——<m<1
thi (Cn) tai 4 diém phan biét déu c6 hoanh 6 nhé hon 2. B/s:{ 3

m =0
HT 71. Chohamsé y = 2" —2(m +1)2” +2m +1 c6 db thi 1 (Cm), m 12 tham s6. Tim m d€ db thi (Cn) ct truc hoanh
tai 3 diém phan biét déu c6 hoanh d6 nhé hon 3. D/s: m = —% vm>1,
HT 72. Chohamsé: y = 2* —52° + 4. Tim t4t ca cac diém M trén db thi (C) ctia ham s& sao cho tiép tuyén cta (C) tai

V1o V1o

M cit (C) tai hai diém phan biét Khac M. P/s: 2 2
V30
m = +——
6
HT 73. Cho ham s6 y = 2:vj21 c6 dd thi la (C). Chirng minh rang dwong thang d : y = —z + m ludn cit d6 thi (C) tai
T
hai diém phan biét 4, B. Tim m d€ doan AB c6 d6 dai nhé nhit. B/s:m = 0.
z—3

HT 74. Choham s§ y = (C). Viét phuwong trinh dwdng thang d qua diém (—1;1) va cat do thi (C) tai hai diém

z+1
M, N sao cho I 1a trung diém ctia doan MN.D/s:y = kx +k+1 véi k < 0.

2z +4

HT 75. Chohams6 y = 0 (C). Goi (d) 1a dwdong thdng qua A(1; 1) va c6 hé s6 goc k. Tim k dé (d) cat (C) tai hai

g -V
6

diém M, N sao cho MN = 3\/5.})/5:1{: =-3 k= T

2 —2

HT 76. Chohamsd y =
z+1

(C). Tim m dé dwong thang (d): y = 2z + m cét (€) tai hai diém phan biét A, B sao cho

AB =5 B/s: m =10, m = —2.

r—1

r+m

HT 77. Chohams6 y = (1). Tim céc gia tri cia tham s& m sao cho dwong thing (d): y = = +2 ct do thi ham

s6 (1) tai hai difm Ava Bsaocho AB = 2v2.D/s:m =7

T+2
2z — 2

HT 78. Chohamsé y = (C). Tim tAt ca cac gia tri clia tham s§ m € R dé dwong thing d: y = x +m cit do thi

(C) tai hai diém phan biét A, B sao cho 0A* + OB* = %

B/s:m:fg\/m:2
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HT 79. Chohams6 y =

(C). Tim t4t ca céc gia tri clia tham s6 m € R d€ dwong thing d : y = mz —m —1 cat
—z

dd thi (C) tai hai diém phan biét A, B sao cho MA% + MB? dat gia tri nhé nhitD/s: m = —1

z+1

HT 80. Cho hamsé y =
x—2

(C'). Goi d1a dwong thing qua M(2;0) va c6é hé s6 gocla k. Tim k dé d cit (C) tai hai
diém phén biét A, B sao cho: m = —2% D/s: k =§

HT 81. Cho ham sg y = z +; c6 db6 thi (H). Tim m d€ dwong thing d ;y = 2x + 3m cét (H) tai hai diém phan biét sao
T

cho &@ = —4 véiOlagdctoadd. D/s: m = %

HT 82. Tim trén (H) : y — ——1
xr

céc diém A, B sao cho d6 dai doan thang AB bing 4 va dwong thing AB vudng goc voi

dudng thing y = .

b/s: A(3 +\/5;—\/5);B(3—\/§;\/§) hodc A(3 +2; —\/5);3(3 —\/5;\/5)
AL ++2;-2 = V2); B —V2; -2 + V2) hoge AL —V/2;—2 +32); BA +2;—2 —\2)

i +; c6 do thi (H). Tim m d€ dwong thdng d : y = —z + m + 1 tai hai diém phan biét A, B sao

HT 83. Chohamsd y =

cho AOBnhonb/s: m > —3

3r +2
T +2

y = = + m cét (C) tai hai diém C, D sao cho ABCD 14 hinh binh hanh. B/s:m = 10

HT 84. Cho ham s6y =

(C). Puwong thing y = xzcdt (C) tai hai difm A, B. Tim m dé dwong thing

HT 85. Chohams6 y = 20 711
T —

AOAB vudng tai 0. D/s:m = —2

(C). Tim m dé€ dwong thidng d: y = 2 + m cdt (C) tai hai diém phan biét A, B sao cho

HT 86. Cho ham s6 y = iﬁ;;ﬁ (1). Chirng minh rang véi moi m = 0 dd thi ham s6 (1) cat (d) : y = 2z —2m tai hai
diém phan biét A, B thudc mdt duwong (H) c6 dinh. Pudng thang (d) cit truc Ox, Oy lan lwot tai cic diém M, N. Tim m dé
Soas = 3Soun

HT 87. Chohamsd y = im—_ll (C). GoiIla giao diém ctia hai tiém cin cta (C). V&i gid tri ndo ctia m thi dwdong thing

y = —z + m cat do thi (C) tai hai diém phan biét 4, B va tam giac IAB déu. D/s: m = 3 + J6

HT 88. Chohamsé y =

N (C'). Tim céc gia tri cia m d€ duwong thdng y = —z + m cat do thi (C) tai hai diém phan
T

biét A, B sao cho 0A,0B bing 60". Véi O 1agdctoadd.D/s: m = —2Vm =6

PHAN 4: TIEP TUYEN

HT 89. Cho hamsd y = 2:1:_—11 . Viét phwong trinh tiép tuyén cta (C), biét khoang cach tir diém I(1;2) dén tiép tuyén
T —

bing \/E.B/s:x—l—y—l:O va £+y—5=0
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HT 90. Chohams8 y = 2% + (1—2m)z®> + @—m)z+m+2 (1)  (mla tham s8).Tim tham s6 m dé db thi ctia ham

s6 (1) c6 tiép tuyén tao voi dwong thing d: z +y + 7 = 0 goc a, biét cosa = % B/s:m < fi hodc m > %
26
HT 91. Chohams6 y = —z% +22% — 2 (C). Tim toa dd cac diém trén truc hoanh sao cho qua diém dé ké dwoc hai tiép

‘ w1 - N Cx P 2
tuyén véi do thi (C) va géc gitra hai ti€p tuyén nay bang 45°, b/s: M =0, M[%;O]
HT 92. Cho ham s8 y = 2 — 32z% +1 ¢6 db thi (C). Tim hai diém A, B thudc db thi (C) sao cho tiép tuyén cia (C) tai A
va B song song v&inhau va d6 dai doan AB = W b/s: A(3;1), B(—1,-3).

r+1

HT 93. Chohamsd y = ——
x—1

(C). Tim trén Oy t4t ca cac diém tlr d6 ké duwogc duy nhat mot tiép tuyén tdi (C).

b/s: M(0;1); M(0;,—1)

HT 94. Chohamsé y =3z —2° (C). Tim trén duong thidng d : y = —z cac diém ma tir d6 ké dwgc dung 2 tiép tuyén
phan biét véi d6 thi (C).D/s: A(2;—2); B(—2;2)

HT 95. Cho hamsé: y = 2 — 3z + 2. Tim tit ca diém trén duong thing y = 4, sao cho tir d6 ké dwoc dung 2 tidp

2

tuyén t&i do thi (C). B/s: (—1; 4);[—5;4 1(2;4)

HT 96. Chohamsd y = —z° + 32> —2 (C). Tim trén dudng thdng d : y = 2 cac diém ma tlr d6 ké dwoc 3 ti€p tuyén
m < —1

phan bidt véi db thi (C). /st 1|m > >
3

m = 2

2 2
HT 97. Chohamsé y = (lzl+1).(lzl — 1)" (C). Cho diém A(a;0). Tim a d& tir A ké dwoc 3 tiép tuyén phan biét véi dd
thi (C).D/s:—1=a < —é hodc 1= a > @

HT 98. Cho ham s§ y = z° — 32° + 2. Tim trén dwong thing y = 2 cac diém ma tir d6 c6 thé ké dwoc 2 tiép tuyén t&i

d6 thi ham s6 va 2 tiép tuyén d6 vudng goc véi nhau. B/s: M [2; —%]

’ 1 w1 PR -
HT 99. Choham s§ y = f(z) = gmfn‘3 +(m — 1):v2 + (4 —3m)z 4+ 1co6 d6 thila (Cwm). Tim céc gid tri m sao cho trén do
thi (Cmn) ton tai mot diém duy nhat c6 hoanh dd Am ma tiép tuyén tai d6 vudng goc véi dwong thing d:z+2y—3=0.

b/s: m<0haym>§.

’ , 1 ,
HT 100. Tim tt ca cac gia tri m sao cho trén do thi (C ):y = gmm?’ +(m—1z% + (4m — 3)z +1 ton tai ding hai

m
12
2"3

HT 101. Cho ham sé y = % (C). Viét phuong trinh tiép tuyén cta dd thi (C), biét rdng khoang cach tir tm ddi
T

. " ’ . 1
diém c6 hoanh d6 dwong ma tiép tuyén tai d6 vudng géc védi duwong thang (L): z+2y—3 =0 D/s:m € 0;5 U

xtng ctia d6 thi (C) dén tiép tuyénlalénnhat. B/s:y =z va y = = + 8.

T+ 2
2z 4+ 3

HT 102. Chohamsé y = (1). Viét phwrong trinh tiép tuyén ctia d6 thi ham s6 (1), biét tiép tuyén do cit
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truc hoanh, truc tung lan lwot tai hai diém phan biét A, B va tam gidc OAB cin tai goc toa d0 0.D/s:y = —z — 2.

~ 2 — 1 A A e . P W . e . N < h
HT 103. Chohamsé y= I—l . Lap phuwong trinh tiép tuyén ctia do6 thi (C) sao cho tiép tuyén nay cat cac truc Ox, Oy
r—

1 5

Yy=——c+—
1an lwot tai cac diém A va B thoa man OA = 40B. D/s: ‘11 113.
y=—-——a+—

4 4

HT 104. Viét phwong trinh tiép tuyén ctia d6 thi ham sd y = :1:2 biét tiép tuyén cit Ox, Oy lan lwgt tai A va B ma tam

gidc OAB théa man: AB = OA\/E P/siy=—-2438

HT 105.Cho ham s8 y = 2% —

c6 do thi (C). Tim trén (C) nhitng diém M sao cho tiép tuyén tai M ctia (C) cit hai tiém
can cua (C) tai A, B sao cho AB ngan nhit. B/s: M(3;3) hodc M(1;1)

2x—3

T—2

HT 106.Cho ham s6 y = .Cho M 1a diém bat ki trén (C). Tiép tuyén cta (C) tai M cit cac duwdng tiém can cia (C)

tai A va B. Goi I la giao diém cda cic dwong tiém cin. Tim toa dd diém M sao cho dwdng tron ngoai ti€p tam gidc IAB cé
dién tich nho nhat. B/s: M(1;1); M(3;3)

HT 107.Cho ham s6 y = 2* — 2ma® + m’z —m +1 (C, ). Tim m d& dd thi ham s8 tiép xdc véi truc hoanh.
3
P/ssm=1Vm=-3Vm :5

2x+1

HT 108.Chohamsd y = c6 dd thi (C).Goil la giao di€ém cda hai tiém c4n. Tim diém M thudc (C) sao cho tiép

tuyén cta (C) tai M cdt 2 tiém can tai A va B vé&i chu vi tam gidc IAB dat gia tri nho nhat.
B/s: M, (1+3:2+3), M, (1-V3,2-+3)

y 2 . " y ’ “ oy
HT 109. Cho hamsé6: y = x—+1 (C). Cho diém A(0;a). Tim a dé tir A ké dwoc 2 tiép tuyén tdi do thi (C) sao cho 2
T —

a >

ti€p diém twong tng ndm vé 2 phia clia truc hoanh. P/s: 3.
a=1
HT 110. Chohamsdy= T i . Goi 114 giao diém cta 2 dwong tiém can, A 1a mot tiép tuyén bit ky caa do thi (C). d
T+
x 2 7 N P N .z 1z ~ s 2 M . :r[] = 0
la khodng cach tir [ dén A . Tim gia tri 16n nhat cia d. B/s:GTLN cta d bang \/5 khi 5
T, = —
0
HT 111. Cho hamsd y = 2z +11 . Viét phwong trinh tiép tuyén cta d6 thi (C), biét rang ti€p tuyén cach déu hai diém
T+

1
A(2;4), B(—4;-2).D/s:y zzaz—i—%; y=x+Ly=x+5

y 2z -3 x s ‘x P R xr e n N as gl A
HT 112. Cho ham so y = x—2 (Q). Viét phwong trinh tiép tuyeén tai diem M thudc (C) biet ti€p tuyén do cat tiém
T —

A " . A aoros 4 A A
can dirng va tiém can ngang lan lwot tai A, B sao cho cosin goc ABI bang ——, v&illa giao 2 tiém can.

Ji7

B/s:TqiM[O;é]: y:fliré;Tqi M[4;§] :y:flaﬁLZ
2 4 2 3
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’ 1 ’ e 1Al i s ix "
HT 113. Chohamso6 y = 2517_+1 (C). Tim gia tri nhé nhat cia m sao cho ton tai it nhat mot diem M € (C) ma tiép tuyén
T —

L. A o A s n N 2 1
tai M cua (C) tao v&i hai truc toa dd mot tam giac c6 trong tam nam trén duwdng thang y =2m —1D/s:m > —

3

HT 114. Chohamsé y = 22 _11 (C). Tim cac gia tri cia m dé do thi ham sé (C) tiép xtic voi dwdng thing
I —

y=mz+5. P/stm = —1 hodc m = -9

PHAN 5: BIEN LUAN SO NGHIEM CUA PHUONG TRINH

HT 115. Chohamsé y = —a° + 32 +1.

1) Khao sat sw bién thién va vé do thi (C) ctia ham s6.

2) Tim m dé phwong trinh 23 — 322 = m® — 3m? coba nghiém phan biét.

b/s:m € (—1;3)\ {0;2}

HT 116.Cho ham s8 y = z* — 52% + 4 ¢6 db thi (C).

1) Khdo sat sy bién thién va vé dé thi (C) ctia ham so.

2) Tim m dé phwong trinh | 2% — 522 + 4 |= log, m c6 6 nghiém.

=)

* Dwa vao do thj ta c6 PT c6 6 nghiém < log,, m = % o m=124 = 144%.

HT 117. Chohamsé: y = 2% —22% +1.

1) Khao sat sw bién thién va vé do thi (C) ctia ham s6.

2) Bién luin theo m s6 nghiém cta phwong trinh: ot -2 414 log, m =0 (m>0)

0<m<l m=l l<m<1 m=1 m>1
2 2 2

2 nghiém 3 nghiém 4 nghiém 2 nghiém vé nghiém

HT 118. Chohamsd y = f(z) = 8z* —92% +1.

1) Khdo sat sy bién thién va vé dé thi (C) ctia ham so.
2) Dwa vao do thi (C) hay bién luan theo m s6 nghiém ctia phwong trinh:

8cos’ 2 —9cos’ z+m =0 véi z € [0;7]

b/s:

m<0 m=0 0<m<l1 1§m<ﬂ m—81
32 32 32
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vé nghiém 1 nghiém 2 nghiém 4 nghiém 2 nghiém v6 nghiém

r+1

HT 119. Chohamsd y = .
T

1) Khao sat sw bién thién va vé do thi (C) ctia ham s6.

z|+1
2) Bién luin theo m s6 nghiém cta phwong trinh || || ! =m.
-
m<—1lm>1 m=—1 -1<m<1
2 nghiém 1 nghiém v0 nghiém

PHAN 6: PIEM PAC BIET CUA PO THI

HT 120. Cho ham s8 y = —2° + 3z +2 (C). Tim 2 diém trén dd thi ham s6 sao cho chung d6i xirng nhau qua tim
M(=1;3).D/s:(~1;0) va (~1;6)

HT 121. Chohamsé y = —2® + 3z +2 (C). Tim trén (C) hai diém doi xtrng nhau qua duwdng thang d: 2z -y +2=0.

b/s: \/5;2—1\/5 : _\/E;2+l\/z
2 2\2 2 2\2
2 11 7
HT 122. Chohamsd y = —?+x +3X—€.Tim trén do thi (C) hai diém phan biét M, N d6i xitng nhau qua truc tung.

})/S:M[?);E]7 N[—S;E].
3 3

20— 1 (C).Tim diém M thudc db thi (C) dé ti€p tuyén cta (C) tai M v&i dwong thing di qua M

HT 123. Chohamsé y =
z4+1

va giao diém hai dwong tiém cn c6 tich cac hé s goc bang -9.
P/s: M(0;—3); M(—2;5)

HT 124. Chohamsé y = 233;_11 (C). Tim trén (C) nhirng diém c6 t6ng khodng cich dén hai tiém cin cia (€) nhé nhat.
T
b/s:(0;1);(—23)
N 3z —4 NP R AR D A
HT 125. Chohamsé y = 5 (C). Tim cac diém thuoc (C) cach déu 2 tiém can.
T —

b/s: Ml(l; 1); M2(4; 6)

HT 126. Chohamsé y = ix4 - % 22 +1 (C). Tim diém M thudc (C) sao cho téng khoang cach tir diém M dén hai truc

toa do 1a nho nhit. B/s: M(0;1)

HT 127.  Chohamsé y, = 23:3 - 3mg + 2z, +1 6 do thila (C) va dwong thing (A) = 2z —1.Tim trén d0 thi (C) diém

;AQ[E;—é—F\/g

A c6 khodng cach dén (A) 1a nhé nhat B/s: A 5

BHQC VO BO - CHUYEN CAN SE TOI BEN age 29




GV.Lwu Huy Thuéng 0968.393.899

’ 1 ot La o i " \ 1 s " . A s
HT 128. Cho hams6 y = s . Tim trén do6 thi ham s6 diém M sao cho tong khoadng cach tir M dén hai truc toa do la
T —
y x 1
nhé nhat. B/s: M 0;—5
HT 129. Cho ham sé& y = QI;f . Tim trén (C) hai diém d6i x*rng nhau qua duwdng thdng MN biét
x

M(-3;0); N(—1;—1) D/s:A(0; -4), B(2; 0).

2z

HT 130. Chohamsd y =

. Tim trén d6 thi (C) hai diém B, € thudc hai nhanh sao cho tam gidc ABC vudng cin tai
T —

dinh A v6iA(2; 0). B/s: B(—1L1), C(3;3)

HT 131. Chohamsé y = . Tim toa d6 diém M /7(C) sao cho khoang cach tir diém I(—1;2) t&i ti€p tuyén cua (C)

z+1

tai M 12 16m nhat. B/s:M(—1+J§;2—J§) hodc M(—l—\/§;2+\/§)

HT 132. Chohamsé y = vt . Tim nhitng diém trén d6 thi (C) cach déu hai diém A(2;0), B(0;2).

2z —1
1-v5 1=5] (145 145
2 72 2 7

2

b/s:

b

HT 133. Cho ham s6 ¢y = v :L? . Tim trén hai nhanh cta d6 thi (C) hai diém A va B sao cho AB ngin nhitD/s:
T

Al Y1+ Y1), B(-1+ Y11 Yoa).

HT 134. Cho ham s6 y = 2t =222 +1 Tim toa dd hai diém P. Q thudc (C) sao cho dwdng thdng PQ song song véi truc
hoanh va khoang cach tir diém cuc dai cda (C) d€n duwong thang PQ bing 8
B/s:Vay, P(-2:9), Q(2:9) hodc P(2,9); Q(-2;9)

(Bm+ Dz —m? +m

r+m

HT 135. Chohamsd y = . Tim c4c diém thudc dwong thiang = 1 ma khong c6 do thi di qua.

D /s:Tdp hop cdc diém thudc dwong thang x = 1 ¢6 tung dé bdng a véi a théaman : 2 < a < 10

2x—1

HT 136. Chohamsé y = (C). Tim trén do thi (C) hai difm A, B phan biétsao cho ba diém A, B, I(0;—1) thang

T —

hang déng thoi thoa mén: IA.IB = 4.

B/s:A(Q—\/5;1—\/5);3(2+\/§;1+\/5)hoéc A(l—\/g;—2+\/§);B(1+\/§;—2—\/§)

PHAN 7: CAC BAI TONG HO'P

’ 2 . . o .
HT 137.Chohamsd y = a +23 (C).Tim m d€ dwongthang d : y = 2z + m cat do thi tai hai diém phan biét sao cho
I —
tiép tuyén tai hai di€ém d6 ctia d6 thi ham sd song song v&i nhau. D/s:m = —2

HT 138.Cho ham s8 y = z° — 2ma® + 2maz —1 (C). Tim m dé& do thi ham s& (C) cit truc hoanh tai 3 diém phan biét
A(L;0),B va C'saocho k +k, = BC.\/E trong d6 ;,k, lan lwotla hé s6 goc tiép tuyén tai B, € ctia d6 thi ham s6 (C).
P/ssm=—-1m=2

HT 139.Choham s8 y = 2° — 32> + mz +2—m (C ). Tim m dé (C ) cattruc hoanh tai 3 diém phan biét 4, B,C
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sao cho tong cac hé s6 goc cla tiép tuyén ctia (C, ) tai 4, B,C bang 3.D/s:m = 2
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PHAN 8: TUYEN TAP DE THI PAI HOC TU’ NAM 2009

T+ 2
2x+ 3

HT 140.(PH A - 2009) Cho ham s8 y =

(1) . Viét phwong trinh tiép tuyén cta d6 thi ham s6 (1), biét tiép tuyén

d6 cat truc hoanh, truc tung 1an lwgt tai hai diém phan biét 4, B sao cho tam gidc OAB can tai géc toa do O.
D/s:y=—z-2

HT 141.(PH B - 2009) Cho ham s8: y = 22 — 42® (1).Véi gié tri ndo ctia m, phwong trinh z*

22 —2‘ = m c6 diung 6
nghiém thuc phan biét. b/s: 0 < m < 1

HT 142.(PH D - 2009) Cho ham s6 y = z* — (3m + 2)2® + 3m c6 dd thila (C ) véi m1a tham s6. Tim m dé dwong

m

thing y = —1 catdo thi (C, ) tai 4 diém phan biét déu c6 hoanh d6 nhé hon 2.

D/s:—§<m<l7m10

HT 143.(PH A - 2010) Cho ham s8 y = 2° — 222 + (1 —m)z +m (1), v6i m1a tham s6 thwc. Tim m dé& do thi (1) cit
truc hoanh tai 3 diém phan biét c6 hoanh dd z,,x,, 2, théa man dieu kién: 27 + 2 + 25 < 4

B/s:7i<m<lvém¢0

HT 144.(PH B - 2010) Cho ham s§ y = 2I:11 (C). Tim m dé dwong thing y = —2z + m cdt do thi (C)tai hai
T

diém A va B sao cho tam giac OAB c6 dién tich bang J3 (01a gbctoa dd). B/s: m = +2

HT 145. (D - 2010) Cho ham s8 y = —z* —2? +6 (C). Viét phuong trinh tiép tuyén ctia db thi (C) biét tiép tuyén

. 1
vudng goc voi duong thang y = gaz —1P/s:y = —62+10

—zr+1
r—1

HT 146. (A - 2011)Cho ham s§ y = (C). Chtrng minh rdng véi moi m dwong thdng y = x + mludn cit do

thi (C)tai hai diém phén biét A va B. Goi k;,k,lan lwot 1a hé s6 géc cla ti€p tuyén véi (C)tai A va B. Tim m dé téng
k, + k, dat gid trj 16n nhat. B/s: k; + k, 16n nhit bang —2, khi va chi khi m = —1.

HT 147. (B-2011) Chohams8 y = z* —2(m + 1)z + m (1) (v6i m 12 tham s6). Tim m dé& db thi ham s& (1) ¢6 ba
diém cuec tri 4, B, C sao cho OA = BC; trong d6 0 1a gdc toa do, A 1a diém cuc tri thudc truc tung, B va C 13 hai diém cuc tri
con lai. B/s:m = 2 + 242

HT 148. (D -2011) Cho hAamsé y = 2;_:_11 (C). Tim k d& dwong thing y = kx +2k + 1 cat do thi (O)tai hai diém
phan biét A, B sao cho khoang cach tir A va B dén truc hoanh bang nhau. B/s: k = —3

HT 149. (A,A1 - 2012) Cho ham s6 y = z* —2(m +1)z% + m? (1), v&i m1a tham s8 thyc. Tim m dé db thi ham s6
(1) c6 3 diém cuyec tri tao thanh 3 dinh ciia mdt tam giac vuéng. B/s: m =0
HT 150. (B - 2012) Cho ham s§ y = z° — 3ma® + 3m® (1), m 13 tham s& thuc. Tim m dé& db thi ham s& (1) c6 hai

diém cuc tri A va B sao cho tam gidc OAB c6 dién tich bing 48. D/s: m = 42

HT 151. (D - 2012) Cho ham s8 y = %x"” —ma? —23m® — 1)z +§ (1),m 1a tham s& thuc. Tim m dé& ham s6 (1) ¢6

] 2
hai diém cuc tri z;;7, sao cho: 7,7, +2(z, +7,) = 1.D/st m = 3

HT 152. (A,A1 - 2013) Cho ham s§ y = —z> + 32> + 3maz —1 (1), véi mla tham s thuc. Tim m d&€ ham sé (1)
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nghich bién trén khoang (0;+00) P/s: m < —1

HT 153. (B-2013) Cho ham s8 y = 22° — 3(m + 1)z 4 6ma (1), v6éi m 1a tham s6 thuc. Tim m d& db thi ham s6 (1)
c6 hai diém cuc tri 4, B sao cho dwong thing AB vudng géc véi dwongthdng y =z +2.D/s: m =0;m =2

HT 154. (D - 2013) Cho ham s8 y = 22° — 3ma? + (m — 1)z +1 (1), véi m 13 tham s8 thwc. Tim m dé dudng thing

y = —z + 1 cat d6 thi hAm s6 (1) tai ba diém phan biét. B/s: m < 0;m > 8
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