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g5y Nhém toan VD - VDC Cuc tri ctia ham s6 2020

Cre#@  CUCTR] CUA HAM $0
N <NHOM TOAM UDC>

<<>> KIEN THUC CO BAN

1. Pinh nghia
Gia sttham s6 y = f(x) x4c dinh trén tap hop D (D<R) va x, eD.

NHOM TOAN VD-VDC

© X, duoc goi la mot diém cuc dai ciia ham s6 y = f (x) néu ton tai mot khoang (a; b) chira
diém x, sao cho (a; b)c D va

f(x)< f(x,) Yxe(a; b)\{x,}.

Khi d6 f(x,) duoc goila gia tri cuc dai cia ham s6 f(x).

o X, duoc goi la mot diém cyc tiéu ctia ham s§ y = f(x) néu ton tai mot khoang (a; b) chia

uA wRIYSuwenmjuainy/:sdyy O

diém x, sao cho (a; b)= D va
f(x)> f(x,) Vxe(a; b)\{x,}.
Khi d6 f(x,) duoc goi la gid tri cuc tiéu ciia ham s6 f(X).

o Biém cuc dai va diém cuc tiéu dwgc goi chung la diém cuc tri.

o Gia tri ceee dai va gia tri cyce tiéu duoc goi chung la cuc tri.

2. Pinh ly, quy tic

a. Diéu kién can dé ham sé dat cuc tri

Gia st ham s6 y = f(x) dat cyc tri tai diém X, . Khi d6, néu f(X) c6 dao ham tai diém x, thi
f'(x,)=0.

b. Chay
o Dao ham f'(x,) cé thé bang 0 tai diém X, nhung ham s§ f(x) khong dat cuc tri tai diém

WPy PR /vy N

X, -
o Ham s6 c6 thé dat cyec tri tai mdt s6 diém ma tai d6 ham s khdng ton tai dao ham.

© Ham s6 chi c6 thé dat cuc tri tai nhitng diém nam trong tap xac dinh ctia ham ma tai do
dao ham ctia ham s3 bang 0 hodc khdng c6 dao ham. Nhitng diém nhuw thé goi 1a nhiing
“diém t6i han”.

o Ham s8 dat cuyc tri tai X, va néu do thi ham s& c6 tiép tuyén tai diém (x,; f(x,)) thi tiép

tuyén doé song song véi truc hoanh.

c. Piéu kién du d6 ham s6 dat cuc tri

Gia sit ham s8 y = f(x) lién tuc trén khoang (a; b) chia difém X, va c6 dao ham trén cac

khoang (a; x,) va (X,; b). Khi do,
\" C:i 3\_ 2
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f'(x,)<0, Vxe(a; x,)

. thi ham s6 dat cuc tiéu tai diém X, .
f'(%,)>0, Vxe(x,; b)

@)Né'u{

Noi mot cach khéc, néu f'(x,) d6i ddu tir 4m sang duong khi x qua X, thi ham s& dat cuc

tiéu tai X,.

x| a Xo b

y' - 0 *

f(a)
T f(xo) —

f(b)

f'(x,)>0, Vxe(a; x o o e aem
o Néu ( °) < ( °) thi ham s6 dat cyc dai tai diém X, .
f'(x,) <0, ¥xe(x,; b)
No6i mot cach khéc, néu f ’(Xo) do6i ddu tr dwong sang am khi x qua x, thi ham sd dat cyc
dai tai X, .
x| a Xo b
y/ + O —
f(xo) \
Y /
f(a) f(b)

Gia sit ham s6 y = f(X) c6 dao ham cap mot trén khoang (a; b) chira diém x,, f'(x,)=0
va f(x) c6 dao ham cap hai khac 0 tai diém x,.
o Néu f"(x,)<0 thi ham s f(x) dat cuc dai tai diém X, .

o Néu f”(x,)>0 thiham s& f(x) dat cuc tiéu tai diém X, .

@ CAC Vi DU MINH HOA

1. CAC DANG TOAN CO BAN

1.1.Dang 1.Tim cuc tri cia ham sé dwa vao bang xét diu, bang bién thién.

Phwong phap giai

Gia st ham s8 y = f(x) c6 dao ham cap mot trén khoang (&; b) chira diém x,, f'(x,)=0
va f(x) c6 dao ham cap hai khac 0 tai diém x,.
o Néu f"(x,)<0 thi ham s f(x) dat cuc dai tai diém X, .

o Néu f”(x,)>0 thiham s& f(x) dat cuc tiéu tai difm X, .

a. Cdc bai todn tric nghi¢m co bdn

Chohams6 f X cdbang bién thién nhu hinh vé

— -

GBS =
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X —a0 -1 0 +a0
y 0 0
vy
_7
y .
*_3
_O:
Diém cuc tiéu ctia ham s6 da cho la
A. x=3. B. x=0. C.x=-1 D. x=-2
JES LOT QUALL vttt

sau day sai?

X

—0

-3

/(x)

+

0

+ 0 -

0 +

A. Ham s6 dat cuc tiéu tai x=2.

C. x=1 la diém cuc tri cia ham so.

Cho ham s8 f(X) x4c dinh trén R va c6 bang xét ddu f'(x) nhu hinh bén. Khing dinh nao

B. Ham sO dat cuc dai tai x=-3.

D. Ham s0 c¢6 hai diém cuec tri.

uA wRIYSuwenmjuainy/:sdyy o

&S Loi gidi:

Cho ham s6 y = f (X) c6 bang bién thién nhu sau:

+ 0 -

+

N

Ham so dat cuyee dai tai diém
A. x=0.

B. (0;-3).

WPy PR /vy N

&S Loi gidi:

Ham s8 y = f (x) x4c dinh, lién tuc trén R va c6 bang bién thién nhu hinh vé bén dudi. Khang

dinh nao sau day dung?
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A. Ham s6 dat cuc tiéu tai x=-1.

B. Ham s8 c6 gid tri lén nhat bang 1 va gia tri nho nhat bang 1.
C. Ham s6 ¢6 dung hai cyec tri.

D. Ham s0 dat cuc dai tai X=0, x=1va dat cuc tiéu tai Xx=2.

T |—o 0 2 +o0
y' + + 0 — 0 +
1 0
y /
0
—o / -1

https://luyenthitracnghiem.vn

JBS LOT QUAL ottt

Cho ham s6'y = f (x) lién tuc trénR va ¢ bang xét ddu f'(x) nhu sau
of x | -» 1 2 3 +o0
K I N
Két luan nao sau day dung
A. Ham s6 co 4 diém cuec tri. B. Ham sO ¢ 2 diém cuc dai.
C. Ham s6 c6 2 diém cuc tri. D. Ham s0 c6 2 diém cuec tiéu.
JES LOT QUALT oo

X | —o -1 0 1 +o0
y’ + 0 — + 0 —
2 /'
y / \ \
—o0 L1l -1 2
Hoi ham s6 c6 bao nhiéu diém cuec tri?
A. Co mot diém. B. C6 ba diém. C. Co hai diém. D. C6 bon diém.
JBS LOT QUL oot
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Choham s8 f(x) lién tuc trén cac khoang (—0;1), (1;+00) va cd bang bién thién nhu hinh dwéi

X -

1

2 R

S +

0 -

S /1\

—~

Khang dinh nao sau day ding?

B. Ham s c6 gia tri cuc tiéu bang 1.

A. Ham sO dat cuc tai Xx=0 va dat cuc tiéu tai x=2.

C. Ham s0 dat cyee tai X =2 va dat cuc tiéu tai x=0.

D. Ham s6 ¢ gia tri 1én nhat bang 1 va gi tri nho nhat bang 5.

&S Loi gidi:

uA wRIYSuwenmjuainy/:sdyy o

Cho ham s6 y = f (x) 6 bang bién thién nhw hinh bén.

z |—o0 0 1 +00
y — - 0 +

_|_

o0

2

+00

Ménh dé nao dudi day sai?

A. Ham s6 c6 dung mot diém cuec tri.

C. Ham s6 ¢6 gia tri nho nhat bang —2.

B. Ham s ¢6 gia tri cyc tiéu bang -2.

D. Ham sO dat cuc dai tai x=0.

WPy PR /vy N

&S Loi gidi:
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X —a0 -3 0 2 oo

y -

+w\4/0\4/m

Khang dinh nao sau day la ding?
A. Ham s6 dat cuc dai tai Xx=0.

B. D6 thi ciia ham s& ¢6 dung 2 diém cuc tri.

C. Ham s8 c6 gia tri 16n nhat bang 0 va gia tri nho nhat bang —4.

D. Ham s6 ¢6 gia tri cuc tiéu bang -3 hodc 2.

JBS LOT QUAL oottt

Vidu 10

= o https://luyenthitracnghiem.vn

Cho ham s8 y = f (x) c6 bang bién thién nhw hinh vé. Ham s6 ¢6 bao nhiéu diém cuyec tri.
X —3 X Xy X Xy X +x
Y + -~ 0 +0 +| -0 +
v +at|| +20 Vs a0
- ¥;
A. 5. B. 3. C. 4 D. 2.
JES LOT QUL oot
~ b. Céc bai todn tw ludn
§e Vi du 11
Timham s§ y=ax' +bx* +¢ a=0 biét rang ham s& c6 bang bién thién dudi day:
X | =m0 -1 0 1 +00
' + 0 - 0 + 0 -
y 2 \
/ \ | /
o
JBS LOT QUL oot

S
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Cho ham s6 y = f (X) c6 dao ham trén R va ¢ bang xét ddu f'(x) nhu sau

x o |-ee -2 1 3t

/() — 0+ 0+ o0 -

Hoi ham sd y = f (x2 - 2x) c6 bao nhiéu diém cyec tiéu?

JBS LOT QUAL ottt

Vidu 13

Cho ham s6 y=f (x) c6 bang bién thién nhw sau. Ham s6 y = f (‘x —3‘) c6 bao nhiéu diém

cwre tri
X | —» -2 4 +o0
¥ + 0 — 0 +

NP Pru0al /-
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O)

[ [N/
Yetf--

Hinh vé minh hoa

¢ D6 thi dang di [én sau d6 doi huéng di xudng tai diém x, thi ham sd dat cuc dai tai diém x,

Khi d6 f(x,) duoc goila gid tri cuc dai cia ham s6 f (x)
¢ D6 thi dang di xudéng sau d6 déi hwong di lén tai diém x, thi ham s& dat cuc ti€u tai di€ém
X, -

Khi d6 f(x,) duoc goila gid tri cuc tri cia ham s& f (x)

e Cac diém cuc dai, cyc ti€u cua ham s dwoc goi chung la diém cyc tri cia ham so

e Cac diém M (%,; f(X,)) ctia ham s& duoc goi chung 1a diém cuc tri ctia ham s& trén do thi

a. Cdc bai todn tric nghi¢m co bdn

Vi du 14

Cho ham s6 y = f (x) x&c dinh, lién tuc trén R va c6 d6 thi 1a dwong cong nhw hinh vé. Ham

sO dat cuc dai tai di€ém nao dudi day?

y
N
0 T X
Y S :
A. x=-3. B. x=1. C. x=0. D. x=2.
JBS LOT QUAL oottt

Vi du 15

— -

IS
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Cho ham s y = f (x) xéc dinh, lién tuc trén R, ¢6 d6 thi nhu hinh vé. Ménh dé nao dudi day
duang?
y
3
2
[¢) 1 X
[ \/
A. Ham s6 dat cuc tiéu tai x=3. B. Gi4 tri cyc dai cia ham s6 b??mg 0.
C. Gia tri cuc tiéu ciia ham s& bang —1. D. Ham s0 dat cuc tiéu tai x=-1.
JBS LOT QAL covereeeeeeeeeiee ettt

Cho ham s3 y = f (x) x4c dinh, lién tuc trén doan [-1; 3] va c6 d6 thi nhu hinh vé. Khang dinh

nao sau day dang?

A. Ham s0 dat cuc dai tai X=-1 va Xx=2.
B. Ham sO dat cuc tiéu tai x=0, x=3.

C. Ham s0 dat cuc tiéu tai X=0, cuec dai tai x=2.

NP Pru0al /-

D. Ham s0 dat cuc tiéu tai Xx=0, cuc dai tai x=-1.

JBS LOT QUAL ot

Cho ham s y = f (x) xéc dinh, lién tuc trén R, ¢4 d6 thi nhw hinh vé. Ménh dé nao dwdi day

duang?
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AY
/1\
1 0 1 X

S

E' A. Ham s0 dat cyee tiéu tai Xx=0. B. Ham sO dat cuc dai tai x=1.
R C.Ham s6 dat cuc dai tai x=-1 vatai x=1. D. Ham sO dat cuc tiéu tai x=-1 va tai
<

[ x=1.

g

g JBS LOT QUAL oottt
o

<

ﬁ iiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiiii
<

)

1 ST LT T T O PSPPSR OTPPPPPPPPPPPPPPPN
=

=

S et ettt ettt ettt ettt ee s r e
»n

(=¥
e
<

Duong cong bén 1a d6 thi ctia ham s§ y =ax* +bx* +c¢ vdi a,b,c 1a s thiwe va a=0. Ménh dé
§ nao dudi day dung?
AY

@)

A. Phueong trinh y =0 c6 ba nghiém thyec phan biét.
B. Phuong trinh y =0 c6 dung mot nghiém thuec.
C. Phurong trinh y =0 c6 hai nghiém thuyrc phan biét.

D. Phuong trinh y =0 ¢6 v sd nghiém thuec.

é
E JES LOT QUL oot
~

Puodng cong bén (nét dam) 12 d6 thi ctia ham s6 y = f (x) =|x? —3x—4|. Ménh dé nao dudi day

dung?
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y
é
-1 © 3 4 X
: 9
=
g
@
=
[y
c
25 (g
A. Ham s6 dat cuc dai tai x=—. B. Ham sO dat cuc tiéu tai x=0. =]
4 5
. 3 o =y
C. Gia tri cuc dai bang > D. Gia tri cyc tiéu bang 0. »
@
JES LOT QUAL oottt =
al
.......................................................................................................................................................................... =)
<
=)

Puong cong bén (nét dam) 1a d6 thi ctia ham s8 y = f (x) =|x* —2x—1]. Xét cac phat biéu sau
day co6 bao nhiéu phat biéu dung?

(1): Ham s6 ¢ mét diém cue dai va hai diém cuc tiéu

(2): Gid tri cuc dai bang f (1)=2 va gid tri cuc tiéu f (1—\/5) =f (1+ \/E) =0.

(3): Ham s6 chi c6 mot diém cuc dai va khong c6 diém cuc tiéu

(4): Ham sd dat cuwc dai tai X =1 va dat cuc tiéu tai X =1+42>0, loai diém X =1-2<o0.
y

WPy PR /vy N

1

20 w2

A.1phéatbiéu dang. B.2 phatbiéu dung. C.3 phatbiéudung. D. 4 phat biéu
dung.

&S Loi gidi:
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b. Vi du minh hoa: Tim cuc tri méu co) cia cdc ham s6 sau:

Vidu 21

E H 1. y=—*+2x* +1 2. y=—x*+2x% +1

BB L0 QIBHE o
E

bo ..........................................................................................................................................................................
=

¥

8 ererettet ettt ettt sttt a1 bbb 1A a4 A A Attt sttt
=

e I T TR OO OO PO PP O PPN
)

=

o

>.,‘ ..........................................................................................................................................................................
=

i 1.3.Dang 3.Tim cyc tri ham s6" y = f (X) dwa vdo d6 thi ham sé’ y = f'(x)

£

- B1: Tk PTHS y = f'(x) x4c dinh ddu cua f'(x) trén tiing khoang xac dinh

O B2: Lap truc xét ddu ciia ham f '(x) hodc bang bién thién ciia ham s&
§| B3: Két luan
Chay

+) biéu kién du dé ham sd c6 cuc tri

Khi f'(x) d6i dau tir dwong sang am qua x=c thi X=¢ dwoc goi la diém cuc dai ciia ham
sO

Khi f'(x) d6i ddu tir &m sang duwong qua X=c thi X=c dwgc goi la diém cyc tiéu cua ham
s0.

+) Néu x =c la diém cyc tri ciaham y = f(x) thi f'(c) =0 hoac f'(c) khong xac dinh, nhung

néu f'(c) =0 thi chua chic x=c da la diém cuc tri ctia ham s&.

a. Cac bai toan co ban

Vi du 22

Choham s y = f (x) c6 dao ham trén R va d6 thi ham s6 y = f'(x) duoc cho nhu hinh vé.

Xéc dinh s6 diém cuyce tri ciia ham s6 y = f (X)

hatps/Asamsdedun
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Vi du 23

Choham s6 y = f (x) c6 dao ham lién tuc trén R . Tim s8 diém cyc tri cia ham s&
y = f(x)—5x biét d6 thi ham s6 y = f'(x) nhu hinh vé sau:
I

uA wRIYSuwenmjuainy/:sdyy o

Vi du 24

Cho ham s& f (x) x4c dinh trén R va c6 d6 thi cia ham s6 f'(x) nhu hinh vé. Hoi ham s
y = f(x) da cho c6 may diém curc tiéu?

y f'(x)

WPy PR /vy N
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Vi du 25

Choham s3'y = f (x) c6 dao ham trén R. Biét rang ham s§ y = f'(x) c6 do thi nhw hinh vé

duwdi day:

b. Cdc bai todn tric nghi¢m trong dé thi dai hoc
Vi du 26 (THPT Chuyén Tran Phu-Hai Phong-Ian 2 nam 2017-2018)

Cho ham s& y = f (x) x4c dinh trén R vaham sd y = f'(x) ¢6 d6 thi nhw hinh duéi:

N\

1~ \3 X
Xét cac khang dinh sau:
(I) Ham s6 y = f (x) c6 3 cuc tri.

O

(I) Phwong trinh f (x)=m+2018 c6 nhiéu nh&t ba nghiém.
(III) Ham s6 y = f (x+1) nghich bién trén khoang (0;1).

S6 khang dinh dung la
Al B. 3. C. 2. D.0.
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Vi du 27 (SGD Ha Tinh - Lan 2 nam 2017 — 2018)

Cho ham s6 y = f (x) c6 dao ham lién tyc trén R . P thi ham s6 y = f'(x) nhu hinh vé sau.

S6 diém cyc tri cua ham s& y = f (x)+2x la:

A. 4. B. 1. C. 3. D. 2.

uA wRIYSuwenmjuainy/:sdyy o

Chohamso y=f (X) .Hamso y=f '(X) c6 do6 thi trén mot khoang K nhu hinh vé bén.

Trong cac khang dinh sau, c6 tat ca bao nhiéu khang dinh dang?

(I ) .Trén K, hamso y=f (X) cO hai diém cuc tri.

YA
K
oo N> §
P ]
3
g

(I1). Ham s6 y = f(X) dat cuec dai tai X, .
(). Ham s6 y = f (x) dat cuc tiéu tai X, .
A. 3. B. 0. C.1. D. 2.

Vi du 29
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Cho ham s8 y = f(x). Ham s& y = f'(x)c6 d thi nhu hinh vé.

N

-2 o 1
Ménh dé nao sau day sai?
A. f(x)co mot cuc tiéu. B. f(x)c6 hai cyc dai.
C. f(x)co 3 diém cyec tri D. f(x)c6 2 diém cuyc tri.

JBS LOT QAL eovereeoeeeetereieeeee sttt

tps://luyenthitracnghiem.vn

Vi du 30

)
<

Q Cho ham s6 y = f (x) xac dinh va lién tuc trén R va ham s6 y = f'(x) c6 do thi nhu hinh vé
K

dwdi day
y y: f ,(X)

Khang dinh nao sau day la dting?
A. f(x) dat cuc dai tai x=1. B. f(x) dat cuc dai tai x=0.
C. f(x) dat cuc dai tai x=-1. D. f(x) dat cuc dai tai x==%2.

Vidu 31 (THPT Chuyén Lam-Thanh Ho6a-lan 1-nam 2017-2018)
Cho ham s& y = f (x). Ham s6 y = f'(x) c¢6 do thi nhu hinh vé:
»
O 1 3 );

Chon ménh dé dung trong cac ménh dé sau?

17 < /
_’\_/J\_/'J - >
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A.Ham sd y = f (x) dong bién trén (—oo;1).

B.Ham s& y = f (x) dat cyc dai tai x=1.

C. D06 thi ham s& y = f (x) c6 mot diém cyec tiéu.

D. D6 thi ham s6 y = f (x) ¢6 hai diém cuec tri.

JBS LOT QAL covereeoeeeeeeeiee sttt
Vi du 32 (THPT Luc Ngan-Bic Ninh-Ian 1 nam 2017-2018)
D6 thi sau day la cia ham s& y = f'(x). Khi d6 ham s6 y = f (x) ¢6 bao nhiéu diém curc tri?

AY

AR
A. 0. B. 1. C. 2. D. 3.
JES LOT QUL oo

uA wRIYSuwenmjuainy/:sdyy o

Vi du 33
Ham sd f(x) c6 dao ham trén R1a ham sd f '(x). Biét d6 thi ham s6 f '(x) dwoc cho nhw hinh

vé. Ham s6 f(x) dat cuc dai tai diém nao?

WPy PR /vy N

v /
0 1/3 1 i
-1
A. % =0 B. %, =1 C. f(x)=0 D. f(x)=1
JBS LOT QUL oot
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Vi du 34 (THPT Nguyén Khuyén-TPHCM-nim 2017-2018)
Cho ham s& y = f (x) c6 dao ham trén R va d6 thi ham s6 y = f'(x) duoc cho nhu hinh vé.
y
1
0 X

Chon khéng dinh dung

https://luyenthitracnghiem.vn

A. f(x) dat cuc dai tai x=0. B. f(x) dat cuc tiéu tai x=-1.
C. f(x) dat cuc tiéu tai x=1. D. f(x) c6 ba diém cuyec tri.
JES LOT QUAL oottt
T
Vidu 35 (THPT Hoa Lw A-Ninh Binh-Ian 1-ndm 2017-2018)

Chohamso y=f (X) c6 dao ham trén R va d6 thi ham s6 y = f'(X) trén R nhu hinh vé.

Ménh dé nao dung?
y

hatps/Asamsdedun
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Vi du 36 (THPT Kién An-Hai Phong nam 2017-2018)
Choham s§ y = f (x) xac dinh trén R va c6 do thiham s8 y = f'(x) 1a duong cong & hinh bén.

Hoi ham s6 y = f (x) 6 bao nhiéu diém cuc tri?

y L

uA wRIYSuwenmjuainy/:sdyy o

Phwong phap giai

a. Cdc bai todn tric nghi¢m co bdn
Vi du 37
Cho ham s6 y = f (X) x4c dinh va lién tuc trén R va ham s y = f'(X) c6 do thi nhu hinh vé.
y]

y=f(x)

3/ N_o
/ -1~L-1 2 3 4 5

8y

Két luén ding vé s6 diém cuc tri cua ham s6 y = f (x) la:




iy Nguyén Hoang Viét tdng hap

“Thanh cdng 1a néi khéng véi ludi biéng”

C. Hai diém cuc dai va hai diém cuc tiéu.

A. Hai diém cuc dai va mot diém cuec tiéu.

B. Mot diém cuc dai va hai diém cuc tiéu

D. Mot diém cuc dai va mot diém cuc tiéu.

&S L1 gidi:

B bbb
>
g
B
=
=1 o PO OPPPPPPP PPN
(= y \ - " <
= Vidu 38 (THPT Nghen - Ha Tinh — Lan 2 nam 2017 - 2018)
=
E Cho ham s8 y = f (x). Ham s& y = f'(x) c6 d6 thi nhu hinh dwéi. Ham s6 y = f (XZ) c6 bao
)
é nhiéu diém cuc dai?
= A |I
S 2 ,'
) ,"f \'., !
Q—i |I
B A (I
v-g |II III"._ II|I
f L .
Q| s
K |
A. 2. B. 3 C.1 D. 0

£

£

E v="1)
% :

A. 2. B. 0.

Cho ham s& y = f (x) ¢6 dao ham y = f'(x) lién tuc trén R va ¢ d6 thi nhu hinh duéi.

Ham s6 y = f(2x+2) ¢6 bao nhiéu diém cuc tri?

C. 1. D. 3.

&S Loi gidi:
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Cho ham s& y = f (x). P06 thi ham s6 y = f'(x) nhw hinh bén duéi

NE
AN

o> a = e

Hoi ham s6 g(x)= f (1-x*)+2019 6 may diém cuc tri?

A. 1. B. 2. C. 3. D. 0.

Cho ham s6 y=f(x) c6 d6 thi f'(x) nhu hinh vé. Tim s6 di€ém cuc ti€u cta ham s6
2

X
= f(1-x)+ > —x.
y ( x)+2 X

; K
AL 0. B. 1. C. 3. D.2. s
JBS LOT QUALS oottt

(Trich ciu héi din THPT Chuyén Théi Binh-lan 1-nim 2017-2018)

Cho ham s6 y = f (x) c6 dao ham trén R. Duong cong trong hinh vé bén la d6 thi ham s6

y=1'(x), (y=1f'(x) lién tuc trén R). Xét ham s8 g(x)=f (x*~2). Ménh d@é nao dudi day

dung?
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|

|
(BN
ittt

co 1 diém cuc dai va 1 diém cuc tiéu.

A.Ham s8 g(x) c6 2 diém cuc dai va 1 diém cuc tiéu.
(x

B.Ham sd ¢

)
C.Ham s& g(x) ¢ 2 diém cuc ti€u va 1 diém cue dai.
(

D.Ham s6 g(x) 4 diém cuc tri.

= o https://luyenthitracnghiem.vn

JBS LT QIBH:  oovereveoeiseesees et
(trich dan dé THPT Chuyén Tién Giang-lan 1 ndm 2017-2018)
Choham s6 y = f (x) c6 dao ham trén R . Puong cong trong hinh vé bén y
la d6 thi ctia ham s6 y=f'(x) (y= f'(x) lién tuc trén R). Xét ham s6 N4
g(x)=f (X2 —3). Két luan diing vé cuc dai ctia ham sd g(x) 1a? E 2
A.Ham s6 g(x) dat cuc dai taix=- 1. i
B. Ham s g(x) dat cyc dai tai x =1. _zl -1101 X
)

C.Hamsd ¢ dat cwre dai tai x =0.

g X
€§ D.Ham s6 g(x) dat cuc dai tai x =-2.

—_

E JES LOT QUL oot

(THPT Dang Thiic Hita-Nghé An-1an 1 nam 2017-2018)

Biét rang ham s6 f (x) c6 do thi dwoc cho nhw hinh vé bén. Tim s6 diém cyec tri cia ham s6

y=f[f(x)].
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o 2 |
i X
/| I :
A. 5. B. 3. C. 4. D. 6.
JBS LOT QUALL oottt =
pam-y
"]
.......................................................................................................................................................................... Y
=
c
.......................................................................................................................................................................... E
e
=
.......................................................................................................................................................................... =
s
E
.......................................................................................................................................................................... g
Vidu 45 (Theo dé THPT Chuyén Ha Long-Quéang Ninh [4n 2 ndm 2017-2018) 5§
aeQ
Cho ham s6 y= f(x). Ham s6 y = f'(x) c¢6 do thi nhu hinh bén. Két ludn dung vé cyc tri am %
8y = f(x=x?) la: y 5
3 \ =
A. Ham s6 dat cuc tiéu tai x = > 2
B. Ham so dat cyec tiéu tai x ==
2 o] 172 X
C. Ham s6 khong ¢6 cuc tri.
D. Ham so dat cuc dai tai x= 1 )
2 ki
ES LT QUALE  ovoooeeeeeeevevvvvoses s esssosss e g
.......................................................................................................................................................................... NS
Vi du 46 (THPT Hau Loc 2-Thanh Héa nam 2017-2018)

Cho ham s y = f (x) c6 dao ham lién tuc trén R va ¢6 do thi ham s& y = f '(x) nhu hinh vé

ALy [

bén dudi. Xét ham s g(x) = f (x* —3) va cac ménh dé sau:

I. Ham s6 g(x) c6 3 diém cyec tri. }

II. Ham s6 g(x) dat cuc tiéu tai x=0. ] . .
III. Ham s& g(x) dat cyee dai tai X=2. / °

IV. Ham s6 g(x) dong bién trén khoang (-2;0). // /

V.Ham s6 g(x) nghich bién trén khoang (-11).

C6 bao nhiéu ménh dé dung trong cac ménh dé trén?
A. 1. B. 4. C. 3. D. 2.
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JBS LOT QUAL oottt
L
D ettt ettt ettt s e ee e
E) Vi dl_l 47 (THPT Chuyén Vinh Phtic-1an 2-nam 2017-2018)
<
?:‘3 Cho ham s6 f (x) xac dinh trén R va ¢6 d6 thi f'(x) nhw hinh vé. Dat g(x)= f (x)—x. Ham
'E s6 g(x) dat cuc dai tai diém nao sau day?

)

= y

e 2

.

2 1

>

2, —1\(; / 1 2x

= 1

<

O A. x=2 B. x=0. C.x=-1 D. x=1

BT 8 LOU QAL oot

Vidu 48 (Trich theo dé THPT Chuyén Vinh Phic-Ian 2-nim 2017-2018)

Choham s6 f (x) c6 dao ham lién tuc trén R va c6 d6 thi cia ham y = f'(x) nhu hinh vé. Xét

ham s6 g(x) = f (X2 - 2) . SO diém cuc tri ctia ham s6 13?2

§ y

§ X
A.Ham s6 g(x) cé 2 diém cuc tri. B. Ham s0 g(x) c6 1 diém cuec tri.
C. Ham sd g(x) ¢6 3 diém cuc tri. D. Ham s6 g(x) c6 4 diém cuec tri.

JBS LOT QUL ottt
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Bai toan 1: Xac dinh diém cuc tri, cec tri ham s6, diém cuc tri cia d6 thi ham sé

y = azx’ +bx” + cx +d.

- Ap dung quy tac 1 im cyc tri ctia ham s8

Bai toan 2:Phuwong trinh dwong thang ndi hai diém cyc tri ham s6 y = az® + ba® + cx + d.
Cach 1: Tim toa d¢ cac diém cyc dai va cuc tiéu A, B. Viét phuong trinh duwong théng qua
A, B

Dé viét phuong trinh dwong thang ndi 2 diém cuc tri ctia ham s bac ba, thuong dung

phuong phdp tach dao ham (phéan du bac nhat trong phép chia y cho y'), nghia la:
y, = Mz,

uA wRIYSuwenmjuainy/:sdyy o

+ Phan tich (bang cach chia da thitc y cho ¥): y = ¢y'.q(z) + h(z) = W)
y2 = {L‘Z
+ Duong thang qua 2 diém cuc trila d : y = h(z).
a. Cdc bdi todn tric nghiém co ban
Vi du 49
Cho ham s8 y = x*—3x” +2. Khang dinh nao sau day dang?
A. Ham s0 dat cuc dai tai Xx=0 va cyce tiéu tai x=-2.
B. Ham s0O dat cuc tiéu tai X =2 va cuc dai tai x=0.
C. Ham sO dat cuc dai tai X=-2 va cuc tiéu tai x=0. K
D. Ham s0 dat cuc dai tai Xx=2 va cuc tiéu tai x=0. g
JBS LT QUAL oot -

Cho ham s8 y = f (x) =—x®+3x—2. Cac gid tri cuc dai va cyc tiéu cia ham s6 1a
A. yCD:O;yCT:_4' B. yCD:4;yCT:_4' C. yCBZO;yCT:4' D. yCDZO;yCT:_6

Vi du 51
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S& diém cuee tri ctia ham s6 y =—x3—3x* —4x+5 1a

m.vn

Tim diém cyuc dai z, chaham s§ y =2” — 3z +1.

A.:U0=2. B.z =1. C.z =-—1. D.:UO:?).

https://luyenthitracnghie

. \ \ . «A? . 2 \ A l .7 . 2 M
Goi X, va X, la hai diém cyec tri cia ham s§ f (x) = 3 x® —3x* —2x. Gid tri cua X’ +X. bang

A. 13. B. 32. C. 40. D. 36.

% Hé thtrc lién hé gitra gia tri cuc dai va gid tri cuc tiéu ctia ham s§ y =x*—2x la

A. Yer ¥ Yoo =0. B. Yoo = Yer - C. 2yCD :3yCT . D. Yoo = 2)’(:T-

Trong cac ham s sau, ham sd nao ¢é cuc dai, cyc tiéu thoa man X, < Xer -

(fg?\ s /
_’\_/-—’\_/J - />
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A, y=x-2x*-2x+3. B. y=-2x*+3x—4.
C.y==xX+2x"+3x. D.y=2x>-x*+4x-1.

JBS LOT QAL eovereeoeeeetereieeeee sttt

Tim cyee dai cia ham s6 y = x> —3x* +m (véi m 1a tham s6 thuc).
A. 0. B. 4+m. C. 2. D. m.

Cho ham s6 y=x°—3x ¢4 gia tri cuc dai va cuc tiéu [an luot 1a y,,y,. Ménh dé nao sau day

diing?
A. 2y, -y,=6. B.y-y,=-4. C.2y,—-y,=-6. D.y+y,=4.

Vi du 59

uA wRIYSuwenmjuainy/:sdyy o
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Viét phuong trinh duong thang qua hai diém cuec tri ctia d6 thi ham s§ y=—-x*+3x*+2.
A. 2x+y+2=0. B. 2x+y—-2=0. C. 2x-y-2=0. D. 2x-y+2=0.

JBS LOT QUAL ottt

D06 thi ham s6 y=x*—3x*-9x+1 ¢4 hai di€ém cyc tri A va B. Diém nao dwdi day thudc

duong thang AB?
A. M (0;-1). B. Q(-1;10). C. P(1;0). D. N(1;-10).

= o https://luyenthitracnghiem.vn

Vi du 61

D0 thi ctia ham s8 y=-x°+3x*+5 ¢4 hai diém cuc tri A va B. Tinh dién tich S cta tam
giac OAB véi O la goc toa do.
A.S=5 B. S=— C.5=10 D. S$=9

JES LOT QUL oot

ho ham s8 y=2x*+3x*-12x+2019. Goi X, va X, lan luot 1a diém cuc dai va cuce tiéu cta

ham s@. Két luan nao sau day la dang?

A. (% —%,) =8. B. X,—X =3. C. XX, =—3. D. X —X,=4.
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Tim gia tri thuc cia tham s6 m d€ duong thang d:y=(3m+1)x+3+m vudng géc voi duong

théng di qua hai diém cyec tri ciia d6 thi ham s§ y=x*—3x* —1.

Az B.-1. C.m=1. D.-2.
3 6 6 3
JES LOT QUL oot

ki

Tim tat ca cac gid tri ciia tham s6 m d&€ d6 thi ham s& y = x* + 2x* +(m—3)x+m ¢6 hai diém cuc g

tri va di€ém M (9;-5) nam trén dwong théng di qua hai diém cuc tri ctia d6 thi. N
A. m=-1. B. m=-5. C. m=3. D. m=2.

JES LOT QUL oot §=

Vi du 66

Tim gid tri thuc cta tham s m d€ dwong thang y=(2m-1)x+m+3 song song véi duong

thang di qua cac diém cuc tri ctia d6 thi ham s& y = x®-3x* +1

A.m=§. B.mzl. C.m=—§. D.m=—£.
4 2 4 2
JBS LOT QUL oot
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b. Cac bai todan tw ludn

Xac dinh cac diém cuc tri ctia ham s6 y = x> —6x° +9x+2.

JBS LOT QAL eovereeoeeeetereieeeee sttt

/luyenthitracnghiem.vn

g Vi du 68

Tim gid tri thue cia tham s§ m dé duong thang d : y = (2m—1)x+3+m vudng goc véi duong

théng di qua hai diém cyc tri ctia d6 thi ham s§ y = x* —3x* +1.

1.6.Dang 6.Cac bai toan cyc tri ham s bac 4

Phwong phap giai

1. Tim cyec tri ham s6 qua dau cta dao ham y’

+Tim TXD ham s6

+Timy’

+ Lap bang xét dau y’

+Duya vao sy d6i dau cta y’ d€ két luan cuc dai; cuc tiéu.

2. Tim cyc tri ham s6 qua bang bién thién

+ Quan sat bang bién thién (chiéu chuyén dong di lén, di xuéng hodc su thay doi dau y’)
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+y’ d6i dau tir “ —” sang ddu “ +” khi qua xo = Két luan ham sd dat cuc tiéu tai xo twong

ung.

+y’ d6i ddu tir “ +” “ sang ddu “ - ” khi qua xo ® Két ludn ham sd dat cyc dai tai xo twong
ung.

+y’ khong d6i dau khi qua diém xo = Két luan ham s6 khong dat cuec tai tai xo twong téng.
3. Tim cyec tri ham s6 qua d6 thi ham y = f(x)

+ Quan sat d6 thi ham s6 (chiéu chuyén dong di lén, di xuéng hodc di xuéng va di 1én)

+ D0 thi di xudng roi di 1én khi qua xo ® Két luan ham s dat cuc tiéu tai xo twong tng.

+ D06 thi di lén r6i di xudng khi qua xo ® Két luan ham s6 dat cuc dai tai xo twong tng.

+ D0 thi chi di xudng hodc chi toan di 1én khi qua diém xo = Két luan ham s6 khong dat cuc

tai tai xo.

a. Cdc bdi todn tric nghiém co ban

.« A? - A? k] \ ~ 1 \
DPiém cuec tiéu cua ham sd: y==x*—-2x*-3 la:

A.x=0 B.x=+V2 C.x=—2 D. x =2

Cho ham s8:y = —% x* + %xz +10. Khang dinh nao la dting?

A. Ham sO dat cuc tiéu tai X ==+1 B. Ham sO dat cuc dai tai X =0
C. Ham s0 dat cyc dai tai X ==%1 D. Ham s0 cé mot cyee tritai X =0
JBS LOT QUALS oottt

Gia tri cee dai cia ham s6 y = x* —2x? —3la:
A. Yoo =-3 B. Xp =-3 C.yp=-"4 D. Xop =—4

A X =1 B. X =0 C.y,=3 D. A(0;3)

Cho ham s8: y = x* + 2x?. Khang dinh nao la dting?

gy pn0RY /vy

uA wRIYSuwenmjuainy/:sdyy o
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A. x =0 la diém cuyc tiéu B. x =0 la diém cuc dai
C. Ham s6 ¢ cuc dai va cuc tiéu D. Ham s6 khong c6 cuec tiéu, c6 cuc dai
JBS LOT QAL coovereeoeeeeeeeiee sttt

Vidu 75

Cho ham s0 y = f(x) c6 bang bién thién nhu hinh vé:

X | =m -1 ] 1 o0
' =0+ - 0 +

NN

Két luan dang vé cuec tri cia ham s6 la:

et

A. CO 1 cuc tiéu, co 2 cuc dai. B. C6 2 cuc tiéu, cd 1 cuc dai.
C.Cb 1 cuc tiéu. D. Cé 2 cuc dai.
JES LOT QUL oo

= o https://luyenthitracnghiem.vn

(M43 dé 103 BGD&DT NAM 2018)

Cho ham s8 Y=ax*+bx’+¢ (&, b, ceR) ¢4 46 thi nhu hinh vé bén.

S S
y pE—_

— -
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S6 diém cuec tri cia ham s6 da cho la
A. 2 B. 3 C.0 D.1

Gid tri tham s6 m dé ham s6: y =mx* —(m+1) x2 +(m? —1)x dat cuc tiéu tai x =1 1a
A.m=-1 B. m=3 C. m=-3 D. m=1

1.7.Dang 7.Cac bai toan cuc tri ham phan thtc

a. Cac bai toan trdc nghiém co ban

\ 4 2X - 7 oA N .
Ham so y = 1 cO bao nhiéu diém cuyec tri?
X+

Ham s6 nao dudi day co hai di€ém cuec tri?

2
ZX_—ZXH. C.y=x=-3x*+3x-1. D.y=2"=.

A. y=x*+x*+3. B. y=
y y X+1 x-1

uA wRIYSuwenmjuainy/:sdyy o
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2 —
Cho ham s& y = f (x) c6 dao ham f'(x)= )(3—24,VX #0. 506 diém cuec tri cia ham s6 da cho la
X
A. 3. B. 5. C.2. D. 1.
JBS LOT QAL coeereeeeeeeeeeieeeee sttt
Vidu 84
\ A~ 7 . \ A A J4 \ 1 (X—l)S(X—Z)Z A o A?
Ham s0 y = f(x) xac dinh va lién tuc trén R c6 dao ham f'(x) = T , VX. SO diém cuc
X
tri cila ham s6 y= f(x) la
A. 3. B. 1. C.0. D. 2.

JES LOT QUL oot

2. CAC DANG TOAN NANG CAO
2.1.Dang 1. Cuyec tri ham so” f (u) dwa vao do thi ham so” ()

Vi du 85

Cho ham s y = f (x) c6 bang xét ddu ctia f'(x)

T ‘—’L =2 2 a +00

f’{:]‘ - 0 + 0 — 0 4+

3
2 . \ N X - A? . -« A? \ Yl A
Hoi ham s6 g(x)= f (1-x)+ 3 x? —3x dat cyc ti€u tai di€m nao dwdi day?

A. x=-1. B. x=3. C. x=2. D. x=-3.

JBS LOT QUAL oottt
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1y y = f'(x)

/

A. 3. B. 4. C. 1. D. 2.

Cho ham s6 y = f (x) 1a ham s6 bac bon. Ham s8 y = f'(x) c6 d6 thi nhw hinh bén. S§ diém
cuc tri cia ham so f (x/x2 +2X+ 2019) 1a
yA
1y O 1 3 f
A. 3. B. 2. C. 1. D. 4.

JBS LOT QUAL oottt

2.2.Dang 6.Cac bai toan cwc tri ham s6 bac 3 chira tham s6

Phwong phap giai

DPay la dang toan co ban nhat vé cuc tri, tuy nhién xuat hién rat nhiéu trong cac dé thi. O

dang toan nay ta ap dung cc quy tac sau day.
Qui tdc 1: Dung dinh 11 1

uA wRIYSuwenmjuainy/:sdyy o

WPy PR /vy N
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Budc 1. Tim Tap xac dinh D
Budc 2. Tim f'(x). Tim cac diém tai d6 f'(x) =0 hoac f'(x) khong xac dinh.

Budc 3. Lap bang bién thién
T bang bién thién suy ra cac diém cuec tri.
Qui tdc 2: Dung dinh 11 2

f
+) X, la diém cyc dai cia ham s6 < { .

f
+) X, la diém cyec tiéu ctia ham s6 < { .

Chu y: Ham s6 bac ba dang y = f (x) =ax® +bx® +cx+d (a=0)
Ta s Y =32 +2bx+c=0

Dé ham s6 bac ba c6 cuc tri thi phuwong trinh f'(x)=0 c6 hai nghiém phan biét

<A >0<b?-3ac>0
Nguoc lai, d&€ ham s6 khong c6 cyec tri thi phwong trinh f'(x)=0 vo nghiém hodc c6 mot

nghiém duy nhat|< b’ -3ac<0

= o https://luyenthitracnghiem.vn

a. Cac bai todan co ban

Tim diéu kién dé ham s6 dat cuec tri tai 1 diém

Bai toan 2

Viét phwong trinh di qua 2 diém cwc dai, cwc ti€u cta do thi ham s6
y=f(x)=ax’+bx’ +cx+d (a=0)

Gia sit ham bac ba dang y = f (x) =ax® +bx* +cx+d (a#0) c6 hai diém cuc tri 1a X;X,. Khi d6
ta thuec hién phép chia f(x) cho f'(x) ta duoc

Y= f(xl):AX1+B

Khi d6 ta cé
Y, = f(xz):Ax2+B

Suy ra cac diém cuc tri (x;V;); (% Y,) cua do thi ham s8 thudc duong thang y = Ax+B

hatps/Asamsdedun

Vay dé viét phuong trinh di qua 2 diém cyc dai, cye tiéu ctia d6 thi ham s§ y = f (x) ta lam
nhu sau:
B1: Tinh y'
B2: Thuyec hién phép chia y cho y' dwgc phan du la Ax+B
B3: KL cac diém cyee tri (x;y;); (%;Y,) cta d6 thi ham s6 thudc duong thang y=Ax+B
Chay
Sau khi thuc hienj phép chia trong truong hép tdng quat thi phuong trinh duong thang di qua

[ 2c 2b? bc
2 diém cya tri cua ham s6 ban 3 ¢ dang;: y= 3 0a X+ " 9a
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Tim diéu kién d€ 2 diém cuc dai, cuc ti€fu caa d6 thi ham s6
y = f(x)=ax’ +bx* +cx+d (a#0) nam vé hai phia ctia truc tung
D& ham s8 ¢6 2 diém cuc tri thi y' =3ax’ +2bx+c=0 c6 hai nghiém phan biét 1ax;X, khi va
chikhi A'>0<b*~3ac>0

Pé 2 diém cuc dai, cuc tiéu ctia d6 thi ham s& y= f(x) =ax® +bx* +cx+d (a#0) nam vé hai

o . c
phia cta truc tung thi x.x, = % <0< |ac<0
a
Tim diéu kién d€ 2 diém cuc dai, cuc tieu caa d6 thi ham so
y=f(x)=ax’+bx*+cx+d (a#0) théa man diéu kién K lién quan dén dinh li Viet

Tim diéu kién dé 2 diém cuc dai, cuc tiéu cia d6 thi ham so
y=f(x)=ax+bx* +cx+d (a#0) d6i xitng nhau qua duong thang y =kx+c

Do d6 thi ham so bac ba nhan diém uon | (X1? y;) lam tam d6i xting nén 2 diém cye dai, cuc

uA wRIYSuwenmjuainy/:sdyy O

tiéu ctia d6 thi ham s6'y = f (X) = ax’ +bx* +cx+d (a=0) doi xiing nhau qua duong thang (d)

led
= kx 2
ymlrc e, (20 20
3 9

b. Cdc bai todn tric nghi¢m co bin

VI' du 88
Cho ham s6 y = f (x) =3x* —6mx’ +3m?x. Tim céc gia tri cia m d& ham s6 dat cuc dai tai x=1.

&S Loi gidi:

JBS LOT QUAL oottt

&S Loi gidi:
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Cho ham s§ y = x* —3x* +3(1-m)x+1+3m tim m sao cho d6 thi ham s& c6 diém cyee dai, cyee

tiéu, dong thoi tim duong thang di qua hai diém cuc trj ctia d6 thi ham sd da cho.

| Cho hams§ y =—x*+(3m-9)x° —(m2 —3m+2)x—4 6 d6 thi (C,,).Tim m dé€ d6 thi ham s& c6

hai diém cyec tri nam vé hai phia cta truc tung

= o https://luyenthitracnghiem.vn
&
S
%,

Tim gia tri m d€ 2 diém cye tri X;X, cta ham s6 y= f(x) =x*—(m-1)x* —x+2 thoa man
3(x +x,)=2

Tim m d€ d6 thi ham s6 y = x* —3mx* +4m® c6 cuc dai, cwee ti€u va hai diém cyec tri d6i xtng
nhau qua duong thang (d):y = x

c. Cdc bdi todn tric nghiém twong tw

Vi du 95

\ ~ 1 "N Vé .7 . 2 A? \ ~ . .
Cho ham s6 y :§X3 —mx? +(m2 —m+1)x+1. Tim cac gia tri cia m dé ham sd dat cuc dai tai

x=1.
A. m=0 B. m=1 C.m=2 D.m=2m=1

39 % /
_’\_M_/J See- |
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JBS LOT QUAL oottt

Cho ham s8 y = x> —3mx® +6mx+m. Tim cac gia tri cia m dé ham s6 co cuc tri

A. (0;2) B. (—0;0]U[8;+0) C. [0;8] D. (—00;0)U(2;+00)
JBS LOT QAL eovereeoeeeetereieeeee sttt
c
<«
.......................................................................................................................................................................... o
=
==
.......................................................................................................................................................................... =,
:’
-
S
.......................................................................................................................................................................... A
Vi du 97 &
' 2.
; < . \ A . ®
Choham s y = % x° +mx? +(2m—1)x—1. Khang dinh nao sau day sai =
<
A. Ym<1 thi ham s6 ¢6 2 diém cuc tri. B. Ham s0 ludn co cyee dai va cuee tiéu. =
C. Ym =1 thi ham so c6 cuc dai va cuc tiéu. D. Vm>1 thi ham s6 c6 cuc tri.
JES LOT QUAL oottt
ki
Vi du 98 g
Cho ham s6 y = f (x) =(m—3)x®* —2mx* + 3. Tim cac gia tri cia m d&€ ham s6 khong c6 cuc tri N
A. m=0 B. m=3 C.m=2 D. m=0;m=3 g
JBS LOT QUALT ottt §=

Vidu 99

D6 thiham s§ y = x> —3x* + mx+m c6 duong thang di qua hai diém cuc tri song song véi duong
thang d:y=2x—1khi:
1

A.m:E B.ng C. m=6 D. meg

JBS LOT QUL oot
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Cho ham s8 y = f(x) = x> —2x* +mx+1. Tim cac gid tri cia m d& ham s& dat cuc tiéu tai x=1.
A.m=-1 B. m=1 C.m=2 D. m=-2

Vi du 101

Cho ham s6 y = f(x) =%x3—%(2m+1)x2 +(m2 +2)x+m. Vi gia tri nao ctia m thi ham s8 ¢4 2

diém cuwee tri X;; X, théa man 8(x12 + x22) =81

A.ng hodc m:—% B.m:% C.m:—% D. Khong ton tai m

= o https://luyenthitracnghiem.vn

Cho ham s y = f (x) =mx® + 2mx® +(m+2)x—5. Tim cac gia tri cia m d&€ ham sd khong c6 cuc

tri
A. (—0;0)U(6;+x) B. (—o0;0]U[6;+0) C. [0;6] D. (0;6)

% D06 thi ham s6 y =2x° —3(m+1)x* +6mx c6 duong thang di qua hai diém cuec tri vudng géc véi

duong thang d :y = x+2khi:
A. m=0 B. m=2 C.m=-2hoacm=0 D.m=2v m=0
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Cho ham s8 y = x> —3mx® + 3(m2 —1) x—m® +m. Phuong trinh dwong thang di qua hai diém cuc
tri ctia d6 thi ham s6 da cho c6 dang

A.2mx+y-2m-2=0 B. 2x+y=0 C. 2x+y=0 D. 2mx+y=0

&S Loi gidi:

Vi du 105

Cho ham s6 y=—-x*+x° —(m2 —3m)x—4 c6 d6 thi (C,).Tim m d€ d6 thi ham s6 ¢ hai diém
cuc tri nam vé hai phia cta truc tung
A.0<m<3 B.0<m=3 C.m>3 D.0<m<3

Vi du 106

N L4 . A? o« A? . ? \ ~ 1 2 ~
Tim gid tri m d€ 2 diém cyec tri X;X, cia ham s8 y= f(x) =—=x>+X° +(m—-2)x+2 thoa man

X.X, +10=0

A. m=-12 B. m=8 C. m=12 D. m=-8

&S Loi gidi:

Vi du 107

Cho ham s6 y = f(X) zgx?’ —mx® +2(l—3m2)x+1. Vi gid tri nao cua m thi ham s6 ¢6 2 diém
cuee tri X; X, thoa man 2(x +x,)+x.%, =1
A. m=0 hoac ng B.ng C. m=0 D. Khong ton tai m

Vi du 108

uA wRIYSuwenmjuainy/:sdyy o
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\ ~N 1 s . .7 . \ ? \ \ ~ V4 o« A2 .
Cho ham s6 y= f(x) = B x> —mx® —x. V&i gid tri nao ctia m thi ham s ¢6 2 diém cuc tri X;; X,

thoa man (xf + XZZ)— XX, =7

A. m=+2 B. m=43 C. m=+1 D. m=%4
=
>
=
2
<
o0
o
o
<
=
<
g Cho ham s6 y =(1-m)x®—3x*+3x—5. Tim cac gia tri cia m dé ham sd c6 2 diém cuec tri.
2 A.m<1 B.m>-1 C.0<m=1 D. m>0
E JES LOT QUAL oottt
o
=
: ..........................................................................................................................................................................
B L

Vidu 110

Choham sd y :gx3 —%(Sm +1)x? —(m2 —m—6)x 6 d6 thi (C,,).Tim m d&€ d6 thi ham s& c6 hai

diém cuc tri nam vé hai phia ctia truc tung
A.m>2 B. 2<m<3 C. 2<m<1 D. m<4

Vidulll
Tim tap hop tat ca cac gid tri cia m d& ham s& y =X —3mx* +4m® ¢4 cuc dai, cuec ti€u va hai

diém cuc tri ctia d6 thi ham s6 cung véi goc toa do O tao thanh mot tam giac ¢ dién tich bang

4.
A.m:ii B. m=#1 C.m=1 D. m#0
i2
JBS LOT QUAL oottt

s =

— -
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Cho d thi ham s8 y=ax’+bx*+¢ c6 hai diém cuc tri 1a A(0;1) va B(-12). Tinh gi4 tri cua
a+b+c
A. 0 B. 2 C. 4 D. 6

JBS LOT QUAL ottt

2.3.Dang 3. Cdc bai todn cuc tri ham s6 bic 4 chita tham s

Phwong phap giai

Pay la dang todn co ban nhat vé cuc tri, tuy nhién xudt hién rat nhiéu trong cac dé thi. O

dang toan nay ta chi 4p dung cac tinh chat sau day.

Qui tic 1: Dung dinh 1i 1

Budc 1. Tim Tap xac dinh D

Buwdc 2. Tim f'(x). Tim cac diém tai d6 f'(x) =0 hoac f'(x) khong xac dinh.
Buwdc 3. Lap bang bién thién

uA wRIYSuwenmjuainy/:sdyy o

Tt bang bién thién suy ra cac diém cyec tri.
Qui tdc 2: Dung dinh 11 2

S8 diém cuc tri phu thudc vao nghiém ctia phwong trinh 2ax® +b=0.

" 1) =0
+) X, la diém cuc dai cia ham s6 <
(%) <0
s x , t'(x)=0
+) X, la diém cuc ti€éu ctia ham s6 <
f"(%)>0 K
Chay g
Xét ham bac bén triing phuwong dang y = ax* +bx* +¢ (a # 0) N
x=0
y' =4ax’ +2bx =0 < )
2ax"+b=0

Néu —23 <Ottcla a,b cung ddu hodc b =0thi phuong trinh v6 nghiém hoac c6 nghiém
a

x=0.Khi dé, ham s chi c6 mot diém cuc tri x=0.

Néu —2£ >0ticla a, b trdi dau thi phuong trinh c6 hai nghiém phéan biét la x =+, /—23 :
a a

Khi d6, ham s8 ¢6 ba diém cuc tri 1a x = 0: x = = /—23 .

Pén day ta c6 thé suy ra, néu hé sé ctia a, b khac ddu thi ham sd bac bén trung phuong
c0 ba cuc tri
7 \ ~ \ \ ~ 14 .« A? . AY b
Tclanéu ab<0 thi ham s6 cd ba diém cuctrila x=0; x=+ e
\l a
Khi d6 d6 thi ham s6 da cho sé c6 ba diém cuc tri la:

‘5\‘{:\ (éi)
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A(0;c); B| - /—3;—A :C ,/—3;—A v6i A=b?*—4ac.
2a 4a 2a 4a
b b ) b )  ab? b’
fld-—==|=al|-—= | tb| = | tC=—F——-+C
2a 2a 2a 4a° 2a

ab? 2ab2+4ac —ab?® +4ac b2+4ac
= (dpcm))

= AB=AC = — = /——
2a

a. Cdc bai toan co bdan
| Tim tat ca cac gi tri thyc ctia tham s6 m d€ d6 thi ham s6 y =ax* +bx* +c (a#0) c6 ba diém
cuc tri tao thanh tam giac vuong
Vi ab <0 thi ham s6 cé ba diém cuec tri.
Do diém A(O;c) Judn ndm trén truc Oy va cach déu hai diém B, C nén tam giac ABC la tam

gidc vuong can tai A. Diéu nay twong duong v6i AB L AC (do AB=AC sdn c6)

= o https://luyenthitracnghiem.vn

Bai toan 2

Tim t4t ca cAc gia tri thiec cia tham s8 m d€ d6 thi ham s6 y =ax* +bx’ +c (a#0) c6 ba diém

cuc tao thanh tam giac déu.

V6i ab <0 thi ham s6 ¢ ba diém cuc tri.
Do AB=AC, nén ta chi can tim diéu kién dé AB=BC
b* b b

Mt khdc AB=AC=,|— ——: BC=2|-—
' 162> 2 2a

4 3
Dovay AB=BC o 2B __ 2 b,
16a*> 2a a a

hatps/Asamsdedun

Bai toan 3

Tim tat ca cac gia tri thyc cta tham s6 m d€ do thi ham s6 y=ax’ +bx’+c(a=0) co6 ba

diém cuc tao thanh tam giac c6 dién tich bang S.

Goi H 1a trung diém ctia BC thi H ndm trén duong thang chita doan BC (hinh vé).

2
Lac nay H(O;—A):AH 0; —b—
4a 4a

Dién tich tam gidc ABC sé la:

—’\_M_/ -
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2

1 1( Y b

Suc =—AH.BC =57 == -—— 2/——
w2 ° 4 4aM ZaJ

4 _ 5
Qsozzl. b ib@ 522 b

Bai toan 4
Tim t4t ca cc gia tri thiec ctia tham s8 m d€ d6 thi ham s y =ax’ +bx’ +c (a#0) c6 ba diém
cuc tao thanh tam giac c6 dién tich 16n nhat.

5
O bai toan 3 ta c6 S, = — b =
32a
b5
Do vay ta chi tim| Max| ———
32a

Bai toan 5

Tim t4t ca cac gia tri thiee ctia tham s8 m d€ d6 thi ham s6 y =ax* +bx’ +c (a#0) c6 ba diém
cuc tao thanh tam giac c6 goc o dinh cin bang a.
AB.AC

Ta cd: cosa = —+
|AB|.|AC|

uA wRIYSuwenmjuainy/:sdyy O

b b* b b* _
o —+ | ———+ 5 .cosa=0
2a 16a 2a 16a

& AB.AC — AB?.cosa

b®+8a

< 8a(l+cosa)+b’(1-cosa)=0= |cosa = b’ _8a

Tim t4t ca cac gia tri thiee ctia tham s8 m d€ d6 thi ham sg y =ax* +bx’ +c (a#0) c6 ba diém
cuc tao thanh tam giac c6 ban kinh dwong tron noi ti€p 1a r.

Taco: Sy=pr K

s H

2 |- b <

po_ 2% 324’ N
AB+BC+ AC b* b b
22—

16a” 2a 2a :
2
ofre— 3

Bai toan 7

Tim t4t ca cAc gia tri thiec cia tham s8 m d€ d6 thi ham s y =ax* +bx’ +c (a#0) c6 ba diém
cuc tao thanh tam gic c¢6 ban kinh duwong tron ngoai ti€p 1a R.

AB.BC.CA

e

Goi H 1a trung diém ctia BC, khi d6 AH la dwong cao cua tam giac ABC (hinh vé).

Lac nay dién tich tam giac ABC sé la:

S e :%AH BC :% < 2R.AH = AB?

Ta co: S,gc =

b* _b* b _ |, _b-8a

S2R—=—x%9——— =
4)al 16a° 2a 8./]alb

.

-———* % éj}
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hatps/Asamsdedun
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Tim tat ca cac gia tri thyc caa tham s6 1 d€ d6 thi ham s y = ax* +bx® +c (a#=0) ¢6 3 diém
cuc tao thanh tam giac:

a. Nhén goc toa d6 O lam trong tam.

b. Nhén goc toa d6 O lam truc tam.

c. Nhan goc toa d§ O 1am tim duong tron ngoai tiép.

2
OA=0B < ¢? =—£+(c——j o -

< b*—8ab’c—-8ab=0< |b®-8a—-8abc=0

a. Nhan goc toa do O lam trong tam.

Ta co:

A(0;c); B —«/—3;—A ;C —3;—A voi A=b?—4ac.
2a 4a 2a 4a

Neén voi G(Xs; Y )la trong tam tam giac ABC thi:

X _ XAt X+ Xe 3.0=0+| - —L + —i
G 3 2a 2a

=

YatVYstV 2 _ 2 _
o = Y2 33 c 3.0:c+[—b 4acJ+[_b 4acJ
4a

2
:—b—+30:0<:> b’-6¢c=0
2a

b. Nhéan goc toa do O 1am truc tam.

Do tam gidc ABC can tai A, ma A nam trén truc Oy nén AO luon vuong goc véi BC. Do vay dé
O 1a trye tam ctia tam gidc ABC thi ta chi can tim diéu kién dé OB L AC hodc:

2 2
Y, <:>£+ c— L =0<b*+8ab—4ab’c=0
OB 1 AC & 0B.AC =0 2a 4a 4a

<:>|b3 +8a—4abc=0
c. Nhan goc toa d§ O lam tam dwong tron ngoai tiép.
Pé O lam tam duong tron ngoai tiép thi OA=0B=0C. Ma OB=0C nén dé O la tam duong

tron ngoai ti€p thi
b b* 2b%c

_+ =
2a 16a* 4a

Bai toan 9
Tim tat ca cac gia tri thuc ctia tham s6 m d€ do thi ham s6 y=ax’ +bx’+c(a=0) c6 ba

di€m cyc tao thanh tam giac sao cho truc hoanh chia tam gidc ABC thanh hai phan c6 dién

tich bang nhau.

Goi M, N Ian luot 1a giao diém cua AB, AC véi truc hoanh.

2
Ta c6: AAMN dong dang AABC = ?ﬂ = (%j 2% (Do truc hoanh chia tam gidc ABC thanh
ABC

hai phan c6 dién tich bang nhau)
= AH =2.A0 & | b? =442 |ac|

Chu y: Sau khi tim dwoc m ciin thir lai xem ab<0 dé'do thi ham s6'cé 3 cwec tri hay khong.

>
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b. Cdc bai toan minh hoa

Tim tat ca cdc gia tri thiee ctia tham s& m d€ d6 thi ham s6 y = x* —8m*x* +3 c6 ba diém cuc

tri tao thanh tam gidc vudng can.

Nhdn xét: Ro rang viéc nhé cong thirc va lam nhanh hon rat nhiéu so vdi viéc suy ra tirng trieong hop
mot.
| Vidul114 |
” Tim t4t ca cac gia tri thure ctia tham s8 m d€ d6 thi ham s y = x* —2mx® +3 c6 ba diém cyc tri

tao thanh tam giac déu.

JES LOT QUAL oottt

| Vidu115 |
Tim tat ca cac gid tri thiee ctia tham s8 m d€ d6 thi ham s6 y =X* —2mx* +3m—5 ¢4 ba diém
cuc trj tao thanh mot tam gidc c6 dién tich bang 4.

JES LOT QUL oo

Tim tat ca cac gid tri thyc ctia tham s6 m dé d6 thi ham s§ y =x* —2(1— mz)x2 +3m—-5 c6 ba

diém cuc tri tao thanh mot tam gidc 6 dién tich 16n nhat.

Cho ham s8 y=x"—2mx* +m* —2. Tim m d& ham s ¢é ba diém cuc tri va cac diém cuec tri
ctua do6 thi ham s tao thanh mét tam gidc ¢6 goc ¢ dinh can bang 45°.

uA wRIYSuwenmjuainy/:sdyy o

WPy PR /vy N
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Cho ham s8 y=x"+2mx* +m*—2. Tim m d& ham s ¢6 ba diém cuc trj va cac diém cuec tri

cua d6 thi ham s tao thanh mét tam gidc ¢d ban kinh dwong tron ndi tiép la 1.

Cho ham s8 y =x*—2mx* +m?—2. Tim m d€ ham s8 c¢6 ba diém cuc tri va cac diém cwec tri

cua d6 thi ham s6 tao thanh mot tam gidc ¢ ban kinh dwong tron ngoai ti€p la 1.

Vi du 120

= o https://luyenthitracnghiem.vn

Tim tat ca cac gia tri thuc ctia tham s6 m d€ d6 thi ham s6 y = x* —2x* +(1-m) c6 ba diém
cuee tri tao thanh tam gidc:

a. Nhan O lam trong tam

b. Nhan O lam truc tam

c. Nhan O lam tam duong tron ngoai ti€p

JES LOT QUL oot

% Tim tat ca cac gid tri thuc ctia tham s6 m d€ d6 thi ham s6 y = x* — 2Jmx2 +1 cé ba diém cuece tao

thanh tam giac sao cho truc hoanh chia tam gidc ABC thanh hai phan cé dién tich bang nhau.

c. Cdc bdi todn tric nghiém twong tw

Vidu 122

Ty % 5o
D, SRV,

— -
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Cho ham s8 y =-mx* +2mx* +m?. Tim m d€ ham s8 ¢ ba diém cuc tri va cac diém cuec tri caa
d6 thi ham s6 1a ba dinh ctia mét tam giac déu?

A. m=+3;m=0. B. m=+3. C. m=0. D. m=+3.
JBS LOT QAL eovereeoeeeetereieeeee sttt

Cho ham s§ y =x* +2(m-1)x* +m?. Tim cac gia tri cia m d€ ham s& c6 3 cuec tri?
A. m>1. B. m<1. C. m<1. D. m=1
JBS LT QIBHT  oovvoevereiseeiees et

Vidu 124

Cho ham s y =x*+2(m+17)x* +m* —18. Tim m d&€ ham s6 c6 ba di€m cyec tri va cac di€ém cyec

tri cia d6 thi ham s6 1a ba dinh cia mot tam giac vudng?
A. m=-16. B. m=18. C. m=-18. D. m=16.
JES LOT QUL oo

Vidu 125

Cho ham s8 y =x* +2mx* +m”+m. Tim cac gia tri cia m dé ham sd c6 dung mot cuc tri
A. m>0. B. m>0. C. m<0. D. m<O0.

JBS LOT QUALS oottt

Vidu 126

\ ~ l N A? \ ~ /4 o A? . \ /4 .« A?
Chohamsd y = 3 x* —(m—-2)x* —4m* +9m+3. Tim m d& ham s6 c6 ba diém cuec tri va cac diém

cyee tri cua d6 thi ham s6 tao thanh mét tam giac ¢6 dwong kinh dwong tron noi tiép la 4.
A. m=-1m=2. B.m=0m=-1m=2.C. m=1 m=2,m=4. D. m=4.

JES LOT QUALT oottt

Vi du 127

Cho ham sd y =§x4 +3(m-2017)x* +m* —2018. Tim m d& ham s6 c6 ba diém cyc tri va cac

diém cuc tri ctia d6 thi ham s6 la ba dinh ciia mot tam giac déu?
A. m=2015. B. m=2016. C. m=2017. D. m=2018.
JBS LOT QAL oot e

gy pn0RY /vy

uA wRIYSuwenmjuainy/:sdyy o
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Cho ham s8 y=mx* +(m2 —4) x> +9. Tim tap cac gia tri cia m dé ham s6 c6 2 cyre dai va 1 cuc

tiéu.
A. (—0;=2)U(2;40).  B. (2;+0). C. (—0;-2). D. (0;+00).

JBS LOT QAL voeereeeeeeeeeeiee ettt

Vidu 129

Cho ham s8 y =x* —2mx* +m* —2. Tim m d& ham s6 c6 ba diém cuc tri va cac diém cuec tri ctia

d6 thi ham s6 1a ba dinh cia mét tam gidc vudng?
A.m=1 B. m=-1. C.m=2. D. m=-2

https://luyenthitracnghiem.vn

I Vi du 130

Cho ham s6 y = mx* +(m2 —9) x* +1. Tim cdc gid tri cia m dé ham s6 c6 2 cyc dai va 1 cyc tiéu

A. m>3. B. -3<m<0. C. m<-3. D.0O<m<3

JES LOT QUALT ottt

3 Cho ham s6 y =3x* —2mx® +2017m* —2018. Tim m d&€ ham s6 c6 ba diém cuec tri va cac
E diém cuc tri ctia d6 thi ham s6 tao thanh mot tam gidc c6 dién tich béng 3?
NS A. m=3. B. m=%/972. C. m=-3. D. m=-4.
§e JBS LOT QUAL oottt

Vidu 132

Cho ham s§ y=x*+2(m-2)x* +m’ —5m+5.Gid tri nao ctia m d€ do thi ctia ham s6 da cho c6

cac diém cuc dai, cuc tiéu tao thanh mot tam giac vudng can thudc khoang nao sau day?

A. (;gj B. (0%) C. (%f—;) D. (-1;0).

51> X /
_’\_M_/'J - >
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JBS LOT QUAL oottt

Vi du 133

Cho ham s8 y =x* —2mx* +m?> —2. Tim m d& ham s6 c6 ba diém cuec tri va cac diém cuec tri ctia

d6 thi ham s6 1a ba dinh cia mét tam gidc déu?
A m=33. B.m=-%3. C. m=43. D. m=-2.
JBS LOT QUAL oottt

Vidu 134

Cho ham s8 y = mx* +(m2 - 2) x* +2. Tim tap c4c gid tri cia m dé ham s6 ¢ 1 cye dai va 2 cuc

tiéu

A. (—oo;—«/i) hoac (O;ﬁ).B. (—\/5;0). C. (\/5;+oo). D. (0\/5)

JES LOT QUL oo

Cho ham s8 y =x*—2mx? +m*—2. Tim m d& ham s6 c6 ba diém cuc tri va cac diém cuc tri cta

d6 thi ham s6 tao thanh mot tam gidc c¢d dién tich béng 4\/§ ?
A. m=-2. B. m=2 C. m=4. D. m=-4.

Cho ham s§ y=-x* +2(2+4»\/m —m)X2 +m®-9. Tim m d€ ham s6 cé ba diém cuec tri va cac

diém cyc tri ctia d6 thi ham s6 tao thanh mot tam giac c6 dién tich 16n nhat?
A.m=2 B. m=4 C.m=-2 D.m=-4

f
|
g
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Cho ham s6 y=x*+2(m+1)x*+m?—9. Tim m d€ ham sG c6 ba di€ém cuec tri va cac diém cyce

tri cia d6 thi ham s6 la ba dinh cia mot tam giac vudng?

=
; A.m=-2. B. m=0. C. m=-1. D. m=1.
13 ‘.
o v ) o 1 171 SRR
- &S Lot gidi
o0
ottt tt et teeeeteeeeeeeeet————————.——————————————————————————————————————————————————————————————————————————————————————————————————————————————————————————————————————o
o
&
D ettt ettt ee e s s seans
<
e
= TR
w Ve
g’ Vi du 138
E Cho ham s6 y =—x*+2(m—2)x*+m?-5m+5. Tim m d& ham s c6 ba diém cyc tri va cac diém
§" cyee tri cua d6 thi ham s6 tao thanh mét tam giac c6 gdc ¢ dinh can béng 45°.
<
A. m=3+242 B. m=3%3+22 C.m=3%3+22+2 D.m=2-33+2{2
Q JES LOT QUL oo
B ettt

Vidu 139

\ A 4 2 2 N A? \ ~ 4 «A? . \ 7 « A2 . ”
Choham s6 y=x"—-2mx"+m*+9. Tim m dé ham s6 c6 ba diém cuc tri va cac diém cuee tri ctia

d6 thi ham s& tao thanh mot tam giac 6 dién tich bang 32?
A. m=4. B. m=0,m=-2. C. m=2,m=0. D. m=-4.

Vi du 140

Cho ham s8 y = x* —2mx® + 2 Vi gid tri nao ctia m thi d6 thi ctia ham s& da cho ¢ cac diém cuc

dai, cuc tiéu tao thanh mot tam gidc nhan O lam truc tam.

A.m=1+2‘/§ B.m=23m=-1 C.m=-1 m=

—1i2\/§ D. m=3;m—1JM/g




g5y Nhém toan VD - VDC Cuc tri ctia ham s6 2020

Cho ham s6 y=—x*+ 2(2017 —m*)x* +m? —5m+2018. Tim m d€ ham s6 c6 ba diém cuc tri va

cac diém cyec tri cua do thi ham s6 tao thanh mét tam giac c6 dién tich 16n nhat?

A. m=2017 B. m=+/2017 C. m=—/2017 D. m=0

Cho ham s8 y = x*+2(m—-2)x* +m? —5m+5.V4i gia tri nao ctia m thi d6 thi ciia ham s6 da cho
co cac diém cuc dai, cuc tiéu tao thanh mot tam giac déu
A.m=2-33. B. m=5-33. C. m=2+33. D. m=5+%3.

Vi du 143

Chohamso y = —% x* +3fmx? + 2017m? — 2018. Tim m d€ ham s& c6 ba diém cuc tri va cac diém

cyee tri cua d6 thi ham s6 tao thanh mot tam giac c6 goc ¢ dinh can b::fmg 30°.
A. m=14+83 B. m=14-8\3 C. m=-14+8\3 D. m=-14-83
JBS LOT QUAL oottt

Cho ham s6 y = x* +2mx* +8m* —25. Tim m d& ham s& c6 ba diém cuwec tri va cac diém cuec tri

cua d6 thi ham s6 tao thanh mdt tam gidc ¢ ban kinh dwong tron noi ti€p 1a 2
A.m=0;m=-2+2J2. B. m=-2+22. C. m=-2+22. D. m=-2-22.

Vi du 145

uA wRIYSuwenmjuainy/:sdyy o
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\ ~ 1 N ~? \ ~ /4 .« A? . \ /4 o« A2 . ?
Chohamso y= 2 X* +mx? +m?—2. Tim m d& ham s6 ¢ ba diém cuc tri va cac diém cuec tri ctia

d06 thi ham s6 tao thanh mot tam gidc c6 c6 ban kinh duong tron ngoai ti€p la g
A.m=-Im=2 B. m=2 C.m=-1 D. m=1

JBS LOT QUALL oottt

Vi du 146

Tim tat ca cac gia tri thuc cua tham sd m d€ d6 thi ham s6 y = J2x* +2mx? +m c6 ba diém cuc
tao thanh tam gidc sao cho truc hoanh chia tam gidc ABC thanh hai phan c6 dién tich bang

nhau
A.m=0m=2 B.m=0m=-2 C. m=-2 D. m=0m=%2

JES LOT QUL oo

Vi du 147

Cho ham s6 y =x*+ 2(m2 +m—1) x> +m?—=9. Tim m d& ham s8 c6 ba diém cuc tri va cac diém

cyee tri cua d6 thi ham s6 tao thanh mét tam giac c6 dién tich 16n nhat?

A.m=—=. B.m==. C.m=2. D. m=-2.

Vi du 148

N Y kd 7 .7 . 2 ~ A? A . AY ~ 1 7 o« A?
Tim t4t ca cdc gia tri thuwee ctia tham s& m d€ d6 thi ham s6 y = E x* —2x? +(1-m) c6 ba diém

cyece tri tao thanh tam giadc sao cho truc hoanh chia tam gidc ABC thanh hai phéan c¢6 dién tich

bang nhau.
A.m=2 B.m=0;m=2 C.m=0 D. Bap an khac

JBS LOT QUAL oottt
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Cho ham s6 y =—x*+2(m—2)x*+m?—-5m+5. Tim m dé ham s6 ¢ ba diém cuec tri va cac diém

cuee tri cua d6 thi ham s6 tao thanh mot tam giac c6 dién tich bf?mg 1?
A. m=3. B.m=2. C. m=43. D. m=+12.

JBS LOT QUAL oottt

2.4.Dang 4. Cdc bai todn cuc tri ham sé phan thiic, lugng gidc vé ti, ham bdc cao.

Phwong phap giai

Pay la dang toan co ban nhat vé cuc tri, tuy nhién xuat hién rat nhiéu trong cac dé thi. O

dang toan nay ta chi 4p dung cac tinh chat sau day.

Qui tdc 1: Dung dinh 1i 1

Budc 1. Tim Tap xac dinh D

Buwdc 2. Tim f'(x). Tim cac diém tai d6 f'(x) =0 hoac f'(x) khong xac dinh.

uA wRIYSuwenmjuainy/:sdyy o

Budc 3. Lap bang bién thién
Tt bang bién thién suy ra cac diém cuec tri.
Qui tdc 2: Dung dinh 11 2

f
+) X, la diém cuc dai cia ham s6 < { .

f
+) X, la diém cuc tiéu ctia ham s6 < { ;

a. Cdc bai todn tric nghi¢m co bdn

WPy PR /vy N

2

dat cuc dai tai

\ N X
Hamso y=

A. x=1. B. x=2. C. x=3. D. x=0.
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JBS LOT QUAL oottt

g Vi du 152
E, Ham s6 y =X +2x° -1 ¢4 bao nhiéu diém cuec tri?

—go A. 3. B. 2. C.0. D. 1.
8BS LOT QUL oo
=

e
)
=
o
>’ ..........................................................................................................................................................................
=
TP PP PP PP PP PP PP PSPPI
CI) ,
o Vi du 153
=

- SO cye tri cia ham sd y = \j_ X la:

Q B. 2. C. 3. D.O.

I JES LOT QUL oot

Vi du 154

Trén khoang (0;7), ham s& f (x)=x+2cosx dat cuc tiéu tai
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Ham s0 y =sin2x—x dat cuc tiéu tai

AL B. 3%, c. >z D.~
6 4 6 6
JBS LOT QAL vovereeeeeeeeeseiee sttt

b. Cdc bai todan tw lugn minh hoa

.« A M AN N \ ~ 1 1 7 o« A2 . A A \ \ 7
Biét rang d6 thi ham s8 y = > x> —3x—= c6 ba diém cyc tri thudc mot duong tron (C). Tinh
X

gan dung ban kinh ctia duong (C)?

Vi du 158

JES LOT QUAL oottt

Choham sé y = % ¢ bao nhiéu diém cuec tri trén doan [—7—77 : 57”} i
COS X —

JES LOT QUL oot

AN AN - X X . . 7 - A? \
Ham s6 y =sin® " +cos® " dat cuc dai tai cac diém nao?

uA wRIYSuwenmjuainy/:sdyy o
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2.5.Dang 5. Cdc bdi todn cuc tri ham chifa tri tuyén doi

Phwong phap giai

1. Cwc tri ham y= ‘ f (X)‘

* V& d6 thi ham s8 y = f (X), quan sat d6 thi ham s6 y = f (x) ta tién hanh:

+) Gift nguyén phan d6 thi cia ham s y = f (x)ndm phia trén truc Ox goi la phan (C,).

+) Lay d6i xting phan do thi con lai nam phia dwdi truc Ox qua truc Ox, dong thoi bo phan
d6 thi ndm phia dudi truc Ox goi la phan (C,).

* Tt d6 ta dwoc d6 thi ham s8 y =|f (x)| gdm c6 2 phan (C,) va (C,) déu nam phia trén Ox:
+ D0 thi di xudng roi di 1én khi qua xo ® Két luan ham s dat cuc ti€u tai xo twong tng.

+ D06 thi di lén r6i di xudng khi qua xo ® Két luan ham s6 dat cuc dai tai xo twong tng.

+ D0 thi chi di xudng hodc chi toan di 1én khi qua diém xo # Két luan ham s6 khong dat cuc
tai tai xo.

2. Cue tri ham y = f (x)

+V& db thi ham 8 y = f (x). Tir db thi

+ L&y phan d6 thi (C1) nam bén phai Oy.

= o https://luyenthitracnghiem.vn

+ L&y phan (C2) 1a phan d6i xiing phan bén phai Oy qua truc Oy.

+ D0 thi di xudng roi di 1én khi qua xo = Két luan ham s dat cuc ti€u tai xo twong tng.

+ D0 thi di lén r6i di xudng khi qua xo ® Két luan ham s6 dat cuc dai tai xo twong tng.

+ D0 thi chi di xudng hodc chi toan di 1én khi qua diém xo = Két luan ham s6 khong dat cuc

tai tai xo.

a. Cdc bai todn tric nghi¢m co bdn

Vi du 161

e§ Puong cong trong hinh sau la d6 thi cia mot ham s6 trong bén ham s6 y = f(x). Két luan dung
3 vé cyc tri ctia ham s6 y =|f (x)| la:
y
S -1 1
% ) / X
-1
A.Ham s6 co 1 cuc dai va 2 cuc tiéu B. Ham s0 c6 1 cuee tiéu va 2 cuc dai
C. Ham s6 ¢ 6 diém cuece tri D. Ham s0 c6 4 diém cuec tri

JBS LOT QUAL oottt
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Vi du 162

Cuc tri ctia ham s6 2020

Ham s6 y = f(x) c6 d06 thi la duong cong c¢6 dang nhu hinh vé sau day. Két ludn dang vé cuc
tri cia ham s& y =|f (x)| la:
y
KRk
A. Ham s c6 1 cye dai va 2 cuec tiéu. B. Ham sO c6 1 cuee tiéu va 2 cuee dai.
C. Ham s6 ¢ 3 cwee dai va 2 cuee tiéu. D. Ham s0 c6 3 cuc tiéu va 2 cuc dai

JBS LOT QAL voeereeeeeeeeeeiee ettt

Vi du 163

Cho ham s6 y =—x*+3x* +1. Két luan ding vé cuc tiéu cia ham s6 y =|-x° +3x? +1‘ la:

uA wRIYSuwenmjuainy/:sdyy o

A. Ham s0 dat cyee tiéu tai x =0 B. Ham s0 dat cuc tiéu tai x =0 va x = 3.
C. Ham s6 dat cuc tiéu tai x =2 D. Ham s0 dat cuc tiéu tai x =1

&S Loi gidi:

Vi du 164
Cho ham s& y = f (x) c6 bang bién thién sau:
X | —o 2 4 +0

'

y + 0 - 0 +

y_w/'3\_2/'+°0

Tong sd diém cuc dai ciia ham 6 y =|f (x)| la:

WPy PR /vy N

A.C62 diém cucdai  B. Cé 5 diém cuc dai
C.C63 diém cucdai D. Cé 4 diém cuc dai

&S Loi gidi:
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Cho ham s y = x* —3x* +5. Ménh dé nao ding vé do thi ham sd'y = |x* —3x* +5|?

A. Ham s6 co 2 cuc tiéu va 1 cuc dai B. Ham s0 c6 1 cuc dai va 1 cuc tiéu
C. Ham s6 co 1 cuc tiéu va 2 cuc dai D. Ham s0 cé 3 diém cuc tiéu

@ MBS LOTQIALL oo
>

B ettt ettt ettt ettt ettt et et a bt et et ettt ettt et et aens
2
<

TI)  eerreerreesseen e e e e e 1R 1R
o

o

“ --------------------------------------------------------------------------------------------------------------------------------------------------------------------------
= Vi du 166

o

<

§, Cho ham s8 y = f (x) =x*—3x* —9x+1. S8 diém cyc trj cia ham s8 y = f (|x|) 1a

5 A.7 B. 3. C.5. D. 9.

.

w ) o £ RN
g &S Loi gidi

=
PP
n --------------------------------------------------------------------------------------------------------------------------------------------------------------------------

Vi du 167

Cho ham s6 y = x® —3x—1. SO diém cuec tri cia d6 thi ham s6'y = ‘X3‘ —3|x|-1 la:

A. Ham s0 c6 3 diém cuee tri B. Ham s0 c6 1 diém cuec tri
C. Ham s6 ¢ 4 diém cuc tri D. Ham s0 c¢6 2 diém cuec tri
JBS LOT QUALT ottt

Vidu 168

E Cho ham s& y = f (x) lién tuc trén R va c6 bang bién thién nhu hinh bén dudi
} X —a0 -2 +aon
V + 0 - 0 +
¥ +ot
6

\ 2

Db thi ctia ham s y = f (|X|) c6 bao nhiéu diém cyc tri?
A. 2. B. 3. C. 4. D. 1.

JBS LOT QUL oot
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Cho ham s& y = f (x) c6 dao ham f’(x) trén R va do thi cia ham s6 y = f (X) nhu hinh vé.
3
" X e e
Ham s6 g(x)=f (X)—?+x2—x+2 dat cuc dai tai diém nao? 0
= =
=
"]
/. :
: S
-2 =4 o 1 2 =
5 <
e
=
==
5 =
E
A x=-1 B. x=1 C. x=0 D. x=2 -
=S
JES LOT QUAL oottt cg..
0
.......................................................................................................................................................................... E
<
.......................................................................................................................................................................... =]

Vidu 170
Biét réng ham s6 f (X) c6 do thi dwoc cho nhu hinh vé bén. Tim s0 diém cuc tri cia ham sd

y="f[f(x)].

YA
o x

EEEEEE TR IV

A. 5. B. 3. C. 4. D. 6.
&S Loi gidi:

WPy PR /vy N

Vidu 171

Cho ham s& y = f (x). D6 thi ham s6 y = f'(x) nhw hinh bén duéi

NE
AN
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Hoi ham s6 g(x)= f (1-x*)+2019 c6 méy diém cuc tri?

A. 1. B. 2. C. 3. D. 0.

Vidu 172

Cho ham s6 y=f(x) c6 d6 thi f'(x) nhu hinh vé. Tim s6 difém cuc tiu cta ham s§

2

X
= f(1-X)+ 2 —x.
y="f( x)+2 X

= o https://luyenthitracnghiem.vn

47
________ 3
| —a , 2
- il 5
A. 0. B. 1. C. 3. D. 2.
JES LOT QUL oo

Vi du 173

E: Cho d6 thi cia ham s y = x* —3x* +3 nhu hinh vé.
N

3

[\,

[~/

S8 diém cuee tri ctia d6 thi ham s6 y =[x*—3x?+3| 1a
A.2. B. 3. C.4. D.5.

JBS LOT QUL ottt
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Cho ham s6 f (x)=x’+ax®+bx+c thoa man ¢>2019, a+b+c—2018<0. Tim s& diém cuc tri
ctia ham s6 y=‘f(x)—2019‘
A. 3. B. 5. C. 2. D. 1.

SO nguyén bé nhat cia tham s6 m déhamsd y = |X|3 —2mx* +5|x| -3 ¢6 5 diém cyec trj la:
A. 2. B. 2. C. 5. D.O.
JES LOT QUL oo

Vidu 176

Cho ham s& y = f (x) ¢6 d6 thi nhu hinh vé bén dudi.

Tinh tong binh phuong tat ca cidc gid tri nguyén cua tham s& mdé ham s6
g(x)= ‘ f (x+2019)+3- Zm‘ cd nhiéu diém cuec tri nhat?

A. 1. B. 5. C. 10. D. 13.

JBS LOT QUALS oottt

Cho ham s6 y = f (x)=x>—3x+2. Tim s8 diém cuc tri cia ham s6 y:‘f (X)‘

A. 4. B. 5. C. 2. D. 3.

uA wRIYSuwenmjuainy/:sdyy o
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Choham s6 y = f (x)=2x" —4x*+1. Tong sd cuc tri cia ham s& y :‘ f (X)‘

A. 3. B. 9. C. 5. D. 7.

https://luyenthitracnghiem.vn

D e

Vi du 180

Cho ham s6 y = x* —2x* —3. Hdi ham s6 y =|x* —2x* —3| ¢6 bao nhiéu cuc tri.

Tong tat ca cac gia tri nguyén ctia tham s& m dé ham s y =(3x* —4x* —12x* +2m|c6 7 di€ém

cuc tri bang
A. 2. B. 6. C. 4. D. 3.

Cho ham s§ y = ‘x“ —8x% +m|. V&i nhitng gid tri nao ctia tham s6 m ham s6 c6 5 diém cyc tri.
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g5y Nhém toan VD - VDC Cuc tri ctia ham s6 2020

A. m>0. B. m>0. C. m=>0. D. m<0.

Vidu 183

Cho ham s& y = f (x) lién tuc trén R va cé d6 thi nhu hinh bén duéi:

y

X
[ o)
P06 thi cia ham sd y = ‘ f (X ‘ c6 bao nhiéu diém cuec tri?
A. 2. B. 4. C. 3. D. 1.

JES LOT QUL oot

Cho ham s6 y = f (x) lién tuc trén R va c6 dd thi nhw hinh vé. Hoi d6 thi ham s6' y =|f ()| <6
tat ca bao nhiéu diém cuc tri?
y

I

A. 5. B. 3. C. 2. D. 4.

JBS LOT QUL ottt

Cho ham s8 y=f(x) lién tuc trén R va c6 bang bién thién nhuw sau. Hoi d6 thi ham s6

= / 66
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iy Nguyén Hoang Viét ténhg hop “Thanh céng la néi khéng véi Iudi biéng”

y = f(]x]) <6 tat ca bao nhiéu diém cyc tri?
T o 1 3 400
f'() + 0o - o+
+oo

£
g
= A. 5. B. L. C. 2. D. 4.
en
E  JES LOU QIR ooeeeeeeoreeeeeeeseee oo
= S
)
=
Q ..........................................................................................................................................................................
)
=
OO0 OO0 OSSOSO

7]

o

= Cho ham s& y = f(x) c6 bang bién thién nhu sau
K

—o -2 0 2
+o 5
y=£(%) \ / \ /
14 4

S6 diém cuc tri cila ham sd y = | f (X)| la

A. 3. B. 5. C. 9. D. 7.

2 +m
+a

JBS LOT QUALS oottt

Cho ham s6 y =ax* +bx* +¢ (a,b, c € R) c6 d6 thi nhu hinh vé bén.

yA

£

£

E ........ L
§

S diém cuc tri ctia ham s& y =|ax* +bx® +¢| 1a

A.5. B. 6. C. 7. D. 3.




g5y Nhém toan VD - VDC Cuc tri ctia ham s6 2020
&5 Loi gidi:

Vi du 188

Chohams6 y=f x lién tuc trén R, cé bang bién thién nhu sau: .':"i
=
’ —o0 0 +00 '-g
Y — 0 + ﬁ'—
<
)
Yy 00 “+00 Eh
=
:.
-
Y
5
. \ A 7 « A « A7 . 'E-l
Hoéi ham so y :‘ f x ‘ cO bao nhiéu diém cuec tri? (ED
A. 3. B. 1. C. 4. D. 5. §

&S Loi gidi:
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