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ELIP VA CAC BAI TOAN LIEN QUAN |
GV: Nguyén Thanh Tung |

I. KIEN THUC CO SO

Pé gidi quyét tot cac I6p bai toan lién quan téi Elip (tim diém va viér phwong trinh tac cua elip) truoc tién
ching ta can nam duoc cac kién thire co ban qua so' do sau:

Truc lon: A4, =2a

e £ déiéTmc nho:BB,=2b (a*=b*+c'vi a.b.c>0)

Tién e - KF, =2¢ J’
- &
Bo o € H_ b8
. a_msal.é'—;-ﬁi B i L 95T
i i
_+'}_ :]_ g L'r _C_'_'_'_,_,_.—'—'— c A :
gD , 5 Bk oE D F, )Ja
ELIP| = Duromng chuin: x=1— : x“nﬂ___ et
Ptrinh g T T
chimh tic 1

Hinh chitnhit co s&¢ [x=%a Dién tich: S, =4ab
B w5 han bt { == e
Chu vi : Cppyy = 4(a+5)
x
= +E:_ =1 ; MFE, + MF, =2a

&a

M (51 vp) €(E) =91 ME, =a+S = ATy
a

ME, = a—Ex:) =a—ex
- o
Dua trén cac kién thize co ban ndy, két hop véi cac bai toan frueéc cac ban da duwoc tim hiéu, sé gilp ta gidi
quyét dé dang cac lép bai toan lién quan téi elip. Cu thé:
+) Khi gap bai toan “Tim diém thugc (E) théa man diéu kién (*) cho trwéc  thi vé co ban ta can thiét ldp
duwroc hai ddu =" ma ¢ d6 dir kién diém thugc (E) ludn cho ta dwoc mét dau “=" dau tién. Cac dir ki¢n con
lgi sé gidp ta tim ra dau “=""thiz hai. Néu can, trong mét sé bai toan ta cd thé tham so héa diém thuge (E)

2 2
theo mét an. Vi nhwe: M e(E):X—2+§=1: M (asint;bcost).
a

+) Khi gdap bai toan “Viét phwong trinh chinh tdc cia elip (E)” can cdt nghia chinh xdc dir kién cua bai toan
dira trén céc kién thize co ban lién quan téi elip va tinh doi ximg cua elip (elip nhdn hai truc toa dé 1am hai truc
doi xumg va goc toa dé lam tam doi ximng).

I1. CAC VI DU MAU

Trong mat phang toa d6 Oxy , viét phuong trinh chinh tic cua elip (E) biét rang (E) c6 tam sai

NG

bing 3 va hinh chit nhat co sé cua (E) c6 chu vi bang 20.

Tham gia cdc khéa hoc mon Toan cia Thay Lé Anh Tuan — Thay Nguyén Thanh Tung trén HOCMAILVN
tu tin chinh phuc thanh céng ki thi THPTQG sap téi !



GV: Nguyén Thanh Tung HOCMAI.VN facebook.com/ ThayTungToan

Gidi:
. . o , , Xy
Goi phuong trinh chinh tac cua elip (E) co6 dang: _2+b_2:l
a
Taco ezgzgzczga va 2.(2a+2b)=20<a+b=5<b=5-a (véi 0<a<bh)

J5

2
Khi d6 ta co: a2=b2+c2<:>a2:(5—a)2+[?a] < a’-18a+45=0«< a=3 hoac a=15 (loai)

2 2

V6i a=3=b=2. Vay phuong trinh chinh tic cua elip (E) la: %+y7:1

g : Xy N S
Trong mat phang vai hé toa do Oxy , cho elip c6 phuong trinh 2—5+i/— =1. Timdiém M nam trén elip

sao cho MF, = 4MF,, trong d6 F,, F, lan luot 1a cac tiéu diém trai, phi cua elip.

Gidgi:
‘ N Xy a=5 F.(-3,0)
Tu phuong trinh Elip (E): —+21-=1= =c=+va’-h*=3=
pRuonS PE) 5% 1 {b=4 {F2(3;0)

MK :a+£x0 =5+§x0

Céach 1: Goi M (X,;Y,),suyra a .
C 3

MF, :a—gx0 :S—gx0

Khi d6 MF, = 4MF, <:>5+§x0 :4(5—gx0j© X, =5

52 yZ
Do d6 M (5; E)=—+22=1<vy,=0
o do M(5;y,) e (E) 25 16 Yo

Vay M (5;0)
Céch 2:

M e (E)&e ME +MF, =2a=10 .
y i 51'1 5 - 1'1' 5 = 2 Mpy =«
Mat khic MF, =4MF, [~ 2 =10 S ME =2 S MF =4

M e (E) X—5+y—§=1 X—§+y—g=1 @
Goi M (x,; y,). khi do {MFZ— 125 16 <125 16
2 (%-3°+Ys=4 |¥o=-%+6%-5 (2
2 g2 X =5=Y,=0
Thay (2) vio (1) ta duge : 2% 0% %5 1 500 5oy 1175-0e| 35 640
25 16 Xo=—=Ys =——<0
3 9
Vay M (5;0)
- 2 ~ - .XZ 2 2R 22 - 2 N
Trong mat phang toa do Oxy , cho elip (E)'Iﬂl =1 diém M == . Viét phuong trinh
duong thing A qua M cit E tai hai diém A, B sao cho MA=2MB.
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Giai:

2
+) Goi B(X,; yo)e(E):XIO+ Vo=l X2 +4y; -4=0 (1)

+) Do M namtrong (E) néntir MA=2MB

2 2

X, ——=-2| X, ——
AT (Xo 3j
2 2
_f_ 9ly 2
Ya 3 (yo 3j

2
+) Ma Ae(E):@HZ—ZyO)2 =1l X +4y. -2x, -8y, +4=0 (2)

— MA=-2MB <

=2-2
{X’* s AR-2%:2-2y,)

Ya :2_2y0

X, +4y. —4=0 X =0:Y, =1 (0:2)

< 8 3= 8 3
X§+4y§_2X0—8y0+4:0 XO:g;yOZ_ B(__j

+) Tur (1) va (2) ta duoc hé: {
5 5'5

Véi B(0;1) > A:x+2y—-2=0 ; Voi B(%;%):A:x+14y—10:0

Vay x+2y—-2=0 hoac x+14y-10=0 .

2 2
Trong mat phang toa &6 Oxy , cho elip (E) :%+y7=1 . Puong thing A:x—+/2y =0 cét (E) tai

hai diém B,C . Tim toa do diém A trén (E) sao cho tam giac ABC c6 dién tich I6n nhat
Gidi:
+) Do AN(E)={B;C} nén B,C c6 dinh hay do dai BC khong doi
Suy ra dién tich ABC I6n nhat khi khoang cach h=d(A,A) lén nhat
X = 2+/2sint
y = 2cost

+) Phuong trinh tham s6 cua (E) : { nén goi A(Z\/Esint;ZCost)

4sin(t—”j
B 4 4

N 7 NG

. T
sinft—— |=1 t=3—”+k27r
. T 4
sinft—— || =1l
4

+) Vi t:%{+k27r:>A(2;—\/§) +) Vi t:—%+k27r:>A(—2;\/§)

Vay A(z;—ﬁ) hoic A(—Z;\/E).

B ‘Zx/isint— 2\/§cost‘ B ‘2\/§(sint— cost)‘

Khidoé h=d(AA) =

DAu“ =" xay ra khi: (keZ)

sin(t—ﬁj:—l t=—£+k27z
4 4

2 2

Nhén xét : Ngodi cach dé (E) dudi dang chinh tdic X—2+§ =1, trong nhiéu bai toan cac ban c6 thé chuyén
a

Xx=asint

dé viéc tham sé héa diém thugce elip dwoc dé dang hon.
y =bcost

né vé dang tham sé sau : {
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I11. BAl TAP TU LUYEN

Bai 1. Trong mat phang toa dd Oxy , viét phuong trinh chinh tic cua elip (E) c6 tam sai bang ? va do dai

dudng chéo hinh chit nhat co so bang 24/5.

Gidi:
: - e , . Xy :
+) Goi phuong trinh chinh tac caa elip (E) c6 dang: —2+le voi a>b>0
a
2
Tam sai ezgzﬁaczza— :
a 3 3

Po dai duong chéo hinh chir nhat +/(2a)? + (2b)? = 245 < a’ +b? =5 < b?* =5-a2
2
+)Khidé a’=b*+c* < a’° :5—a2+%©a2 =3=b’=2

2 2
Vay trinh chinh tic cua elip (E) can lap la: x?+y?=1

2 2
Bai 2. Trong mit phing toa do Oxy , cho elip (E) co phuong trinh %+y7:1 vd M (L-1) . Mot dudng
thang d di qua M cat (E) tai A, B sao cho MAMB 16n nhat. Timtoa do A, B .
Gidi:
+) M (L-1) thuoc mién trong caa (E) nén d ludn cit (E) tai A B
. R . 2 , Xx=1l+mt . L
Goi phuong trinh duong thang d c6 dang: Voi teR,m“+n“#0.
y=-1+nt

+) Goi A(l+mt;—-1+nt), B(1+mt,;—1+nt,). Trong do6 t,,t, la nghiém cua phuong trinh:

2 _ 2
(L+mt)°  (=1+nt) =1 (m? +2n?)t* +2(m-2n)t-5=0

8 4
. , 5
Theo hé thuc Vi—et taco: tt, = ———
' b a’ +2b?
.y 2 2 2 2 5(m* +n?) 5
#) Khids MAMB =J(mt,)" +(nt,)"(mt, )" +(nt,)* =(m* +n?) | == BT w
m?+n’
2 2
Mzt khac 0<—" <1, do d6 MAMB lon nhat khi va chi khi —— =1 n=0
m? +n m? +n
Khi d6 duong thang d c6 dang: y=-1 , suy ratoa do giao diém A, B cua d va (E) la nghiém cua hé:
2 2 . .
LA {6 {x:iﬁ Aei-1)  [A(-E-)
8 4 & IS = hoac .
y=-1 y=-1 [y=-1 B(—6;-1) B(V/6;-1)
MG [
Vay hoac

o(5t) (B[t
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Bai 3. Trong mat phing toa dd Oxy . Lap phwong trinh chinh tic cua elip trong mit phang Oxy biét diém

M i\/g\/a thugc elip va tam giac F,MF, vubng tai M, trong d6 F, F, la hai tiéu diém cua elip.

Gidi:
, XZ y2
+) Goi phuong trinh chinh tic cta elip (E) c6 dang: — +
a

b_ZZl vsi a>b>0 va a’=b?+c?
Khi d6 M(\f\f] (E)<:>—+——l<:>a +8b% =3a%h? (1)

+) Véi F(-c;0),F,(c;0) , khi do tam gidc F,MF, vudng tai M nén ta suy ra:

2 2
MF12+MF22=F1F22<:>[C+\/§) +%+(c— g} +%=4cz<:>c2=3 =a’=b*+c’=b*+3 (2)

+) Thay (2) vao (1) ta duoc: b® + 3+ 8b? :3(b2 +3)b2 osbhi=leob’=1=a’=4

2

Vay phuong trinh chinh tic cua elip (E) can lap Ia: XT+ y?=1

Bai 4. Trong mat phing toa dd Oxy . Viét phuong trinh chinh tic cua elip (E) biét ring elip (E) c6 hai tiéu
diém F, va F, voi Fl(—«/é;o) va c6 mot diém M thude (E) sao cho tam giac F,MF, vudng tai M va c6 dién
tich bang 1.

Giadi:

+) Goi phuong trinh chinh tic cua elip (E) c6 dang: —+g—2—1 voi a>b>0
a’

Vi Fl(—\/é;o) ,suyrac=+3 =a’-b>=c?*=3 hay a?=b’+3 (1)
+) Goi M(Xo;yo) =9y
MF, = (V3 =% -Y,)

Khido F,MF,=90° < MEMF, =0 X2 -3+ y2 =0 X2 +y2 =3

Taco S :%d(M ,Ox).EF, :1|y0|.2\@:\/§|y0| =lo vy :%: X :g
) Mat khdc M (x:y,) € (E) < 2 WY PSS 7
a2 b2 3a* 3b?

s 13 =3ob=1(do b>0)=a’=4

Thay (1) vao (2) ta duoc:
ay (1) vao () ta duot: = 5+ 32

2

Vay phuong trinh chinh tic cua elip (E) can lap Ia: XT+ y> =1

3

Bai 5. Trong mat phang toa dd Oxy . Viét phuong trinh chinh tic cua elip di qua diém M {1; 7] va tidu diém

cua elip nhin truc nhé véi mot goc 60° .
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Gidi:

+) Goi phuong trinh chinh tic cua elip (E) c6 dang: _+Z_2_l voi a>b>0
a’

Goi F,(-c;0) latiéu diém cua (E) va B, (0;-b), B,(0;b) 13 hai dinh thudc truc nho cua (E)
+) Do AF,B,B, cantai F, va BF,B, =60, suyra AF,B,B, déu
Khidé F,B =BB, < FB’ =BB. < ¢’ +b’ =(2b)* < ¢’ =3b*> = a’ =b*+c’ =4b* (1)
+) Véi M (1 £] (E) —+%—1 (2
a’

1 3
Thay (1) vao (2) taduoc : —+—=1<b’=1=a’=4
y (1) () SRR
2

Vay phuong trinh chinh tic cua elip (E) can lap Ia: XI+ y =1
, x> y? .
Bai 6. Trong mat phang toa d6 Oxy, cho elip (E) c6 phuong trinh E+T =1. Gid st F,F, 1a hai tiéu diém

cua elip, trong d6 F, c6 hoanh d6 &m. Tim toa d6 diém M trén (E) sao cho MF,—MF, =2.

Gidi:
a=22
G yz
+) (E) c6 phuong trinh E+T:1:> b=2
=\/a2—b2 =2
MF, =a -+ = 242 +
: . 2J§
+) Goi M (Xy;¥o) € (E) = = MF, — MF, =/2x,

MF, :a——°:2\/—
a
+) Khi d6 MF, — MF, =2 <2, =2 < %, =+/2

2 =3
+) V6i ¥, =2 = y§=4(1—%°]=4(1—§j=3@{y° V8

)’o:_\/§
Vay M (V2;4/3) hoic M (v2;-V3).

O
2\5

2 2

Bai 7. Trong mat phing toa dd Oxy , cho elip co phuong trinh ;(_5+y5 =1. Timdiém M thudc elip sao cho

goc F,MF, =90° véi F,,F, 14 hai tiéu diém cua elip.
Gidi:
2

. X y2 a=5 b=3
+) Elip (E): 2—5+E:1:> e
cC=+va — =
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MFI:a+£x0:5+%xo; MFZ:a—EXO:S—%x0
+) Goi M(x:y)e(B)=1 , , ° a V6i %, >0
%o Yo g
+==1 (%
25 9
2 2
Do FMF, =90° nénsuyra: MF12+MF22=F1F22<:>(5+gX0j +(5—gxoj :64<:>8x§=175<:>x0=i5‘/4ﬁ
2
+) Thay xozi5\/171 vao (*) ta duoc: Z+ﬁ=1<:> y§=g<:> yon_rﬂ
4 8 9 8 4
viy wS58.302) (S0, 3T2) (88 502} (o, o)

Bai 8. Trong mit phang toa dd Oxy . Viét phuong trinh chinh tic cua elip, biét hai tiéu diém clng voi hai dinh
trén tryc bé xac dinh mot hinh vuéng va phuong trinh hai duong chuan [a x =+8.

Gidi:
+) Ta c6 hai tiéu diém F,(—c;0),F,(c;0) va hai dinh B,(0;-b), B,(0;b) thudc truc nhé xac dinh mot hinh vuéng

aZ 2

néntacd b=c.Elip c6 phuong trinh dudng chuan x=i3=4_r—:> =8« a’=8c
e C
c 2. a2 2, 2 > a?=32
+)Khido: a“=b“+c° <8c=c"+c°<=c=4>0=> ba
, XZ y2
+) Suy ra phuong trinh chinh tac cua elip la: §+E =1.

2 2

Bai 9. Trong mit phang toa d6 Oxy , cho elip (E) :)2(—5+y3 =1 c6 hai tiéu diém F,, F,. Tim toa do diém M

thugc (E) sao cho ban kinh dudng tron ndi tiép tam giac MF,F, bang %

Gidi:

2y a=> MF, + MF, + FF, 2a+?2
AT (B): =+ =15 /p=3 LS Sk S L S P O

25 9 v 2

c=+a’-b’ =4
+) Suy ra dién tich tam giac MRF, la: S, = pr=9.%=12
S
+) Mat khéc ta c: S, :%.d(M,Ox).FlFZ =%.|yM|.2c=4|yM|:>|yM|=%=%=3
- Xo 9 M (0;3)

+) Vi M(x,, ; E)oMi—=1x, =0=
) (X5 Yu) € (E) o5 ' g M {M(O;_S)

Vay M (0:3) hoic M (0;-3).

Bai 10. Trong mat phang toa dd Oxy . Viét phuong trinh chinh tac cua elip (E) biét rang khi diém M thay doi
trén (E) thi do dai nhé nhit cia OM bang 4 va do dai I6n nhat caa MF, bang 8, véi F, 1a tiéu diém co
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hoanh @6 am.

Gidi:
; . N yz
+) Goi phuong trinh chinh tac cua elip (E) can lap la: _2+b_2:l voi a>b>0
a
—a<x,<a
Goi M(x,;Y,) e (E)= cx, >a-c<MF <a+c
MF, =a+—2
a
Suy ra d6 dai MF, l6n nhat bang : a+c=8 (1)
X %
a>b:—2S—2 2 2 2 2 2 2 2
Y Laics: My e(®)=] . & PopX Y X % hty OM_ gy,
yZ a~ b° b” b b b
P

Suy ra d6 dai nho nhat caa OM biang b=4 (2)

= 2_ — =
Tir (1) va (2) ta duoc: {a” 8@{2“"" 16‘8@{6‘ >
—4

2 2

Vay phuong trinh elip (E) can lap I&: ;—5+y—=1.

16
, x> y? , , ,
Bai 11. Trong mat phang toa d0 Oxy , cho elip (E) :€+7=1. Viét phuong trinh dwong thang d cat (E) tai
hai diém phan biét c6 toa do la cac sb nguyén.
Gidi:
X Yo
Goi M(%,;Y,) € (E):EJF?O:l (*) =>y;<2=y,e{-L01} (Vi y,eZ)
+) V6i y, =1 thay vao (*) ta dugc: x, =+2 (thoa man)
+) V6i y, =0 thay vao (*) ta dugc: x, =+2+/2 (loai)
Suy ra 4 diém c6 toa d6 nguyén trén (E) 1a: M,(2;1),M,(2;-1), M,(-2;1),M, (-2;-1)
Khi d6 ta s& lap dugc 6 phuong trinh duong thing d théa mén yéu cau dé bai la:
X=2;Xx=-2;y=Ly=-1x-2y=0;x+2y=0.
Nhdn xét:  O'vi du trén néu ta tiép cdn theo cdch théng thirong 1 gid sir dang phwong trinh cia d roi tim
giao diém, sau dé sir dung diéu kién toa dé nguyén thi ching ta sé gép khé khan. Song néu ta 1am theo chiéu
nghich thi bai toan sé tré nén “nhe nhdng” hon rat nhiéu. Béi & nhiing bai toan lién quan téi elip (hay cd
dwong tron) ta hoan toan cé thé chan diéu kién cho x, y khd don gian. Vi vdy Viéc yéu cau toa dé nguyén cia
bai toan, gilp ta nghi ¢téi ngay giai phap trén.
2
Bai 12. Trong mat phang toa d Oxy , cho elip (E) :XE+ y?=1. Timtoa d6 diém M trén (E) sao cho ban
kinh qua tiéu cua tiéu diém nay bang 3 lan ban kinh qua tiéu cua tiéu diém kia.
Gidi:
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a=3

+) T (E):§+y2:1:> b=1 :>e:§:¥
c=+a?—b’ =22

+) Gol M(xo;yo)e<E):{MF1:a+ex°
MF, = a—ex,

N . | MF, =3MF, MF, -3MF, =0
T gia thiét ta co:

MF, ~3MF, )(MF, ~3MF,) =
F,=3MF, | MF, —am, o < (MR =3P (MF, =3MF) =0

©10MF,.MF, -3(MF + MF;) =0 < 16MF, MF, -3(MF, + MF,)" =0

=16(a+ex,).(a—ex,)—-3.(2a)" =0 < 16(a® —e*x?) —12a>

,  a 3 81 92
S Xy =— = s = Xy =t——
de A 2\/5 32 8
1 3
£ 2 23 \/46
+) Mat khac M e (E 2:1_X_0:_ NP
Vay M (i _VJ (i __“SJ hoic M [_i _“j hoic M [_i __VSJ

7 =, z = A A N ‘ > re = A = A A= A
Nhdn xét: Trong giai toan ta biet AB=0< { , va ta thuong chi quen vgi chiéu bien doi thugn. Naung

trong nhiéu truong hep, viéc bién doi theo chiéu nguroc lai sé gip gidi bai toan ngean gon hon rat nhiéu, ma vi
du trén 1& mér dién hinh.

Bai 13. Trong mat phang toa dd Oxy, cho diém M (—Jé;l), duong elip (E) di qua diém M va khoang céch

giira hai duong chuan cua (E) 1a 6. Lap phuong trinh chinh tic cia (E).

Gidi:
2
+) Goi phuong trinh chinh tic cua elip (E) la: X—2+g—2 =1vsi a>b>0
a
+) Elip (E) c6 hai phuong trinh dudng chuan la x = 2vax=-2
e
Do d6 khoang cach giita hai duong chuan 1a:
294 4
2§=2%—6<:>a2 _3ceat =97 =9’ b)) e b2 =22 2 (1)

+) Mt khac M (—ﬁ;l) e (E) :%eriz =1 (2)

Thay (1) vao (2) vardt gon ta duoc: a*-12a’+36=0<a’=6=0b"=2

2 2
Vay phuong trinh (E) can lap Ia: %+y7=1
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Bai 14. Trong mit phang toa &6 Oxy . Lap phuong trinh chinh tic cua elip (E) biét rang c6 mot dinh va hai
tiéu diém cia (E) tao thanh mot tam giac déu va chu vi hinh chir nhat co s¢ cia (E) la 12(2+J§) :

Gidi:

+) Goi phuong trinh chinh tic cua elip (E) c6 dang: —+§_1 voi a>b>0
a’

Ta c6 chu vi hinh chit nhat co s&: 4(a +b) =12(2+J§) oath= 3(2+J§) 1)
+) Khong mat tinh tong quéat gia st dinh B(0;b) va hai tiéu diém F,(—c;0), F,(c;0) tao thanh tam gidc déu

2

Do ABFF, ludn cantai B, nén ABFF, déukhi BF, =FF, < BF*=FF, < c*+b’ =4c® < ¢’ :%

2[

+) Khi d6 a2:b2+02©a2:%b2<:> b (2)(do a,b>0)

Thay (2) vao (1) ta duoc :¥b+b=3(2+ﬁ)gﬁb(2+\/§)=9(2+\@)@bzsﬁ:aza

2 2
+) Vay phuong trinh chinh tic cua elip (E) can lap la: ;—6+%=1

Bai 15. Trong mat phang toa dd Oxy , cho elip (E) c6 hai tiéu diém Fl(—\/é;o), FZ(\/§;O) va di qua diém
A(ﬁ;%) . Lap phuong trinh chinh tic cua (E) va véi moi diém M thudc (E) , hdy tinh gié tri biéu thic

P = MF? + MF2 —-30M? - MF,.MF,
Gidgi:

+) Goi phuong trinh chinh tic cua elip (E) c6 dang: —+§ =1 véi a>b>0
a’

(E) c6 hai tiéu diém Fl(—Jé;o), FZ(@;O), suy ra c =<3

2 2

+)Khidé a?—b’=c’ =3 a’ =b*+3 = (E):——+2_=1
b+3 b
ri .1 3 1 _ 4 2 _ 2 2 _ 2 2
+) Véi A @,E e(E)<:>b2 R 1o 4b* -2 -3=0< (4b* +3)(0* -1 =0=b* =1=a’ =4
+

2

Vay phuong trinh chinh tic cua (E) 1a: —+ y =1.

MF, :a+£x0; MF, :a—Ex0
+) Goi M(x:¥,) € (E)= : .

2

M?=x2+y¢; )jTOeré:l
c Y c Y c c
Khido P=|a+—x,| +|a——=x%, | -3(x>+V; —(a+—x j(a——x}
( axoj ( a oj ( 0 yo) a° 90
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2

2
— 8’ +3;izxg—3(x§ +y?) =4+%x§ -3(x+ y§)=4—3[%°+y§j=4—3=1

Vay P=1.

2 2

Bai 16. Trong mat phang toa dd Oxy, cho elip (E) c¢6 phuong trinh %+y?:1 v6i hai tiéu diém F,, F,

(hoanh do cia F, &m). Tim toa d6 diém M thugc elip sao cho MFF, = 60°
Gidi:
2

2
+) (E) c6 phuong trinh %+y€—l suy ra {

S oo eb 2= | HORD

F,(2;0)

MF_a+Cx _3+§xo, MF, _a——x0 S—Ex
a

+) M(X;Yp)e(E) =y , ’

Yo
—+=—==1 (*
9 s *)

Taco MF? = MF?+FF? - 2MF,.FF,.cos MFF,
2 Y 2. Y 2
@(3—§xoj :(3+§x0j +4 —2.(3+§x0j.4.008600 SAx, =3 X, =——

75 55 (35\/_jhocM( 3 5\/3)

+) Thay x, = —% vao (*) ta dugc: y. = T — Y, _+— Vay M

Bai 17 (A —2012). Trong mat phang toa d Oxy , cho dudng tron (C): x? + y? =8. Viét phuong trinh chinh
tac elip (E), biét rang (E) c6 do dai tryc lon bang 8 va (E) cat (C) tai bon diém tao thanh bén dinh cua mot
hinh vuéng.

(E) - o,
/ ( LR .
\ \

()

Goi phuong trinh chinh tic cua elip (E)c6 dang: X—+ l)le =1
a’

+) (E) ¢6 d6 dai truc I6n bing 8= 2a=8=a=4
+) (E) cat (C)tai bon diém phan biét tao thanh bén dinh cia mot hinh vuéng nén 4 dinh nam trén hai duong
phan gi4c thuoc goc phan tu thir nhat va tha hai .
Tagiast A la mot giao diém cua (E) va (C) thudc duong phan gide A: y=x .
+) Goi At;t) e A (t>0). Tach: Ac(C)=>t?+t°=8<t=2 (Vi t>0)= A(2;2)
2 2 16

H)Ma Ac(E) =S +5 =1ob% =
2
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2 2

Vay phuong trinh chinh tic cua elip (E) Ia: I_s +i’—6 -

3
Bai 18 (B — 2012). Trong mit phiang toa dd Oxy , cho hinh thoi ABCD c¢6 AC =2BD va dudng tron tiép xic
vai cac canh caa hinh thoi c6 phuong trinh x? + y2 = 4. Viét phuong trinh chinh tic cua elip (E) di qua cac
dinh A, B,C,D cua hinh thoi. Biét A thudc truc OX.
=

a2

——

1

2 2
Goi phuong trinh chinh tic cua elip (E): X—2+g—2 =1 (vé6i a>b>0)
Vi (E) di qua cac dinh A, B, C, D va AeOx nén khdng mat tinh tong quét gia si: A(a;0) va B(0;b).
Ma hinh thoi ABCD ¢6 AC = 2BD <> 20A=40B < OA=20B
<a=2b (vi a>b>0)hay A(2b;0) va B(0;b)
Goi H la hinh chiéu cia O Ién AB

— OH =R =2 (viduong tron x?+ y? =4 tiép xtc vai cac canh cua hinh thoi)

QD

Xét tam giac OAB ta co: ! > = 12 + 12 hay l=i2+i2<:>b2 =5 =a’=4b*=20
OH OA° OB 4 4b® b
i X2 y2
Vay phuong trinh chinh tac cua elip (E) la: 2—0+€ =1

Bai 19. Trong mit phang toa &6 Oxy . Lap phuong trinh chinh tic cua elip (E) c6 tam sai bang g biét dién
tich cia tir gi4c tao boi cac tiéu diém va cac dinh trén truc bé cua (E) bang 24.

Gidi:

=Y

5
, XZ y2
+) Goi phurong trinh chinh tic cua elip (E) c6 dang: _2+b_2:1 v6i a>b>0 va a? =b? +c?
a
Ta co tdm sai e=£=§®a:§c
a 5 3
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+) Goi F,(—c;0),F,(c;0) 1a cac tiéu diém va B,(0;—b), B,(0;b) 1a cac dinh trén truc bé.

Suy ra F,B,F,B, I hinh thoi , khi do: S, ., :%Fle.BlBZ :%.ZC.Zb _ 2bc = 24 e be =12 <> b= 12
12272 C

2 2
Khid6 a’® =b*+c? @(gc] =(Ej +¢? < 25¢* =1296+9¢* <> ¢* =81« c=3 (do ¢>0)
C
) . X2 yz
Suyra a=5;b=4.Vay phuong trinh chinh tac cua elip (E) can lap la: 2—5+le

Bai 20. Trong miat phang toa dd Oxy , cho elip (E) c6 tam sai e = % duong tron ngoai tiép hinh chix nhat co

so cua elip ¢6 phuong trinh X2 + y? = 34. Viét phuong trinh chinh tic cia elip va tim toa do diém M thuoc
(E) sao cho M nhin hai tiéu diém cia (E) dudi mot goc vudng va M co hoanh d6 duong.
Gidi:

i

B

2 2
+) Goi phuong trinh chinh tic cua elip (E) c6 dang: X—2+g—2:1 voi a>b>0
a
Ta co tdm sai ezng:c:ﬂa
a o5 )

Vi dudng tron ngoai tiép hinh chit nhat co s ¢6 ban kinh R =+/34 <> +a? +b? =+/34 < b? =34-a’
2
Khi d6 a2=b2+cz<:>a2:34—a2+(%a] sa’=25=a=5b=3,c=4.

2 2
Vay phuong trinh chinh tic cia elip (E) can lap la: ;(_5+y5 =1

Bai 21. Trong mat phang toa do Oxy , cho elip (E):4x® +9y? =36 c6 hai tiéu diém F, va F, véi F, c6 hoanh
d6 &m. Tim toa d¢ diém M thudc (E) sao cho MF? +2MF; dat gi4 tri nho nhat. Tim gid tri nho nhét do.
Gidi:
2 2

a=3 b=2
+) Tacd (E):4x2+9y2=36<:>X3+y7=1,suyra{ c_35

—e=—=2"
c=+a’-b? =5 a 3
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MF, =a+ex,; MF, =a-ex,

+) Goi M(X,;Y,) €(E)= X_§+y_§:1 * Vol —3<x,<3
9 4
Khidé P=MF?+2MF} =(a+ex,) +2(a—ex)’ =3a® —2aex, + 3¢’} :E(xé _5 X, +§j
3 J57 5
+) Xét ham f (x,) = x —ix0+& voi x, €[-3;3]
J57 5
Taco f'(x)= 2x0—i ; Fi(x,)=0< X, :ie[—3;3]
N NG
3
X |-3 5 3
J%) - 0+
)| SN0
.
Tir bang bién thién suy ra mixone[fsg](o) =%:> min P :g f(x,) =36 khi x, :%
+) Thay x, =% vao (*) ta dugc: y; =%© Yo = i%
Viy MF?+2MF? dat gid trj nh nhit khi M [i;i] hoic M [i;—i)
NN NN

2 2
Bai 22. Trong mit phang toa &6 Oxy , cho elip (E) :I_6+y? =1 vadiém I(%2). Lap phuong trinh duong
thing d diqua I, cat (E) tai hai diém phan biét A B sao cho | la trung diém cua AB.
Giai:
+) 1(L;2) thudc mién trong cia (E) nén d ludn cit (E) tai A B
, Xx=1l+mt .
Goi phuong trinh duong thing d c6 dang: { Voi teR,m?*+n?#0.
y=2+nt

+) Goi A(l+mt;2+nt),B(@+mt,;2+nt,). Trong d6 t,,t, la nghi¢ém cta phuong trinh:

(1+ mt)? . (2+nt)*

16 9

1< (9m* +16n° )t +2(9m +32n)t - 71=0

_2(9m +32n)
9m? +16n?
X, + X5 = 2X, {2+m(t1+t2):2
IS
yA+yB=2y| 4+n(t1+t2):4

Theo hé thuc Vi-et taco: t, +t, =

+) | latrung diémcua AB khi {
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2m(9m+32n) 0

m(t, +t,)=0 | 2 2
{ t+t)=0 ] 9m®+16n e 9M+32n=0 (do m’+n’#0)

nit,+t,)=0 _2n(9m +32n) 0
9m? +16n°
. m=32
V6i 9Im+32n=0< 9m=-32n, ta chon { 9
n=-—

X =1+32t

Suy ra phuong trinh d : hay 9x+32y-73=0
y=2-0t

2
Bai 23. Trong mit phang toa d6 Oxy, cho diém A(3;0) vaelip (E) :%+ y? =1. Tim toa do cac diém B,C

thuoc (E) sao cho tam giac ABC vudng cantai A.
Gidi:

+) Taco B,C thuoc (E) vatamgiac ABC vudng cantai A. Mat khdc A(3;0) € Ox vaelip (E) nhan Ox,Oy
. . . [B(m;n
lam céc truc doi xirng nén B,C sé& doi xing nhau qua truc Ox. Do do goi {CE ))
m;—n
AB B,C < (E) m’ 2 m’
AB=(m-3;n ) L e —+n° =1 —+n° =1
+)Suyra<_ ( ) , khi @6 o 9+ = 9+
AC =(m-3;-n)

voi n=0

ABAC =0 (m-3)>-n*=0 n® = (m-3)

) m=3
Suyra%+(m—3)2:1©5m2—27m+36=0© 12
m=="—
5

+) Voi m=3=n=0 (loai)

(53], (53
3 hoac
C

+) V6i mz%:n:ig,suyra

2
Bai 24. Trong mat phang toa dd Oxy , cho diém A(3;0) vaelip (E) :%+ y2 =1. Tim toa d6 cac diém B,C
thugc (E) sao cho tam giac ABC vudng can tai A, biét diém B co6 tung do duong.
Gidi:
+) Do A(0;3) e (E); B,C e (E) vd AABC cantai A nén B,C dbi xang nhau qua truc hoanh Ox
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2

Khi d6 goi B(X,;Y,) = C(X,;—Y,) Va %+ yo =1 voi x, <3

BC = 2|y0|_ J9-x%

AH :|3—x0|:3—x0

Goi H la trung diém ciia BC = H(x,;0) =

+) Tagiadc ABC vubng cantai A nén:
1 12 12 9 3
AH=-BC < 3-x ==.=.,/9- === (do x,<3)=> y’=—= =
2 ° 2'3 % < ( 0 <3)= Y0 = 25 00~ 5

+) Do B ¢6 tung d6 duong nén ta co: B(E Ej va C(E;—§j.
55 5 5
2 2
Bai 25. Trong mat phang toa &6 Oxy , cho (E):;—5+y?=1. Tim diém M c6 hoanh d6 duong thudc (E)sao
cho FMF, =90°, trong d6 F,,F, 1a c4c tiéu diém.
Gidi:
z2 2 a=>5
) (E): 4L —1o =c=+a’-b’ =
25 9 b=3
2 2
ﬁ.{.h:l
+) Goi M(x;y,)e(E)=1%> 9 . .
MF1:5+gx0; MF2=5—gx0

Vitam giac F,MF, vubng tai M nén:

4 Y 4 Y 175 81
ME’ + MF} = FF; @(5+gxoj +(5_§X0j =64 < X :E:yg:E
+) Do M c6 hoanh d§ duong nén ta dugc: M LS\F 9} Li _%]

Bai 26. Trong mat phang toa dd Oxy , cho elip (E) c6 tm sai e :%, duong tron ngoai tiép hinh chix nhat co

so cua elip ¢6 phuong trinh x2 + y? = 34. Viét phuong trinh chinh tic cia elip va tim toa do diém M thudc elip
(E) sao cho M nhin hai tiéu diém dudi mot goc vudng va M c6 hoanh dé duong.
Giai:

+) Goi phwong trinh chinh tic caa elip (E) ¢6 dang: —+§ =1voi a>b>1
a’

+) Vi dudng tron ngoai tiép hinh chit nhat co s¢ c6 ban kinh R=+/34 nén a®+b? =34

2
_va'-b® 4 {25(a2 _b)? =16a’ {a =5
5= =

C
Khi d6 ta co h¢ : ¢ g a b3
b= =

=c=4
a’+b*=34

2 2
Vay phuong trinh chinh tic cua elip (E) la: ;(_5+y3 =1
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2 2
ﬁ.{.h:l
¥) Goi M(x;y,)e(E)=1%> 9 . .
MF1:5+gx0; MF2=5—gx0

Vitam giac F,MF, vubng tai M nén:

4 Y 4 Y 175 81
MF’ + MF/ = FF; @(5+gxoj +(5—gx0j =64 < X :E:yg:E
+) Do M c¢6 hoanh d¢ duong nén ta dugc: M LS{ 9} hoac M {i —%]

2 2
Bai 27. Trong mat phang toa &6 Oxy , cho duong thang d :3x+y—-4=0 vaelip (E) :X?+y7 =1. Viét
phuong trinh duong thing A vudng gc véi d va cat (E) tai hai diém A, B sao cho dién tich tam giac OAB
bing 3.
Gidi:
+) Puong thang A vudng goc véi dudng thang d :3x+y—4=0 néncod dang: x—3y+c=0
Khi 6 phuong trinh hoanh do giao diém cua A va (E) la:
Ax* +(Xx+C)* =36 <> 5x*+2cx+¢c°-36=0 (*)
Taco d cat (E) tai hai diém A, B khi va chi khi (*) ¢ hai nghiém phan biét hay

A'=180-4c® >0« -3J/5<c<3/5 (2%)

+) Puong thing A cét (E) tai hai diém phan biét A(x1 &;CJ,B(XZ; XZ;CJ

2c
XX ==
Véi x,, %, la nghiém cua (*) va 38 . Khi do:

XX, 5

2
AB = |(x, —x )2 +| X=X \/_ (%, +X%,) 2 _4xx :@\/720—1602
2 1 3 Xl 2 15

c c
d(0,A) =%, suyra: S,,; = 3©%A3.d (0,A)=3 @1.@\/720—1602 |T|0 =3
3f

< 16¢* —720c? +8100=0<cC =

Vay phuong trinh duong thing A can lap 12 2x—6y+3v10 =0 hoac 2x—6y—3v10=0 .

Bai 28. Trong mat phang toa dd Oxy , cho biét elip (E) c¢6 chu vi hinh chit nhét co s¢ bang 16(2+\/§), dong
thoi mot dinh ciia (E) tao voi hai tiéu diém mot tam giac déu. Viét phuong trinh duong tron (T) ¢6 tam la goc
toa do va cit (E) tai bon diém Ia bon dinh ciia mot hinh vuéng.

Gidi:
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¥

VAN

;"1“

2 2

y

+) Goi phuong trinh chinh tic cua elip (E) c6 dang: X—2+F =1véi a>b>0
a

Ta 6 chu vi hinh chit nhit co's6 1a 4(a+b) =16(2++/3) < a=4(2++3)-b (1)
+) Goi M (0;b) la dinh ciia (E) ma MF,F, la tam giac déu, khi d6:

MO:@ab:@cac:i )

V3

Mat khactaco : a? =b?+c? (3)
Thay (1), (2) vao (3) ta duoc: [ (2+43)- } +%:b 43=a=8

2 2

Vay phuong trinh (E):— Y

64 48
+) Phuong trinh duong tron (T) cé dang: x*+y* =R
Puong tron (T) cat (E) tai bén diém phan biét A, B,C,D.
Do (T) va (E) déu nhan Ox,Oy lam cac tryc ddi xirng nén ABCD la hinh chir nhat

2

. B(—X;
Goi A(x;y) :>{ ()
C(-x-Y)
Khi d6 hinh chir nhat ABCD thanh hinh vuéng thi AB = BC < |2X|=[2y| < X’ = y?
2 2 p2
X*+y =R 2y _R_z
A a | X2y 7 T2 384
Do A E) nén x,y thoamin: {—+2-=1 < —R*="X
2 2 + =1
X*=y 2.64 248
384
Vay phuong trinh duong tron (T) can lap 1a x? +y? = —

2 2
Bai 29. Trong mat phang toa d Oxy , cho elip (E) :>2<_5+y? =1 va diém M (2;1). Viét phuong trinh duong
thing d diqua M cit (E) tai hai diém A, B sao cho trung diém ciia doan thang AB nam trén duong thang
Ay=2X.

Gidi
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2 2
+) Do 2—5+1§<1 nén M nam trong (E), suy ra moi dudng thang qua M déu cit (E) tai hai diém phan biét
+) Néu d diqua M (L2) vasong song véi Ox hay d co phuong trinh x =1
thi trung diém cia AB 1a diém 1(1;0) khong thudc duong thang y = 2x (loai)

Do d6 goi phuong trinh dudng thing d diqua M (2;1) ¢6 hé sé goc k co6 dang: y =k(x—2)+1

Khi d6 toa do A, B la nghiém cua hé:
y=k(x=2)+1 {y: kx — 2k +1

2 2

Xy < 2 2 N2 _ *
2—5+3_1 (25k“ +9)x“ =50k (2k —=1)x + 25(2k —=1)° —225=0 (*)
+) Goi A(x;; Y,), B(X,;y,). Taco:
X, + _ 50k(2k -1)
2 2 _ _ .,
25k +9 :|(25k(22k D). 9-18 J;la trung diém cia AB
N ~ 2(9-18k) 25k“+9 25k°+9
R T
1
k=— d:y==x
) Khido |en o218k _S0KEK=D _ op neok+9)=0e| 2 =
25k°+9 25k°+9 9 _ 9 34
k=—— |diy=——"X+—
50 50 25

Vay phuong trinh duong thang d canlap la y = %x hoic y = —59—0x +2—;1.

2 2

Bai 30. Trong mit phing toa dd Oxy , cho elip (E) :f—6+y7=1 ngoai tiép tam gidc ddu ABC . Tinh dién tich

tam giac ABC, biét (E) nhan A(0;2) lam dinh va truc tung lam truc ddi xirng.
Gidi:
+) Do ABC la tam giac déu va A(0;2) nén B,C ddi xirng nhau qua truc tung
nén goi B(x,;Y,) = C(—X,; Y,) Voi X, >0
+) D¢ dai tam gidc déu ABC la a=2x, vachiéucao h=2-y,

a3

Khi d6 h:TQZ—yOZ\/gXO<:>y0:2—\/§x0:>8(x0;2_\/§xo)
2
2 (2-+/3x
+) Tacod Be(E)@ﬁ_yu:l@XO:il&/g X,>0 >X0=16\/§
16 4 13 13
az2x 328
g 16v8. 22 138 s 1, T768/3
13’ 13 48 2 169
h=2-y,=—
13
7683
Viy S, =20V
Y Shec =6
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2 2

Bai 31. Trong mat phang toa d Oxy , cho elip (E) :1)8—0+;—5=1. Tim cac diém M thuoc (E) sao cho
F,MF, =120°, trong d6 F,,F, 14 hai tiéu diém ctia (E).
Giai:

10
; = c=+a?-b? =53 = FF, =2c =103,

+) Elip (E) ¢ {Z:

100 25
MF1:a+£x0:lO+£xo; MFZ:a—Exo:lO—ﬁx0
a 2 a 2

X—g+y—§—1 *)
+) Goi M(X,;Y,) € (E) =

Khi d6 ta co: F,FZ = MF? + MF? — 2MF,.MF,.cos F,MF,
2 2
<:>(10\/§)2:(10+§on +(10—§on —2(10+§xo]Llo—éxoj.cosﬂoo

<:>300:200+gx§ +100—%X§ S x=0c% =0
+) Thay x, =0 vao (*) taduoc: y, =25« y, =15
Vay M (0;5) hoic M (0;-5).

Bai 32. Trong mat phang toa dd Oxy , cho duong thing A:x—y+5=0 va hai elip c6 phuong trinh
XZ 2 2 2

(E)) :2—5+i’—6 ~1va (E,) :X—2+E)’—2 ~1(a>b>0). Biét hai elip nay c6 cung tiéu diém va (E,) di qua diém M
a

thugc duong thang A . Tim toa d¢ diém M sao cho elip (E,) c6 d¢ dai truc I6n nhé nhét.

(Ev)
(Ey)

.?1/

o8
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+) Elip (E,) c6 hai tiéu diém F,(=3;0),F,(3;0) . D& thiy F,, F, nam cung phia véi A
Vi M e(E,) va (E,) nhan F,F, 1a hai tiéu diém nén ta c6: MF, + MF, = 2a
Khi d6 elip (E,) c6 d6 dai truc I6n nho nhat khi va chi khi MF, + MF, nhé nhit
+) Goi N dbi xtiing véi F,(=3;0) qua A = N(-5;2). Khi d6 ta c6 phuong trinh NF, 1a: x+4y—-3=0
+) Tacd MF, +MF, = MN + MF, > NF, =+/68 . Suy ra MF, + MF, nho nht khi {M} =NF,NA

X=——
X+4y-3=0
y - 85:M(_17,8j

Vay toa do diém M la nghiém cua hé :
X-y+5=0

17 8
Vay M| ——;—=
(-2

2 2
Bai 33. Trong mat phing toa do Oxy , cho elip (E) :X?+y721 va hai diém A(3;-2),B(~3;2). Timtrén (E)
diém C c6 toa do dwong sao cho dién tich tam gidc ABC 16n nhit.
Gidi:
+) Phuong trinh duong thang AB la: 2x+3y:0
+) Goi C(X,:Y,) V6i X, Y, >0 . Do C e (E)= 2 - 32 -1

. 1 1 — [2%,+3y,]
Khido S,.. ==—AB.d(C,AB) =—A/52.—————=2x,+3 1
aec =5 ( ) > \/E X +3Y, (1)
Mt khac theo Bat dang thirc Bu — nha ta co:

2
2= (1z+12)(9 32) (ﬁ*%) :>X—3?+%s\/§©2x0+3y036ﬁ )

Tr (1) va(2)suyra S,,. <62

§+y_§:1 32
9 4 XO:_:C[¥;J§J.V@W CL%&]

+) DAu “=" xay ra khi : = 2

X _Yo _
3 2 Vo =2

Bai 34. Trong mat phang toa dd Oxy . Lap phwong trinh chinh tic cua elip (E), biét diém M (1;\/5) nhin hai
tidu diém cua (E) dudi mot goc vudbng va hinh chir nhat co s cia (E) ndi tiép duong tron c6 phuong trinh
x> +y?=20.

Gidi:

+) Goi phwong trinh chinh tic caa elip (E) la —+Z—2—1 voi a>b>0
a’

Do F/lﬂ/I\Fzz90° nén OM =%F1F2 oO0OM=c=2=a*’-b*=4 (1)

+) Hinh chi nhat co so cua (E) noi tiép duong tron : x2 +y2 =20 = a’+h2=20 (2)
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2 2
Tur (1) va (2) suy ra a? =12;b% =8. Vay elip (E) can lap la: I—2+y§:1

2 2

Bai 35. Trong mat phang toa d Oxy , cho elip (E) :>2<_5+y3 =1 c6 hai tiéu diém F,, F,. Tim toa d6 diém M

thugc (E) sao cho ban kinh dudng tron ndi tiép tam giac MF,F, bang %

Gidi:
A a0 MF, + MF, + F,F
+) Taco (E);)Z(_5+VE:1:> b=3 L, p=MR+ 22+ P g
c=va’-b*=4

4

) 1 2pr 2.9.5
Khi @6 SMFF = pr:—d(M,OX).F1F2:}d(M,OX):—:—:3:|yM|:>yM =43

1M 2 F1F2 8

+) Mat khdc M e (E) = x, =0. Vay M(0;3) hoic M (0;~3).
Bai 36. Trong mat phang toa do Oxy , cho diém M (2\/5;2). Viét phuong trinh chinh tic cua elip (E) di qua
diém M, sao cho M nhin hai tiéu diém caa (E) dudi mot goc vudng.

Gidi:

2 2
+) Goi phuong trinh chinh téc cua elip (E) 1 X—2+é’—2=1 véi a>b>0
a

Do M G(E):%-’-l;iz:l 1)
a

+) Mit khac F,MF, =90° nén OM =%F1F2 =c=>c=4=a’-b’=16 (2)

Tur (1) va (2) suy ra a? =24;b%* =8. Vayelip (E) can lap Ia: ;—+y—:1.

2
Bai 37. Trong mat phang toa dd Oxy , cho diém C(2;0) vaelip (E) :XI+ y?=1. Tim cac diém A, B trén (E)
sao cho CA=CB va tam giac CAB c6 dién tich 16n nhit.

Gldi:

by

NI

B(7)

c %

+) Theo gia thiét ta c6 C 1a dinh nam trén tryc lon cua elip (E).
Do CA=CB, suyra A, B di xang nhau qua truc hoanh
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Xo .o
Goi A(x:v,)e(E) =12 "Y1 wsi x e(-2;2)
B(Xo;_yo)

s 1 1
Khidé S,.. :Ed(C,AB).AB:§|2—x0|.|2y0|:|(2—x0)y0|

=Sk =(2- %) e = (2- xo)( ﬁj=(2‘x°)4(2”°) )

4
Mat khéc &p dung BDT Cauchy ta c6:

2—X, +2—x0 +2—x
3 3

4=

04 24x, 24.§/(2_X°);'7(2+X°) = (2-%,).(2+%,) <27 (2)
27 33
2

Tu (1) va (2) suy ra: Si. <— n < Sppe S——

&
>
/N
AR
NI
—
o
I/
AN
|
B
~—

Dé,u u:H

=2+% =leo X =-12y,=t—=

et

Vay A(—l;ﬁj,B(—l;—ﬁJ hoac A( -1 —ij (— i}
2 2 2

2
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