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Cluyin dé__f SO PHulC

§ 1. DAUG DAY SO CUA SO PHUC & CAC PHEP TOAK TREU SO PHUC

Yo e e

1. Dinh nghia

— Pon vi 40: S6 i ma i’ = —1 duoc goi la don vi do.
— S8 phtic z =a + bi véi a, b € R. Goi a la phan thuc, b la phéan ao ctia sd phtc 2.
— Tap sd phtic C = {a +bi|a, b € R; i* = —1}. Tap s6 thuc R C C.

Vi du. S6 phttc 2 =3 —2i¢ cd phan thucla ............ phanaola............

Dac biét:

« Khiphanao b=0 z=a € R & 2 lasd thuc.

« Khi phan thuc a =0 & 2z = bi < z 1a s0 thuan ao.

e S0 0 =0+ 07 vtra la so thuc, vtra la s6 ao.

2. Hai s6 phttc bing nhau

Hai s8 phtic 1a bang nhau néu phan thuc va phan ao ctia chting tuong ting bang nhau.

a=c
a+bi:c—|—di<:>{b_d voia, b, ¢, d € R.
Vi du. Tim cac s6 thuc z, y, biét rang (27 + 1) + (3y — 2)i = (2 +2) + (y + 4)i.
............. = e T=......
Giai. Ttt dinh nghia, ta co: { =
............. = s Y=.....

3. Bi€u dién hinh hoc ctia s6 phitc

biém M(a;b) trong hé truc toa d¢ vudng goc ctia mat

. , . x N : yar
phang dwoc goi la diém biéu dién ctia s phitc z = a + bi. 20D
Vi du. Quan sat hinh vé bén canh, ta co: DY S 4
« A7 PN « X A o 1 :
Diém A biéu dién cho s6 phiic: .................. 3 2 1o Lox
Diém B biéu dién cho s8 phtic: ........uuneeeeen. p b2
Diém C biéu dién cho s& phirc: .................. & 2]
) cn o qe X ~ N | G °B
biém D biéu dién cho s6 phtc: .................. ¥
4. Médun cua s phirc
Gia st s6 phtic z = a + bi dugc biéu dién boi diém M(a;b) trén mat phang toa do.
— D0 dai cua vécto OM duoc goi la mddun cta s6 phic z va dugc 4y
ki higu 1a [¢|. Khi do: |o| = [0M| = |a + bi = Ja* + .
7] S M
W o . 2 . I
—Kétqua:VzE(Ctaco:‘z‘zo, ‘z‘:O@z:O, zgz‘z‘ va ! N
Py -
a
— 2 — Zl Zl‘ O
Y e i 1 1
5 Rl
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Vi du. Tim moédun cta cac s6 phtec sau:

. z:3—2z’:\z\:\3—24:x/ ....................... — e,

. z=1+z\/§=>‘z‘:‘1+i\/§‘:\/ .................... —

5. SO phttc lién hop

— Pinh nghia. Chosd phtic z = a + bi, (a, b € R). Tagoi a — i la s6 phtc lién hop cua 2z
va dwoc ki hiéu la 7 = a — bi. R
Vidu. Cho 2=-3—-2i =2 = cecoeeirreerrnnns

ChoZ =44+ 31 = 2= oiiiiiiiiiiaininn.

— Trén mat phang toa do, cac diém biéu dién 2z va z doi xting véi nhau qua truc Ox.

— Tt dinh nghia, ta c6 cac két qua sau:

o Z =2z ‘Z‘:‘z‘ o z tz =2 *+7z, O 2.2, = Z,-2,
A s oA _ A -
o |—|=—- o zlasdthuc & 2 =7. o zlasdthuanao < z=—=2.
zZ Z
2 2

6. Cong, trir, nhan, chia sd phirc

Cho hai s6 phttc 2z, = a +bi va z, = ¢ + di.
— Phép cong va phép trir hai s6 phitc dugc thuc hién theo quy tac cong, trir da thic.
o Phép cong: 2, + 2, = (a + bi) + (c + di) = (a + ¢) + (b + d)i.
o Phép trie: 2, — 2z, = (a + bi) — (¢ + di) = (a — ¢) + (b — d)i.
S8 phtrc d6i cia sO phttc z =a +bi 1a —z2 =—a—bi. Dodd z 4 (—2) = (—z)+ 2 = 0.
Vi du. Cho hai s6 phitcla 2z, = 5+ 2i va 2z, = 3 + 7i. Tim phan thyec, phan do va moédun

ctia s6 phitc W = 2, + 2, VA SO PRUIC W' = 2, — 2, ccevvurreriieriieicecse i

— Phép nhan s8 phtic duegc thure hién theo quy tac nhan da thuc, roi thay i* = —1 trong két
qua nhan duoc. Cu thé z .z, = (ab — bd) + (ad + be)i.

Vi du. Cho hai s& phttc: 2z, = 5+ 2i va z, = 4 + 3i. Hay tinh:

z 2.7, Z.Z bd bc—ad .
— Phép chia: -+ =12 = 1;:a20+ ~+ S ag-z, (z, = 0)
Z, 2,2, ‘ZQ‘ ¢ +d ¢ +d
A ’ . 2 2 . \ 1 E E
— S0 phttc nghich ddocta z =a+bi=01la — = — =
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Bai tap van dung

BT1. Tim cacsd thuc 2 va y thoéa cac diéu kién sau (nhém st dung 2 s6 phirc baing nhau)
a) 20 +1+(1-2y)i=22—14)+yi —z.

Loi giai tham khao

T diéukién = 2z + 1)+ (1—-2y)i=4—-2i+yi—x

5 . | oy — (4 0); 2r4+1=4—=x z=1
& —2y)i = (4 — -2)i & & :
@r 4 +-)i=@-n -2 T el T

Nhan xét: O trén da st dung két qua ctia hai s8 phitc bing nhau néu phan thuc va
phan o ctia chting tuong ting bang nhau.

b) (1—2i)z+(1+2y)i=1+i. bS z=1 y=1.

) 3z + 2y —ix+5y =7+ 5. bS: x=-1 y=2

4y TV _ 39 PS: =5 y——1
1—1

e) x_§ y_3:z bS: z=-2 y=8
3+1 33—t

BT 2. Nhom bai toan tim phan thuc, phan 4o, s6 phitc lién hgp va médun ctia 2, w (loai 1)

a) Cho z thoa (2+14)z + Z = 5 — 4. Tim cac thudc tinh ctia w = 1+ 2z + 2°.

142
Loi giai tham khao
A2 9 )
Tt diéu kién c6 (2+i)z+%:5—i<:>(2+i)z+m:5—i
(1+2)(1—1) 1—4°
—21 2—1
PO T L S DN WO U RPNV C k)
2 241 (2+1i)(2—1)
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10—5i _ 10—5i

<z > S2z=2—u1

4—1
Suyra w=1+2z+2"=1+22—14)+(2—14)° =8—6i c6 phan thuc la 8, 4o la
—6.

S8 phtrc lién hop ctia w 1a = 8 4 6i = modun |w| = [ = V/8* 4 6* = 10
Nhan xét:
« Vé phuong phap tu luan, dé thuc hién phép chia 2 s phtic, ta can nhan thém s6
X ; v \ . “o . A ’ 1 — 19 1 —1 2
phtec lién hop ctia mau so, chang han trong 10i giai trén co Z = ( , ) —-
1+i (1+91—9)

« Neéu str dung casio, ta chuyén vé ché€ d0 CMPLX (mode 2) (i twong tng ENG).

5
Chuyén v€ tim z va nhap Tlﬂ sé dugc két qua 2 — 4, nghia la tim duoc
0

sO phttc z = 2 —1. Cac phép toan con lai thao tac twong tu trén casio.
b) z=(2+ 4i) + 2i(1 — 3q). bS: z =846
Q) (1+1i)z=14—2i DS: z=6—8i
d) I—-9)z+2—10)=4->5i bS: z=3-1
e) w=z —2z biét rang 2z, =1+21i, 2, =2—3i. bS: w=-3+8&
f) w=zz, biétrang z, =2+ 5i, z, = 3 — 4. bS: w=26+4T7i
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g) (1—2i)z—93+ 7.2 =5—2i bS: z =1+ 3.
—1
h) 1442 —14)z =841+ (1+ 20z bS: z2=2-3

BT 3. Nhom bai toan tim phan thuc, phan 4o, s6 phitc lién hgp va médun cta 2 (loai 2)
a) ChosO phutic z thdéa man (2 + 3i)z — (1 + 2i)z = 7 — i. Tim mddun cua 2.

Loi giai tham khao

Goi z=a+bi=2%=a—0bi (a, beR).
Tacd (2 + 3i)z — (L+20)F = 7 — i < (2 + 3i)(a + bi) — (1+ 2i)(a — bi) =7 — i
20+ 2bi+ 3ai + 3b® —a +bi—2ai + 26 =T —i < (a—5b) + (a +3b)i =T —i

R e e R R

Phan thuc ctia s6 phite 2 1a 2, phan do bang —1, s& phtec lién hop 7 = 2 + 4.

Nhin xét: Khi bai todn yéu cau tim cac thudc tinh ctia s6 phutc (phan thuc, phan ao,
modun hodc sd phtic lién hop) ma dé bai cho gia thiét chita hai thanh phan trong ba
thanh phan 2z, z, ‘z‘ thi ta sé goi s6 phttc 2z = a + bi = 7 = a — bi, ‘z‘ =a® +b°,

véi a,b € R, 16i sau d6 thu gon va st dung két qua hai s§ phitc bang nhau, giai hé.

b) 2z —1z =2+ 5. bS: z =3+ 4.
) z+(2+1i)z =3+ bi. bS: z2=2—-3u.
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e S
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R B
ili)iiiii;iSiili(i)ii;;ﬁ;ﬁi;;ﬁiiiiiiiﬁﬁiﬁiiiiiiiiﬁﬁﬁiiiiiiifﬁiii;3;}ﬁﬁ
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v
n)z+12Z22zva21\/3822—1}_21
O)Z2+2zz+z28vaz+Z2D821+Z21Z
p)W1+Zz+z2Vélz+(2l)Z5+ZSW3Z
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BT 4. Nhom bai toan tim cac s6 phirc 2z théa man bi€u thirc s6 phirc 1a s6 thuc, s6 thuan do
a) (Dé thi THPT Qudc Gia nim 2017 — Ma dé 102 ciu 44) C6 bao nhiéu s6 phtrc z thoa
man ‘z +2— z‘ =922 va (z —1)* 1a s6 thuan 4o ?

Loi giai tham khao

Goi z =a +bi (a,b € R).

Tacd (z -1 = 2> =22+ 1= (a + bi)* —2(a + bi) + 1

= (2 =1 = a’ +2abi + b —2a —2bi +1=(a® —b* —2a + 1) + (2ab — 2b)i
Vi (z — 1)’ 1a s6 thuan 4o nén phan thyc ctia né bang 0, nghia la c6:

o’ —b"—2a+1=0%<(a—17 -0 =0 1)

Taco|e+2—i=22 & ot bi+2-i=2V2 & [(a+2) + 0 -1 =212

eJa+2+0-17 =22 e @+2° + (-1 =8 (2

b=a-1
b’ =(a—1) {(a+2)2+(b—1)2:8
(a+2)2+(b—1)2:8© b=1-a
{(a—l—Q)Q—i—(b—l)Q =8

T (1),(2) = hé phuwong trinh [

b=a—-1 b=a-—1 a=20
l@a+27 +(@—27=8 ||2a>=0 b=-1

~ ~ 54 .
b=1—a b=1—a a:—li\/g
(a+27 +a> =38 > +2a-2=0 |lp=27+3

Cé ba s6 phtic thdéa méan yéu caubai toan la z = —i, z =—1=+ J3 +2F \/g)z

Bién soan & Giang day: Ths. Lé Odn Poan - 0933.755. 607 - 0929. 031.789 Trang - 9 -
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Nhén xét: S6 phtc z = a + bi dwoc goi la s6 phitc thudn ao < phan thuc a =0 va 2
la s6 thwe < phéanao b =0.

b) || =5 va phan thyc bing 2 Tan phan ao. DS: z =434+
z=1%1

Q) ‘z‘ = \/5 va 2 1a s thuan do. bs K
z=—1+1

d) ‘z—z‘ :\/5 va (z —1)(z + 1) la s thuec. bS: z=1 2=—-1+2i

e) ‘22 — E‘ =13 va (14 2i)z 1a s6 thuan ao. bS: z=+(2+9)
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f) (z—1)(z + 29) l‘asf)'thucv‘a‘z—l‘:\/g bS: 2=2i, 2=2—-2¢
g) z+7z =06 va 2’ + 27 — 8i laso thuc. bS: 2 =34+2

9 o z =21
h) |z —3i| = |1 — %] va z — = la s thuan ao. DS: :

P 2 =45 + 2
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BT5. Nhom bai toan 1dy médun hai vé ctia dang thitc s6 phitc (dé cin tinh |z| hodc P(Izl)
a) Choso phutc z théaman z —4 = (1 + 1) ‘z‘ — (4 + 32)i. Ménh dé nao sau day dung ?
A 0<[{<1. B. 1<|¢[<3. € 3<||<10.  D.10<<50.

Loi giai tham khao

Tir gia thiet, ta c6 2 — 4 = || + o] — 4i — 3iz & (1 +3i)z = (¢ + 4) + (|| - 4)s
Lay modun hai v€, duoc ‘(1 + 3@)z‘ = ‘(‘z‘ + 4) + (‘z‘ — 4)@"
et 30| = (] 4T + (= 4] & VIO = [l + 4] + (- 4]

& 10[ef =2|o[ +32e 8| =32 | =4+ ||=2 ChondapanB.

Nhén xét: Ldy modun hai vé cia mot biéu thitc s6 phic thuce ra la viéc st dung phép kéo
theo ctia hai s6 phtic béng nhau 2, =z, = ‘zl‘ = ‘22‘ Do d6 ta chi dwoc thuwe hién dwoc
no khi bi€u thirc gia thiét ctia bai todn duoc dwa vé cac dang chuan sau:

® a+bi=cH+di, véia, b, ¢, d eR.

@ (a+bi)z =c+di hodc (a +bi)z =c+di véia, b, ¢, d € R.

a+bi . . a+bi , .
® a = c¢i + d hoac t =ci+dvdia, b, ¢, deR.
z z
, _ _ 2 12 .
Ta thuong st dung cac tinh chat ‘z‘ = ‘z‘, 2z =|z| =|z| va ‘zl.zg‘ = ‘lezQ‘

b) Tim modun cta sd phtrc z théa man 2z —2 = (1 — ) ‘E‘ +(2— Z\/E)z
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d) Cho s phtic z = 0 thdéa man =i @ ‘_ FZ)Z + 2 — 4. Tinh gia tri cta ‘z‘
z
z

Jio

e) Cho s6 phtic z = 0 thoa man (1+ 22)‘2" = ——+ ¢ — 2. Tinh gia tri cta ‘z ‘
z

, ) V26 .
f) Cho s6 phtic z = 0 thoa man (2 + 3@)‘2" = —— + 3 — 2. Tinh gid tri cua ‘z‘
z

110

z

2

g) Cho s phic z = 0 thoa man (- 3)[7| = —— +3+i Tinh P = [z + |z
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BT 6. Nhom bai toan chuin hoa sé phirc

a) Cho cacs6 phttc z, = 0, z, = 0 théa man ‘zl‘ = ‘22‘ = ‘zl - 22‘. Tinh gia tri cua biéu

4 4
, z z
thttc P =|-L| +|2%
Z2 Zl

Loi giai tham khao

=+a’ + 0.
afH [T e e

‘zl—zQ‘zl ‘(1_a)_b@":1 (1—a)2+62=1@ a° —2a+1+b0" =1

Chuan hoéa z, :1:>‘zl‘:1 vadat z, = a+bi (a, b € R) = |z,

1
“=3 1 3 1 3 1 V3

& =2 =—+—¢vaséchonz, =—+—1i1=>2 —2z =———1.
A T
b=+—
2
Kiém tra ‘zl‘ = ‘22‘ = ‘zl — z,| théa man yéu cau bai toan.
22 22 .
z z cas1o , " .
Khido P=||-+|| +||-*|| =-1lakétquacantim.
z z
2 1

b) Cho hai sd phttc 2z, va z, théa man ‘zl‘ =3, ‘z ‘ =4, ‘zl — 22‘ = /37, Xét s8 phtic

2
z:ﬁ:a—kbz‘.Tim‘b‘.
22
3 V3 33
A=l el R bl

¢) Chohais§ phiic z,, z, thoaman || =2, |,| = V2. Goi M, N Ian luot Ia diém biéu

dién s8 phtic z, va iz,. Biét ring MON = 45° véi O la gdc toa do. Tinh

2 2
z + 422

A. 42, B. 4. C. 6. D. 4/5.
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d) Chobasdphtc 2, 2,, 2, thoaman ‘zl‘ = ‘22‘ = ‘23‘ =1vaz +2,+2, =0. Tinhgia
tri cuia biéu thitc P = zf + Z: + z§
A. P=-1 B. P=0. C. P=1. D. P =2.

BT 7. Nhoém bai toan st dung bat ding thitc trong s6 phitc
Vi s0 phtic z = a + bi dugc biéu dién boi diém M (a;b) trén mat phéng toa do0. Do d6 ta
c6 thé xem vécto OM = (a;b) cling biéu dién cho s& phitc 2. Nghia 1a c6 thé st dung bat
dang thitc vécto trong phép toan max — min ctia s6 phtic.

Cho ba vécto 4 = (a;b), v = (z;y), w = (m;n) vakhi do:

e T I : I o a b T
©) u—v‘z‘u‘—‘v‘.Dau "="xayra & u, U Cungchleu<:>—:—hay—:£-
x oy a b
N N : I o a b T
@ u—I—v‘2‘u+v‘.Dau":"xayra<:>u, vcungch1eu<:>—:—hay—:£-
Ty a
ol < == A : I o a b T
® u.‘v > u.0. Ddu "=" xayra < i, v Cungchleu<:>—:—hay—:£-
Y a b
— — — — — — A 2 a X m
) u+v‘—k‘w‘z‘u—kv—kw‘.Dau":"xayra<:>gz—:—-
n

CAc bat dang thiic cd dién thuong duoc st dung:

® Bat dang thttc Cauchy:

a+

o Véia, b >0 thi: 2bzx/ﬁ.Dé'u":"xéyra@a:bzo.

b , ,
o Véi a, b, cEOthi:M23abc. Dau"="xayra < a=b=c¢>0.

® Bat dang thitc Cauchy — Schwarz (Bunhiacdpxki):
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2 2
o Véia, b>0 va z, ybatky taludn cd 4 % > % (Dang cong mau sd).
a a

, , b
Dau "=" xayra<:>g:— hay r_y,
x oy a b

(az+by) <(a’ +°)(@" +y")
‘a.x + b.y‘ < \/(a2 +0%).(2* +¢°)

o Véia, b, z, y batky taludn co:

, , b
Dau "=" xayra<:>g:— hay r_y,
Ty a

(a.x+by+cz) < (@ +0 +)@ +y* +2°)
‘a.x—{—b.y—{—c.z‘ \/a —1—62-1-0 (x +y2—|—z2)

o Véi z, y, z batky thi:

, . b
Déu":"xayra<:>2:—:£ hay EZ%:

T Yy z o a

z

Luuy:
® Ta c6 thé sit dung phuwong phap ham s6 (hodc tam thic) dé€ tim max — min.
@ Ngoai ra con stt dung phuong phap hinh hoc (sé tim hiéu ky ¢ bai hoc 2).
a) Cho sO phuc z thoa ‘z -3+ 4@" = 4. Tim gia tri lénnhat P cua P = ‘z‘
Bai giai tham khao
Cach giai 1. Ap dung bat dang thiic ‘Ti — 17‘ > ‘ﬂ‘ — ‘17‘, (hay ‘21 — 22‘ > ‘zl‘ — ‘22‘)

Taco 4=z —3+4i =z — (3—4i)| > |o| -3 —4i| = |{| -5 = P =|¢| < 0.
Vay gia triléonnhatcaa P 1a P, =9.

max

Cach giai 2. St dung luong gidc hoa.
Goi z =z +yi (z,y € R). Taco ‘2—34—4@":4<:>‘($—3)+(y+4)i‘:4

’ ’ T3 sin o
S (z-3F +(y+47 =16 < |Z +% ~1.paty 4
Y12 — cosa
r=4sina + 3
< y:4cosa—4.Khidép:‘z‘:‘/x2+y2 :\/(4Sin04+3)2+(4cosa—4)2

= 41+ 24sina — 32cosa = \/41 + /247 4 32% sin(a — §) = /41 + 40sin(a — )
24 32
VOl —— = c08 [}, —————= =sinpf.
\24? + 327 \24% + 32°

Vi —1 <sin(a — () <1< —40 < 40sin(a — §) <40 < 1 <41+ 40sin(a — §) < 81
& 1< 41+ 40sin(a—B) <9< 1<P<9.SuyraP_=1vaP =09

max

Cach khac: Ap dung bat dang thtrc ‘a.x + b.y‘ < \/(a2 +0*)(2* + 9°)

Ta co ‘24.Sinoz + (—32).cos oz‘ < \/(242 + 32%)(sin” a + cos” a) = 40
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S —40<24sina—32cosax <40 < 1<41+ 24sina — 32cosa < 81

e 1<41+24sina —32cosa <9=P =1vaP =09

Cach gidi 3. Str dung phuong phap hinh hoc (sé tim hiéu rdng ¢ bai hoc 2).

Goi z =z +yi (z,y € R). Tacod ‘2—34—4@":4<:>‘($—3)+(y+4)i‘:4

& (z—3) + (y +4)° = 16. Do d6 tap hop biéu dién s6 phtec 2z 1a mot duong tron
cotam I(3;—4), bankinh R = 4.

= OM,=0I-IM, =0l -R=1
| =oM,=0M +2r=9 '

max

Tt hinh vé

Détim 2z cd mddun 16n nhat va z cd moédun nho nhat chinh
la toa do hai diém M, M, ciing la toa d0 giao diém cua

duong thang OI va duong tron.
Duong thang OI qua O(0;0) va c6 VTCP la oI = (3;—4)

co dan E—lﬁ ——éx:>(x- )= §_éﬂ_§
v g3 _4 y 3 72/ 57 57 57

Nhan xét: Cach 2 va 3 tong quét hon, co thé tim P va P . cung mét lac. Tuy vao yéu

mn

cau ctia bai toan ma ta chon phuong phap cho phit hop cho trac nghiém hoéc tw luan.
b) Cho sd phtrc z thoa man diéu kién ‘zz +4 — 3@" = 1. Tim gia tri nho nhat cua ‘z‘
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d) Trong cac sd phtic thdéa man ‘z -2- 4@" = ‘z - 2@", tim s6 phttc c6 mdédun nho nhat ?

Bai giai tham khao

Goi z =z +yi (z,y € R). Tir dieu kién = | + yi — 2 — 44| = |z + yi — 2]

la-2+@-vi=|r+ -2 e Y@ -2+ -9 =" +(y-2)
Sr+y—4=0y=4—-=1

Cach giai 1. St dung danh gia hang dang thic A* > 0.

Ta co ‘z‘:\/acQ—i—yQ :\/x2+(4—x)2 :\/2x2—8x+16=\/2(a:—2)2+822\/5.

=242 vadau "="xayrakhivachikhiz=y=2=2=2+2i.

min

=

z

2 2
Cach giai 2. Bat déng thitc Cauchy - Schwarz dang cong mau r + L > M .

2
a b a-+b
2 2 2 2
Ta cé ‘z‘:\/$2—|—y2 :\/$—+y—2\/wz\/%:2\/§.

1 1 1+1
= |z =242 vadau"="xayrakhivachikhiz=y=2=2=2+2i
Cach giai 3. Stt dung hinh hoc AY

Tap hop bidu didn s§ phtrc z laduong d:z +y—4=0. N Iy
~ = OH va s0 phtic can
tim chinh 1a toa d6 diém H 1a hinh chiéu ctia diém O 1én d. 5 ; d\

ViOH Ld:z2+y—4=0=0H:z2—y+m=0.

SO phttc c6 moédun nho nhat < ‘z‘

\ 2=

Bién soan & Giang day: Ths. Lé Odn Poan - 0933.755. 607 - 0929. 031.789 Trang - 19 -



Tai lieu én thi thpt Quée Gia mén Jodn T.T Fboang Gia - 56, Phé” Chg, P. Tan Thanh, Q. Tan Phi, Tp.T6CM

Do 0(0;0) € OH =m=0=0OH :x —y =0. Toa dd difm H =dNOH thoa man

. . r+y=4 T =2 ‘
hé phuwong trinh & 0= H(22)=2=2+2i= ‘z‘ ‘ = 2\2.
r=1Yy Y = min

e) Trong cac s6 phtic thoa man ‘z - z‘ = ‘Z —-2- 3@", tim s6 phtic c6 modun nho nhat ?

h) Trong céac sd phtic thdéa man ‘z - 1‘ = ‘z - i‘, tim modun nho nhat ‘w‘ cua sO phuc

min

w=2z+2—1.
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i) Cho cacsd phtic 2, w thoa man ‘z +2— 2@" = ‘z — 4@" va w = iz + 1. Tim gia tri nho
nhat cua ‘w‘

j) Cho sG phtic 2z thoa man diéu kién ‘z‘ >2. Tim tich ctia gia tri 16n nhat va nho nhat

ctia bidu thic P = [2Y.
y4
3
A2 B. L C. 2 D. =

k) Cho sd phtrc 2z thdéa man ‘z — 3‘ + ‘z + 3‘ = 8. Goi M, m lan luot gia tri 16n nhat va

nho nhat ‘z‘ Tim M + m.

A 4-4T. B. 4++7. C. 7. D. 4++/5.
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) Chosdphiic z thoa |2| = 1. Tim gia trj 16n nhét ctia biéu thie P = [1 + 2| + 3[1 — 4|

Loi giai tham khao

Goi z =z +vyi (z, y € R).
Tl‘rgiéthié't‘z‘zl(:) Pty =ler+y=1ley=1-1">0& 1Ll

Taco P =1+ 2|+ 31— 2| = |1+ )+ + 3]0 — 2) - yi

<:>P:\/(x+1)2+y2 +3\/(1—a:)2+y2 :\/($+1)2+1—a:2 —|—3\/(1—$)2—|—1—x2

& P =\2(1+ 1) + 3201 2).
Xétham s0 P = f(z) = /2(1+ z) + 342(1 — z) trén doan [—1;1] c&:

1 3
f(z) = -
L0 +2)  20-2)

V€ (~1L1). Cho f'(z) = 0 & o = —g € (—1:1).

Tinh f(—1) =6, f(1) =2, f[—%] — 2\10. Suy ra max P = 210.

, 4 4 ,
Dau "=" xéyra<:>x:——:>y:i§:>z:——:|:§z.
5) ) 5 b

Cach khéc: St dung bat dang thtic az + by < \/(a2 + b)) (z* + 7).

P = 1.\/(35 +1° +9° + 3\/(1 —z) +y’

& P < \/(12 + 32)[(x +1)+y + Q-2+ gf] = 20(> + * +1) = 2V10.

Luu y: Ta cé thé stt dung phiong phap hinh hoc sé ngan hon (bai hoc 2).

~ 7 2 \ 1 1 2 ’ z
BT8. Chosophtc z, 2, thoa 2z, =0, z, #0, 2, + 2, =0 va = —+—- Tinh |-+
Zl + 22 Zl 22 22

N ERE) E TR C I Y Y~ A
22 2 22 2 22 22 \/g
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BT 9. ChosOphtc 2z thdéa man diéu kién ‘22 —2z+ 5‘ = ‘(z —142i)(z+ 3i — 1)‘ Tinh min‘w‘,

voi w=2z—2+2i.

A. min‘w‘ = g B. min‘w‘ = 2. C. min‘w‘ =1. D. min‘w‘ = %

BT 10. Cho s6 phttc z thoa man ‘22 + 4‘ = ‘22 + 21’2‘. Tim gida tri nho nhat cta P = ‘z + z‘
A. minP =2. B. minP=1. C. minP = 3. D. minP =4.

BT 11. Cho sd phtic z = x + 2yi, (2, y € R) thay d6i thdéa man ‘z‘ = 1. Tinh téng S cua gia

tri 16n nhat va gia tri nho nhat cuabiéuthtc P =z —y ?
A S =[5 B. §=0. C. §=1b5. D. 5 = 245.
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

BAI TAP TRAC NGHIEM DANG PAI SO CUA SO PHUC
PA Gk @i’y

Nhom 1. Tim cac s6 thue 7 va y théa man hai sd phitc bang nhau||

(Dé thi THPT Quéc Gia ndm 2017 — Ma dé 103 cau 14) Tim tat ca cac s thye z, y sao
cho 2° — 1+ yi = —1+2i.

A z=—2 y=2 B. 2=+2, y=2 C. 2=0 y=2. D.z=42, y=—2
Trén tap sO phtc, cho 2z +y+ 2y —2)i =2 —2y + 3+ (y + 22 + 1)i véi z, y € R.
Tinh gia tri cua biéu thtec P = 2z + 3y.

A. P=T1. B. P =3. C. P=1. D. P =4.

Tim cac s6 thuc z, y thoa man diéu kién (1 —2i)z + (1 +2y)i =1+ .

A.z=1 y=—-1. B.z=1 y=1. Cz=-1Ly=1 D.z=-1 y=-1.
Tim tat ca cac cdp so thuc (z;y) thoa diéu kién 3z + yi = 2y + 1+ (2 — z)i.

A. (L1). B. (1), (0—1). C. (1,0), (~1;—1). D. (~=L—1).

Tim cac s8 thuc z, y théa man dang thic (3 + 5i) + y(1 — 2i)* = —35 + 23i.

A. (z3y) = (=3:4). B. (z;y) = (3;4).

C. (zy) = (3—4). D. (z;y) = (=3;—4).

Cho s thuc z, y théa 22 + 1+ (1 —2y)i =22 — i) +yi — 2. Tinh T = 2° — 3ay — v.
A T=-1 B. T'=1. C. T=-2 D. T =-3.

Nhém 2. Tim s6 phirc (hodc xéc dinh cac thuéc tinh ctia s6 phirc — loai 1)

(D& thi minh hoa Iin 1- B¢ GD & DT nim 2017) Cho s6 phttc z = 3 —2i. Tim phan
thuc va phan ao cua s6 phuc z.

A. Phan thuc bé“mg —3 va phan ao béng —21.

B. Phan thuc bgmg —3 va phan ao béng —2.

C. Phan thuc bgmg 3 va phan ao béng 21.

D. Phan thuc bgmg 3 va phan ao béng 2.

(S6 GD & DT Tp H6 Chi Minh cum 2 nam 2017) Tim phan thuc va phan 4o cua s6
phtc z = —i.

A. Phén thucla 0 va phéan aola —i. B. Phén thycla —1 va phan aola i.

C. Phan thucla —i va phan aola 0. D. Phan thucla 0 va phanaola —1.

(S6 GD & DT Tp H6 Chi Minh cum 2 nam 2017) Tim phén thuc va phan 4o cua s6
phtic lién hop Zz ctia s6 phtrc z = —i(4i + 3).

A. Phan thucla 4 vaphéanaola —3. B. Phan thucla 4 va phanaola 3.

C. Phan thucla 4 va phan aola 3.. D. Phan thucla —4 va phéan aola 3i.
Cho cac sO phtic z = 1427 va w = 2 + 4. Hoi s phttc u = z.w c6 ddc diém nao ?
A. Phan thucla 4 vaphanaola 3. B. Phan thuecla 0 va phan aola 3.

C. Phan thucla 0 va phan aola 3. D. Phan thycla 4 va phan aola 3i.
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

(Dé thtt nghiém Ian 2 - Bd GD & DT nam 2017) Tim s phtc lién hop cta s6 phirc
2= i(3i +1).
A. Z=3—1 B. Z2=-3+u C.z=3+u D. z2=—-3—u1
Tim s phtec lién hop ctia s6 phtec z = (1 —4)(3 + 2i).
A Z=1+u B. 2 =5+u C.zZ=5—-u D. z=1—u.
Cho s6 phttc zthoa man z(1+ 2i) = 4 — 3i. Tim s6 phuc lién hop z cuaa z.
Ar=-2-M B2 eyl opoao 2l

5 3 5 5 5 5 5 5
(S6 GD & DT Tp H6 Chi Minh cum 1 nidm 2017) Cho s6 phttc z thoa man diéu kién
(14 3i)z — 5 = 7i. Ménh dé nao sau day la ménh dé dung ?
Az—-B 4 g B 4, o B4 5B

5 O 5 5 5 5 5 D
(S6 GD & DT Tp H6 Chi Minh cum 6 nidm 2017) Cho céc s6 phtic z, =2 —3i va
z, = 1 + 4i. Tim s6 phtkc lién hop v6i s6 phitc 2, 2,.
A. —14 — 5i. B. —10 — 5q. C. —10+ 5e. D. 14 — 5:.
Cho s6 phtic 2z thoa man . _i 5 = 1 — 4. Tim s6 phtec lién hop Z.

i
A Z=-5—-1 B. 2 =—-1-5u C.z=5+u D. z =—-1+ 5.
Cho s0 phutic 2z thoa man (1 + i)z = 14 — 2i. Gia st s phtic lién hop ctua z ¢6 dang
Z =a+bi. Tim a +b.
A a+b=—-4 B. a+b=14. C.a+b=4. D. a+b=-14.
)4 . ~ ’ o« A —_— 2 ~ ’ o« A (7} - 1)2 + 2 .
Xac dinh s6 phttc liéen hop z cta so phttc 2, biét EEETTE = 2 + 3i.
—2i

A Z:—Z+§2 B E:Z—ﬁi. C.E:—Z—éz D. z2=—+—=1

2 2 2 2 2 2
Tim s6 phtrc lién hop ctia s& phitc z = (2 + 1) (—1 + 4)(2i + 1)°.
A. Z=15+5. B. 2 =1+ 3. C. z=5+15. D. z =5—-15.
(D thi THPT Quéc Gia nim 2017 Ma dé 104 cau 4) Cho s6 phtrc 2 = 2 +i. Tim |¢|.
A. |o|=3. B. |2 = 5. C. =2 D. |o|= 5.
(D& thit nghiém Ian 3 - B GD & DT nam 2017) Tinh mddun cta s8 phite z thoa man
A2 —i)+13i=1.

oV 34 34

A. | =34 B. || = 34. C. ‘z‘=T\/— D. ‘z‘=g
(S6 GD & DT Tp H6 Chi Minh cym 2 ndm 2017) Tinh mddun cua s6 phtc z thoa
man z = (1—20)|2 + i +i(3 — 2i)|.
A. | = 410, B. |o| = 4v5. C. 2| = 160. D. || = 2v10.
(Dé thi minh hoa Iin 1 - B GD & DT nam 2017) Cho hai s& phtic z, =144 va

z, = 2 — 3i. Tinh modun cta s6 phttc 2, + z,.
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A. ‘21+22‘:\/E. B. ‘214—22‘:\/3. C. ‘zl—i—zQ‘:l. D. ‘214—22‘:5.
Cau 24. Tim mddun cta s phitc w = (1 + 2)Z, biét z thoa man (3 + 2i)z + (2 — i)’ = 4 + 1.
A =2 B ju=vio.  cf=v5 D=+

Cau 25. Cho s6 phtc z = 2 — 31. Tim modun cta sd phtec w = (1 +14)z — Z.

A. fu| =3. B. |u] = 5. C. [uf= 4. D. [u]=+7.
Cau 26. Tim moddun cua s6 phuc z + LT 5? =2+ 3i.
—i
R e R L N L)
7 4 5 3
Cau 27. Cho s phtc z thoa man diéu kién (1 —3¢)z + 1+ ¢ = —z. Tim modun ctia s6 phtc
w =13z + 2u.
A. w‘:—Z. B. w‘=1£36 C. w‘:\/ﬁ. D. w‘:—%-

Céau 28. Cho hai s6 phttc 2z, =2 —3i va 2z, = 1 + 2i. Tinh modun ctia s6 phitc z = (2, +2)z,.
A =15 B. | =5v5. C. |o| = os. D. || = V137.

Cau 29. Cho s6 phtic 2z = —3 — 4i. Tinh mddun cta sd phttcc w = iz + 2.
z

A. u] = V2. B. |u|=2. C. [u]= 5. D. [u|=+5.

Cau 30. Tim mddun cta sd phtic 2, biét z thoa man z = (—4 + Z\/g) (2 +1).

A. z‘ = 8\/5. B. z‘ = 5\/3. C. z‘ = 6\/3. D. z‘ = 9\/3.
Cau31. Chos6 phtic z, =14 3i va z, = 3 — 4i. Tinh modun ctia s6 phttc 2, + z,.

A. |z —{—zQ‘:\/ﬁ. B. |z +z2‘:\/ﬁ. C. |z +22‘:4. D. |z —I—zQ‘:&

Céau 32. Chohai s phttc 2, =1+ 2i va z, = —2 — 2i. Tim modun ctia s6 phtkc 2, — z,.

A. 21—22‘:2\/5. B. zl—zg‘zl. C. 21—22‘:\/5. D. 21—22‘:5.

Céau 33. Chohai s phttc 2, =2+ 3i va z, = 14 4. Tinh ‘zl + 322‘.

A. |z + 32| =10. B. |z, + 32, =61.
C. |7 —1—322‘:\/6_1. D. ‘zl —1—322‘:\/5.
Py . ~ . . 4 2/2
Cau 34. Cho haiso phttc 2z, = 3 — 44, 2, = 4 + 3i. Tinh 3—1 .
zQ
A2 s B. |22 -2 a3 2| _5
3z, 3z, 3 3z, 2 3z, 2

Céu 35. (Pé thi THPT Qudc Gia nam 2017 — Ma dé 103 cau 09) Cho s6 phtic z = 2 — 3i. Tim
phan thuc a cuaa z.
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A. a=2. B. a =3. C.a=-3. D. a =-2.
Cau 36. (Dé thi THPT Qudc Gia ndm 2017 — Ma dé 102 ciu 27) Cho s6 phtic z =1 — i + 4°.
Tim phan thwc a va phan ao b cua 2.
A a=0,b=1 B.a=-2b=1 C.a=1b=0. D.a=1 b=—-2
Cau37. (S6 GD & DT Tp H6 Chi Minh cum 5) Tim phan 4o ctia s6 phtec z = 12 — 18i.
A. —18. B. 18. C. 12. D. —18..
Céau 38. (Dé thi THPT Quéc Gia nim 2017 - Ma dé 103 cau 07) Cho hai s6 phtic z, =1 — 3i
va z, = —2 — 5i. Tim phan o b cuaso phuc 2z = 2z, — z,.
A. b=-2. B. b =2. C. b=3. D. b =-3.
Céu 39. (Pé thi THPT Qudc Gia nam 2017 — Ma dé 101 c4u 07) Cho hai s6 phutic z, = 5 — Ti
va z, = 2+ 3i. Tinh s6 phtc z = 2, + z,.
A z2=T7—4i. B. 2 =2+ 51 C. z2=-2+4+5. D. z =3-10:
Céu 40. (Pé thi THPT Qudc Gia nam 2017 — Ma dé 102 ciu 08) Cho hai s6 phuic z, = 4 — 3i
va z, = 7+ 3i. Tim sd phtic z = 2, — z,.
A. z=11. B. z=3+61. C. z=-1-10 D. z=-3-6.

Ciu 41. (Pé thi THPT Qudc Gia nam 2017 — Ma dé 104 cau 10) Tim s6 phttc 2 thda man diéu
kién 2 +2 -3t =3 —2i.

A z=1-5. B. z=1+1. C. z2=5-5i. D. z=1—1.
Céu 42. (Dé thi minh hga - B§ GD & DT nim 2017) Cho s8 phttc z = 2 + 5i. Tim s6 phtic

w=12+7z.

A w=T-23. B. w=-3-3u C. w=3+Tu D. w=-7-Ti.
Cau43. Chohaiso phtic z =1+ 3i, w =2 — 4. Tim phan ao cua s6 phtic © = zZ.w.

A, 7. B. 5:. C. 5. D. —T7i.
Cau 44. Trong tap cac s6 phtic, tim s6 phttc 2z biét (1 +4)z +2 — 3i = 2(2 — i) — 2.

A z2=1+2. B. z2=2+1. C.z=2—1. D. z=1-2i
Ciu45. Choso phtc 2z =3 —2i. Tim phéan do b cta sd phuc lién hop cua 2.

A. b=2. B. b=—2i. C. b=2. D. b=-2.

Ciu46. (S6 GD & DT Tp H6 Chi Minh cum 5 nam 2017) Tim tat ca cac gid tri thyee cia tham

mtt g phan thuc duong.

m—1

s6 m dé€ sd phuc z =

A. m > 0. B. m < —1 hoac m > 1.
C. -1<m<l D. m > 1.
Ciu47. (S6 GD & DT Tp H6 Chi Minh cum 2 ndm 2017) Cho s6 phttc z = 3 + 2i. Tim phan
thuc cua s8 phiee 2°.
A. 9. B. 12. C. 5. D. 13.

Céu 48. (S6 GD & DT Tp H6 Chi Minh cum 2 ndm 2017) Cho s8 phttc 2 thoa man diéu kién
(13
1—1
A. m =16 B. m = 4\2. C. m =82 D. m=2/2.

z= -Tinhmz‘?—kiz‘.
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Céu49. (S6 GD & DT Tp H6 Chi Minh cum 2 ndm 2017) Cho s8 phtic z = a + bi (a, b € R)
thdaman (1+ i)’z +4 —5i = —1+ 6i. Tinh S =a + .

A S =-3. B. §=8. C. §=6. D. § =3.
Cau50. (S6 GD & PT Tp H6 Chi Minh cum 1 ndm 2017) Cho hai s& phtic z, =2 —3i va
z, = —1+ 5i. Tong phan thuc va phan 4o cta s phic w = z, + 2, bang
A. 3 B. 1. C. 2i. D. 3.
Cau51. Cho z la mot s do khac 0. Ménh dé nao sau day la dung ?
A z=7. B. z+2z=0.
C. 7 laso thuc. D. phan o z bang 0.
Cau 52. Cho sd phutic z = (2i)" — % SO phtic 5z + 3i 1a sO phttc nao sau day ?
A. 440 + 3i. B. 88+ 3i. C. 440 — 3.. D. 88— 3.
Cau53. Chos6phtc z=a +bi (a, b € R) thoa z = (1+2i)(3 — ). Tinh tdng P = a +b.
A. P=6. B. P=10. C. P=5. D. P=0.
Cau54. Cho z=a+0bi (a, b € R) thoa (24 i)z — (3 + 5i) = 4 — 4i. Tinh tong P = a +b.
A p=-2. B. p=2. c. P=4 D. P=2
) 3
Cau 55. Tim phéan ao b ctia s6 phitc w = 2, + 2z,. Biét s6 phttc 2, =3 —3i va z, = —1 + 2i.
A. b=1 B. b=—1. C. b=-T. D. b="T.
Cau56. Chohaisdphtic 2, =2—14, 2, =1+ Tinh T = ‘2122 + leg‘
A T =42 B. 7 =+5. c. T =2v1o. D. T=2

Cau57. Chohais6 phic z, = 1— 54, z, = 3 + 2i. Tinh phan ao b ctia s6 phitc z = 4
z

A. b =9, B. b=23; Cp=28 D. h=12.
13 13 18
Cau 58. Tim s0 phtic 2 thoa man diéu kién (1 + 24)(z —1) —5+2i = 0.
A. zzg—ﬁi. B. z:§+£i. C. zzg—gi. D. z:l—gi.
5 5 5 D 5 5 5 5
Cau59. Tim s6 phtic 2 thoa man diéu kién (1 —1i)(z +1—2¢) —3+2i = 0.
A z=413i B.r=242i  C.=242i D.z=4-30
2 2 2 2
Cau 60. Tim s6 phttc 2 ma z +4 = 2(2 —i).
A z2=2+42. B. z=1+u. C. z2=1+2. D. z2=2+u.

Cau6l. Goi w la s6 phitc nghich dao cua s6 phtic z = 1+ i3, Hay tim w.

1 V3. 1 3 1 3 1 3

A w=———i. B. w=—+—i. C. w=—+4+—i D w=———1
2 2 2 2 4 4 4 4
Cau 62. Cho sd phttc z = 3 + 2i. Tim s8 phttc w = z(1 + i)’ — Z.
A. w=3+5i. B. w="7-38u. C w=-3+5. D. w=-7+8i
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Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cho s6 phttc 2 = 2 — 3. Tim phéan 4o a ctua s6 phtic w = (1 + i)z — (2 — i)z.
A. a=-9. B. a=-9. C. a=-b. D. a = —5i.
Cho s6 phttcc 2 =1 —2i. Tim phan thuc a cua s6 phtic w = 2* — 2 + 2.Z.
z
A.a:—ﬁ- B.a:—ﬂ- C.a:—g- D.a:g-
) ) )
Cho hai s6 phttc 2, =5—2i va z, =3 —4i. Tim s6 phttc lién hop cua sd phtc
w=72 +2z +222,.
A. w =54+ 261 B. w=-54—-26i. C. w=54—-26i. D. w=>54—30.
Cho s8 phtec 2z théa man diéu kién (2 + i)z + — L — 5. Tim modun cta s& phtic
+1
w=1+2z+ 2"
A | =4 B. [w|=247. C. [w|=10. D. |w] = 100.
Cho s0 phuc 2 thoa (1+ i)z — 1 — 3i = 0. Tim phan 4o ctua s6 phtec w =1 — iz + 2.
A. Phanaola 1. B. Phanadola —3. C. Phanaola —2. D. Phanaola —1.
SO phtrc 2 thoa man ‘z‘ + 2z = 0. Tim khéang dinh dang ?
A. z la so thuc nho hon hodc bé“mg 0. B. ‘z‘ =1.
C. Phan thuc ctia z la mot sO am. D. z 1a sO thuan ao.
Véi moi sd thuan ao z, sd 2* + ‘zr c6 dac diém nao sau day ?
A. laso 0. B. las6aokhac 0. C. lasdthycam. D. lasd thuc duong.
. w A = 1 \?
Tim s6 phttc z thoa man diéu kién z = gl(l — 22) —z|.
A.z:—é—%. B.z:—§+2i. C.z:2+§i. D.zz?—ézﬂ
4 4 4 4
(S6 GD & DT Tp. H6 Chi Minh cum 2 ndm 2017) Cho hai s8 phtic z, =2 +i va
2016
z, = 1 —2i. Tim mddun ctia s§ phitc w = ——-
2

A. [u]=5. B. [u] = V. C. |u]=3. D. [u] = 5.
Rat gon biéu thic P = (1 —4)™'.
A P — 21008 B P — _21008 C P — 210087; D P — _210087;
Tim phan thwc a va phéan do b cta s6 phic 2z = (1 + )".
A. a=0, b=32. B. a=0,0=32. C.a=0 b=-32. D. a=32 b=0.

2016
Cho sd phttic z = a + bi, (a, b € R) théaméan z = 1; -| - Tinhtong S =a +0.

i
A S=-1. B. §=0. C. S=1 D. S=2.
Cho s6 phtic z théa man (1 + Z\/g)z = 44. Tinh 2*""".
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A —87(W31+40).  B. 8™(iW3-1). C 87344  D. 81— i3).

Cau 76. Chosdphtic z=a+bi, (a, b € R) thoaman z :% Tinh tong S = a + 2b.
A. S =38 B. S =10. C. §=3L. D. S =55.
Céau 77. X&c dinh s6 phttc z théaman (1 — i)z =2 —i.
A. Z:%—%i. B. Z:%+%i. C. Z:%+%i. D. Z:%—%i.
Cau78. TimsGphitcz=1+i+ 1+ + 1+’ +---- +(1+ 0)*.
A. z2=1025—-1025. B. z =—1025—1025:.
C. z=-1025 4 1025z. D. z =1025 + 1025z.
Cau79. Chosdphuc z=(1+14)° +(1+4)°" +1+4)" +---+(1+ i)**. Tim phan thuc a cua
sO phtec 2.
A a=-2" B.a=-2"+2 C a=-2"-2. D.a=2"
Cau 80. Tim phan thuc a va phanao b ciasd phtic 2 =1+ +4" + i +------ + 329,
A.a=0,b=-1. B.a=0b=1. C a=15b=1. D.a=1 b=0.

Ciu 81. Tim mdduncuasdphic z =1+ +i' +---+ " +---+7° ne N

A. ‘2‘22. B. \z\:l. C. ‘z‘leOS. D. ‘z‘:2006.

Cau82. ChosSphtcz=i+4 +i" 4+ """ +--- 47" n e N Tims6 phttc w =1— 2

A w=1+1. B. w=1—u. C. w=1. D. w=—i.
Cau 83. S3phtic z thoa z =1+ 2i + 3i* + 4i* +--- + 18/, Tim khang dinh dang ?
A z—i=-9+9. B. z=-9-9. C. z=-18. D. 7 =18,

Ciu 84. Tim phanthuc a ctasdphtc z =1+ 1+ + (1 +4) + (1 +4) +---+ (1 + )"
A a=-2" B. a =2" C. a=-1-2% D. a=1+2"

Nhém 3. Tim s6 phirc (hodc tim cic thudc tinh ctia s6 phitc — loai 2)|

Cau 85. (Pé thit nghiém — B GD & DT nam 2017) Cho s8 phtic 2z = a + bi (a, b € R) thoa
man (1+ i)z +2zZ =3 +2i. Tinh P =a +b.

L. B. P=1. C. P=-1. p. pP=-1.
2 2
Céu 86. (Pé thi THPT Qudc Gia nim 2017 — Ma dé 101 ciu 36) Cho sd phitc z = a + bi

(a, b €R) thc’)aménz—l—1+3i—‘z‘i:0. Tinh S = a + 3.

A. P=

A.Szg- B. § =-5. C. §=5. D.S:—g-

Céu 87. (Pé thi THPT Quéc Gia nim 2017 - Ma dé 104 ciu 36) Cho s8 phtic 2 thoa man
‘z‘ =5 va ‘z+3‘:‘z+3—10i. Tim s6 phttc w = z — 4 + 3.

A, w=-3+8&. B. w=1+ 3. C. w=-1+T71 D. w=-4+ 8.
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Céu 88. (Pé thi THPT Qudc Gia nim 2017 - Ma dé 103 ciu 38) Cho sd phtic 2 thoa man
|o+ 3| =5 va | —2i[ =|: —2—2i|. Tinh |¢].
A =17 B. |o| = V1. C. |2 = 1o D. || =10.

Céu 89. (Pé thi THPT Qudc Gia nim 2017 — Ma dé 102 ciu 39) Cho sd phitc z = a + bi
(a, b€ R) thébaman z +2+i = ‘z‘ Tinh S = 4a +0.
A. §S=4. B. §=2. C. §=-2. D. § =—-4.

Céu 90. (Pé tham khao — B GD & DT nam 2018) Cho s phtic z =a +bi (a, b € R) thoa
man z+2—|—i—‘z‘(1+i) =0 va ‘z‘ >1. Tinh P =a+b.
A. P=-1. B. P =-5. C. P=3. D. P=T.

Ciu91. (S6 GD & DT Tp. H6 Chi Minh cum 1 ndm 2017) Cho s8 phtic 2 thoa man diéu kién
(1—14)z 4+ 4z = 7 — 7Ti. Tim modun cua s6 phtc 2.
A. =13 B. || =5. C. || =+b5. D. |o|=3.

Céu 92. (S6 GD & DT Tp. H6 Chi Minh cum 2 nidm 2017) Tinh m6dun ctia s& phttc 2 thoa
man 3z.z +2017(z —2z) = 12 — 2018i.

A. || =2. B. [ =v2017.  C. |¢|=14. D. || = v2018.
Céu 93. (S6 GD & DT Tp. H6 Chi Minh cum 3 ndm 2017) Tinh tong S clia cac phan thuc cua

tat ca cac sO phtc z thoa man diéu kién z = \/522.

3 243 3
A. § =13 B 53, c 5=, Y
6 3 3
Céu94. (S6 GD & DT Tp. H6 Chi Minh cum 5 ndm 2017) Cho 2 s8 phtic thoa man diéu kién
z 4+ (1 —2i)z = 2 — 4i. Tim modun cua s6 phtc 2.
A lf|=3. B. || = 5. C. || =5 D. |o| = 3.
Céu 95. (S6 GD & DT Tp. H6 Chi Minh cum 6 ndm 2017) Cho s& phtic z = a + bi (a, b € R)
théa man 2° =18 +26i. Tinh T = (z —2)* + (4 — 2)".
A. 2. B. 4. C. 0. D. 1.
Cau96. Choso phtic z =a +bi (a, b € R) thoa ‘z‘(Z +i)=2—1+4+1i(2z+ 3). Tinh a +b.

A a+b=-1. B. a+b=1. C.a+b=T. D. a+b=-5.
Cau97. Chosé6phtic z =a +bi (a, b € R) thoéa 2(2i —3) — 8i.Z = —16 — 154. Tinh a — 3b.
A. 4. B. 6. C. 5. D. —1.
Ciu98. Chosdphuc z =a +bi (a, b € R) thoaman 2(z + 1) = 3z + (5 — ). Tinh a + 2b.
A a+2b=1. B. a 420 =-3. C. a+2b=3. D. a+2b=-1.
Cau99. Cho s6 phtc z =a +bi (a, b € R) thoa man 2z +z = 3 + . Tinh gia tri ctia biéu
thitc 3a + b.
A. 3a+b=3. B. 3a+0b=4. C. 3a+b=6. D. 3a+b=>5.
Cau 100. Cho s6 phttc z =a + bi (a, b € R) thtaman (1+14)(2z—-1)+ (z +1)(1 —i) =2 — 2i.
Tinh P =a+b.
A. P=0. B. P=1. C. P=-1. D. P=-2.
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Cau 101.

Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

Cau 112.

Cau 113.

Cau 114.

Tinh modun ctia s6 phtic z thoa man 2.z + 3(z —z) = 4 — 3i.

A |o|=2. B. | =3 C. o] =4 D. |{=1.
Cho s6 phttc 2 thdéa man 3z + 2z = (4 — i)>. Tim mddun cua sd phtec 2.

A. =13 B. | =5. C. || =73. D. | =73.
Cho s6 phtic z thoa 2z = i(z + 3). Hay tim modun ctia s6 phtc 2.

A | =+5. B. || =5. C. | =¥- D. || =¥-
Cho s6 phtic z = a + bi (a, b € R) théaman (1 +4)z + 7z = 1 +i. Tim o’ +b°.

A. o +b =2T7. B. *+bP=—-4. C. a*+b=15. D. o*+b =2

Cho s6 phtic z = a + bi (a, b € R) thoaman z — (2 + 3i)Z = 1 — 9i. Tim a + b’
A. a+0b =5. B. a+b =—1. C. a+b=-2 D. a+b°=3.
Cho s8 phttc z = a + bi (a, b € R) théaman zi + 27 = 4 — 4i. Tim 2* +2".

AZHY—— B Z4Y-8 CT4Y-l. D Y+P-R

Tim mddun cta s6 phttc z thoa man diéu kién (1 + i)z + (3 — i)z = 2 — 6i.

A. ‘z‘ = \/E B. ‘z‘ = \/B C. ‘z‘ = \/g D. ‘z‘ = \/g

Tim mddun cua s6 phtic z thoa man diéu kién 2z + (1 +4)z = 5 + 3i.
A. ‘z‘ = \/g B. ‘z‘ = \/g C. ‘z‘ = 3. D. ‘z‘ =5.
Cho s6 phtic z thoa man (2 + 3i)z — (1 + 2i)z = 7 —i. Tim modun cua z.
A | =5 B. || =1. C. || =+3. D. | =2.
Cho s8 phtic z=a +bi, (a, b €R) théa z — (2 + 3i)z = 1 — 9i. Tinh T = ab + 1.
A T=-1. B. T'=0. C. T'=1 D. T =-2.
Tim cac s6 phtecc z = a +bi (a, b € R) thdéa man ‘z -2+ z)‘ =10 va 2z =25
Tinh gia tri cua biéu thtic P = 2a +b.
A. P =10. B. P =-2. C. P=T. D. P =5.
Cho s6 phtrc z = a + bi (a,b € R) thoa =1 va 2+Z‘ =1. Tinh P =a’* -V’
z—1 z— 31
A. P=-2 B. P =5. C. P=0. D. P=T.
ooy . \ . 2—1iz z+22 — ,
Cho s6 phtc z = a + bi (a, b € R) thoa man - =27 va ‘z‘ > 1. Tinh
241 1-—2
gia tri ctia biéu thic P = a® +b° — ab.
29
A. P=0. B. P=—- C. P=5. D. P=1.
100

Cho s6 phtic z = a + bi (a, b € R) théa man 2° +12i = Z va c6 phan thiec duong.
Tinh P = 3a — 20.
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A. P=-11. B. P=-2. C. P=5. D. P =8.

CAiu 115. Cho sd phtic z = a + bi (a, b € R) thoaman (z +1)(1 + ) + ? = ‘zr va c6 phan

thwe khac 0. Tinh P = a® — 20.

p=—L. B r-0 c.p=22. cp=2L
100 100 100

Cau 116. Chos6phtic z =a + bi (a, b € R) thoaman 2(z +1)+z—1=(1— Z)MQ va ‘z‘ <1.
Tinh P = 2a + 3b.
1 3 4 . 3

A. P=_=-. B. P=——. C. P== D. P=—.
3 10 3 10

: . - N o 1
Cau 117. Cho s6 phttc z = a +bi (a, b € R) thdoa man zv32z2 +1 = ‘z‘(Q + 6iz) va ‘z‘ > =

Tinh P = 5a + .

A. P=1. B. P=0. C.P:—%- D. P=-2.

Cau 118. Cd bao nhiéu so phtrc 2z thoa man diéu kién ‘z.Z - z‘ =2 va ‘z‘ =27
A. Mot. B. Hai. C. Ba. D. Bon.
Cau 119. C6 bao nhiéu sd phtrc 2z thdéa man ‘z + 6‘ =5 va phan &o ctia z bang 4.
A. Mot. B. Hai. C. Ba. D. V6 5so.
Cau 120. C6 bao nhiéu s phtrc 2z théa man dong thoi ‘zr + ‘3‘2 =26 va z+7 =6.

A. Hai. B. Ba. C. Hai. D. Moét.

Nhém 4. Tim cc s6 phirc 2 théa man biéu thitc s phirc 1a s8 thue, s6 thuin 4ol

Céu 121. (Pé thi THPT Qudc Gia nam 2017 — Ma dé 101 ciu 03) S6 phtic nao dudi day la s6
thuan ao ?
A z=-2+3i  B. z=3i C.z=-2 D. z =13+

Céu 122. (Pé thi THPT Quéc Gia nim 2017 - M dé 102 cau 44) C6 bao nhiéu sd phtc 2 thoa
man ‘z —i—2—z" = 2v2 va (z — 1)’ la sd thuan 40 ?
A. 0. B. 4. C. 3. D. 2.

Céu 123. (Pé thi THPT Qudc Gia nim 2017 - M dé 101 cau 46) C6 bao nhiéu sd phirc 2 thoa

1a s6 thuan ao ?

man ‘2—3@" =5 va
z—4

A. 0. B. Vo s0. C. 1 D. 2.
Céu 124. (Dé thi THPT Qudc Gia nim 2017 - Ma dé 103 cau 48) C6 bao nhiéu sd phic 2 thoa

1a s6 thuan 4o ?

man ‘z—i—?)i‘:\/ﬁ va
z+2

A. V0 s0. B. 2. C. 0. D. 1.

A 2. 3 « A A 7 2 ~ . \ 2 \ A A 2
Cau 125. Hoi cé bao nhiéu so phttc z thoa man ‘z - z‘ = \/5 va 2z~ la so thuan ao?
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A. Ba. B. Mot. C. Bon. D. Hai.
Cau 126. Biét c6 bon s phiic thoa man ‘z‘ = /2 va #* 1a 6 thuan do. Tinh tong cac phan ao
cta bon s6 phuc do.
A. 0. B. 4. C. —4. D. 5.
Cau 127. Cho s6 phtic z = a + bi (a, b € R) théa man 2z + 3i coé phanaola 5 va 32+ 2i —3
la s& thuan ao. Tim a” + 2b°.
A @’ +20°=26. B. a*+20°=2. C.a*+2V =38 D.a" +2b =43.
Cau 128. Cd bao nhiéu sd phtrc z thdéa man ‘z - z‘ —\2 va (z —1)(Z + 1) 1a s0 thue.
A. 1. B. 2. C. 3. D. 4.
Cau 129. C6 bao nhiéu sd phtrc z thoéa man (1 — 37)z 1a s6 thuc va ‘E -2+ 5@" =1.
A. 1. B. 2. C. 3. D. 4.
Cau 130. Biét c6 ba s6 phtrc 2 thda man ‘z - 3@" = ‘1 - i.Z‘ va z —g la s6 thuan ao. Tinh tong
cac phan thyc ctia ba s6 phic z do.
A. 2. B. 25. C. 0. D. —2v5.
Cau 131. Biét rang c6 bon s8 phtic théa man ‘z —Z+1- z‘ — 5 va (2 —2)(i + Z) 1a s6 thuan
ao. Tim tdng cac phan thuce ctia bon s phire do.
A. 5. B. 6. C. T D. 8.
Cau 132. Biét rang c6 hai s6 phtic thoa man 2‘2 - z‘ = ‘z —-z+ 2@" va (2 —2)(i 4+ z) 1a s6 thuc.
Tinh tdng cac phan ao cua hai s6 phtc do.
A. 9. B. 7. C. 5. D. 3.
Cau 133. Goi s6 phtic z = a + bi (a, b € R) thoa man (2z + 3 —2i)(z + ¢) la s6 thuan ao va
‘z +1-— z‘ = ‘i.? - 2‘. Tinh tong a* + b°.
A. 1. B. 11. C. 21. D. 31.

, , o 2430 0 o
Cau 134. Cho sd phtecc z = a +bi (a, b € R) thoa man w = M la mdt s6 thuan ao va
z—1

\z+1—3z‘\:\z—1+z‘\.Tinhpzza_b.

A. P=-3. B. P =—4. C. P=-5. D. P =2.

Cau 135. Cho sO phtc z = a + bi (a, b € R) thoa man ‘2—2@":‘3+2+4i‘ va ;;z la s&
thuan do. Tinh P = a +b.
A.P:—g- B. P =2. C. P=1. D. P =38.

Cau 136. Cho s6 phttcc 2z = a + bi (a, b € R) thoa man iz’ —|—‘z‘ +1=0 va c6 phan thuc
dwong. Tinh P = a —b.

A P=—- B. P=0. C. P=—- D. P=-2.
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Cau 137.

Cau 138.

Cau 139.

Cau 140.

Cau 141.

Cau 142.

Cau 143.

Cau 144.

Cau 145.

Cau 146.

4 AV \ . 14 DA - A 1 - 2 \
Héi c6 bao nhiéu s phttc z thoa man dong thoi cac diéu kién f + Ll=1vaso
Z+ 3440
phtc Z__ 2_@ la s6 thuan ao.
z+1
A. 0. B. 1. C. 2 D. 4.
N1 4i )" \on A . A
Cho s0 phttc z = [ T 1] , m la s6 nguyén duong. C6 bao nhiéu gia tri m € [1;100]
i
dé z 1a sO thuc?
A. 25. B. 26. C. 27. D. 28.
Cho s6 phttc z = i m la nguyén duong. C6 bao nhiéu gia tri m € [1;50] de
—1
2z la s6 thuan ao ?
A. 24. B. 25. C. 26. D. 50.
Nhom 5. Liy modun hai vé ctia dang thirc s6 phitd
(D& thit nghiém Ian 3 - B GD & DT nam 2017) Xét s8 phtic » thoa man diéu kién
10 y
(L4204 = Jio 2 + i. Ménh dé nao dudi day déng ?
z
1 1
A.§<M<2. B. |{>2. C. Jo| <= D.—<‘z‘<§-
2 2 2 2
Cho s6 phtic z thoa man z ((3 + 41) ‘z‘ -4+ 3@'] — 5v2 = 0. Tinh gid tri cua ‘E‘
A J7| =2. B. [2] = 2. C. [z] =242 D. [7|=1.
Cho s6 phtic 2z thoaman z + (4 + 3z2)i =4 + (1 +9) ‘z‘ Hoi ménh dé nao dang ?
A.O<‘z‘§§- B.§<‘z‘§3. C.3<‘z‘§2- D.2<‘z‘§10.
2 2 2 2
Cho s6 phtic z = 0 thoa man Ll +i= w + 2. Hoi ménh dé nao dung ?
2
2
1 1
A. §<‘z‘§2. B. |{>2. C. o <= D. —§‘z‘§§-
2 2 2 2
A 9 ~ . \/E . , 4 2
Cho s6 phtic z = 0 théa man (1 + 22)‘z‘ =———2+14. Tinh ‘z‘ + ‘z‘ .
z
A. 1. B. 2. C. 3. D. 4.
A 9 ~ . \/% . , 4 2
Cho s8 phtic z = 0 théa man (2 + 32)‘Z‘ = ——+3—2i. Tinh ‘z‘ + ‘z‘ .
Z
A. 1. B. 2. C. 3. D. 4.
, . 4410 -
Cho s8 phtic z = 0 théa man (1 — 32)‘Z‘ = \/— + 3 4 ¢. Tinh ‘zr + ‘zr
z
A. 1. B. 16. C. 9. D. 25.
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Nhom 6. Chuin hoa s phirg

Céu 147. Cho hai s6 phtic 2z, z, théaman |z | = 2‘22‘ =2va ‘221 — 322‘ = 4. Tinh ‘zl + 222‘.

A. ho. B. V11, c. 1s. D. 245.

Céu 148. Cho hai s6 phttc 2z, z, théaman |z | = ‘22‘ =1va ‘zl — 322‘ = 2. Tinh ‘221 + 322‘.

—

—

A. /249. B. 1. C. v241. D. 5.

— 2. Goi M, N 1an luot 1a diém bidu

Céu 149. Cho hai s6 phttc 2z, z, thdaman |z | = 2, ‘zg

dién s8 phttc 2, va iz,. Biét rang MON = 45° véi O la gdc toa do. Tinh |27 + 427
A 42, B. 4. C. 6. D. 4+5.
Cau 150. Cho hai s6 phttc 2z va z, théa man ‘zl‘ =3, ‘22‘ =4, ‘zl — 22‘ = \/37. Xét s6 phtic

z

z=-—+=a+bi. Tim ‘b‘
22
3 J3 3\3 8
Cau 151. Cho s6 phtic z thoa man ‘z‘ = 1. Tim phén thyc b ctia s phtic —
— 2z
A.b:l- B.b:—ﬁ- C.b=£- D. b=—-1.
2 2 2

Cau 152, Cho hais6 phic 2,, z, thoaman |z| = |e,| = 1 va |z, + 2= 3. Tinh |5, — 2.
Ay —z=1 B.|5-z|=2  Cly-z|=3  D.|g-z|=4

Cau 153. Cho cac s6 phtic z,, z, thoaman |z, +2,|=3, |5 =1, |s,| = 2. Tinh 27, + 72,
A. 2. B. 0. C. 8. D. 4.

Cau 154. Cho hai s6 phtic 2, z, thoa man ‘zl‘ = ‘zg‘ = ‘zl — 22‘ = 1. Tinh ‘zl + 22‘.

A. 3. B. 243 C. 1. D. g

Cau 155. Cho cac s6 phtic z, z, thoa man ‘21 + zQ‘ = \/g, ‘zl‘ = ‘zg‘ =1. Tinh 2z, + 7z 2,.
A 2z, +22 =0 B. 2z +2z2 =1 C. 2z +2zz =2. D. 2z +7zz =-1

Py 4 ~ ’ \ N A ?. z
Cau 156. Cho cac so phttc 2z, w = 0 va ‘z — w‘ = 2‘2‘ = ‘w‘ Tim phan thuc e cuia u = —-
w

A.e:—l- B. e=—- C. e=4. D. e=—-
8 4 8

Cau 157. Cho hai s6 phttc z, = 0, z, = 0 thoa ‘zl — 22‘ = 5‘2‘ = ‘w‘ Tim moédun cua w = zz,.
J10

A = B. |w]=1- c =Y. p|w=X0
10 5 10
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Cau 158.

Cau 159.

Cau 160.

Cau 161.

Cau 162.

Cau 163.

Cau 164.

Cau 165.

Cau 166.

2

+

2
%

Z1

Cho z,, z, thoa ‘zl‘ = ‘zg‘ = ‘zl — 22‘ = 1. Tinh gia tri cua biéu thttcc P =

21
Z2
A. P=1—.. B. P=—-1—u. C. P=-1. D. P=1+..
Cho ba sd phtic 2, z,, z, thoa man ‘zl‘ = ‘22‘ = ‘23‘ =1vaz +z, + 2, = 0. Tinh gia
tri cua biéu thtc P = 212 + Z; + z§

A. P=-1. B. P =0. C. P=1. D. P =2.

Cho hai s8 phtic 2z, z, théa man ‘zl‘ = ‘22‘ =1 va zz, = —1. Tim phan a0 a cua sd

Z +z
phttc w = +—=.
1+ 22,
A. a=-1. B. a =1. C. a=2. D. a =0.
Cho sd phtic z = a +bi = 0 (a, b € R) sao cho z khong phai la s0 thue va T la
+ z
, 7 i
sO thuee. Tinh gia tri ctia biéu thiec P = -
1—1—‘2‘
A P=1. B. P=2. c. p=1. D. P=1.
5 2 3
o 7 ! 12 ..z
Cho hai s6 phttc 2, 2, thoa 2z, z, =0, 2z, +2, =0 va =—+ —- Tinh |—
zl +22 zl 22 22
N ERE) E R C I C Y S £ I I
z, 2 z, 2 z, z, \/§
’ { ; \21\2 +‘ 2‘2 3
Vi z,, z, lahai s phttc bat ky, gia tri cua biéu thitc a = - —~ bang
‘21 +Z2‘ +‘z1 _22‘
A. a=2. B.a:l- C.a=1. D.a:§-
2 2

Cho s phttic z=a +bi (a, b € R) thoa

24| =2 Pat P =80 -da’)-12
Ménh dé nao sau day dung ?

2 2 2 2 2 2
A P=(4-2). B P:[M —2] . C P=(]-4]. D P:[M —4] :
Cho ba s phtic z,, z,, z, thoa man ‘zl‘ = ‘zg‘ = ‘23‘ =1999 va z, + 2z, +2, = 0. Tinh

.7 . 2 « A2 7 |zz +ZZ +Zz|
gia tri ctia biéu thtc P = |—=—22—31).
zZ 2z, + 2

A. P =1999. B. P =999,5. C. P =1999°. D. P =5997.

Cho ba s phtic z,, z,, z, thoa man ‘zl‘ = ‘zg‘ = ‘23‘ = 2017 va z, +z, + 2z, = 0. Tinh
|z1z2 + 2,2, + zSzl|

‘ 2 + 2y + g

gia tri cua biéu thtc P =
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Cau 167.

Cau 168.

Cau 169.

Cau 170.

Cau 171.

Cau 172.

Cau 173.

Cau 174.

Cau 175.

Cau 176.

Cau 177.

A. P =1008,5. B. P =2017. C. P=2017" D. P =6051.

Tinh chat nao sau day khéng dang véi moi s6 phuc z,, z,.

A. ‘214—22‘:‘21‘—#‘22‘. B. z +2 =

C. ‘21.22‘:‘21‘.‘22‘. D. 2.2 =2 2.

Cho ba s phtic z,, z,, z, thoa man ‘zl‘ = ‘zg‘ = ‘z ‘ = 1. Tim khang dinh dtng ?

3

Ao 42, 42| =|na + 2z 2| B 2, 42> ez + 2 2
Clo+2+2|<|azs +22 425 Dol +2+2]=|ne, + 22 +22).
Cho hai s8 phitc z,, z, thoaman |z,| = |z, = 1. Tinh T = |z, + 2, +]z, —2,[

A T=2 B. T=4. c. T=1. D. T=0.

Nhém 7. Bai toan s6 phiic lién quan dén max min|

(S6 GD & DT Tp. H6 Chi Minh cum 1 ndm 2017) Cho s phtic z thoa diéu kién
2+ 4‘ = ‘z(z + 2@)‘ Gia tri nhé nhét cua ‘z + z‘ bang

A. 2. B. 1. C. 3. D. 4.
(S6 GD & PT Tp. H6 Chi Minh cum 6 ndm 2017) Cho s8 phtic 2 thoa ‘z - 3‘ =2 ‘z‘
va max‘z—l—i—Qz’ = a + b2 Tinh a +b.

A. 4. B. 4/2. C. 3. D. %-

Tim m dé ‘z‘ dat gia tri nho nhat, biét rang s& phtic z = m + (m — 3)i, (m € R).

D. m:—ﬁ-

2
Cho s8 phirc » thoa |z — 3 + 4 = 4. Tim gié trj 1on nhat P, ctia biéu thitc P = |z|.

A. m=0. B. m=3. C. m=

N | W

A. P =09 B. P =5. C. P =12. D. P =3.

max max max max
Cho s6 phtic z thoa man diéu kién ‘zz +4 — 3@" = 1. Tim gia tri nho nhat cua ‘z‘
A. ‘z‘ =6 B. ‘z‘ =4 C. ‘z‘ =3 D. ‘z‘ =5,

min min min min

A 7 2 ~ 2 . N .7 . 7 A, 2 o« A2 ’ —
Cho s6 phttc 2z thoa man ‘z — z‘ = 1. Tim gia trilén nhat P cuabiéu thuc P = ‘z‘

A P =15 B. P =2 c P =22 D P =42

max max max

Cho s phtic 2 thdéa man ‘z - 1‘ = ‘z - z‘ Tim modun nho nhat ‘w‘ cua sO phuc

min

w=2z+2—1.

A Jul B. o a2 _
2

= 3\/5. C. ‘w

D. ‘w

3.
min 2

min min

__3 .
min o \/5

Cho céc s6 phtic 2, w thoa ‘z +2— 2@" = ‘z — 4@" va w =1z + 1. Tim ‘w

min
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2 g,

_ 32,
min 2

Cau 178. Xét cac sO phuc z = a + bi (a, b € R) thoa ‘z—1+2i‘:‘z—i‘. Tinh P = 2a — b’

A. ‘w

:2\/5. C. ‘w‘ = 2. D. ‘w

min

khi ‘z‘ dat gid tri nho nhat.

A P=L. B. P— . c p—-2. p. P-4
25 25 25 25

Cau 179. Cho s6 phtic z thoa man ‘z - 3‘ + ‘z + 3‘ = 8. Tinh tong gia tri 16n nhat va gia tri nho
nhat ctia biéu thie P =|z].
A 44T B. 44++/7. C 7. D. 4++/5.

Céu 180. Cho s phtic 2 théa |2 = 1. Tim gia trj 16n nhét ctia biu thie P = [1 + 2|+ 3[1 — 2|.
A. 2410. B. 3V15. C. 0. D. 6V5.

Cau 181. Cho s6 phtic 2z thoa man ‘22 + 4‘ =2 ‘z‘ Khang dinh nao sau déng ?

\/_ H\/_~I-1 \/_ \/_~|—1
3

A. B.

C. \/_—1<H<\/_+1 D. —1§‘z‘§\/_—|—1.

Cau 182. Cho s6 phtic 2z thoa man ‘z -1+ 2@" = 3. Tim modun nho nhat ctia sd phiic z — 1+ 4.

<H<

A. 4. B. 22, C. 2. D. 2.
Cau 183. Cho s6 phtic z = Lﬂ v6oi m € R. Tim modun 16n nhat cua 2.
1—m(m — 29)
A. 3. B. 1. C. 4. D. 2.

Cau 184. Cho s6 phtic z = = + 2yi, (z, y € R) thay d6i thdéa man ‘z‘ = 1. Tinh téng S cua gia

tri 16n nhat va gia tri nho nhat cuabiéuthtc P =z —y ?

A. 5= B. §=0. C. 5= D. § = 2V5.
Cau 185. Cho s6 phtic z thoa man ‘z‘ <1 vaso phtic w = 2Z+__i - Tim khang dinh dtng ?
iz
A. |u|>2. B. Ju|<1. C. |u|=2 D. 1<|u<2.

Cau 186. Cho sd phttc z thoa man (1 —z)(i + z) la s6 ao. Tim tong ctia gid tri lon nhat va gia

tri nho nhét ctia bidu thie P = ‘z — @‘
A. 2. B. 22, C. 2. D. 7-+".

Cau 187. Cho s phtic 2z thda man °-
z —

2 e i1 o ,
’ JasSa0. Tim gia trilonnhat cua T = ‘z — 1‘ + ‘z — z‘.
A 5. B. 245, C. 3\5. D. 5.
Cau 188. Cho sd phtic z = a +bi (a, b € R) thdéa man 2.z = 1. Tim gia tri nho nhét cuia biéu
thiec P :‘23 —1—32—1—2‘—‘2—1—2‘.

1 1
A. N B. 3. C. 13 D. 3.
4 4 4
Cau 189. Cho sd phtrc 2 thda man ‘z -1- z‘ =1 va biéu thtc P = 3‘2‘ +2 ‘z —4— 4@" dat gia

tri 16n nhat. Tim moédun cua sd phtc 2.
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A l|=v2-1.  B.||=4 C. | =2. D. [o| =2 +1.
Cau 190. Cho s6 phtic z thoa man ‘z —1- 21" = 2 vabiéu thirc P = ‘z‘ + ‘z -3-— 62" dat gia tri
16n nhat. Tinh [2].
A [Fl=1+47. B [7]=A1. C. [z] =27, D. [z7| =2+ 7.
BANG DAP AN DANG PAI SO CUA SO PHUC
1.C 2.B 3.B 4.A 5.B 6.D 7D 8D 9B  10.A
1.0 12B 13D 14D 15D 16C 17B 18A 19.C  20.D
2LA  22A  23.A 24B 25B 26C 27D  28B | 29.A | 30.A
3.A 32D 33C 34B 35A 36D 37.A 38B 39A 40D
41.B 4B  43A 44B 45C 46B | 47.C 48.C 49D 50D
5B 52D 53B 54D 55A 56D 57.C 58.C 59B  60.A
61.D 62D 63.C 64C 65C 66C 67B 68A  69.A  70.A
71D T72A 73D 74C 75C 76B 77B  78C 79.C  80.D
81.B  82.A 83A 84B 8.C 8B 8.D 88.C 8.D 90D
9.C  92A 93B 94B 95C 96.A 97D 98.C  99.B  100.A
10.A  102.C  103.A 104D 105D 106D 107.A 108.A 109.A 110.A
111.A 112C 113D 114D 115C 116B 117A 118A 119.B 120.A
121.B  122.C  123.C 124D 125.C 126A 127.B 128B 129B 130.C
131.A 132D 133A 134D 135C 136B 137.B 138.A 139.B 140.D
141.D 142B 143D 144B 145B 146B  147.B 148.C 149.D 150.C
151.A 152.A 153D 154.A 155B 156D 157.B 158.C 159.B 160.D
161.B | 162.A 163.B  164.C 165.A 166.B 167.A  168.A 169.B 170.B
171.A 172.C  173.A 174B 175D 176.C 177.A 178.A 179.B 180.A

181.Cc | 182.C 183.B 184.B 185.B 186.A 187.D | 188.B @ 199.C @ 200.B

Cluie ede em lam bai €6t va dat két qua eao trong ky thi sdp dén !
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Bai 2. BOEU DIE I HOUH HOC CUIA SO PHUC & BA9 TOAI LOEU QUAN

A% Y
KO&H THUC COBAN

— Diém M(a;b) trong hé truc toa dd vudng gdc ctia mit ph'fmg duoc goi la diém biéu dién
cua sO phtc z = a + bi.
— Céac diém M(a;b), M'(a;—b) bidu dién 2 va 7 d6i xting v6i nhau qua truc hoanh Oz.

AY
b M (a:b)

% a > T tany — g-

b M (a;—b)

Bai toan. Trong mit phang toa d6 Ozy, hiy tim tip hop cac diém M(z;y) biéu dién s phic
2 = x + yi théa mén diéu kién cho trudc ?
e Buéc1. Goi M(z;y) la diém biéu dién s8 phiic 2 = z + yi (z, y € R).
e Budc?2. Bién doi diéu kién K dé€ tim mdi lién hé gitta z, y va két luan.

MGéi lién hé gitra = va y Két luan tap hop diém M(z;y)
o Az + By+C=0. Léduéngthéngd:Ax+By+C:0,

, , , La duong tron (C) 6 tdm I(a;b) va ban kinh

(x—a) +(y—0)" =R —

o . — _
2 +y —2az—2by+c=0 R=va +b ~e

, , , La hinh tron (C') c6 tam I(a;b) va ban kinh
(x—a) +(y—-0b) <R
M PN VP — 20 — 2y + ¢ < 0 R=+d’*+b* — ¢ (duong tron ké ca bén trong)

La nhitng diém thudc mién c6 hinh vanh khan
o R <(z—a)+(y—b) <R tao boi hai duong tron dong tam [(a;b) va

bén kinh Ian luot R, va R,.

o y=az’ +br+ec (a=0). La mot parabol (P) c6 dinh [

2¢ 4a

J#%.

La mot elip c6 truc 16n 2a, truc bé 2b va tiéu

2

LA ,.{Mmmzm
—_— = Vo1 .
a

+ wla 2¢c = 2va® — %, (a > b > 0).
EF, =2c<2a cwla zc a , (a )

<<

La duong trung triec ciia doan thang AB.

(@]

‘M‘ — ‘Mé‘
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Bai tap van dung

BT 1. Nhoém 1. Bai toan xac dinh diém biéu dién s6 phitc co ban va bai toan lién quan

a) Quan sat hinh vé bén canh, ta co: ‘y\
Diém A(2;1) biéu dién cho s& phtic z, = 2 + . E
Diém B(....;....) biéu dién cho s8 phitc z, = ........... ED , |
biém ((....;....) biéu dién cho s8 phtic z, = ........... o ...... / é i
Diém I)....;....) biéu dién cho s8 phtic z, = ........... _3 T 0 i 2 >
Diém E{....;....) biéu dién cho s8 phitc 2, = ........... T
biém F(....;....) bi€u dién cho s6 phtic z, = ........... [ro =2

v' Nhin xét: so'phitc 2z, = 2 + i va so'phicc lin hop z, = 2, = 2 — i 6 diém biéu dién trén

mat phﬁng tondd Oxy la A va B d0i X1Png NAAU GUA FTUC ..o
b) Diém A trong hinh vé dudi day la diém bidu dién ctia s& phiic z. Tim phan thuc va

phén 4o cta sd phtc Z. y

A. Phan thuc 1a —3 va phan ao la 2. 2 +4

B. Phan thuc la 3 va phan aola —2.
C. Phan thuc la 3 va phan aola —2i.
D. Phan thucla —3 va phan adola 2.

c¢) Choso phtic z =2 — i. Trén mat phéng toa d6, im diém biéu dién sd phtc w = iz.
A. M(-1;2). B. N(2—1). C. P(21). D. Q(12).

d) Chos6 phtic z théda man 2i + z(1 — i) = (3 — 7). Trén mit phang toa 46 Ozy, diém
nao dudi day la diém biéu dién s8 phtic 2.
A. M,(1;0). B. M, (0;1). C. M, (0;2). D. M,(0;—1).

4

e) Chosd phtic z = 3 — 2i. Tim diém biéu dién ctia s6 phiic w = z + i.Z.
A, M(1;-5). B. M(5-5). C. M(11). D. M(51).

f)  M(z_;y.) biéu dién ctia s6 phitc z thoa (1+14)z + (2 +14)z = 3 +i. Tinh 22+ 3y..
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g) Chohaisdphttc 2, =1—3i, z, = —4 — 6i c6 cdc diém biéu dién trén mit phang toa
do6 Tan luwot la hai diém M va N. Goi 2z 1a s6 phttc ma ¢ diém biéu dién la trung
diém cuia doan MN. Tim modun cta s6 phtc 2.

O e R ) T

v' Nhin xét: Vi diém biéu dién cia s6'phikc z = a + bi 1o M(a;b) hay OM = (a;b). Do dé
cin nhé nhirng kién thirc co ban vé vécto, hé truc toa @9 Oxy va hé thirc lwong tam Qidc.

Cho tam giac ABC), hai vécto @ = (a;a,), b= (b;;0,) va R, r, p lan luot la ban
kinh dwong tron ngoai tiép, ndi ti€p va ntra chu vi ctia tam giac ABC.
@ Cac phép toan co ban trén vécto:

« Quy tac ba diém: AB = R+07, AB — AC = CB.

« Quy tac duong chéo hinh binh hanh ABCD : AC = AB + AD.

@ AB= (v, —=z,; y,—y,) = AB=|AB :\/(xB—xA)2+(yB—yA)2.

r, tx, | y, Ty
A B vy y, = A B,
2
r, tx,+z, V‘ayG:yA+y;+yC~

® M latrung diém cua AB = T, =

G la trong tam tam giac ABC = x, =

alzbl.

a2 :b2

@ Hai vécto bang nhau: @ = = {

® Hai vécto cung phuong;: FLTTI;<:>EL':]£I;<:>Z—:—2 (b, b, =0).

® Tich vo hudng Qb = ab +ab = ‘5”5‘008(5; I;) = -

b c
sin A B sin B - sinC' B
o> =b" +¢ —2bccos A
DPinh li ham cos: {b° = a® + ¢* — 2accos B.
¢ =a*+b" —2abcosC

@ Dinh li ham sin: 2R.

2_2(1)2+02)—a2 B

m

' 4
. 2a? 2\ 12 b
@ Coéng thtic trung tuyén: mb? _ (@ +c¢)—b . _ M:
2 42 2 2 ntta chu vi
2 2(a +b ) -
m(', = 4

® Dién tich: S = %ah@ = %absinC’ = Z_I;; =pr= \/p(p —a)(p—b)(p—rc).
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h) Goi M va N lan luot la diém biéu dién ctia cac s6 phtic z,, z, nhu hinh vé bén dudi.

Hoi khang dinh nao sau day sai ?

A. |5 —z|=MN. N %f

B. |+ = oM. Mo

C. |o,|=0N. L

D. |z, +2,|= MN. o "
A, VA et
;S VI et
Corerern. VA ettt
D. oo, VI e

i) Goi M ladiém biéu dieén s0 phitc 2z, = 3 — 41 va diém N la diém biéu dien s6 phirc

1 4 A
z, = 5(1 + i)zl. Tinh dién tich S cua tam giac OMN vdi O la goc toa d0.

A s=1 B. §—2 c s=2. p. g=3
2 4 2 4
S L AB = (a:b) lla b 1
v'  Can nhd: Tinh dién tich AABC : {— =S pe == :—‘ad—bc‘
AC = (¢;d) ©2c 4 2

j) Trong mit phing phitc cho 3 diém Ian lwot 1a diém bidu dién ctia s6 phitc 2, = 1+ 4,
z, = (141)°, 2, = m —i. Tim tham s6 m d€ tam giac ABC vuodng tai B.

A. m = 3. B. m =-2. C. m=-3. D. m =

k) Trong mat phang phtic, goi A, B, C lan luot la diém biéu dién cua cac s6 phtic
z, = 3+2i, z, =3—2i, z, = —3— 2i. Hoi khing dinh nao sau day la sai ?

A. B va C d6i xiing nhau qua truc tung.
, 2
B. Trong tam cua tam giac ABC' la diém G [1;5] .

C. A va B ddi xting nhau qua truc hoanh.

D. A, B, C nam trén duong tron tam la gdc toa d6 va ban kinh bang /13.
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) VU V1 ttteette et eete e et et e et e et e et e e et e e et e e teeeae e et e e bt eetteeabe e bt ebeeetteebeeateeabeerreenteeerteenrean
B. ............ V1 tetteetee et ettt ee e et et e e et e e et e e bt eeat e et e e bt eetteerbeebeeeaeeeteeteeetteenteeteeeaeeerreennes
Coriinll V1 teeetteeee et eete ettt e et e et e e tteea e et e eat e et e e bt eeateeaeeeteeaabeenaeebeeeaeeerseenteeenteenreenreeans
D. ............ V1 ettt ettt e et e eete e et e et e eeteeeae e eaa e et e eete e et e e bt eett e et e et e eetteeabeenbeeteeeaeeereenteeereeenneentes

1) Cho ABCD la hinh binh hanh véi A, B, C Tan luot 1a cac diém biéu dién cac s6
phtic 1 —i, 24 3i, 3 + i. Tim s8 phttc 2z ¢6 diém biéu dién 1a D.
A. z=2-3u B. 2z =4+ 5i. C. z2=4+ 3. D. z =2+ 5i.

m) Cho hai diém M, N trong mit phang phitc nhut hinh vé, goi P la diém sao cho
OMNP la hinh binh hanh. Héi diém P biéu thi cho s6 phtic nao sau day ?
Az, =4-3i y

S| M

B. 2z, =-2+1. - _____________ N
C. z, =4+3i |

D. 2z =2—1 © : 3

n) Trong mit phang phtc, goi 4, B, C Tan lugt la cdc diém biéu dién ctia cc s& phtic
z, = (1—14)(2+1), 2, =14 3i, z, = —1 — 3i. Hoi khing dinh nao sau day dang ?
A. Tam giac ABC' la tam giac vuong nhung khong can.
B. Tam giac ABC' la tam gidc can nhung khong déu, khong vuong.
C. Tam giac ABC la tam giac vudng can.

D. Tam giac ABC la tam giac déu.
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0) Chos6 phtic 2 thoa ‘z‘

= 24/10. Hoi diém biéu dién cta z 1a di€m nao trong hinh ?

AY
A. Diém P. Y
B. Diém M. N:o ————————— 2
=3 ; 6 o,
C. biém N. —4 ] 3 ]
. FE— 4
D. Piém Q. Pi 73 5

p) Trong mit phang toa do, diém M la diém biéu dién ctia s8 phiic z. Diém nao trong
hinh vé 1a diém biéu dién ctia s& phtic 2z. A
E
A. biém N. ¢ M
B. biém Q. S
iém Q) 5 >
C. biém F.
D. biém P. N P
’ 7 « A2 « A2 « X \ N/ A ’ 1 « A2 « X 2 . A
q) Chosophtic z co diém bieu dién la M. Biét so phttc w = — dwoc bieu dién boi mot
z
trong bon diém P, @, R, S nhu hinh vé. Héi diém biéu dién ctia w 1a diém nao ?
VA
A. biém S.
P~ | M
B. Diém Q.
C. biém P. R 0 1 X
D. bié ¢
. biem R. g
r) S8 phtic 2z dugc biéu dién trén mat phang toa dd nhu hinh vé. Héi diém biéu dién
cua sO phirc w = é nam & géc phan tu thdy may trong hé truc toa d6 Ozy ?
z AY
A. Tht nhat. 1
B. Thi hai. .
C. Tht ba. - / 1 >
D. Tht tu.
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A 7 2 2 A N \ ~1.A \ A2 N « X 2
s) Choso phtic z thoa ‘z‘ = vadiém A trong hinh vé bén la diém biéu dién cta =.

Biét trong hinh v&, diém biéu dién ctia s8 phtic w = % lamot @ N

trong bon diém M, N, P, Q. Khi d6 diém biéu dién cta s8

phttc w la di€ém nao sau day ? M /A
A. Diém Q. 0 T
B. Diém M. N

C. biém N.

D. Piém P. P

t) Trén mat phang phitc, goi M 1a diém biéu dién s6 phiic 2z = (2 —3i)(1+ ) va ¢ la

goc tao boi chiéu duong truc hoanh va vécto OM. Tinh sin 2¢.

5 5 13 13
A. sin2p = ——- B. sin2p =—- C. sin2¢p = —- D. sin2¢p = ——-
T T "5 7T
. o 2 . 1 — tan’
v Can nho: Cong thirc lwong gidc |sin2¢ = _2tang va |cos2p = tan_ ¢
1+ tan” 1+ tan”

u) Trén mat phang phic, goi M 1a diém biéu dién s6 phtic z = (2 + i)*(4 — 1) va goi ¢

D —

la géc tao boi chiéu duong truc hoanh va vécto OM. Tinh cos 2.
7 7 7 7
A. cos2p = ——- B. cos2p =——- C. cos2¢p=———- D. cos2p = —-
LT Y= s LAY LY
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v) Cho A, B, C, D labén diém trong mat phéng toa d6 theo th tw biéu dién cac s&
phitc 1+ 2i, 1+~/3 +4, 1++/3 —4, 1—2i. Biét ABCD 1a t& gi4c noi tiép duong
tron tam I, ban kinh R. Hoi toa dd diém I biéu dién s§ phtic nao sau day ?

A. 2 =13, B. »=1—+/3i C. z=1. D. z=—1.

w) Chohaisdphtic z,, z, khac 0 théaman 2’ — z 2z, + 20 = 0. Goi A, B lanluotla cac
diém biéu dién cho s8 phtic z,, z,. Hoi tam gidc OAB 1a tam gidc gi ?
A. Tam giac déu. B. Tam giac vudng tai O.
C. Tam giéc tu. D. Tam giac c6 mot goc bang 45°.

X) Xét s& phtic z va s8 phtic lién hop ctia né cé diém biéu dién la M, M'. SS phtic
2(4 + 3i) va s6 phtic lién hop ctia né c6 diém biéu dién lan lwot 1a N, N’. Biét rang
MM'N’N la mot hinh chit nhat. Tim gia tri nho nhat ctia biéu thiic P = ‘z + 47 — 5‘.

A. minP:io B. minP:l~ C. minP:L~ D. minP:i~

V34 V5 V2 V13

)

= \/g vanéu goi M, N Tan luot la

y) Cho hai s phic 7, z, thoa man ‘zl‘ =2,

diém biéu dién cta z,, iz, thi MON = 30°. Tinh P = |2” + 42

A. P =45 B. P = 4T C. P =33 D. P =52
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BT2. Nhoém 2. Tap hop diém biéu dién s phitc 1a duong thang va bai toan lién quan
a) Cho s6 phtic z thdéa man 2‘2 -2+ 3@" = ‘2@' —1—2z|. Tap hop cac diém M biéu

dién s6 phtic z trong mit phang toa d6 Ozy la duong thang c6 phuong trinh nao

sau day ?
A. 20z — 16y —47 = 0. B. 20z + 16y — 47 = 0.
C. 20x —16y +47 = 0. D. 20z + 16y + 47 = 0.

Loi giai tham khao
Goi M(z;y) la diém biéu dién ctia s8 phic 2 =z +yi (z, yE R) = Z =z — yi.
Tac6 2|e — 2+ 3i[ = [2i — 1 - 22| & 2|(z — 2) + (y + 3)| = |(—22 — 1) + (2y + 2)i|

S0 (x—2 +(y+3 = (=22 — 17 + 2y + 2 © 20z — 16y — 47 = 0.

Vay tap hop diém M biéu dién s6 phtc 2 la duong thi‘mg 20z — 16y — 47 = 0.
b) Tim tap hop cdc diém biéu dién s8 phiic 2 thda man ‘z‘ = ‘E -2+ 3@".

A. Duong thang d : 4z —6y +13 =0. B. Duong thang d : 4z + 6y —13 = 0.

C. Puong thang d: 6z —4y —13 =0. D. Puong thang d : 6z — 4y +13 = 0.

c) Trong mit phang toa d6 Ozy, tim tap hop cac diém biéu dién s6 phiic z thdéa man
2(1 + ) la s6 thyec.
A. Truc Oy. B. Truc Ox. C. y=—u D. y=z.

d) Trén mat phang toa d6 Ozy, tim tap hop cac diém biéu dién cac s phitc 2z thoa man
diéu kién s6 phtic w = 2(2 + 3i) + 5 — 4 1a s thuan ao.
A. Duong thang 2z —3y +1=0. B. Duong thang 2z — 3y +5 = 0.
C. Duong thang 3z +2y +1 = 0. D. Duong thang 3z +2y —1=0.
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e)

f)

8)

Tim tdt ca cac s6 phtc z thoa man ‘z - 2@" — /5 va diém bidu din cua - thudc

duong thang d: 3z —y +1=0.

2 1
A. z=1—4. B. z=1+4i hoac z = —— — —u.
5 5
2 11 2 1
C. 2=—-1—24 hoac z = —+ —u. D. z2=——+—:.
5 5 5 5

Cho céc s6 phtc z thdéa man ‘z — z‘ = ‘z -1+ 22". Tap hop céc diém biéu dién s8
phtic w = (2 —9)z + 1 trén mat phang toa d6 1a mot duong thang. Viét phuong trinh
duong thang d6.

A.z—T7y—9=0. B. 2+7y—9=0. C. 2+7y+9=0. D. z—Ty+9=0.

Loi giai tham khao

Goi M(z;y) 1a diém biéu s6 phttc w = 2 + yi (z, y € R) thda bai toan.

-1 ;
Tacéw:(Z—i)z—Fl:x—kyi@z:xz—w-
—1
. . . r—1+yi | =141y .
Ta lai co ‘z—z‘z‘z—l—k?@‘@ —_— =142
2—1 2—1

(@=2)+ -2 |@—1)+@y+5)

= \2—@\ N \2—@\

e J@—2"+ (-2 =@ -1’ +(y+5 Sz +Ty+9=0.

Vay tap hop diém biéu dién s8 phitc w 1a duong thang z + 7y +9 = 0.

Nhdn xét: Bai todn cho z, yéu ciu tim tdp hop diém biéu dién w (loai gidn tiép) thuwong ta
€ goi w = x + yi, sau d6 biéu thi z theo x, y sé tim dwoc tdp hop diém.

Cho cac s6 phtc z thoa man ‘z -1+ z)‘ = ‘z + 2@". Tap hop cac diém biéu dién sd
phtic w = (3 —4i)z —1 trén mat phang toa do 1a mot duong thang. Viét phuong
trinh duong thang do.
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h) Cho céac s6 phtic z thoa man ‘z -2- z‘ = ‘E + 22". Tap hop céc diém biéu dién s
phtic w = (14 %)z — 2 trén mat phang toa d6 1a mot duong thang. Viét phuong trinh
duong thang d6.

i) Cho tat ca cac s6 phic z =z + yi (2, y € R) thoa ‘z + 20— 1‘ = ‘z + z‘ Biét » duoc
biéu dién béi diém M sao cho MA ngan nhat véi A(1;3). Tim P = 2z + 3y.
A. P=09. B. P =11. C. P=-3. D. P =5.

j) Cho hai s& phttc z, =1+ 3i va z, = —5 — 3i. Tim diém M(z;y) biéu dién s6 phtic
z,, biét rdng trong mit phang phtic diém M ndm trén duong thing © —2y +1=0

va md dun sd phitc w = 3z, — z, — 22, dat gid tri nhoé nhat.
A M —é; )
5 5
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BT 3. Nhom 3. Tap hgp diém biéu dién s6 phitc 1a duwong tron, hinh tron, hinh vanh khin
a) Trong mat phang toa d6 Oy, tim tap hop nhiing diém biéu dién s& phiic z thda
man diéu kién ‘z —(3— 4@)‘ =2.

Loi giai tham khao

Goi M(z;y) 1a diém bi€u s6 phtic z =z + yi (z, y € R) thda bai toan.
Taco |s—(3—4i| =2 |z +yi—(3—4)|=2 & |z —3)+(y+4)i[=2

<:>\/(x—3)2 +(y+4) =2 (1 -3 +(y+4) =2~
Vay tap hop cac diém M(z;y) biéu dién s& phiic 2z thoa man bai toan la mot duong
tron (C): (z — 3)° + (y +4)” = 2° c6 tam I(3;—4), ban kinh R = 2.
b) Trong mat phang toa do Ozy, tim tap hop nhitng diém bidu dién s6 phirc » thoa
man diéu kién ‘z - z‘ = ‘(1 + z)z‘
A 2P+ (y—1)7 =4. B. (z -1 +y° = 4.
2

2

D. (z+17 +¢* =

v Lwu y: Cin nhé nhitng kién thirc co ban vé dwong tron trong mit phﬁng toa do Oxy.
® DéE viét phuong trinh duong tron ta can tim tdm 1(a;b) va ban kinh R.

Dang 1 (O | Tam I(a;b)
—a—ng—'< )'. BK:R

=|(C): (x —a)’ + (y —b)* = R?|.

Dang 2: |(C): 2° + y* — 2az — 2by + ¢ = 0|, vOi R = ~a®> +b* — ¢ > 0.

@ Chuviduong tron |p ., = 27 R| va dién tich duong tron |5 . = TR?|

c) Trong mat phang phtic, tap hop diém biéu dién cac s& phiic z théa ‘z -3+ 52" =4
la mot duwong tron. Tinh chu vi p, cua dudng tron do.
o = 4. B. Py = 2. C. Py = 8. D. Py = 167.
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d) Chosd phttc z théa man (z + 1)(Z — 27) 1a mot s& thuan ao. Tap hop diém biéu dién
s6 phttc z 1a mot duong tron cé dién tich S bang bao nhiéu ?

o oT

A. S =5, B. §= C.S:2 D. S =257.

e) Cho sO phtc z thda man ‘z + 2‘ = 5. Biét rang tap hop diém biéu dién ctia s& phtic

w = (1—2i)z + 3 la mdt duwong tron tdm I vaban kinh R. Tim [ va R.

Loi giai tham khao

Goi w=12 +yi (z, y € R). Theo dé cé w = (1—2i)z +3 & 2 = —

1—2i
— —1—44 1 —4)
Grt2=— 3.+2<:>z+2=w—,2<:>z+2=(x )+(y. )
1—=2i 1-2 1-2i

x—l)—l—(y—4)i|<:>5_‘(55—1)+(Z/_4)i‘

Lay modun hai v€ dugc ‘z + 2‘ = |( Y ‘ = ‘1 5 ‘
— 2 — 24

Ja =17 +(y— 4y
J5

Vay tap hop biéu dién s& phiic w 1a dwong tron cé tam 1(1;4), ban kinh R = 55.

& 5=

& (@—17 +(y—47 = (5J5)

f) Cho sd phttc 2z thoa man ‘z — 1‘ = 2. Biét rang tap hop diém biéu dién ctia s& phtic
w = 2z — i la dwong tron tam [ vaban kinh R. Tim khang dinh dtng ?
A. I(2-1), R=2. B. I(21), R=4.
C. I(2-1), R=4. D. I(-21), R=2.

g) Cho s6 phtrc 2 thoa man ‘z — 1‘ = 2. Biét rang tap hop diém biéu dién ctia s& phtic
w=(1+ i3 )z + 2 la duong tron tam I va ban kinh R. Tim khang dinh ddng ?
A. I(3:3), R=4. B. I(33), R =2.
C. I(3%—/3), R=4. D. I(—3+/3), R=2.
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h) Cho sd phtic z thda man ‘z -1+ 22" = 3. Biét tap hop diém biéu dién cta s8 phiic
w = Z +1— i la dudng tron tim I va ban kinh R. Tim khéang dinh dang ?
A. I(2;1), R=3. B. I(1;2), R=+/3.
C. I(21), R=4. D. I(1;2), R=5.

; ’ 2 ~ 2 ZE N/ A o« A2 o« A2 « X 2 A~ 7
i) Cho s6 phttc z thdéa man ‘z + 1‘ =5 Biét tap hop diém biéu dién cua so phtrc

w = (1+2i)z +1 la mdt duong tron tdm I vabankinh R. Tim I va R.

A. 1(0;—2), R =~5. B. I(1;—-4), R =+10.
C. 1(0:2), R =/5. D. I(—1—4), R=+10.
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j)

k)

l

V1o

Cho s8 phirc 2 théa (2+ i)|z| = ~— + 1 - 2i. Biét tap hop diém biéu dién cta s
z
phtecc w = (3 — 44)z — 1 + 27 1a mot duwong tron tdm I va bén kinh R. Tim I va R.
Loi giai tham khao

V10 V10

Theo d& c6 (2+i)‘z‘:——|—1—2i<:>(2‘z‘—1)+(‘z‘—|—2)i:—

z z
Lay modun hai v€ ‘(2‘2‘—1)—1— (‘z‘ —1—2)1" = @ & \/(Q‘z‘—l)Q + (‘z‘—i—Q)Q = g‘o
o5l +5=22 o5l 15 —10=05 | =1vi||>0.
z
Goi w =z +yi (z,y € R). Theod‘écc’)w=(3—4i)z—1+2i®z=%
w+1-2i w412 |@+1)+(@y—2)

Lay modun hai v€ dugc ‘z‘ = ‘ T ‘ = ‘3 - 41,‘ 5

ele+D)+@y—2i=5e (@+1)+(y—27 =5

Vay tap hop biéu dién s& phtic w 1a mot duong tron tam 1(—1;2), ban kinh R = 5.

/ 2 A\ | = 2 . . A N N N « X ? A
Cho s6 phutc z thoa (1— @)‘z‘ = ﬁ + 1+ 4. Biét tap hop diém biéu dién cua s6
z

phtic w = iz — 1+ i la duong tron tam I va ban kinh R. Tim khang dinh ddng ?
A. I(-1;1), R=~2.B. I(;1), R=+2. C. I;1), R=2. D. I(-1;1), R=2.

Cho 8 phirc = thoa (3 —7i)| = @ +7 + 3i. Biét tap hop diém biéu dién
cua sd phtec w = (14 1)z +2 — i la duwong tron tdm I va bén kinh R. Tim I va R.
A. I(2—1), R=5. B. I(21), R=5.

C. I(2-1), R =5J2. D. I(21), R = 5.
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m) Chosdphtic z thdéa man ‘32 +i <2Z+9.Tim tap hop diém biéu dién ctia s phtic

w théaman w =2z +1—1.

A. Hinh tron (z —1)* + y—I—é §E- B. Duong tron (z —1)* + y—I—é §E-
8 64 8 64

C. Dbuong tron (z —1)° +(y+3)* <9. D. Hinh tron (z —1)* + (y + 3)* < 9.

n) Trong mat phang toa do Ozy, tim tap hop cac diém M biéu dién s& phitc w thoa
man w :(1+i\/§)z+2 voi ‘z—l‘gz

A. Hinh tron 2* + (y —1)* < 4. B. Hinh tron (z — 3)° + (y — \/3)2 — 16.

C. Hinh tron z° + (y — 1)* = 16. D. Hinh tron (z — 3)* + (y — \/5)2 =
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0)

p)

q)

Tap hop céc s6 phtec w = (14 4)z +1 vdi 2z 1a sd phike thoa méan ‘z — 1‘ <1 1a hinh
tron. Tinh dién tich S cta hinh tron d6.
A S =A4m. B. § =27 C. §S=3m D. §=m.

Trong mat phang toa d6 Ozy, Tap hop cac di€ém M biéu dién s& phttc w théa man

w=2z+1—1 voi ‘22 + ’ér <327z +1 1a mot hinh tron. Tim tam / va ban kinh R.
A. I(1;5), R = 3+/3. B. I(1;-5), R = 33.
C. I(5;—1), R =+/3. D. I(51), R = /3.

Hay xac dinh tap hop cac diém trong méit phang phtic biéu dién cac s6 phtic z théa
mén1<‘z—1‘<2.

Loi giai tham khao

Goi M(z;y) 1a diém bi€u s6 phttc z =z + yi (z, y € R) thda bai toan.
Theo débai, tacd 1 <|e—1|<2e 1<|p+yi—1|<2e1<|z—1)+yi<2

Sl<@—-17"+y" <2

s <(@-17+y <2
Vay tap hop cac diém M(z;y) biéu dién s
phttc z thoa man 1< ‘z - 1‘ <2 la hinh

vanh khin la phan nam gitta hai duong >t
R =1
tron dong tam I(1;0) véi ban kinh { Rl _y
=

nhu hinh vé bén (khong tinh nhitng diém
nam trén hai duong tron).
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r) Trong mit phang phitc Ozy, tap hop biéu dién s6 phtkc 2 théa 1 < ‘z +1-— z‘ <2la
hinh vanh khan. Tinh chu vi P ctia hinh vanh khan.
A. P =4 B. P=m. C. P=2m. D. P = 3.

s) Cho so phtic z thoa man diéu kién 3 < ‘z —3i+ 1‘ < 5. Tap hop céac diém biéu dién
ctia 2 tao thanh mét hinh phéang. Tinh dién tich S ctia hinh phang d6.
A. S =25m. B. S =8m. C. S=A4m D. § =16m.

t) Goi (H) la tap hop tat ca cac diém trong mat phang toa &6 Ozy bidu dién s& phtrc
z=z+yi (z, y € R) thoaman z* 4 y° <1< z — y. Tinh dién tich hinh (H).

A STl B. L. c. T 1. D. 1.
4 9 4 4 2
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BT 4. Nhom 4. Tap hop diém biéu dién s6 phirc 1a elip

Kién thirc co ban vé dudng elip

b)

Dinh nghia: Cho hai diém 6 dinh F, va F, véi FF, = 2c > 0. Duong elip la tap
hop cac diém M sao cho MF, + MF, = 2a, (a > c). Hai diém F, F, goila cac tiéu
diém cua elip. Khoang cach 2¢ duoc goi la tiéu cu cua elip.

Phuong trinh chinh tac cta elip: y

2 2
(E):x—2+z—2:1vc’yia>b>0.
a

Cac thong s6 can nhd:

Truclén A A, = 2a. 26

Truc bé B B, = 2b.

Tieu cye F F, = 2c.

Moi lién hé o = b* + c*. 90

Ban kinh qua tiéu cia M 1a MF, = a+£x, MF, —a—Sy = MF, + MF, = 2a.
a a

Bi€t tap hop cac diém M biéu dién hinh hoc s& phic z théa |z + 4| + [ — 4| = 10 Ia
mot elip (E). Hay viét phwong trinh elip dé.

2 2 2 2

A (B):Z+L = B. (B): =+ =1,
9 ' 25 25 9
2 2 2 2

c. (B):Z+% =1 D. (B): = +L =1.
16 9 5 3

Loi giai tham khao

Goi M(z;y) la diém bi€u s6 phttc z =z + yi (z, y € R) thda bai toan.
Taco |z + 4|+ |z — 4| =10 & |z + 4) + yi| + [z — 4) + v = 10

et d) +y Hfe -1 +y =10 ()
Dat F(—4;0) va F/(4,0) thi (x) & MF, + MF, =10 > FF, = 8 nén tap hop diém

2

Y

2
M(z;y) biéu dién s6 phitc z 1a mot elip (E) : % - el =1 véi hai tiéu diém F, F.

MF +MF,=2a=10 [a=5
Taco: {FF, =2c=8 Sic=4=(E):—+>==1

a’> =b* + & b=3
Biét tap hop céc diém M biéu dién hinh hoc 8 phitc z théa |z — 2| + |z + 2/ =10 Ia
mot elip (E). Hay viét phuong trinh elip dé.

2 2 2 2

A (B):=4+¥ 1. B. (B):—+2L =1
2 16 2 21
2 2 2 2

C (B): L 4+4 -1 D. (B):Z+% 1.
21 16 16 9
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¢) Biét tap hop cc diém M biéu dién hinh hoc s phtic 2 théa |z —i| + |z +i| =4 1a
mot elip (E). Hay viét phwong trinh elip dé.

2 2 2 2

A (B):Z+1L = B. (B): = +%L =1
9 4 43
2 2 2 2

c (B):Z4+% = D. (B): L +L 1.
9 3 42

d) Tap hop cac diém M biéu dién hinh hoc s& phtic z thoa ‘z —i+ 1‘ + ‘z 43— 1‘ =38
1a mot elip (£). Hay viét phwong trinh elip dé.

2 2 2 2
A (B):Z 4+ B. (B): =+ =
16 13 16 14
x? y? x? y?
c (B): 2+ L= D. (B): 2+ ¥ =
16 12 16 15
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BT 5. Nhom 5. Bai toan lién quan dén gia tri 16n nhat, gia tri nho nhat
Trong nhom bai todn tim gid tri 16n nhit va gid tri nho nhdt cia biéu thirc s6’ phirc c6 nhiéu
phirong phdp gidi, nhwng khong co cong cu nao goi la “van ning” dé gidi quyét hét tat cd cic
bai todn. Tiry vao dic diém cia tirng dé bai ma ta chon phwong phdp phit hgp sao cho nhanh,
gon, phit hop voi tric nghiém. Nhung trieéc tién ta cin ndm vieng that kij cic phwong phdp.

Phuong phap 1. Stt dung lwong giac hoa

Doi v6i nhom bai todn ma tdp hop diém biéu dién s6'phirc 1o mot dwong tron thi vige lwong gidc
hoa to ra khd hi¢u qua va nhanh chéng.

2 2
; — —b — y
Gid str c6 duwoc gid thiét (v —a)’ + (y—b) = R* & [mRa] +[yR ] =1, sé goi ta dén
r—a .
A , .9 9 A o R = sint x:RSint—l—a ~ | , A
cong thitc sin” t 4 cos™ t =1 nén dat & dé dwa bai toan ve
y_b—cost y = Rcost+b

dang lieong gidc quen thudc. Ngodi ra, ta cin nhé nhitng danh gia thwong dwoc sw dung:

® —-1<sint<1 —1<cost<1wvaasint+bcost=+a*+ b sin(t + «).

@ Bat dﬁng thirc Cauchy — Schwarz dang 1: ‘am + by‘ < \/(a2 + 52)(362 + yQ)-

e asint+ bcost < \/(a2 +b*)(sin®t + cos* t) = \/@2 +b°.

sin ¢t _cost
Dau " =" xday ra khiva chi khi { a b

asint 4+ bcost = a®> + b’

e asint +bcost > —\/(a,2 +b%)(sin® t + cos’ t) = —/a® +b°.

sint _cost

Dau " =" xday ra khiva chi khi { a b .
asint +bcost = —/a’ + b’
a) Chosdphtc z =z + yi (z,y € R) thoa man dong thoi cac diéu kién ‘z —2— 3@" =1
va biéu thic ‘Z +1i+ 1‘ dat gid tri 16n nhat. Tinh gia tri ctia biéu thirc ‘356 — 2y‘.
Loi giai tham khao
Tacs |z —2-3i=1®|z-2+@-3)=1e@-2 +@-3=1" (+

Tz =sint + 2

v Céch gidi1. Sitdung luong gidc héa. Dit '
Cach giai 1l ung tuong grac hod. a {y:cost+3

Co f7+i+1] =)@+ 1)+ 1)=& +17 + (1) = J6r +4y - 10

— \6.5int + 4.cost +14 < \/\/(62 447 (sin® £ + cos £) + 14 = \14 + 213

— 14 +213.

max

Suy ra ‘E—l—z’—l—l
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. 1
smt:cost 2sint — 3cost =0 sint:ﬁ
Ddu"="< { 6 4 e T }/3—
6sint+4cost:2\/ﬁ 3sint +2cost =13 costzﬁ
13
3v13
r=sint+2 |[F=——+2 V13
Tir & = 3z -2y ===
y =cost+ 3 2\/E 13
ORETIRA

v Cich gidi 2. Sw dung truc tiép bat diang thitc Cauchy — Schwarz
Tt () < 2° + ¢y* = 4z + 6y — 12.

Co P=[7+i+1|=|@+D)+0—p)i =@ +1 +0—y)* =6z +4y 10

Phén tich: Tir (%) ¢6 (z —2)° + (y — 3)* = 1 nén nghi dén viéc phan tich biéu thiic
J6z + 4y —10 = \/6(3; —2) + 4(y — 3) + 14, dp dung ax + by < \/(a2 + %) (2® +97)

c6 P= \/6(50 —2)+4(y—3)+14 < \/\/(62 + 42)[(:5 —2)" +(y — 3)2] + 14 = const.

P =6z —2) +4y—3)+14 < \/\/(62 +4%)](z — 2 + (y — 3| +14 = V213 +14.

Vay P =213 +14.
r—2 y-—3 3\/5

Sl ST R Vi3

)
Ddu "=" xayrakhi{ 6 4 & 2 = ‘337 — Qy‘ =—
6z 4+ 4y = 2v13 y:2 13+3 13

13
v' Cich gidi 3. Sir dung hinh hoc (hinh chiéu va tuong giao)
Tacs |z —2-3i =1 |z-2)+@y-3)i|=1e (z-2P+@y -3 =1
Do d6 tap hop diém biéu dién s8 phiic 1a duong tron tam 1(2;3), ban kinh R = 1.
Co [7+i+1] =@ +1) + 1 - y)i| = (@ + 1 +(y— 17 = NM, véi N(-L1).
Bai todn tré thanh tim diém M € (C): (x —2)* + (y — 3)* = 1 théaman NM __ . Liic
nay NM,, = NH =|NI—R|« M =H va NM, = NK =|NI+ R/« M =K.

Khi d6 dé’ tim sé phiic thoa ‘Z +i+1 chinh la toa d6 diém H va

max

,‘Z—{—i—l—l

min

K la giao diém ciua duong thing (NI) va duong tron.
YA

Ngodi ra, néu dé bdi yéu ciu tim sé phiic théa (2|  hodc
min
2|, nghiala OM . hodc OM_, ta suy ludn tuong tu. 3]
max min max Ka by

Phuong trinh dwong thang (NI) qua N(—1;1), c6 vécto /j\’/

: x
~ 1 -1 : : >
chi phuong NI = (3;2) cédang (NI): x;— = yT hay —1 0] 2
(NT): 2z — 3y + 5 = 0. Lac nay nghiém hé ph R 12
A = U. LuCcnayn 1em ne wong trin a
c4c diém biéu dién cta s6 phtic 2 thoa ‘3+i+1 -, \z+@'+1 (ks Lam tiép tuc).
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b) (Dé tham khao — B GD & DT nim 2018 — C4u 46) Xét cdc s6 phtrc z = a + bi vdi
a, b€ R théa man \z—4—34:£. Tinh P =a + b khi ‘2—1—1—3@"—1—‘2—14—@"

dat gid tri 16n nhat.

A. P =10. B. P =4. C. P=6. D. P =38.
Loi giai tham khao
Ta c6 \z—4—34:\/3@\(@—4)+(b—3)4<:>(a—4)2 (-3 =\5) ()
, , T = \/gsint +4
v Cdch giai 1. Swdung luong gidc hoa. Dat -
Y= \/gcost +3

C6 Qz‘z+1—3i‘+‘z—1+i‘:\/(a+1)2 +(b— 37 +(a—1 + (b +17
= \/(\/gsint+5)2 —{—(\/gcost)2 —1—\/(\/gsint—1—3)2 +(\/gcost+4)2

— 1105 sint + 30 + 1.76v5 sint + 85 cost + 30
< \/(12 + 12)[(10 5 sint + 30) + (635 sin ¢ + 8v/5 cos ¢ + 30)} (1)

— J2(16v5 sint + 85 cost + 60) = \/2[8\/3(2.:511175 +1.cost) + 60}

< \/2[8\/3\/(22 +1%)(sin’ t 4 cos’ t) + 60| = 10v2 (2). Suy ra max Q = 10:2.

Dau " =" xay ra khid4u " =" tron (1) va (2) dong thoi xay ra
. . 2
smt:cost sint —9cost =0 smazﬁ
<1 2 1 =4 ) \/— =4 L
25int—|—cost:\/g 2sinf + cost = V5 coso =

ey

azx/gsina+4:6

Tt
bzx/gcosa+3:4

= P =a+b=10. Chon dap an A.

v Cich gidi 2. Sw dung truc tiép bat diang thitc Cauchy — Schwarz
(*) & a® +b° —8a—6b+20 =0 < a* +b* = 8a + 6b — 20.

Q=|r+1-3+|r—1+=14la+ 1 +(b—3) +1ya—17 + (b +1

< \/a? n 12){[<a 1P+ (b= 3|+ |(a =1 + (b + 1)2]} )

- \/2 [2(a +8%) — 4b +12] = [2[2(8a + 6b — 20) — 4b + 12|

— /320 4 16b — 56 = [32(a — 4) + 16(b — 3) + 120

< \/\/(322 +16%)|(a— 47 + (b — 3| +120 = \/\/(322 116%).5 120 =10v2  (2)

Dau " =" xay ra khid4u " =" tron (1) va (2) dong thoi xay ra
a—4 b—-3

a=26

<1 32 16

<:>{b_4:>P:a—|—b:10. Chon dap an A.
32(a —4) +16(b — 3) = 80 -
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v' Cdch gidi 3. St dung binh phuong vé hudng (tim hiéu kij 6 phuwong phdp 2)
Goi M(a;b) 1a diém biéu dién s8 phtic 2 = a +bi (a, b € R).

Taco |z —4-3il=5 & |@—4)+ (0 -3)i] & (a— 47 + (-3 = (5"

Do d6 tap hop cac diém biéu dién s& phitc 2 1a nhitng diém thudc duong tron tam
1(4:3), bén kinh R = /5.

Taco Q =z +1—3i+|e— 1+ =@+ 1)+ (b —3)i|+|(a— 1)+ (b + i

= J(@+17 + (-3 ++J(a— 1D +(b+17.
Xét A(=1;3) va B(L;—1) thi @ = MA+ MB.

Phén tich: Q — MA+ MB = X (aMA) + L (3MB) < \/ i? + i? |(aMAY? + (BMBY |
« I} o f

Do d6 cin tim («MA)’ + (BMB)’ = const dé dp dung diing diém roi trong bat dang

thitc ax + by < \/(a2 +b*)(2* +y*). Tir d6 goi ta st dung binh phuong vé huéng.

— 2 —2 N —_—

— |\ MI +‘[A +2MI.JA = R* + IA* + 2MI.IA

Ta co o o TR o o
:‘MB :‘MIHB :‘M[ +‘IB +2MI.IB = R* + IB* + 2MI.IB

= MA® + MB? = 2R* + IA® + [B* + 2MI(IA + IB) v6i R = /5, IA=5, IB = 5.
& MA? + MB? = 60 + 4MI.1J véi J(0;1) 1a trung diém ctia AB.

& MA* + MB® = 60 —1—4‘]\/[1‘ ‘IJ

cos(MI; 1) < 60 + 4‘M1Hﬁ — 100.

Ma Q = LMA+1.MB < (1 + 1) (MA> + MB?) <2.100 = 1072.

, MA = MB MI 11 1T
Déau " =" xay ra khi — — S{1 - — = M(6;4)=P=a+b=10.
cos(MI;1J) =1 IJ = 2MI

c) Xétcacsdphtc z=a+bi (a, b € R) théamén‘z+6—8i‘:2\/g. Tinh P=a+5b
khi Q =2+ 6 + 2i| + | — 2 — 24| dat gi4 tri Ion nhat.
A. P =10. B. P =4. C. P=6. D. P=38.
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d) Chosdphtc 2z thoa man diéu kién z

5 la s6 do. Tim gia tri 16n nhat cua biéu thac
Z —_—

P=le—1+]e—1
A. 5. B. 3.2. C. 245. D. 3.5.

e) Cho s6 phtic 2z thdéa man ‘z -3 - 42" = \/g Goi M va m lan luot la gia tri 16n nhat
va gia tri nhé nhat caa biéu thic P = ‘z + 2‘2 - ‘z - 'ér . Tinh médun cua sd phuc
w= M + mi.

A. |w|=2V314.  B.|w|=2v309.  C. |u|=+1258.  D. |u|= 3137,

f) Xétcicsdphitc z=a+bi (a, b€ R) thoaman |z —2 +|z+2 =26 vabiéu thic

NN D

————z

dat gid tri 16n nhat. Tim gia tri cua biéu thac P = ‘a + b‘.

A. P =6 B. P =32, C. P=4 D. P =2
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, : — 27 A 2y A 7
g) Xétcacsdphtc z =a +bi (a, b € R) théaman “ == 1a 58 thuan ao va mddun ctia
Z —_—
z dat gid tri lon nhat. Tinh gia tri cia biéu thiec P = a + b.
A. P=0. B. P=1+2\2. C P=4 D. P=1+32.

h) Xétcacsdphtic z =a+bi (a, b € R) thoa méan ‘z -1+ 22" = 3. Tim gi4 tri 16n nhat

ctia bidu thitc P = ‘z —2@\.
A. 34417, B. 3-17. C. 1+ 52 D. 26+ 717,
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Phuong phap 2. St dung binh phwong vo hudng
D61 véi mgt s6'bai todn tim max, min, viéc sir dung binh phwong vd hudng dé'tim diém roi nham

dp dung bat ding thitc ax + by < \/(a2 +))(2* + o) hodc @b = ‘5‘.‘5‘008(5;5) < ‘EL’HE‘ to

— — 2 — 2 — 2 — —
ra khd hiéu qua. Ta cin nhé binh phwong v hwrong ‘u + v‘ = ‘u‘ + M + 2u.w.
i) Chohaisé phtic 7, z, thoa man ‘zl + 222‘ =5 va ‘321 — 22‘ = 3. Tim gia tri 16n nhat
ctia biéu thire P = [z | +|z,|-

Loi giai tham khao

Goi M, N lan luot 1a diém biéu dién ctia 2, va z,.
Suy ra ‘ﬂ‘ = ‘zl +2z2‘ = ‘OM + 20N‘ =5 va ‘17‘ = ‘le — zQ‘ = ‘BOM — ON|=3.
v' Phén tich. Bai todn tré thanh tim M, N dé P = ‘OM‘ + ‘ON‘ dat gid tri 16n nhat

thda

07\4+207v‘:5m

30M — ON| = 3. Pé'tim P . goisir dung bit ding thiic

ar + by < \/(a2 +b°)(a* +y°), tic tim P = ‘O—]\’f‘ —I—‘O—'N‘ = 1[04‘0—]\'4‘] +%' ‘50—']\7‘
a

1 —? 2
+? + 1

pay = Lofo3i) + 110 < J

— 2
]. Do dé6 cin phai

tim tong binh phuong vé huéng o’ = const, dé la chia khoa.

- RN 2 2 —_—
OM+20N‘:5 +4 + 40M.ON =25
Taco{l —, L .
30M—0N‘=3 —60M.ON =9
2 2 —_—
+12 +120M.ON =75 = 2 2
& , = 21‘ +14‘ — 93|
18 +2 —120M.ON =18

Ap dung bat dang thirc Cauchy — Schwarz:

‘OM‘ ‘ON‘ [f ‘OMU 1 -‘\/ﬂ.oTv‘
N
1

<
21

1
- =
14

— 1 1 /155 ,155
21 14 e 14

j)  Choso phtic 2z thoa man ‘z —-1- z‘ =1 vabiéu thac P = 3‘2‘ + 2‘2 —4— 42" dat gia

e
21 +14

tri 16n nhat. Tim moédun caa so phtc 2.
A l|=v2-1. B [f=4 C. || =2. D. |o|=v2 +1.

Loi giai tham khao

Goi M(z;y) la diém biéu dién s8 phic z = z + yi (z, y € R).
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Colz—1—il=1|@—1)+@—1i=1s (z—17+(y -1 = 1. Do dotap hop

diém biéu dién s6 phitc 2 1a mot dwong tron tam [(1;1), ban kinh R = 1.

Taco P =3[ +2z —4— 4 =3{s* + ¢ +2(x—4)* +(y — 4.

Xét 0(0;0), N(4;4) thi P = 30M +2NM = 3‘07\4‘ + 2‘@‘

— 12 N _ —_ 2 —_ 2 —_— —_—

‘OM = (0I —|—IM)2 = ‘OI —l—‘IM +201.IM = 3+ 201.IM
Ta cé o o BTN o o

‘NM = (NI + IM)2 = ‘NI —l—‘IM +2NI.IM =19 +2NI.IM

Cfei—ey
Nhén thdy rang:  — = IN =30I < 301 + NI = 0.
IN = (3;3) = 3(1;1)

12 - 2 RN RN RN — 2 — 2
Suyra:B‘OM +‘NM = 28+ 2IM.(30I + NI) = 28 = B‘OM +‘NM = 28|
0
- —_ RN - — 2 — 2
P:3‘0M‘+2‘NM‘:\/g.[\/g.‘OMHJFQ.‘NM‘g (3+4) B‘OM +‘NM ]:14.

o_M" _ E‘W‘
Vay P =14 dat duwgc khi 2

o2l @‘OM :Q:M.ChonC.
S‘OM‘ + Q‘NM‘ —14

k) Cho s6 phtic 2z thdéa man ‘z‘ = 1. Tim gia tri 16n nhat caa P = ‘z + 1‘ + 3‘2 — 1‘.
A. 2310, B. V10, SRENIT) D. 4J10.

) Chosd phtic 2 thoa man |z —1—2i = 2 va biéu thicc P = |¢|+ |z — 3 — 6i| dat gia
tri 16n nhat. Tinh ‘E‘

A. ‘7‘:1+ﬁ. B. ‘E‘:ﬁ. C. ‘E‘:zﬁ. D. ‘E‘:2+ﬁ.
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m) Cho hai s0 phitc 2, 2, thda man z, +z, = 8+ 6i va ‘zl - 22‘ = 2. Tim gia tri 1én

nhat ctia biéu thiic P = |z |+ |z,|.
A. 2013, B. V13. C. . D. 2v26.

n) Chosdphtic z =2z +yi (z, y € R) théa man 4‘2—1—@"—1—3‘2—2" =10. Tim ‘z

min

A. 4. B. 3. C. 2. D. 1.

0) Cho s phtic 2z thoa man ‘z -3- 42" — /5 va biéu thic P = ‘z + 2‘2 - ‘z - 'ér dat
gia tri 16n nhat. Tinh ‘z + z‘

A. 35, B. 61. C. 53. D. 41.
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p) Cho s6 phtecc z =2 +yi (z, y € R) thoa man ‘z -3- 42" = \/g Tinh z + y, biét
rang biéu thicc P = ‘z +1-— 32" + ‘z -1+ z‘ dat gia tri 16n nhat.
A. 4. B. 6. C. 8. D. 10.

q) Chosdphtic z théa man ‘z‘ = 2 vabiéu thtc P = ‘z — 1‘ + ‘z —-1- 72" dat gia trinho
nhat. Tinh mddun cua sd phttc w = z — 1+ i3,
A. Ju]=2v2. B. [u] = 2v3. C lu|=43.  D.|u|=32
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r) Cho s6 phtic 2z thdéa man ‘z —-1- z‘ = 5 vabiéu thuc P = ‘z -7 92" + 2‘2 — 82" dat
gia tri nho nhat. Tim ‘z‘
A. 37, B. V4l. C. v29. D. V17,

s) Chosdphtc z =1z +yi (z, y € R) thoaman ‘z —-3— 3@" = 6. Tinh z + ¥, biét rang
biéu thire P = 2|z + 6 — 34 + 3|z + 1 + 5| dat gia tri nho nhat.

A. 2+ 245 B. 1-+5. C. 2—25. D. 1+4/5.
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Phuong phép 3. Str dung hinh chiéu va twong giao

@ Cho duong thing (A): Az + By + C = 0 vadiéim M € (A). Diéim N & (A) sao cho NM nhé
nhit < K la hinh chiéu cia N 1én (A), nghiala NM = NK = dyony & M=K

min

c] (D) A
. ‘Z‘mm = 0H = d[oﬁ(A)} = I—A—Q n 32 . A&
Khidé M = H vitoadd H = (A) N (OH). I N\&
, Az + By +C| H
. ‘z—(xo—l—yoz)‘ ‘ :NK:d[N:(M:‘ ‘ N/ .
min ) \/A2 + 32 O \;
Khidé M = K vatonds K = (A) N (MK).

@ Cho tip hop cic diém M(x;y) biéu dién s6' phirc z = +yi (z, y € R) la mot duwong tron (C)
c6 tdm I(a;b) va bdn kinh R. Goi N la diém biéu dién s phiec 2. Khi doé:

min

| =om, =o0M, =[0I +R| khi M =M,

max

Pz\ = OM,,, = OM, =|0I — R| khi M = M,

Khi d6 (OI) N (C) = {M; M, }.

min min

e—2| =MN_ =NN,=|NI+R| khiM=N,

max

Pzz" = MN,, = NN, =|NI - R| khi M = N,

max

0

Khi d6 (NI) (C) = {N;N,}.

t) Xétcacsdphtc z =z +yi, (z, y € R) thoaman ‘z —2— 4@" = ‘z — 22" va ‘z‘ dat gia
tri nhé nhat. Tim P = 3z — 2y.
A. 2. B. 3. C. 4. D. 5.
Loi giai tham khao
Tacé |z — 2 — 4 = |z — 21 & (@ —2) + (y — )i = |o + (y - 2)i

S@E-20+@y-4’=2"+y-2 or+y—4=0.

Vay tap hop diém M(z;y) biéu dién cic s6 phtc 2z =z +yi, (z, y € R) 1la mot
duong thang (A):z +y—4=0.

A y
S8 phttc c6 modun nho nhat ‘z = OH va sd phtic can tim M
min h H
chinh la toa @0 diém H 1a hinh chiéu cua diém O 1én d. y
/ T
ViOH Ld:z+y—4=0=0H:2—y+m=0. 0 N

Do O(0;0)c OH =m=0=0H:2—y=0. Toa &0 diém H =dNOH thoa hé

. r+y=4 T =2
phuong trinh i =y & y_2:>H(2;2):>x:y:2:>3:c—2y:2. Chon A.

v' Luuvj. Ngoai cich gidi st dung hinh chiéu va twong giao (hinh hoc), ta ¢ thé gidi theo cich
khic nhuwe: Str dung A* > 0, bat dang thitc cong mdu (hoc sinh tw gidi) dé'tim ‘z

min
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u) Xét cac sd phtic z =z +yi, (2, y € R) thoa man ‘z - z‘ = ‘E —2— 32" va ‘z‘ dat gia
tri nho nhat. Tinh 3z — y.

A. 3 B 3 C. 6 D 5
5 5 3
ie g , ) , . |lz+1-25% . L.
v) Xét cac s6 phic z =z +yi, (z, y € R) thoa méan T =1 va ‘z‘ dat gia tri
z —1
nho nhat. Tinh 7' = 3z + .
A T=2 B. T——12. c =12 T3
12 5 5 12

w) Cho céc s6 phtic z thoa man ‘z +2— 2@" = ‘z — 42". Tim gia tri nho nhat cta ‘zz + 1‘.

C. —- D. 2.
2

Loi giai tham khao

A. 242 B. 32, V2
2

Goi M(z;y) biéu dién s6 phitc 2z = z + yi (z, y € R).

o +2-2i=|e—4i| & |@+2)+ @ -2) =+ - 2i| e z+y—2=0.

Tap hop cac diém M biéu dién s6 phitc 2z la dwong thang (A):z +y—2 = 0.
Talai 6 |iz + 1| = |i(z + yi) + 1| = |1 = y) + @i| = \Jz* + (y — 1) = NM, véi N(0;1),
Bai todn tré thanh tim diém M € (A):x +y —2 =0 théa man NM_. véi N(0;1).

Dé NM = NK & M = K, tic K 1a hinh chiéu ctia diém N 1én (A).

min

e w2 Jo+1-9 B
RN T J2 2
v' Luuvj. Ngoai cich gidi st dung hinh chiéu va twong giao (hinh hoc), ta ¢ thé gidi theo cich

khic nhuw: Str dung A* > 0, bat dang thitc cong mdu (hoc sinh tw gidi) dé'tim ‘z

Suy ra NM

min

= NK = d[N;(A

min
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x) Cho cac s phtic z théa man ‘z —-1- 2@" = ‘z -2+ z‘ Tim gid tri nho nhét cua biéu
thiic |2 +2 — 3il.

1 121
i N . 11310 D, 121

" 10 10 " 10

y) Cho cac s6 phtic z =2 +yi (z, y € R) thoa méan ‘z —(2+ 4@)‘ =2. Goi 2, z, lan
lugt 1a hai s& phttc c6 médun 16n nhat va médun nho nhat. Tinh tong phan ao cta
hai s6 phttc 2z, z, do.

A. -4 B. 4. C. -8. D. 8.
Loi giai tham khao
Tacé |z — (2 +4i)| =2 & |z —2) + (y — 4)i = 2

& (-27+y—4) =4

Do d6 tap hop diém biéu dién s8 phic z la mot
duong tron (C) c6tdm 1(2;4), R =2.

Ta lai c6 ‘z‘ =\’ +y’ = ‘OM‘ = OM.
Bai todn tré thanh tim M € (C): (z —2)* + (y —4)° = 4 théaman OM ., OM .
|| =o0M, =o0M =|or - R| khi M = M,

min

o] =oM  =o0M,=|0I+R| khi M= M,

max max

Theo hinh vé co { - Liic nay toa do

biéu dién so phiic z,, z, 1d hai diém {M;M,} = (OI) N (C).

f| =om, =oum =|or-R|=2/5 2

min

| =om, =om, =|or+Rl=2/5+2

max max

Ta co OI:2\/3, R =2 nén

*

Phuong trinh duong thang (OI) di qua diém O(0;0), vécto chi phuong Ol = (2;4)

c6 dang (OI): % = % & y=2z. Toadd M, M, lagiao diém cua (OI) va (C).

4<:>(:c y) = {21i 4ii}

y =2z

Ta c6 hé phuong trinh

Suy ra z, —2—|—i+ 4—1—i _Q_i 4_i
Do d6 téng hai phan &o ctia s8 phtic z,, 2, bdng 4—1——4\5/3 + 4——4\/_ = 8.
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v' Luuvj. Ngoai cich gidi st dung hinh chiéu va twong giao (hinh hoc), ta ¢ thé gidi theo cich
khic nhw: Str dung bat dang thitc cong mau hodc lwong gidc hoa. Néu bai todn chi yéu ciu

tim gid tri [6n nhit ciia ‘z‘, ta dirng lai & (x) va néu cdu héi nhw trén, ta khong cin gidi (x).
z) Cho s0 phtc z thoa man ‘z -3+ 4@" = 4. Tinh tong gia tri 16n nhat va gia tri nho

nhat ctia biéu thirc P = |¢|.

A. 12 B. 11. C. 9 D. 10.

aa) Cho céc s6 phtc z=2+yi (z, y € R) thoa man ‘z - z‘ = ‘z —i—l‘ va biéu thirc
P = ‘z - (3— 2@)‘ dat gid tri nho nhat. Tim 7' = ‘x - y‘.
A. T =0. B. T =2. C. T=4. D. T =6.

bb) Cho céc s§ phitc z =z +yi (r, y € R) thoa man |z — 1+ 2] =5 va biéu thic
P = ‘z +1+ Z‘ dat gid tri 16n nhat. Tim @ = ‘x - 2y‘.
A Q=0. B. Q=2 C. Q=4 D. Q=6
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cc) Cho sO phtrc 2 thoa man diéu kién ‘2@'2 -1+ 3@" = 1. Tim gia tri lon nhat ctia biéu

thc P:\z+2—3¢\.

N —125«/5. 5 1+;J5. c. —122\/3. D, 1+22x/3.

dd) Cho s6 phtic z thoa man ‘z -1+ 22" = 4. Goi M, m lan lugt 1a gi tri 16n nhat va

gia tri nho nhat cua biéu thic P = ‘z +1-— z‘ Tim M + m.
A. 4. B. 8. c. J13. D. 2V13.

ee) Xét cac sO phtrc z thdoa man ‘z —1-— z‘ + ‘z —7— 42" = 3\/3. Goi a, b Tan luot la gia
tri I6n nhat va gia tri nho nhat cua P = ‘z -5+ 2@". Tim a + b.

Loi giai tham khao

Goi M(z;y) 1a diém biéu dién s6 phttc z = z + yi (7, y € R). Trong mat phang toa
do xét cac diém A(L;1), B(7;4) va I(5—2).
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ff)

Ta co ‘z—l—i‘—k‘z—?—éli‘ = 35 & MA+ MB = 3\5 = AB. Suy ra tap hop cac
diém M biéu dién s6 phitc 2 thudc doan thang AB. y
Theo hinh vé cé ‘z -5+ 22" = IM. 4
Phuong trinh duong thang (AB) di qua A(1;1) va cé

B —

ap = AB=(6;3) =3(2;1) c6dang 1

B - o s
(AB):$21=yT1<:>(AB):x—2y+1=O. ! w T

e e-stu —m=d,,, =25 =m=2b I

[1,(AB)]

— 1B =210 = a = 2410. Vay a + b = 25 +10).

max

vecto chi phuong %

min

. k—5+%

Cho hai s6 phtic 7, 2z, thdaman ‘zl + 5‘ =5va
‘22 +1-— 32" = ‘22 -3 62". Tim gia tri nho nhat g

ctia biéu thire P = |z, — 2.

Loi giai tham khao . /
Goi M, N Ian luot 1a diém biéu dién cua s§ /
phttc z, va z,. C6 M di dong trén duong tron

(C): (z +5)* +y° =25 tam I(—5;0), R = 5.

=Y

Tuong tw diém N di dong trén duong thang
(A): 8z 4+ 6y — 35 = 0 1a dudng trung truc cua
doan AB véi A(—1;3), B(3;6).

Talaico P = ‘zl —22‘ = MN.

Goi (d) 1a duong thang di qua I, vudng géc véi d. Khi d6 @€ P = MN nhé nhat thi

5 )
M=(d)N(C), N=(d)N(A) va MN, =\d, . — R‘ =

gg) Goi S la tap hop tét ca cac gia tri thuc ctia tham s6 m d€ ton tai duy nhat sd phiec

z—\/g—l—i

A. 1. B. 2. C. 3. D. 4.

z thdbaman zz =1 va

= m. Tim s0 phan t& cua S.
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hh) Tim gia tri lon nhatcua P =

2
Z —z‘—i—

2242+ 1‘ Vi z 1a s phtic thoa man ‘z‘ =1
A. 3. B. 3. c. +s. D. 5.

ii) Cho s6 phttc z thoa man |iz + + iz +

—1

. 1‘ =4. Goi M va n lan luot 1a gia
Z —_
tri I6n nhat va gia tri nho nhat cua ‘z‘ Tinh M .n.

A Mn=2. B. Mn—=1. C. Mm=2J2. D. Mn=2V3.

v Cin nhé. Néu tip hop diém biéu dien z la mot elip (E): x_2 + Z_Q =1 (a>b>0) th
a
o max‘z‘ =0OM__=a
‘z o ‘z théa man ] e .
min - fmax mln‘z‘ =0OM_=b

Bien soan & Giang day: Ths. Lé Odn Poan - 0933.755. 607 - 0929. 031.789 Trang - 78 -



Tai lieu én thi thpt Quée Gia mén Jodn T.T Fboang Gia - 56, Phé Chg, P. Tan Thanh, Q. Tan Phi, Tp.T6CM

BAI TAP TRAC NGHIEM
PA Gk @i’y

Nhoém 1. Bai toan xac dinh diém biéu dién caa s6 phird

Ciul. (DPé tham khdo - B6 GD & DT nim 2018 — Cau 01) Diém M trong hinh vé bén la
diém biéu dién s8 phtic

A z=-2+41 &

B. z=1-2. My e 1

C.z=2+u i | .

D. z=1+2i N 9 -
Cau?2. Diém M trong hinh vé bén la diém biéu dién s& phiic y

A z=4+2i T T

B. 2 =2+4i.

C. z=-2+4. |

D. z=4-2i ¢ —
Cau3. Diém M trong hinh vé bén la diém biéu dién s& phiic )

A z2=—-1+42. ¢

B. z=1+2i ) S s

C. z=1-2i. o O o ‘)i z

D. z=2+1.
Caud. Diém M trong hinh vé bén la diém biéu dién s& phiic 147

A z=-3+i S

B. z=1-3i ;

C. z=-1-3i E

D. z=1+3i TN
Cau5. Diém M trong hinh vé bén la diém biéu dién s& phiic Ny Y

A z=14+14)(2—1). L ol 1.

B. z=(1+14)(2— 3i). i

.32 E

! :
- Y — 43
D'Z:2jm’

Ciu 6. (DPé thi THPT Qudc Gia nim 2017 - Dé 101 Cau 30) Cho s8 phttc z = 1 — 2i. Diém
nao dudi day la diém biéu dién ctia s6 phitc w = iz trén mit phang toa do ?
A. Q(1:2). B. N(21). C. M(1;—2). D. P(-21).

Cau7. Diém M trong hinh vé bén la diém biéu dién s8 phiic
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A, z=(1426)(1—1). Y
1
B. z=(1+1)(2— 3i). '
L -1 3 T
—0—0¢— 00— 00— »
C. z= a Z . i
1—i —] pmmmmmmmeeaaaa l
D. 2z -8 = (1+i). M
Cau8. Diém M trong hinh vé bén la diém biéu dién s8 phiic 7. Tim s8 phtic 2.
Yy
A z=-1-3u.
Myoangy
B. z = 3 - 7/ i ®
C. z=-1+3. P
—11 xr
D. z=1+3i »
Cau9. Diém M trong hinh vé bén la diém biéu dién s8 phiic 7. Tim s8 phtic 2.
A z=1—u. ° Y
B. Z:—l—i. j‘i---...]
C. z=1+i =3 -
. 0
D. Z = —1 —|— 1. -1
Cau10. Diém M trong hinh vé bén la diém biéu dién s8 phiic 7. Tim s8 phtc 2.
A z= -3 4
B. z = 3u. 1
C. z=-3. M -1 z
0
D. z=3. .

Caull. Diém M trong hinh vé bén la diém biéu dién s8 phiic 7. Tim s8 phtic 2.

A, 2 =24 Y

M
B. z =2. 1

-1 T
C. z=-2. . .
O

1

D. z = —-21.

Cau12. Cacdiém M, N, P, @Q trong hinh vé bén la diém biéu dién lan luot ctia cac s6 phtic

cac sO phuc z,, z,, 2,, 2,- Khidoso phtec w = 3z + 2, + z, + 2, bang

99
Yy
A. w — _6 + 47/. \[' _____________
B. w=3— 4Z i 1 ,----.________1;
: -1 0 Loz
C. w=06+ 4. H 1
Y E— $-1 :
D. w=4—- 3. i
P = 40
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Ciu 13. (Pé minh hoa Idn 2 - B GD & DT ndm 2017) Diém M trong hinh vé bén la diém
biéu dién ctia s8 phtic 2. Tim phan thuec va phan o cta 2. y T
A. Phan thuc la—4 va phan aola 3. )
B. Phan thyc la 3 va phan ao la—4i. .
C. Phan thycla 3 va phan aola —4. il Y
D. Phan thucla —4 va phéan aola 3i. B

Ciu 14. (Dé thi minh hgalan1-B§ GD & DT nam 2017) Cho s phtic 2z thdéa man diéu kién
(1+ 1)z = 3 — 4. Hoi diém biéu dién cta z la diém nao trong cac diém M, N, P, Q

0 hinh bén ? Yy
N + M
A. Diém P. )
B. Diém Q. B 1 ) )
? H O : L 33'
C. biém M. . |
D. Diém N. Py 0

Cau15. (Pé thi THPT Qudc Gia nam 2017 — Ma dé 104 Cau 13) Cho hai s6 phuic 2, =1 —2i,
z, = —3 + 4. Tim diém biéu dién ctia s8 phtrc z = 2, + 2, trén mét phang toa do.

A. N(4;-3). B. M(2;—5). C. P(—2;—1). D. Q-17).

Cau16. S6 phtic 2z duoc bidu dién trén mat phang nhu hinh vé bén dudi.

1
z
0 1

Hoéi hinh nao biéu dién s& phtrc 2° trong cdc hinh 6 bon ddp 4n A, B, C, D sau?

y Y 2
1 1
Z2
A. : B.
0 1 = 0 1 7
Y Y
1 1
C. D. 2
7
0 1 0 1 =z
Caul7. Goi M, N Ian luot la diém biéu dién cta c4c s phitc z,, 2z, khac 0. Khi d6 khang
dinh nao sau day sai ? Y
N A
A. |5,|=0N. A
Mo
B. |z, — z,|= MN. A
C. |z, +2,| = MN. . S
0
D. |z |=0M.
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’ > 2 \ A7 \ ~ A \ N .« A2 X ?
Cau 18. Choso phttc z thoa ‘z‘ = va diém A trong hinh vé bén la diém biéu dién cua z.
VAR \ ~ 1A o R ST TPV 1 Q NY
Biét rang trong hinh vé bén, diém biéu dién ctua s6 phttc w = —
iz
la mot trong bon diém M, N, P, Q. Khi d6 diém biéu dién ctia
s0 phttc w la diém nao sau day ? M /’A .
A. Diém Q. 0 v
B. Diém M. N
C. biém N.
D. biém P. p
Cau19. Chos6 phtc 2z thoa ‘z‘ = 24/10. Hoi diém biéu dién cta z 1a diém nao trong hinh ?
Ay
A. Diém P. 4 fmg M
N :
B. Diém M. ? ’
—3 ' 6 >z
C. biém N. —4 3
] S 4
D. biém Q. S =3 Q
Cau 20. Trong mit phang toa do, diém M la diém biéu dién ctia s& phtec z. Diém nao trong
hinh vé 1a diém biéu dién ctia s& phtic 2. A
: 0 E
A. Diém N. V
B. biém Q. >
< [0) X
C. biém F.
D. biém P. N P

A A , 7 N «A? « X \ . A ~ ’, 1 N « X 9 A
Cau 21. Cho s6 phtic z co diem biéu dién la M. Biét s6 phttc w = — dwoc bieu dién boi mot

z
trong bén diém P, @, R, S nhu hinh vé. Héi diém biéu dién ctia w 1a diém nao ?
yl\
A. Diém S.
P~ | M

B. Piém Q.
C. Diém P. R o 1 X
D. Dié ¢

. biém R. g

Cau 22. S6phtic z dugc biéu dién trén mit phang toa d6 nhu hinh vé. Hoi diém biéu dién cta

sO phttcc w = é nam & goc phan tw thdy may trong hé truc toa d6 Ozy ?
Z
AY
A. Thit nhat. |
B. Thi hai. .
C. Tht ba. .
D. Th tu. 0 1
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cho s8 phtrc 2 = 2¢ dugc biéu dién bdi diém nao trong hinh v& bén dudi.
A. Diém M.

, 2N 0

B. biém N. :

0 ‘M
C. biém P. 12 x
D. Diém Q. -24P
Cho sd phtic z théaman (1 + 3i)z + 2i = —4. Diém nao sau day biéu dién cho z trong
cacdiém M, N, P, Q 6 hinhbén? AY

Mo 1) NN

A. Diém M. ; |
B. Diém N. .
C. Diém P. B L
D. Piém Q. e o

Cho s6 phtic z = a + bi (a, b € R). D& diém biéu dién ctia z nam trong dai (—2;2)
nhu phan gach soc cta hinh vé thi diéu kién cta a, b phai thoa manla gi?

A —2<ag<2vabelR ry
a>2 /
B. .
b>2

IAIA

a< -2 —2 2
C. .
b< -2

D. a, b€ (—22).

Gia st A, B theo thtt tw 1a diém biéu dién cta s& phiic z,, z,. Tinh d6 dai cua AB.

A. ‘22 + zl‘. B. ‘22 — zl‘. C. ‘21‘ —1—‘22‘. D. ‘zl‘ —‘22‘.
(S6 GD & DT Tp. H6 Chi Minh cum 8 nam 2017) Tim diém biéu dién ctia 2z = . > e
—4i
4 4 4
A. M —é;— . B. N §;— . C. P §;—— . D. Q(3;—4).
S I) 9 5 5 5
Tim diém biéu dién ctia s8 phiic 2 thoa man z = i(1 + 2i)’.
A. M (—4;-3). B. M, (4;-3). C. M,(—43). D. M, (4;3).
Tim diém biéu dién ctia s8 phtic z thoéa man (9 + 5i)z + (7 — 24) = 0.
A M(12). B. N(L:1). C. P(22). D. Q[—%;%]-

Tim diém biéu dién ctia s8 phiic 2 thoa man (1 — i)z = 5 + 3i.
A. M(12). B. N(41). C. P(1;4). D. Q(—1;—4).
Tim diém biéu dién ctia s8 phtic 2 thoa man 2i + 2(1 — 1) = i(3 — ).

A. M,(1;0). B. M (0;1). C. M,(0;2). D. M,(0;—1).
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Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cho s8 phtic z = 2 — 4. Tim diém biéu dién ctia s& phtic w = iz.

A. M(-12). B. N(2—1). C. P(2). D. Q(1;2).

Cho s8 phtic z = 3 + 2i. Tim diém biéu dién ctia s8 phic w = iz — 7.

A. M(5;5). B. N(-55). C. P(5-5). D. Q(—5-5).

Cho s6 phtic z =3 —-2i. Tim diém biéu dién cta s phitc w = z + i.z.

A. M(1;-5). B. N(5;—5). C. P(L1). D. Q(5:1).

Tim diém biéu dién ctia s8 phtic 2 thoa man (2 —4)(1 +i) +7 = 4 — 2i.

A. M (-1-3). B. M, (—13). C. M,(1;-3). D. M, (13).

Trong mét phing phttc goi M 1a diém biéu dién cho s& phitc z = a + bi véi a, b € R,
ab = 0 va M’ la diém biéu dién cho s6 phitc Z. Ménh dé nao sau day dang ?

A. M’ d&ixting véi M qua Oy. B. M’ d6i xting véi M qua Ox.

C. M' a6ixtémg véi M qua O. D. M’ d6ixtng M qua duwong y = z.
Cho s6 Phli’c z = —2i—1. Tim diém biéu dién N cta s& phtic lién hop cta z trong
madt phang phtec.

A. N,(-1-2). B. N,(—12). C. N,(—21). D. N, (2-1).

Trong mat phang phtec, cho diém A(2;1) thi B d&i xting véi A qua truc tung sé la
diém biéu dién ctia s phitc nao sau day ?

A 2=2+u. B. 2 =2-1. C.z=-2+u D. z2=-2—-.

Goi A 1a diém biu dién ctia s6 phic 2 = 5 + 4i va B 1a diém biéu dién ctia s8 phtic
2’ = 44 — 5. Tim ménh dé dang ?

A. Hai diém A va B ddi xtng véi nhau qua truc hoanh.

B. Hai diém A va B d6i xiing v6i nhau qua truc tung.

C. Hai diém A va B ddi xing vdi nhau qua goc toa do O.

D. Hai diém A va B d&i xting v6i nhau qua duong thang y = x .

Goi A va B tuwong tng la diém biéu dién cua s6 phirc 2 =3 +2i va 2’ =2+ 3i.
Khang dinh nao sau day ding ?

A. Hai diém A va B d6i xiing v6i nhau qua truc Oy.

B. Hai diém A va B d6i xttng véi nhau qua duwong thang y = x.

C. Hai diém A4 va B d6i xtiing v6i nhau qua truc Oz.

D. Hai diém A va B d6i xténg véi nhau qua goc toa do.

Goi 4, B, C lacac diém trong mat phang theo thit tw biéu dién s& phiec 2 + 3i, 3 + i,
1+ 2i. Trong tam G cua tam gidc ABC biéu dién s8 phitc 2. Tim 2.

A z=1+1 B. 2 =2-24. C.z=1-u D. z2=2+42s.
Trong mat phang Ozy, cho cac diém A(4;0), B(1;4) va C(1;—1). Goi G 1a trong tam
ctia AABC. Biétrang G 1a diém biéu dién s8 phiic 2. Ménh dé nao sau day la dang ?
A.z:3—i—gi. B.z:3—gi. C.z=2—-u D. z=2+4u

Trén mat phang toa dd Ozy, diém nao sau biéu dién cho s6 phtic z, biét iz = (2 4 4)".

A. M, (4-3). B. M,(—43). C. M/(~4-3). D. M,(43).
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Cau4d4. Chosd phtic z = 3 — 2i. Tim diém biéu dién N ctia s phitc nghich dao cua 2.

N i,i . B. N(3;2). C. N i;—i - D. N(3;—2).
13 13 13 13

Cau45. Goi M la diém biéu dién s6 phttc z = i(1 + 2i)°. Tim toa do cua diém M.

A M(—4-3). B. M(4;—3). C. M(—43). D. M(43).
CAud6. Chosdphic # théa man didu kién iz = 1 + 2i — 1 il ;Z . X4c dinh toa d6 diém A bicu

— 3i
dién s& phtic lién hop Z.
A. A(—-1;3). B. A(—1-3). C. A(1;-3). D. A(1;3).

Cau 47. Biét diém M(1;—2) biéu dién s8 phtic 2. Tinh mddun ctia s6 phttc w = i.Z — 2°.

A. 26. B. 6. C. 6. D. 6.
Céu48. (S6 GD & DT Tp. H6 Chi Minh cum 1 nidm hgc 2017) Cho hai s8 phtrc z, =1- 3,

z, = —4 — 61 c6 cac diém biéu dién trén mit phéng toa d6 Ian lwot la hai diém M va
N. Goi z 1a s6 phitc ma c6 diém biéu dién la trung diém ctia doan MN. Hoi 2 la sd
phtic nao trong cac s6 phtrc dudi day ?

A z=-3-9. B. 2 =-1-3i. C. zzé—i—éi. D. z:—é—gi.
2 2 2 2

Cau49. Trén mit phang phtc, cho diém A biéu dién s8 phtec 3 — 2i, diém B biéu dién s8
phtic —1+ 6i. Goi M 1a trung diém ctia AB. Hoi M biéu dién s& phtic nao ?
A 1-2 B. 2 — 4. C. 2+ 4. D. 1+ 2.

Cau50. Goi A, B lan luot la cac diém biéu dién ctia cac s6 phtc z=1-3i va w=—-2+1
trén mat phéng toa do. Tinh d0 dai doan théng AB.

A. V13, B. 5. C. 5. D. 3.
Cau51. Cho hais6 phitc 2z, =1+14, 2, =2% . Goi M, N lan luwot la cac diém biéu dién ctia

z,, z, trong mit phing phtc. Tinh do dai doan thing MN.

A. MN =+2. B. MN =2. C. MN =10 D. MN =5.
Cau52. Chos6phtic z, =1—2i va z, = 2 — 3i. Khang dinh nao sai vé sd phtic w = 2,Z,.

A. S6 phtec lién hop ctia w la 8 +i. B. Mddun ctia w bang J65.

C. Diém biéu dién ctia w 1a M(8;1). D. Phan thyc cta w la 8, phan aola —1.

Cau 53. S0 nao sau day la s6 d6i cta sO phtc z, biét z c6 phan thuc duong thoa man ‘z‘ =2

va trong mat phang phtic thi z ¢ diém bidu dién thudc duong thang y = 23,

A. —1+iV3. B. 1+ V3. C. —1—if3. D. 1—-i3.

Cau54. Chosd phitc p =3+ 44, ¢ =—2+ 3i. Tim toa d6 (7;y) cta diém biéu dién s& phtic
z théa man 2q + 3z = p.
o [7.2)
3 3
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Tim tat ca cac sd phuc z thoa ‘z - 22" = \/g va diém biéu dién cua z thudc duong

thang d: 3z —y+1=0.

A z=1—4i B. 2=1-+4i hoc » — —2_ 1
5 5

c..—_ 2.1, D. 2= —1-2 hojc»—=24+ 1,
5 5 55

Cho s6 phtic 2 thda iz + 2 — i = 0. Tinh khoang cach d tir diém biéu dién cua 2 trén
mat phang Ozy dén diém M(3;—4).

A. d=25. B. d=+/13. c. d =2v1o. D. d =22

Cho A, B, C Tan luot la diém biéu dién ctia cac s6 phticc —4, 4i va m + 3i. Véi gia
tri thuc nao ctia m thi A, B, C thang hang ?

A m=1. B. m=-1. C. m=2. D. m = -2.
Trong mat phang toa do Ozy, cho diém M biéu dién s6 phtic z = 3 — 4i va diém M’
bi€u dién s8 phtc 2/ = 1+¢ z. Tinh dién tich S cia AOMM' véi O 1a gbc toa do.
A =2 B §=22. C. §5=2. D. §=21.
2 4 2 4

Tim diém biéu dién ctia s8 phtic 2 thoa man z + 37 = 16 — 2i.
A. M(4;1). B. N(4;—-1). C. P(—41). D. Q(—4;-1).
Tim diém biéu dién ctia s8 phiic 2 thoa man (1 + i)z + (2 — )z = 13 + 2i.
A M(3;2). B. N(3;—2). C. P(-32). D. Q(—3;—2).
Tim diém biéu dién s8 phtic 2 thoa man (1+ i)z + (2 + 1)z = 3 + 4.
A M(L-1). B. N(L2). C. P(L). D. Q(—1L1).
Tim diém biéu dién s8 phiic Z thoa man z + 3z = (3 — 20)°(2 + 4).
A M| L2 B. M2l ¢ maw). D. M(11;—9).

2 2 2 2
Tim diém biéu dién s8 phiic 2 thoa man 2 + (2 + 1)z = (3 — 2i)7 + 4.
NPT EEU] AN U ) NP O U U1 I (L 1)

8 8 8 8 8 8
Tim diém biéu dién s8 phtic 2 thoa man (2 — 3i)z 4 (4 + 1)z = —(1 + 3i)°.
A. M, (2-5). B. M,(—25). C. M,(—2;3). D. M,(23).

Cho s8 phtic 2 thoa z — (2 + 3i)z = 1 — 9i. S8 phtic w = 5.(iz) ' c6 diém biéu dién la
diém nao trong cac diém A, B, C, D o hinh vé?

AY
A. Diém N. Dof2 @
| | z
B. Diém Q. 5 1 0O T >
C. biém M. 9
N2 M
D. biém P.
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Trong mit phang phtic goi A, B, C Tan luot 1a cac diém biéu dién ctia cac s& phtrc
2z, =(1—14)(2+1i), 2z, =1+ 31, z, = —1— 3i. Hoi tam gidc ABC c6 dac diém gi ?

A. Vuong nhung khong can. B. Déu nhung khong vudng, khong can.
C. Vudng can. D. béu.
Goi A, B, C lanluot 1a cic diém biéu dién ctia s& phtic 2z, =—1+3i, z, = =3 —2i,

z, =4+ 1 trong hé toa do Oxy. Hay chon két luan dang nhat ?
A. Tam giac ABC vudng can. B. Tam giac ABC' can.
C. Tam gidac ABC vudng. D. Tam giac ABC déu.

Cho A, B, C Tan luot biéu dién cho cac s& phtic 2, Z va

2, Biet ‘zl‘ = ‘22‘ = ‘23‘

i
z,+ 2, =0.Khi d6 tam gidc ABC la tam giac gi ?

A. Tam giac ABC déu. B. Tam gidc ABC vuong tai C.

C. Tam gidc ABC cantai C. D. Tam gidc ABC vudng can tai C.
Trong mat phang phtic, cho ba diém A, B, C lan luot 1a diém biéu dién ctia s6 phtic
2z, =141, z, = (1414, 2z, =m —i. Tim m d&€tam giac ABC vuodng tai B.

A, m=—4. B. m = -2. C. m=-3. D. m = 3.

Cho hinh vuéng ABCD cétam H va A, B, C, D, H Tanluot la diém biéu dién cho
cac sO phuc a, b, ¢, d, h. Biét a =—2+14, h=1+3i va s6 phttc b cd phan ao
duong. Khi d6, moédun cuia s6 phtc b.

A. V13, B. 10. C. +26. D. \37.

Trong mit phang phttc, goi 4, B, C lan luot la diém biéu dién cta céc s& phtic
z, = 3421, 2, = 3—2i, z, = —3 — 2i. Khang dinh nao sau day la sai ?

A. Hai diém B va C ddi xtng nhau qua truc tung.

B. Badiém A, B, C nam trén duong tron tam la gdc toa d6 va ban kinh bang J13.

C. Hai diém A va B d6i xting nhau qua truc hoanh.

12,
3]

D. Trong tam cta tam giac ABC la diém G

Cho hai diém M, N trong mit phang phttc nhu hinh vé, goi P la diém sao cho
OMNP la hinh binh hanh. Héi diém P biéu thi cho s6 phtic nao sau day ?

Az, =4-3i o

B. 2z, = —2+i. A N

C. z,=4+3

D. z, =2—i. or 1 3
Cho ABCD lahinhbinh hanhvéi 4, B, C Tanluotla cac diém bidu dién cac s6 phtic

1—4d, 2+ 3i, 3+ 4. Tim s8 phtic 2 c6 diém biéu dién la D.

A. z=2-3i B. z=4+5i. C. z=4+3i D. z=2+5i.

Cho 4, B, C la cdc diém biéu dién s6 phttc z, = 1+2i, 2, = -2+ 5i, 2, =2 + 4i.
Tim s8 phtic z biéu dién béi diém D sao cho tit giac ABCD 1a hinh binh hanh.
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Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

A —14Ti. B. 5+ C. 1+ 5s D. 3+ 5u.

Cho A, B, C la cac diém biéu dién s8 phtic 2, =2—3i, z, = 4i, z, =2 +1i. Tim s
phtic z, duoc biéu thi boi diém D sao cho ti¢ gidc ABCD la hinh binh hanh.

A. z, =4—6i B.z,=-4-6i C.z =-4+6i D.z =4+6i

Cho A, B, C la cac diém biéu dién s8 phtic 1+ 3i, —2 + 2i, 1 — 7i. Tim s8 phtic 2,
duoc biéu thi boi diém D sao cho t¢ giac ABCD 1a hinh binh hanh.
A z2=-2-28. B. 2 =4—061. C. z2=4+6i. D. z=2+28u
Trong mit phang phttc, goi 4, B, C Ian lugt la cac diém biéu dién cta céc s6 phiic
2z, =—1+31, z, =1+ 51, z, =4 + 1. T gidc ABCD la mot hinh binh hanh thi D 1a
diém biéu dién s6 phitc nao ?
A 2+ B. 5+ 61 C. 2—. D. 3 + 4.
Cho A, B, C lan luot la cic diém biéu dién ctia cac s6 phirc 6 — 34, (1 + 2i)i, i .
Tim s8 phtic cé diém biéu dién D sao cho ABCD 1a hinh binh hanh.
A z=-8+3. B. z =8 — 5. C. z2=-8—-4i. D. z =4-2i
Goi M, N Ian luot 1a cac diém bifu dién cua céc s6 phttc 1+ ¢ va 2+ 3i. Tim s6
phc = bidu didn boi diém Q sao cho MN + 3MQ = 0.
A. z:z—li. B. z:g—kli. C. z:—z+li. D. z:—g—li.

3 3 3 3 3 3 3 3
Trén méat phang toa do Ozy 1&y M la diém biéu dién s& phtec z = (2 —i)(—1+1i) va

P —

goi ¢ la goc tao boi chiéu duong cta truc hoanh véi véc to OM. Tinh sin 2¢.

NES 5 3. o 3o 310
5 5 10 10

Trén mat phang phttc, goi M 1a diém biéu dién s6 phiic z = (2 — 3i)(1 +4) va ¢ la

D.

P —

goc tao boi chiéu duong truc hoanh va vécto OM. Tinh sin 2¢.

A. sin2gpz—%- B. sin2gpz%- C. sin2gpz§~ D. sin2gpz—?-

Trén mat phang phtic, goi M 1a diém bidu dién s8 phiic z = (2 + i)’ (4 — i) va goi ¢

la géc tao boi chiéu duong truc hoanh va vécto OM. Tinh cos 2.

87 87 87 87
A. cos2p = ———- B. cos2¢ =——- C. cos2¢ = ———-D. cos2¢p = —-
T T s Y SPTT
Trén mat phang toa dd Ozy, 1dy M 1a diém biéu dién s& phitc z = —1+ 2i va goi ¢
la géc luong giac tia dau Oz, tia cudi OM. Tinh tan 2.

4 4
A. tan290:—§~ B. tan290:—%~ C. tan290:§~ D. tan2p = —1.

Cho hai s6 phtic z,, z, théa man ‘zl‘ =2, ‘zQ‘ = \/g vanéugoi M, N lanlugtla diém

biéu dién cta z,, iz, thi MON = 30°. Tinh P =

2 2
z + 4z2

A. P =5 B. P =447 C. P =33 D. P =52
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Cau 85.

Cau 86.

Cau 87.

Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Nhém 2. Tap hop diém biéu dién caa s phitc 1a dwong thfmﬂ

(Sé GD & DT Tp. Ho6 Chi Minh cum 5 nam 2017) Trong mat phang toa d6 Ozy, cho
sO phttc 2z thoa man ‘z — z‘ = ‘z + 3@". Tim tap hop diém biéu dién s8 phtc z.

A. Mot duong thang. B. Mot duong tron. C. Mot hyperbol.  D. Mbt elip.

(S GD & DT Tp. H6 Chi Minh cum 8 nim 2017) Trong mat phang phtic, tap hop
cac diém biéu dién ctia s8 phiic z thoa man diéu kién ‘z + 2‘ = ‘z — z‘ la dwong thang
c6 phuong trinh nao sau day ?

A. 2z +4y+13=0. B. 4z +2y+3=0.

C. -2z +4y—-13=0. D. 42 -2y +3 =0.

Tim tap hop nhitng diém M biéu dién s& phtic z trong mit phang phtic, biét s8 phitc

z thoa man diéu kién ‘z — 2@" = ‘E + 1‘.

A. Tap hop nhiing diém M la duong thang cé phuong trinh 4z 4 2y + 3 = 0.
B. Tap hop nhiing diém M la duong thang cé phuong trinh 4z — 2y + 3 = 0.
C. Tap hop nhitng diém M la duong thang cé phuong trinh 2z 4 4y — 3 = 0.
D. Tap hop nhiing diém M la duong thang c6 phuong trinh 2z + 4y + 3 = 0.

Tim tap hop céc diém biéu dién s& phiic » thoa diéu kién |z +2 = |i — 2.
\ g 3 \ g
A. Duong thang y = —2z — 3 B. Duong thang y = —2z — 3.

C. Puong thang y = 2z — g D. Puong thang y = 27 + g

Tim tap hop cac diém biéu dién ctia s6 phtec z trong mat phang phtec thoa man diéu
kién (2 — 2)(i + Z) la sO thuc.

A. Duong thang = +y —2 = 0. B. Duong thang = —y +2 = 0.

C. Duong thang = — 2y + 2 = 0. D. Duong thang z + 2y — 2 = 0.

Tap hop cac diém biéu dién s& phtic 2 thoa dieu kién |z — (1+ 1) = |z + 2i 1a duong
nao sau day ?

A. Duong thing © —y + 1= 0. B. buong tron (z —1)° + (y —1)* = 1.

C. Duong thang z +y + 1 = 0. D. Parabol y = z° + 1.

Tap hop cac diém biéu dién ctia s phtic 2z thda man ‘z —-2- z‘ = ‘E + 22" la duong
thang. Hay viét phuong trinh duong thang d6.

A 4r—-2y+1=0. B. 4z -6y —1=0.

C. 42+2y—-1=0. D. 42 -2y —-1=0.

Cho s6 phtc z thoa man diéu kién 2 ‘z -2+ 3@" = ‘2@' —1—2%z|. Biét tap hop diém
biéu dién cho s8 phiic z 1a mot duong thang, hay tim duong thang d6 ?

A. d : 20z — 16y — 47 = 0. B. d,: 20z + 16y +47 = 0.

C. d,: 20z + 32y + 47 = 0. D. d, : 20z — 32y — 47 = 0.
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Cau 93.

Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

Tim tap hop cac diém trén mat phang toa do bidu dién cac s6 phitc 2 thoa man diéu
kién v = (z — i)(2 + 1) 1a mot s6 thuan ao.

A. Duong tron z° + ¢ = 2. B. Duong thing z + 2y —2 = 0.
C. Puong thang 2z —y +1 = 0. D. Duong parabol 2z = 3°.

Trén méat phang toa dd Ozy, tim tap hop cac diém biéu dién cac s phiic » théa man
diéu kién s6 phirc w = 2(2 + 3i) + 5 — i 1a s0 thuan ao.

A. Puong tron 2° + y* = 5. B. Duong thang 27 — 3y + 5 = 0.
C. Duong tron (z —3)" + (y —2)* = 5.  D. Duong thang 3z +2y —1= 0,
Tim tat ca cac s6 phtic z thoa man ‘z - 2@" = /5 va diém biéu dién ctia - thudc duong

thang d : 3z —y +1 = 0.

2 1
A. 2 =1-—44 B. z=14+4ivaz=————i.
5 5
2 1
C. z2=——+—u. D. z2=—-1-24 Vé2:z+2i.
5 5 5 5

Cho s6 phuc z thoa ‘z — z‘ = ‘z -1+ 22". Trong mat phang phtic, tap hop cac diém
biéu dién s8 phitc w = (2 — i)z + 1 1a mot duong thang. Viét phuong trinh duong
thang dé.

A.z2—-Ty—9=0. B. z24+7y—-9=0. C. z24+79y+9=0. D. 2 -7y +9=0.
Cho s8 phitc v = a + bi. Tim tap hop cac diém trén mit phang toa do bidu dién cac s&
phtic 2z thdéa man diéu kién ‘z — v‘ =1.

A. Duong thing (z —a) + (y —b) = 1. B. Duong thang y = b.

C. Puong tron (z —a)’ +(y —b)’ =1.  D. Duong thang = = a.

Tap hop cac diém M biéu dién s8 phtic z sao cho 2* = (Z)’ 1a

A. Goc toa dé. B. Truc hoanh.

C. Truc tung. D. Truc tung va truc hoanh.

Trong mat phang phitc véi hé toa d6 Ozy, tim tap hop cac diém biéu dién s6 phtic 2
thoa man diéu kién 2 1a s0O ao.

A. Truc do.

B. Truc thuc va truc ao.

C. Duong phan giac goc phan tu th nhat va thi ba.

D. Hai duong phan giac cua cac goc toa do.

Tim tap hop cac diém bidu dién s3 phitc 2 théa man (1 + 4) 1a s8 thuec.

A. Duong tron ban kinh bang 1. B. Truc hoanh Oz.
C. Duong thang y = —z. D. Duong thang y = z.
zZ—1

Xéc dinh tap hop cac diém biéu dién s8 phtic z thoa 1a so thuec.

Z+1
A. Duong tron phuong trinh z° + y* = 1 bo di diém A(0;—1).
B. Hyperbol phwong trinh z° — y* = —1 bo di diém A(0;—1).
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Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

Cau 107.

Cau 108.

Cau 109.

C. Truc tung Oy bo di diém A(0;—1).
D. Truc hoanh Oz bd di diém A(0;—1).

Cho s6 phtrc z thoa man : 1 Z = 1. Tim tap hop cac diém biéu dién s8 phitc 2 trong
Z+1

mat phang phtic.

A. PBuong tron. B. Truc thuec. C. Truc ao. D. Mbt diém.

Cho hai s8 phtic 2, 2’ théa man phin thuc ctia 2 bing phén o ctia 2’ va phan o ctia

z bang phan thuc cta 2. Néu tap hop cta cac diém bidu dién s& phiic z 1a duong

thang = + 2y — 3 = 0 thi tap hop cc diém biéu dién s3 phiic 2’ 1a duong thang cé

phuong trinh nao sau day ?

A z—-2y+3=0. B. 2x+y—-3=0. C. z—-2y—3=0. D. 224+y+3=0.

Tim tap hop cac diém M biéu dién s& phtec z théa man z* = ‘zr .

A. Goc toa dé. B. Truc hoanh.

C. Truc tung va truc hoanh. D. Truc tung.

Biét tap hop cac diém biéu dién s§ phiic 2 thda man ‘z + E‘ = ‘z — E‘ la hai duong

théng d,, d,. Tim toa d6 giao diém M cua hai duong thing d,, d,.

A. M(0;0). B. M(L1). C. M(12). D. M(0;3).

Biét tap hop biéu dién s8 phitc z thoa man ‘z + 2‘ = ‘z — z‘ la duong thang d. Tinh

khoang cach h tit gbc O dén duong thang d.

35 35
10 5

D. h=-.
10

b 35
20

A. h B. I C. h

X . 2
Biét tap hop cdc di€m biéu dién s8 phitc 2 thoa man |2 + ()’ + 2|+ | =16 1a hai

duong thing d, va d,. Khoang cach gitra hai duong thing d,, d, 1a bao nhiéu ?
A. d(d,d,) = 2. B. d(d,d,) = 4. C. d(d,d,)=1. D. d(d,d,)=6.

1 @ 10 &y 17 Uy 1%
Cho céc s6 phuc 2 thoa ‘z + 2 — 1‘ = ‘z + z‘ Tim s8 phtic 2z dwoc bidu dién boi diém
M saocho MA ngan nhat véi A(1;3).
A, z=3+u. B. z =1+ 3. C. z2=2-3i D. z=-2+ 3
Xét s8 phtrc z va s6 phtc lién hop ctia né c6 diém biéu dién la M, M'. S6 phtic
(4 + 37) va s8 phtic lién hop ctia né 6 diém biéu dién Ian lwot 1a N, N'. Biét rang
MM'N'N 1a mot hinh chit nhat. Tim gia tri nho nhat ctia |z + 4i — 5.

5 13

A, V34 c. 2.
34 2
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Cau 110.

Cau 111.

Cau 112.

Cau 113.

Cau 114.

Cau 115.

Cau 116.

Cau 117.

Cau 118.

Cau 119.

Nhém 3. Tap hop diém biéu dién ctia s8 phitc 1a duong tron, hinh tron|

Tap hop tat ca cac diém biéu dién s§ phitc 2 trén mat phang toa d6 thda man

‘z - z‘ =1 la mot duong tron. Goi [ 1a tam ctia dwong tron nay. Tim toa d ctia 1.

A. I(0;—1). B. I(0:1). C. I(1;0). D. I(~10).
Tap hop biéu dién s8 phtic 2 thoa 2.z = 4 1a dwong tron c6 ban kinh R bang may ?
A. R=2. B. R=6. C. R=4. D. R=8.

(S6 GD & DT Tp. H6 Chi Minh cum 7 nim 2017) Tap hop cac diém M biéu dién s&
phttc z thoa man ‘z -2+ 5@" = 4 mot duong tron tam I, ban kinh R. Tim [ va R.
A. I(2;-5) va R =2. B. I(—2;5) va R =4.

C. I(2-5) va R =4. D. 1(0;0) va R =2.

Tim tap hop diém biéu dién s& phtic z thoa man ‘z +2— z‘ = 3 la m{t duong tron.
Tim tam I va ban kinh R.

A. 1(2;-1), R=1. B. I(—2;1), R = /3.

C. I(1,-2), R=3. D. I(-21), R =3.

Trong mat phang toa d6 Ozy, tap hop diém bidu dién cac s phtic » théa man
‘z — z‘ = ‘(1 + z)z‘ la dwong tron c6 phuong trinh nao sau day ?

A 2 +(y+1)° =2 B. (z 17+ =2.

C. 2 +(y—1"=2 D. (z+1°+¢*=2.

Tim duong tron tam I, ban kinh R 1a tap hop diém biéu dién cac s phiic 2 théa man
7 (4430 =2

A I(43), R=2. B.I(4;-3), R=4. C.I(—43), R=4. D. I(4-3), R =2.
Trong méat phang phtic, tap hop cac diém M biéu dién s6 phiic 2 thoa man diéu kién
‘E -3+ 2@" = 5 la mot duong tron c¢6 tam [ va ban kinh R. Tim [ va R.

A. I(~3-2), R=5. B. 1(3;—2), R=5.

C. 1(3;2), R=5. D. I(-32), R=5.

Cho s6 phtic z thoa man ‘z’z — 2@" = ‘1 — 2@". Biét rang trong méat phang toa d6 Oxy,
tap hop cac diém biéu dién s8 phtic z 1a mot duong tron. Hay xac dinh toa d6 tam [
ctia duong tron do.

A. 1(0;2). B. 1(0;-2). C. I(—2;0). D. 1(2;0).

Trén mit phang toa d6 Oy, tap hop cac diém biéu dién s phitc 2 thoa man diéu
kién ‘zz -2+ z)‘ = 2 la mot duong tron cé phuong trinh nao sau day ?

A z-3y—2=0. B. (-1 +(y+2)° =4

C. 22—y—2=0. D. (z+17+(y+2)° =4.

Tap hop diém biéu dién s8 phiic ‘z — 2@" = 3 la duong tron tam I. Tat ca gia tri m

s 2 y 1
thoa khoang cach tit I dén duwong thang d : 3z + 4y — m = 0 bang =
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Cau 120.

Cau 121.

Cau 122.

Cau 123.

Cau 124.

Cau 125.

Cau 126.

Cau 127.

Cau 128.

Am=8 m=—-8 B.m=8§ m=9. Cm=-7 m=9.D.m=7, m=09.
Tap hop diém biéu dién cac s6 phiic 2 thoa man ‘z -3+ 52" = 4 la mot duong tron.
Tinh chu vi C' ctia duong tron do.
A. C =4m. B. C =2m. C. C =8m. D. C = 16m7.
Cho s8 phttc 2z théa man (z + 1)(z — 2i) 1a mot s6 thuan ao. Tap hop diém bidu dién
s6 phitc z 1a mot duong tron cé dién tich bang bao nhiéu ?
bt .

4 2

Cho s6 phtic 2z thoa man ‘z‘ =m’ 4+ 2m + 5, vé6i m 1a tham s6 thuc thuoc R . Biét

A. 5. B. D. 25m.

rang tap hop cac diém biéu dién cac s& phitc w = (3 — 4i)z — 2i 1a mot duong tron.
Tinh ban kinh 7 nhé nhét cta duwong tron do.
A. r=20. B.r =4. C. r=22. D.r=25.

Jio

Cho thoa méan z € C théa man (2 +1) 2| = ~—+1-2i. Biét tap hop cdc diém biéu
dién cho s& phttc w = (3 — 4i)z — 1 + 2i 1a duong tron. Tim tam [ va ban kinh R.

A. I(~1;,-2), R =+/5. B. 1(1;2), R = /5.

C. I(-1;2), R=5. D. I(1;-2), R =5.

z—1

z—1
duong tron tam I va ban kinh R (trtt mét diém). Tim toa d§ I va tinh R.

Tap hop cac diém bidu dién cac s6 phitc 2z théa man phan thuc ctia bang 0 la

Cho cac s0 phtic 2 thoa man ‘z‘ = 4. Biét rang tap hop cac diém bicu dién cac s6 phiic
w = (34 44)z + i la mot duong tron. Tim ban kinh R cua duong tron do.

A. R=4. B. R=5. C. R=20. D. R =22

Cho céc s6 phtic z thoa man ‘z‘ = 12. Biét rang tap hop cac diém bidu dién cac s6&
phtic w = (8 — 67)z + 2i la mot dwong tron. Tinh ban kinh 7 ctia duong tron do.

A r=122. B. r=120. C. r=247. D. r=12.

(S6 GD & DT Tp. H6 Chi Minh cum 6 niam 2017) Cho s6 phttc 2 thda man diéu kién
‘z - 1‘ =2;w=(1+ \/gz)z + 2. Tap hop diém biéu dién ctia s6 phttc w 1a duong tron,
tinh ban kinh duwong tron do

A. R=3. B. R=2. C. R=4. D. R=5.

Cho céc s6 phtic z thdéa man ‘z‘ = 2. Biét rang tap hop cac diém biéu dién cac s6 phtic
w = 3—2i+ (2 —1)z lamot duwong tron.Tinh ban kinh 7 cta duong tron do.

A. 20, B. 20. c. 7. D. 7.
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Cau 129.

Cau 130.

Cau 131.

Cau 132.

Cau 133.

Cau 134.

Cau 135.

Cau 136.

Cau 137.

Cho s6 phtic 2z thoa man ‘z‘ = 3. Biét rang tap hop tat ca cc diém bidu dién s& phtic

w =3 —2i+ (2 — 1)z la mot duong tron. Hay tinh ban kinh cua dwong tron do.

A 32, B. 3v5. C. 3V3. D. 37.

(S6 GD & DT Tp H6 Chi Minh cum 2 nim 2017) Cho s phttc 2 thoa man ‘z - 2‘ =2.
Biét rang tap hop cac diém biéu dién cac s& phitc w = (1 — i)z + i la mot duong tron.
Tinh ban kinh 7 ctia duong tron do.

A r=2/2. B. r—4. C. r=+2 D. r=2.

Cho s8 phtic 2 thay ddi ludn 6 |¢| = 2. Khi do tap hop diém biéu dién s phtic
w = (1 —2i)z + 3i la dwong tron cé phuong trinh nao sau day ?

A. Duong tron z° + (y — 3)* = 20. B. Duong tron z* + (y — 3)* = 5.

C. buong tron z* + (y + 3)* = 20. D. DBuong tron (z — 3)* +y* = 5.

(S6 GD & DT Tp. Ho6 Chi Minh cum 6 nam 2017) Cho s& phtic 2 ¢4 |¢| = 4. Tap hop
cac diém M trong mat phang toa &6 Oxy biéu dién s phitc w = 7 + 3i lamot duwong
tron. Tinh ban kinh dwong tron do.

A, 4. B. g- C. 3. D. 442.

Cho cac s phtc z thoa man ‘z — z‘ = 5. Biét rang tap hop diém biéu dién s8 phtrc
w = iz + 1 — 4 la dwong tron. Tinh ban kinh ctia dwong tron do.

A. r =22 B. r=4. C. r=20. D. r=5.

Xéc dinh tap hop cac diém trong mit phang Ozy, biéu dién s6 phitc 2z thda man diéu
kién ‘z +1— 3@" < 4.

A. Hinh tron tdm I(—1;3), ban kinh r = 4.

B. Duong tron tam /(—1;3), ban kinh r = 4.

C. Hinh tron tam I(—1;—3), ban kinh r = 4.

D. Duong tron tam (1;3), ban kinh r = 4.

Tap hop cac sd phitc w = (1+ i)z +1 voi 2z la s6 phiec thoéa man ‘z — 1‘ <1 la hinh
tron. Tinh dién tich hinh tron 4.

A. 4. B. 2m7. C. 3m. D. m

Cho s6 phttc z thoa man diéu kién ‘z -3+ 4@" < 2. Trong mat phang Ozy, tap hop
diém biéu dién s6 phitc w = 2z + 1 — i 1a hinh tron c6 dién tich bang bao nhiéu ?

A. S =09 B. S =12m. C. § =16m. D. § = 25m.

(S6 GD & DT Tp. H6 Chi Minh cum 5 nidm 2017) Cho s6 phttc 2 thda man diéu kién
3< ‘z —3i+ 1‘ < 5. Tap hop cac diém biéu dién cta z tao thanh mot hinh phang.
Tinh dién tich S ctia hinh phang d6 ?

A. S =257, B. S = 8m. C. §=d4nm. D. § =16m.
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Cau 138.

Cau 139.

Cau 140.

Cau 141.

Cau 142.

(S6 GD & DT Tp. H6 Chi Minh cum 1 ndm 2017) Cho s6 phttc z = a + bi (a, b € R).
Dé diém biéu dién ctia z nam han bén trong hinh tron tim O ban kinh R = 2 nhu
hinh bén thi diéu kién can va dtictia a va b lagi? y

A. o> +b <.

B. o +b° < 4. /
-2 2 X

C.a+b<2. /

D. a+b<4. -2

Cho s6 phttcc z =z + yi (z, y € R) thoa diéu kién nao cta =z, y sau day dé tap hop

cac diém biéu dién ctia z 1a hinh vanh khin ndm gitta hai duong tron (C,), (C,) ké

ca hai duong tron (C)), (C,)

A 1<+ <2

5 4y <1

Pty 22 2 0 2

C. 1<z’ +y <4, %%%%%ﬁg%
|

D. 1§x2+y2§4.

X

Trong mat phang phtrc Ozy, s8 phitc z = a + bi (a, b € R) thoa diéu kién nao thi c6
diém biéu dién thudc phan to dam trong hinh vé (k& ca bién) ?

A. a€[-32]U[23] va |¢|> 3. 1Y

B. a€(-3;2)U(23) val{<s3.

A 25

C. a€[-32U[23] vale|<3. SV B

N\~

D. a€[-3-2/U[%3] va |{<3.

Phan gach chéo trong hinh bén duéi 1a tap hop cac diém biéu dién s8 phitc z thoa
man diéu kién nao ?

A 1< <3 Zy
B. || <3 %?%gﬁg%%%
o <@

Goi (H) la tap hop tat ca cac diém trong mat phang toa do Ozy biéu dién s8 phtrc
z=a+bi (a, b €R) thtaman a’ +b* <1< a—b. Tinh dién tich hinh (H).
3m 1

A —+—. B.
4 2

cr_ 1 D.1.

4 2

NG

Bién soan & Giang day: Ths. Lé Odn Poan - 0933.755. 607 - 0929. 031.789 Trang - 95 -



Tai lieu én thi thpt Quée Gia mén Jodn T.T Fboang Gia - 56, Phé” Chg, P. Tan Thanh, Q. Tan Phi, Tp.T6CM

Cau 143.

Cau 144.

Cau 145.

Cau 146.

Cau 147.

Cau 148.

Cau 149.

Nhém 4. Tap hop diém biéu dién caa s6 phitc 1a elip va hyperbol

Biét tap hop céc diém M biéu dién hinh hoc s8 phtic z thoa [s — 2| +|z + 2| =10 Ia
mét elip (E). Hay viét phuwong trinh elip d6.

2 2 2 2

A (B):=4+¥ 1. B. (B):—+2L =1
25 16 25 21
2 2 2 2

C (B): L 4+4 -1 D. (B):Z+% 1.
21 16 16 9

Tap hop cac diém biéu dién s8 phiic 2 thoa man ‘z + 2‘ + ‘z — 2‘ = 5 trén mat phang toa

dd 1a mot elip c6 phuong trinh chinh tac nao sau day ?

2 2 2 2

A (B): 2+~ B. (B):—+2L =4
25 9 25 9
2 2 2 2

C. (B): 2 W D. (B): 3% 4 ¥
25 9 25 3

Tap hop céc diém M bi€u dién hinh hoc s& phic z théa |z — i + 1|+ |z +i— 1| = 8 Ia
mét elip (E). Hay viét phuwong trinh elip do.

2 2 2 2

A (B): T+ L =1, B. (B): = +Y =
16 13 16 14
2 2 2 2

c (B):Z4+4 —1 D. (B):Z+% =
16 12 16 15

Biét tap hop cac diém M biéu dién hinh hoc & phtic 2 théa |z — i + |z + i = 4 lamét
elip (£). Hay viét phuong trinh elip do.

2 2 2 2

A (B):Z+2L =1 B. (B): = +%L =1
9 4 43
2 2 2 2

c (B):Z4+L 1. D. (B): L +L 1.
9 3 42

Goi (H) 1a hinh biéu dién tap hop cac s& phtic 2 trong mit phang toa d6 Ozy sao cho
‘22 — E‘ < 3 va s phtic z ¢6 phan ao khong am. Tinh dién tich hinh (H).

o c
4 2

Goi M la diém biéu dién ctia s8 phitc z thoa man 3‘2 + Z‘ = ‘23 —z+ 3@". Tap hop

A. 3. B. D. 6.

tat ca nhiing diém M nhu vay 1a hinh gi ?

A. Mot parabol. B. Mot duong thang.

C. Mot duong tron. D. Mot elip.

Tap hop cac diém trong mit phang toa do biéu dién s6 phtic zthoa man diéu kién:
2‘2—@" = ‘2—3—1—22" la hinh gi ?

A. Mot duong thang. B. Mot duwong Parabol.

C. Mot duong Elip. D. Mot duong tron.
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Cau 150.

Cau 151.

Cau 152.

Cau 153.

Cau 154.

Cau 155.

Cau 156.

Cau 157.

Cau 158.

Cau 159.

Xé&c dinh tap hop cac diém M trong mat phang phtic bidu dién cac s& phiic z thoa
man diéu kién ‘22 — (5)2‘ = 4.
1

A. La duong hyperbol (H):y = ——- B. La duong hyperbol (H):y = 1
T T

C. La duong tron tam O(0;0) ban kinh R = 4.
D. La hai dwong Hyperbol (H,):y = 1 va(H,)):y= —l~

2
x x

Nhom 5. Bai toan max min"

Trong tat ca cac sO phttc c6 dang z = m — 3 — (m — 2)i véi m € R, hay tim s6 phtic
z ¢6 médun nho nhat ?
1 1 1 1 1 1 1 1
A z=-—=i B. 2=——+-i. C.z=--—=i D.z=-+-i
2 2 2 2 2 2 2 2
Cho s6 phtic z = (m —1) +(m —2)i, (m € R). Tim gia tri cia m d€ modun cta sd

phtic z co gia tri 1on nhat la J5.

m< -3 m < —6

A, —-3<m<0. B. 0<m <3. .
m >0 m > 2

Cho s6 phttc z = m + (m — 3)i, (m € R). Tim m dé€ ‘z‘ dat gid tri nho nhat ?

A. m=0. B. m = 3. C.m:§~ D.m:—§~
2 2

Cho s6 phtic z thoa ‘z—l—l—i‘:‘i—l—l—%‘. Tim s6 phttc z ¢6 moédun nhé nhat ?

) B -2+ iyl p. 22,
5 10 5 10 5 10 5 10

(S6 GD & DT Tp. H6 Chi Minh Cum 1 ndm 2017) Cho s8 phtc 2z thoa diéu kién
2+ 4‘ = ‘z(z + 2@)‘ Tim gia tri nho nhat cua ‘z + z‘

A. 2. B. 1. C. 3. D. 4.

Biét s6 phtic z = a + bi, (a, b € R) thoa man diéu kién ‘z -2— 4@" = ‘z - 22" c6 md
dun nho nhat. Tinh M = o® + b*.

A. M =28. B. M =10. C. M =16. D. M = 26.

(S6 GD & DT Tp. H6 Chi Minh cum 8 nidm 2017) Cho s8 phtic 2 ¢6 diém biéu dién

nam trén duong thang 3z — 4y — 3 = 0. Tim gid trj nhoé nhat cta ‘z‘

) ) ) )

Xét s6 phttc z thoa man ‘z -2- 4@" = ‘z — 22". Tim gia tri nho nhat cua ‘z‘
A. 4. B. 22, C. 10. D. 8.

Cho s6 phtic z thdéa man ‘z — 1‘ = ‘z — z‘ Tim gia tri nho nhat cua P = ‘22 +2— z‘
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Cau 160.

Cau 161.

Cau 162.

Cau 163.

Cau 164.

Cau 165.

Cau 166.

Cau 167.

Cau 168.

Cau 169.

Cau 170.

3V2
A . B. 3v2. ¢ B2 D. 2.
N2 2 2
Trong cac s6 phtrc thoa man ‘z‘ = ‘Z -3+ 42", s0 phttc nao c6 mo6 dun nho nhat ?

A z=-3—-4i. B. z:g—i—%. C. z=3+4. D.z:g—%.

Trong cac s6 phtrc thoa man ‘z + 3@" = ‘z +2— z‘ Tim s6 phttc c6 mdédun nhé nhat ?

A, z2=1-2i. B. z:—l+gi. C. z:l—gi. D. z=—-1+ 2.
5 b5 5 5

Trong mat phang toa do, hay tim s8 phitc 2z c6 mddun nho nhat, biét rang s6 phtec 2
thoa man diéu kién ‘z -2 4@" = \/g

A z2=-1-2i. B. z=1-2i. C. z2=1+421 D. z2=—-1+21
Cho s6 phtic z thdéa man ‘z -3+ 4@" = 4 Tim gia tri 16n nhét cta biéu thic P = ‘z‘

A. P =09 B. P =5. C. P =12 D. P =3.

Cho s6 phtec thoa man ‘z -2+ 2@" = 1. Tim gia tri I6n nhat cua ‘z‘

A 42 —2 B. 22 +1. C. 2442 D. 3V2 + 1.

Cho s6 phtic z thdéa man ‘z’z +4— 3@" = 1. Tim gia tri nho nhat cua ‘z‘

A. 6. B. 4. C. 3. D. 5.

Trong cac s6 phtic z thoa man ‘z + 3+ 42" = 2, goi z_ lasd phttc c6 m6 dun nho nhat.
Tim modun ctia sd phtic 2.

A |z |=4 B. |2 |=2 C.

AV o I TN o
Trong cac s6 phttc z thoa man ‘z -2+ 3@‘ =3 Tim s6 phttc c6 modun nho nhat.

:26—3\/E+78—9\/E2. :25—3\/E+78—9\/E2,

A. 2 B. z
13 26 13 26
26 + 3v13 78 —9v13 . 26 —3v13 78 —9v13 .
C. z= + 7. D. z= — 7.
13 26 13 26

Trong céc s6 phtrc z thoa man ‘z -2+ 42)‘ =2, goi z va z, la sd phitc c6 mdédun
16n nhat va nho nhat. Téng phan &o cua hai s6 phttc 2, va z, bangbao nhiéu ?

A. 8. B. 4. C. =8. D. 8.

Cho s6 phtic 2z thdéa man ‘z —-2- 3@" = 1. Tim gia tri 1én nhat caa P = ‘E +1+ z‘

A V1342, B. 4. C. 6. D. V13 +1.

(S6 GD & DT Tp. H6 Chi Minh cum 6 ndm 2017) Cho s6 phtic » thda man diéu kién
‘z - 3‘ = 2‘2‘ va max‘z -1 +2i‘ — 4+ by2. Tinh a +b.

A. 4. B. 42, C. 3. D.

W |~
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Cau 171.

Cau 172.

Cau 173.

Cau 174.

Cau 175.

Cau 176.

Cau 177.

Cau 178.

Cau 179.

Cau 180.

Cau 181.

Cho s6 phtic z ¢ ‘z‘ = 2 thi s6 phtic w = 2z + 3i ¢c6 modun nhoé nhat va 16n nhat lan
Iwot 1a bao nhiéu ?

A. 2 vab. B. 1 va6. C. 2 vaé. D. 1vab.

Cho s6 phtic z thoa man diéu kién ‘z -1+ 2@" — 5 vaw=z+1+i c6mddunlén

nhat. Tinh mddun cta sd phiic ‘z‘

A. | =25, B. | = 3" C. |o| = . D. | =52
(56 GD & DT Tp. Ho Chi Minh cum 7 nam 2017) Cho s& phiic = thoa |z — 3 + 4i| = 2

va w =2z 41— Khidd ‘w‘ co gia tri 16n nhat la bao nhiéu ?

A. 16 +74. B. 2 +/130. C.4++74. D. 4 ++/130.

Cho s6 phtic 2z théoa man z khong phai s6 thuc va w = o la s6 thuc. Gia tri 16n
+z

nhat ctia biéu thiic P = [z +1 .

A 242, B. 2. C. 2. D. 8.

Cho sd phtic 2z thoa man ‘z - 1‘ — 2. Tim giatriléonnhdtcaa T' = ‘z + z‘ + ‘z -2- z‘

A. maxT = 8\/5. B. maxT = 4. C. maxT = 4\/5. D. maxT = 8.
Cho s0 phtic z thoa man ‘z‘ = 1. Tim gia tri 1én nhat cta T = ‘z + 1‘ + 2‘2 — 1‘.

A. maxT = 2\/3. B. maxT = 2\/5. C. maxT = 3\/3. D. maxT = 3\/5.
Cho s8 phtic 2z thdéa man ‘z — 3‘ + ‘z + 3‘ = 8. Goi M, m lan lugt gia tri 16n nhat va
nho nht |¢|. Tinh M + m.

A 4-AT. B. 4++7. C. 7. D. 4++/5.

1z +

_|_

Cho s6 phtrc z thoa man

1 —1

. 2
12 + -
1—1

‘ =4. Goi M va m lanluotla gia tri
16n nhat va gid tri nho nhat caa ‘z‘ Tinh Mm.
A. Mm =2. B. Mm =1. C. Mm=22.  D. Mm=23.

1
z+—
Z

Cho s6 phtrc z thdéa man = 3. Tinh tong cua gia tri I6n nhat va gia tri nho nhat

ctia biéu thic P = ‘z‘

A. 3. B. 5. c. J13. D. 5.

Cho s0 phiic z thdéa man ‘zQ —2z+ 5‘ = ‘(z —142i)(z + 3i — 1)‘ Tinh min‘w‘, voi
w=z—2+2i.
A. min‘w‘ = § B. min‘w‘ = 2. C. min‘w‘ =1. D. min‘w‘ = l

2 2

Cho s0 phtic z thoa man ‘zQ - @‘ = 1. Tim gia tri 16n nhat cua ‘E‘
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Cau 182.

Cau 183.

Cau 184.

Cau 185.

Cau 186.

Cau 187.

Cau 188.

Cau 189.

Cau 190.

Cau 191.

A. 5. B. 2. C. 2. D. o

(P& minh hoa 1an 3 - B§ GD & DT ndm 2017 — Cau 48) Xét s6 phtic » thda man diéu
kién |2 +2 =i + | — 4 — 7i| = 6+7/2. Goi m, M Tan luot 1a gid tri nho nhét va gid tri 16n
nhat cua ‘z—l—l—z". Tinh m + M.

A.M- B. M C. 52 +2J73.  D. J13 + 73,

(D& tham khao 2018 - B§ GD & DT - Cau 46) Xét s phttc z = a + bi (a,b € R) thoa
|o—4 -3l =/5. Tinh P =a+b khi |z + 134 + |z — 1+ {| dat gid tri 16n nhat.

A. P =10. B. P =4. C. P=6. D. P =38.

Xét cac sO phic z = a + bi (a, b € R) thdéa man diéu kién ‘z —4-— 3@" = ‘E -2+ z‘
Tinh P = a® +b* khi |¢ +1— 34+ |z — 1+ 1| dat gi4 tri nho nhat.

_ 23 L p=49 . p= 8L p. p= 7
9 32 32 9

Véi hai s6 phtic 2, va z, théa man z, +z, = 8+ 6i va ‘zl - 22‘ = 2. Tim gia tri 16n

A. P

nhat ctia biéu thiic P = |z |+ |z,|.

A. 5+ 35. B. 2426 N D. 34+ 32

Cho céc s6 phtic z thoa man ‘z +2— 2@" = ‘z — 42". Tim gia tri nho nhat cua ‘zz + 1‘.

A. g B. 2V2. C. 2.

b, 32,
2
’ . . \ 2 .
Tim s6 phtic z = a +bi (a, b € R) thoa ‘z—3+4z‘:\/g va P:‘z+2‘ —‘z—z
dat gid tri 16n nhat. Tinh modun cua z.

A. 41, B. /34, C. 5. D. 4.

Xét cac s6 phtrc z = a + bi (a, b € R) thoa man diéu kién ‘z‘ = 1. Tinh P = a + b khi

‘2

| +2 — i +5|iz — 1+ 6] dat gid tri 16n nht.

J5 42 ool
3 2

Cho s6 phtic z thoa ‘z‘ = 1. Tim gia tri 16n nhat cta biéu thuc 7' = ‘z + 2‘ + 2‘2 — 2‘.
A. 25, B. 21/10. C. 3\5. D. 52,

Xét cac s6 phtc z =a +bi (a, b € R) thoa man ‘z+6—8i‘:2\/g. Tinh P=a+1b
khi |2 + 6 + 2i| + | — 2 — 2i| dat gi4 tri 1on nhat.

A. P=1. B. P= C. P

-2 1
3

A. P=10. B. P =4. C. P=6. D. P =28.
Xét hai s6 phttc 2z, = a + bi, z, =c+di véi a, b, ¢, d € R thoaman ‘zl—%‘:\/a,

‘z2—4—2i‘:\/§V‘am©ts6thufc e. Tinh P=a+b+c+d+e khi ‘zl—e‘—l-‘zQ—e‘

dat gid tri nho nhat ?
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Cau 192.

Cau 193.

Cau 194.

Cau 195.

Cau 196.

Cau 197.

Cau 198.

Cau 199.

Cau 200.

A. 12. B. 10. C. 11. D. 8.

Cho s6 phtc z thoa man ‘z -3- 4@" = \/g Goi M va m lan luot la gia tri 16n nhat
va gia tri nho nhdtcua P = ‘z + 2‘2 — ‘z — ir . Tinh ‘M + mz‘

A. 2+/314. B. 2+/309. C. V1258. D. 3+137.

Xét cac s6 phtc z =a +bi (a, b € R) thoa man diéu kién ‘z -1 —|—22" = ‘z — z‘ Tinh
P =2 —b” khi || dat gié tri nho nhat.

A L. ey c 4. p 14
25 25 25 25
z2+2—1

Cho s6 phtrc 2 thoa man — 2. Tinh tong gia tri 16n nhat va gia tri nho

Zz+1—1

nhitcaa P = ‘z‘

A. 2310 B. 0. C. 6. D. 310.

— 2

~ r 2 ~ z \ A2 N L4 . 7 ) 2 .
Cho s6 phttc z thoa man la s6 ao. Tim gia tri lén nhat cta P = ‘z - 1‘ + ‘z - z‘.

z —
A. 5. B. 3v2. c. 2v5. D. 35.
Goi S 1a tap hop tat ca cac gia tri thuc cta tham s6 m d€ ton tai duy nhat s6 phuc z

z—\/g—l—i

A. 2. B. 4. C. 1. D. 3.

théaman 2z =1 va = m. Tim s0 phan t& cua S.

Cho s6 phtrc 2z thoa man ‘z -1+ 2@" = 4. Goi M, m lanluot la gia tri I6n nhat va gia

tri nhé nhat ctia biéu thicc P = ‘z 41— z‘ Tim M + m.

A. 4. B. 8. c. V13, D. 2V13.

Biét rang ton tai hai s8 phttc z thoa man ‘22 + 1‘ = ‘z +7Z + 3‘ va ‘z — 8‘ dat gia tri nho
nhat. Tinh tong hai phan thuc ctia hai s& phtre do.

AT B. 0. C. 14. D. 8.

Cho s6 phttc z = 2+ 2yi (z, y € R) thay d6i thda man ‘z‘ = 1. Hay tinh tong gia tri
16n nhat va gid tri nho nhat caa biéu thic P =z — .

A. 0. B. 12. C. s. D. 25.

Cho s6 phtic 2 thay d6i va thoa man diéu kién (3 - ‘z‘)zQ =mi voi m € R va diém
A biéu dién s6 phitc nam trong duong tron tam O ban kinh 1a 3, tim gid trj Ién nhat
cua tham s6 m.

A.m =3 B. m =0. Cm =2 D.m =4

max max max max
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BANG PAP AN DANG HINH HOC CUA SO PHUC

11.D 12.A 13.C 14.B 15.C 16.C 17.C 18.D 19.D 20.C
21.B 22.B 23.B 24.A 25.A 26.B 27.B 28.A 29.D 30.C
31.B 32.D 33.B 34.C 35.D 36.B 37.B 38.C 39.B 40.B
41.D 42.D 43.D 44.A 45.A 46.D 47.C 48.D 49.D 50.B
51.C 52.C 53.B 54.A 55.B 56.C 57.B 58.B 59.A 60.B
61.C 62.A 63.D 64.B 65.C 66.C 67.A 68.B 69.C 70.D
71.D 72.D 73.A 74.B 75.A 76.B 77.C 78.B 79.B 80.B
81.A 82.D 83.C 84.B 85.A 86.B 87.C 88.A 89.D 90.A
91.D 92.A 93.C 94.B 95.B 96.C 97.D 98.D 99.A 100.C
101.C 102.B 103.B 104D 105.A 106.A 107.B 108.A 109.C 110.B
111.A 112.C 113.D 114.A 115.D 116.C 117.D 118.B 119.D 120.C
121.B  122.A 123.C 124.D 125.C 126.B 127.C 128.A 129.B 130.A
131.A 132.A 133.D 134.A 135.B 136.C 137.D 138.B 139.D 140.D
141.A 142.C 143.B 144.C 145B 146.B 147.C 148.A 149.B 150.D
151.C 152.B 153.C 154.A 155.B 156.A 157.B 158.B 159.C  160.B
161.C 162.C 163.A 164.B 165.B 166.D 167.D 168.D 169.D 170.A
171.D 172.B 173.D 174.A 175.B 176.A 177.B 178.C 179.C 180.C
181.D 182.B 183.A 184.A 185.B 186.A 187.B 188.A 189.D 190.B

191.D 192.C 193.A 194.A 195.C 196.A 197.B 198.C 199.A 200.D

Cluie ede em lam bai €6t va dat két qua cao trong ky thi sdap dén !
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Bai 3. PHUOG TROMH BAC HA9 TREH TAP SO PHUC

N
KO&H THUC COBAN

1. Cian bac hai cta sd phitc

Can bac hai cua s6 phtic z = x + yi 1a mot s6 phirc w va tim nhu sau:

w:\/;:«/a:—i-yz':a+bi<:>x+yi:(a+bz’)2<:>(a2—b2)+(2ab).z':x+y.z'

2 2
a —b == ,
90 va giai hé nay tim duogc a, b. Tir d6 tim dugc can bac hai cua so phic 2.
ab=1y

Luu y: Ta c6 thé lam tuong tu d6i véi truong hop can bac ba, can bac bon.

Vi du 1: Tim cac can bac hai cua s6 phtic z = —3 + 4i.

Tim cdn bac hai, cdn bic bon ctia s6 phitc 2z = a + bi bang may tinh bé tui:

D& may tinh & ché d6 Radian R (SHIFT — MODE —4) va ché do s6 phiac CMPLX
(SHIFT — MODE —2).

] X=0=w =.....

o Tim can bic hai: ‘a—kb@" ya arg(a + bi) +27TX , CALC : !
X=1=w,=....
X=0=w =....
] ; X=1l=w, =.....

o Tim can bac bon: ﬂ‘a—kbi‘ £ arg(a + bi) +27TX , CALC : ?
X=2=w,=....
X=3=w, =....

Trong do: | | = SHIFT — hyp, /= SHIFT —(-), arg( )= SHIFT —2—1.

2. Phuong trinh bac hai véi hé s6 thuc

Xét phuong trinh bac hai az” + bz + ¢ = 0, (x) v6i a = 0 6 biétsé A = b — dac.

. b
« Neéu A = 0 thi phuong trinh () c6 nghiém kép: 2z, = 2, = 5.
a
e Néu A = 0 vagoi 6 1a cinbac hai A thi phuong trinh (%) c6 hai nghiém phan biét 1a

)

b+, . —b—96
= hoac z, = .
2a 2a

Vi du 2: Biét z,, z, 1a 2 nghiém phtic ctia phuong trinh z° — 2z +4 = 0. Tinh ‘zl‘ + ‘22‘
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Bai tap van dung

BT 1. Tim can bac hai cuia cac s6 phtic sau:

R S
ei;iﬁziifié;iiiiiiiiiiiiiiiiiiZIIIIIiiiiiiiiiiiiiiiiiii;ﬁ;ﬁjiz_ﬁiﬁi;;;iﬁﬁﬁff
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BT 2. Giai cac phuong trinh sau trén truong s6 phtc C :

B
><><>
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3 5 1 1
f) 2(1+1i)2> —4(2 —49)z —5—3i = 0. bS: 2z =———i, 2, = —— ——1i.
) (+Z)Z ( Z)Z t —_— 1 2 2 2 2 2

BT 3. Gii cac phuong trinh sau, biét rang chting c6 mot nghiém thuan ao ?
a) 2 — 21 +1)2° + AL+ i)z — 8i = 0. DS: z =2, z =1+ 3.

BT 4. Gii cac phuong trinh sau, biét rang chiing c6 mot nghiém thuc ?

1
a) 22° —52° +32+3+ (22 +1)i = 0. DS: z==7, z=1+1i, z=2—1.
b) 2° —2(1+4)" +3iz+1—i=0. DS: z=1 2=, z2=1+1.
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BT 5. Giai cac phuong trinh sau trén truong s6 phic C :

2 1,1
a) S oS ar1=0. bS 2=14+14 2=——=+—1.

2 27 2
b) (2 —i)(z +20)(z + 4i)(z + Ti) = 3 DS: 2= 41— 3i, 2= (—3 % 332)i
c) 2 —(2i —1)2* +(3—-2i)z+3=0. DS: z=-1, z2=—i, 2= 3i.
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

BAI TAP TRAC NGHIEM

Yo e e
(Dé tham khao - Bo GD & DT nam 2018 cau 20) Goi z, va z, 1a hai nghiém phtic ctia
phuong trinh 42 — 4z 4+ 3 = 0. Gia tri ctia biéu thiic ‘zl‘ + ‘22‘ bang
A 32, B. 2/3. C. 3. D. V3.
(D& thi THPT QG niam 2017 - Ma dé 101 ciu 22) Phuwong trinh nao dwdi day nhan hai
sO phtee 1+ V2i va1-+2i 1a nghiém ?
Ao 7 4+2:43=0.B. 22 =22-3=0. C. 2°—2:+3=0.D. 2" +2:-3=0.
(Dé thi THPT QG nam 2017 — Ma dé 102 cdu 17) Ki hiéu z,, z, 1a hai nghiém phtc
cua phuong trinh 32° — 2z +1= 0. Tinh P = ‘zl‘ + ‘22‘

2
P A LS

3 3 3 3
(Dé thi THPT QG nam 2017 — Ma dé 103 ciu 17) Ki hiéu z,, z, 1a hai nghiém phtic
ctia phrong trinh 22— 246=0. Tinh P = l —|—i~

Zl Z?

1 1 1
A P=—. B. P=—- C. P=—- D. P =6.

6 12 6

(Dé thi THPT QG niam 2017 — Ma dé 104 cau 17) Ki hiéu z,, z, la hai nghiém cua
phuong trinh z* +4 = 0. Goi M, N [an luot la diém biéu dién cta z,, z, trén mat
phéng toa d06. Tinh T = OM + ON véi O la goc toa do.

A T =12 B. T =2 C. T =8 D. T =4

(D& thi minh hoa Ian 1 - B GD & PT nam 2017) Ki hiéu z, z

., 2, va z, labdn

nghiém phttc cta phwong trinh z*' —2* —12=10. Tinh T = ‘21‘ + ‘22‘ + ‘23‘ + ‘z4‘

A T=1 B. T =23. C. T=4+4+2/3. D. T=2+2
(Dé thi minh hoa Ian 2 - BY GD & PT nam 2017) Ki hiéu z la nghiém phtic c6 phan
o dwong ctia phuong trinh 42> — 16z + 17 = 0. Trén m4t phang toa d9, diém nao
dudi day 1a diém biéu dién cua s6 phirc w = iz ?

—1;2 . C. M, —l;l . D. M, l;1 .
2 4 4

(Dé thi minh hoa Ian 3 - B6 GD & DT nam 2017) Ki hiéu z,, z, la hai nghiém cua

A. Ml[l;Q : B. M
2

2

phuong trinh 2* + 2 +1=0. Tinh P =z’ + 2 + z,2,.
A. P=1. B. P=2. C. P=-1. D. P=0.
(S6 GD & DT Tp. H6 Chi Minh cum 2 nim 2017) Goi z,, 2z, nghiém ctia phurong trinh

2 4+4z+5=0Timw=>1+2)" +(1+2)".
A w=2", B. w=—2" C. w=2" D. w=—2".
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

(S6 GD & DT Tp. H6 Chi Minh cum 6 ndm 2017) Tim c4c cdn bac hai ctia ~12 trong
tap sO phuc C.

A 44430 B. +2v3i C. +2v2i D. +3:2i

(S6 GD & DT Tp H6 Chi Minh cum 6 ndm 2017) Cho s6 phttc z =z + yi (z, y € Z)
thoaman z* =18 + 26i. Tinh T = (z — 2)* + (4 — 2)".

A. 2. B. 4. C. 0. D. 1.

Tim sd nguyén z, y sao cho s6 phttc z = z + yi thdoa man 2° = 18 + 26i.

T = x=3 z=3 r=-3
A. . B. . C. . D. .
y==1 y=-—1 y=1 y==1

(S6 GD & DT Tp. H6 Chi Minh cum 7 nam 2017) Tim tip nghiém ctia phuwong trinh
2 =22 -8 =0.
A, {2444, B. {+v2;+2i). C. {+£V2i;£2).  D. {244i}.

100 100

Goi z,, z, 1a hai nghiém phtic ctia phwong trinh 2* —2z +2 = 0. Tinh I = 2" + 2,".

A. M =-2" B. M =2, C. M =2 D. M =2"

Trén truong s& phic C, cho phuwong trinh a2’ +bz+c¢=0 (a, b, c€ R, a =0).
Tim khang dinh sai trong cac khang dinh sau ?

A. Phuong trinh lu6én cé nghiém. B. Tong hai nghiém bang — b,
a
C. Tich hai nghiém bang <. D. b* — 4ac < 0 phwong trinh vd nghiém.
a

Goi M, M, la hai diém lan lwot biéu dién cho cac sd phttc 7, z, la nghiém ctia

phwong trinh 2 + 2z + 4 = 0. Tinh s6 do géc M ,0M,.

A. M,OM, =120°. B. MOM, =90°.  C. M,OM, =60°. D. MOM, = 150°.
Goi A va B lahai diém trong méat phang biéu dién hai nghiém phan biét cia phuong

trinh 2z + 42 + 5 = 0. Tinh tan A OB.

- 1 — 4 —
A. tanAOBzE- B. tanAOB = 1. C. tanAOBzg- D. tanAOB:\/g.

Goi 4, B lahai diém biéu dién hai nghiém phtic ctia phrrong trinh 2> + 2z + 10 = 0.
Tinh d6 dai doan thang AB.
A. AB =6. B. AB=2. C. AB=12. D. AB = 4.

Goi z, va z, 1a cac nghiém ctia phuong trinh 2* — 42+ 9 = 0. Goi M, N 1 cac diém
biéu dién ctia 2, va z, trén mit phang phitc. Khi d6 do dai cua MN la:

A. MN =4 B. MN =5. C. MN =-25. D. MN =25.

Biét phuong trinh 2° + 22 +26 = 0 c6 hai nghiém phttc 2, z,. Xét cac khing dinh:
1): 22, = 26. (2): 2, 1as6 phtic lién hop cta z,.

(3): 2, + 2, =-2. 4): ‘zl‘>‘22‘.
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Hoi c6 bao nhiéu s6 khang dinh dang ?

A. 1. B. 2. C. 3. D. 4.
Tim nghiém ctia phuong trinh 2* = —5 + 12i.

A. 2 =2+ 3i hoac z = -2 — 3. B. 2 =2+ 3i.

C. 2=2-3i hoac z = -2 + 3i. D. z2=2-3..

Cho z,, z, lahai nghiém phtic ctia phuong trinh 2* + 2z +4 = 0. Tinh A = ‘zl‘ + ‘22‘
A A=23. B. A=4. C. A=43. D. A=5.

Cho z,, z, 1a hai nghiém phtic ctia phuong trinh 2° —z +1=0. Tinh A = ‘zl‘ + ‘22‘
A. A=0. B. A=1. C. A=2. D. A=4.

Goi z,, z, lahai nghiém phttc ciia phuong trinh 2° +2z 45 = 0. Tinh 4 = ‘zl‘ + ‘22‘
A A=25. B. 4 =10. C. A=3. D. A=6.

Goi 7, z, la hai nghiém phtic cia phuong trinh z° + 2z 410 = 0. Tinh gi4 tri cta
bidu thite A = |2 [ + 5[ -

A. A=15. B. A=20. C. A=19. D. A=17.

Goi z,, z, 1a hai nghiém ctia phuong trinh 2° + 4z + 5= 0. Tinh P = ‘zlr + ‘zg ‘2 .
A. P =50. B. P =25, C. P=10. D. P=6.

2

Goi z,, z, 1a hai nghiém ctia phwong trinh 2z —2z +3 = 0. Tinh P = ‘zlr + ‘zg‘

A. P=2. B. P — /3. C. P=6. D. P =23
2

Goi z,, z, 1a hai nghiém ctia phwong trinh 32° — 2z +2 = 0. Tinh P = ‘zlr + ‘zg‘

A.P:E- B.P:§- C.P:z~ D.P:£~
9 3 3 3
1
Goi 2, 2, la hai nghiém cta phuong trinh 2* —3z 4+ 3 =0. Tinh P = — + —-
) zl‘
A.P:g~ B.P:l- C.Pzé- D.P:z-
3 3 9 9
Goi z, z, lahai nghiém ctia phwong trinh 2* +2z 45 = 0. Tinh M = |27| + |2Z].
A M=24. B M=4as C. M=12 D. M =10,

Goi 2, 2, lahai nghiém ctia phwong trinh 22 —42413=0. Tinh P = ‘zlr + ‘zg ‘2 .
A. P =26. B. P =2\13. C. P=13. D. P =26
Goi 2, 2, lahai nghiém ctia phwong trinh 22 4+224+10=0. Tinh A = ‘21‘3 + ‘22‘3 .
A. A=2010.  B. A=2J10. C. A=20. D. A =10V10.

1
Goi 2, 2, lahai nghiém ctia phwong trinh z + ; = —1. Tinh P = zf’ + zg’
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Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

A. P=0. B. P=1. C. P=2. D. P=3.
Goi 2, 2, la hai nghiém ctia phwong trinh 2> —22+5=0. Tinh P = 214 + z; .
A. P =-14. B. P =14. C. P=-14.. D. P =14.
Goi 2, 2, la hai nghiém ctia phwong trinh V322 — 24+ 6=0. Tinh A= z) + 2.
P B T . S C B W G U Gt
9 -9 9
Goi z,, 2, lahai nghiém cta phuong trinh 2* + 92: +8=0. Tinh T = 2|+ 1z,
A. T =16. B. T =128. C. T'=32. D. T = 64.
Goi z, z, lahai nghiém ctia phwong trinh 2* — 3z +5 = 0. Tinh T = |z,| + |2, |-
A. T =T175. B. T'=-51. C. T =50. D. T = 25.
Goi z, 1a nghiém phttc ¢6 phén 4o 1a s§ duong ctia phuong trinh 2* + 2 + 2 = 0. Tim
s6 phtrc z = 2” +2z_+ 3.
A z=14\Ti B z=-2V7i C.z:1+2\/;i~ D.z:\/;;_3~
Goi z, la nghiém phtic ¢6 phan 40 &m cua phuong trinh 2* + 4z + 20 = 0. Tinh gia

2
tri ctia biéu thic A = ‘zl‘ + 2(z2 + 22).

A A=0. B. A=2. C. A=-28. D. A= -16.
Goi 2, 1a nghiém phtic ¢6 phan 4o &m cuia phuong trinh 2* — 6z + 13 = 0. Tim s8
phttc w = z_ + 6 -
zZ +1
24 24 24 24
A. w:——+zi. B. w:———zi. C. w:——zi. D. w:—+zi.
5 5 5 3 5 3 5 5

Goi 2z, 1a nghiém phttc c6 phan 4o am ctia phuong trinh 22* — 6z +5 = 0. Tim iz..

1 1 1 1
A. iz :——éi. B. iz :—+§i. C. iz :——+§i. D. iz :———§z’.
2 2 22 ° 2 2 ° 2 2

Ky hiéu z,, z, 1a cAc nghiém phtic ctia phuong trinh 2° — 10z + 29 = 0 v6i 2, ¢ phan
40 &m. Tim s8 phttc lién hop ctia s8 phite w = 27 — 2. + 1.

A. w =1+ 40:. B. w=40—: C. w=1-10:. D. w =1-40:.

Ki hiéu 2z, la nghiém phttc c6 phan thyc va phan ao déu am ctia phuong trinh
z* +22 45 = 0. Héi diém nao dudi day la diém biéu dién s§ phirc w = Z 4.

A M, (2—1). B. M, (—12). C. M,(-2-1).  D. M/(21).

Goi z,, z, nghiém phtic ctia phuong trinh 22> — 3z + 7 = 0. Tinh P = 2z, + 2, — 2,2,.

A. P=-2. B. P=2. C. P=5. D. P =-5.

Goi z,, z, nghiém phtic phuong trinh 22* —3z +2 = 0. Tinh P = /2’ + 2,2, + 2..
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5 ; 3 V5
4

AL P=—. B. P=—- C. P D. P=—-:

2 2 4
Cau 46. Biét phwong trinh 2> +az+b =10 (a, b € R) c6 1 nghiém 1a z = —2 + i. Tinh a —b.
A. a—-b=9. B. a-b=1. C.a—-b=4. D. a—b=-1.

Ciu 47. Tim céc sO thuce b, ¢ d€ phuong trinh 2* 4 bz + ¢ = 0 nhén s8 phitc z =1+ i lam
mot nghiém.

A. . B. . C. . D. .
c=—2 c=—2 c=2 c=2
Cau48. Phuong trinh 2* +bz+c¢ =0, (b, c € R) c6 mdt nghiém phuc 1a z, =1+ 2i. Hay
tinh b + c.
A. b+c=0. B. b+c=3. C.b+c=2 D. b+c=T.

Cau49. Biét rang phuong trinh 2° +az +b =0 (¢, b € R) c6 mot nghiém 1a z = 1 —i. Tinh
modun cua s6 phitc w = a + bi.

A. 2. B. 2. C. 2\2. D. 3.
Cau50. Tim b, ¢ € R saocho 8 + 16i la nghiém ctia phwong trinh z° + 8bz + 64¢ = 0.
A. . B. . C. . D. .
c=-5 c=5 c=-5H c=5

Cau51. Goi z,, 2, 1a hai nghiém ctia phuong trinh z° + 2z + 8 = 0, trong d6 2, ¢4 phan ao
dwong. Tim s phitc w = (22, + 2,)7,.
A w=12+46i. B w=10+247. C. w=10. D. w=12—6i.
Cau52. Goi 7, 1anghiém phtic c6 phan 40 &m ctia phuong trinh 2* + 2z 4+ 2 = 0. Tim s8 phtic
lién hop ctia w = (1 + 2i)z,.
A w=-3—u B. w=1-3. C. w=1+ 3. D. w=-3+1

Ciau53. Goi z,, 2, langhiém phtic ctia phuong trinh z° + 2z + 5 = 0, trong d6 2, c6 phan 4o

am. Tim s phttc z, + 2z,.
A. -3+ 2i. B. -3 -2 C. 3—-2 D. 3+ 2i

Cau54. Goi z,, z, langhiém phtic ciia phuong trinh 2* — z + 1 = 0. Tinh m6dun cta s6 phie:
z=2+2z, +4-3i
A. || =6. B. =32, C. |o|=2v3. D. || =18.

Cau55. Goi 7, 2, la cdc nghiém cua phuong trinh z* — 4z + 5 = 0, trong d6 phan 4o cua 2,
1a s6 am. Tinh mddun cta s8 phitc w = 2 — 220 — 2.
A |w=13. B. [w] = 13. C. |w]=8. D. |w]=2v2.

Cau56. Cho hai s8 phtic z,, z, la cdc nghiém cua phuong trinh 2* + 4z +13 = 0. Tinh

2

modun cta s6 phitc w = (2, + 2,)i + 2,2,.
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Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

A. |w]=3. B. |w| = V185. C. |w=v153.  D.|w]=113s.

Goi z,, z, la hai nghiém cta phuong trinh z° —2z + 6 = 0. Trong d6 z, c6 phan ao
am. Tinh gia tri cua biéu thiec M = ‘21‘ + ‘321 — 22‘.
A V6—221. B Vo+230l C. V6+ 421 D. Vo -1

Goi w la nghiém phtic ¢6 phéan a0 duong ctua phuwong trinh 2* 4+ 72 + 13 = 0. Tim W.

7 N3 . _ 7 3. 7 3 7 B

A W=———i.B W=———1. Cw=—+—1. D.W=—-—=+—7—u
2 2 2 2 2 2 2 2

Ki hiéu z la nghiém phttc c6 phan thye va phan do déu am ctia phuong trinh
2> +2z +5 = 0. Trén mat phang toa &6 Ozy, diém M nao dudi day la diém bicu
dién s6 phttc w = i’z .

A M(2-1) B. M(—2;—1). C. M(21). D. M(-12).

Ki hiéu z la nghiém phtic ¢6 phan 40 4m ctia phuong trinh 2* + 2z +1= 0. Tim trén

v < A «A? \ j) A \ «A? «A? <X A , 7/
mat phang toa do diém nao dudi day la diém biéu dién s6 phttc w = —-
z

A M \/g;l M _ﬁ;_l].
2 2 2 2

Goi z, la nghiém phtic c¢6 phan 4o am ctia phuong trinh 22° — 6z 4+ 5 = 0. Diém nao
sau day biéu dién sd phtic iz..

wt3] e wm[B) b2
22 2 2 22
Ki hiéu z, la nghiém phutc c6 phan 40 am ctia phuong trinh 6z° —12z +7 = 0. Trén

Js

mat phang toa do, tim diém biéu dién cta sd phitc w = iz, — —-

A M, —l;§ .
22

A. M(0;—1). B. N(L;1). C. P(0;1). D. Q(10).

Tim tat ca cac gid tri thiec cua a sao cho phuwong trinh 2° — az +2a —a® = 0 c6 hai
nghiém phtec c6 mddun bang 1.
1445

2

A. a=1. B.a=1 a=-1. C. a D. a = —1.

Phuong trinh bac hai 2° + Mz + i = 0 ¢4 tdng binh phuong hai nghiém bang 10i. Khi
dé trén tap C, gia tri cia M bang bao nhiéu ?

N M = 6 +6i . M =6 + i
M=o —ei =6 i

c M = 6 —J6i o M =6 — i
"l =o i =6+ ei
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Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Kihiéu z,, z,, z, 1abanghiém phtic ctia phuong trinh z° — 72* + 31z — 25 = 0. Tinh
tong T' = ‘21‘ + ‘22‘ + ‘23‘

A T =11 B. T =1L C. T =121 D. T =22

Biét phuong trinh az® +b2° +cz+d =0 (a, b, ¢, d€R) b 2z, z,, z, =1+2i la
nghiém. Biét z, c6 phan a0 am, tim phéan 4o ctia w = z, + 2z, + 3z,.

A. 3. B. 2. C. —2. D. —1.

Tinh tdng cac nghiém ctia phwrong trinh 2z —8 = 0 trén tap s6 phtic.

A. 0. B. 24/s. C. 2i{l3. D. 248 +i2{/3.
Trong tap s8 phitc C, giai phuong trinh 2* —25 = 0.

A. z = 5 B. 2= +5, z = +5i

C. z=+5. D. » =5 2 =45

z, va z, 1abdn nghiém phtic ctia phuong trinh z* + 2° — 20 = 0. Tinh

Kihiéu z, z,,

tong T' = ‘21‘ + ‘22‘ + ‘23‘ -+ ‘24‘

A T =4 B. T=2++5. C T=4+3J5. D. T=6+35
Xét phuong trinh 2z' —32° —2 =0 trong tap s8 phicc C. Goi 2,, z,, 2,, 2, la bén
nghiém cua phuong trinh. Tinh tong 7' = ‘21‘ + ‘22‘ + ‘23‘ + ‘24‘

A T =32 B. T =52. CT=5 D. T =12

Goi z,, z,, z,, 2, la bon nghiém phttc ctia phuong trinh z' =222 —8 = 0. Trén mit

phéng toa dd, goi A, B, C, D lanluotlabon diém biéu dién bon nghiém z, z,, z,, 2,

dé. Tinh gia tri cia P = OA+ OB + OC + OD, trong d6 O la gbc toa do.

A P=4 B. P=2+2.  C P=22 D. P=4+22.

7 N \ A N 7 2 \ 4 2 7
Kihiéu z, 2,, z,, 2, la bdn nghiém phtrc ctia phuong trinh 2° + 72" +12 = 0. Tinh
tong T =2 + 2, + 2, + 2.

A. T =10. B. T = 25. C. T =50. D. T =100.

Kihiéu z, z,, z,, z, labon nghiém phttc cia phirong trinh z' — 32" —4 = 0. Tinh gi4

tricﬁabié’uthlijS:i-ki_;_i_;_i
B sl Ll
A. §=3. B. §=2. C. S =6. D. §=13.
2 2

Goi z,, z, lahainghiém phtic cia phuong trinh z° + z +1 = 0. Tinh gi4 tri ctia biéu
thie P = 2" 4+ 2.
A. P=1 B. P=-1. C. P=0. D. P=2.

Phuong trinh 2* + iz + 1 = 0 ¢4 bao nhiéu nghiém trong tap s6 phtrc ?
A. Hai. B. Mot. C. Khong co. D. V65s0.
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Cau 76. Trén tap sO phuc, tim nghiém ctia phuong trinh iz + 2 — ¢ = 0.
A z2=1-2i B. 2=2+1. C. z2=1+4+2. D. z=4- 3.

, iy . 1 .
Cau 77. Trong tap so phiec C, gidi phuwong trinh z + — = 2i.
2

A 2=(1£\2)i. B. z=(+2)i. C z=(1x+3)i. D.z=@2=5
Cau78. Tim nghiém ctia phwong trinh 2° + 3iz + 4 = 0.
A. z = 37 hodc z = 4u. B. z =i hoac z = —4i.
C. 2=1+14 hoac z = —3i. D. 2=2—-3¢ hoac 2 =1+ 1.
Cau 79. Haigidtri 2 = a+ bi, ¥, = a — bi la hai nghiém ctia phurong trinh nao sau day ?
A. 2* +2az+a*+b" =0. B. 2* +2ax +a® —b* = 0.
C. z° —2azx +d” +b° = 0. D. z° —2ax +a’ —b* = 0.
Cau 80. Trong C, tim nghiém ctia phuong trinh 2z* — 8 = 0.

A2, =2 2, =1+3i, 2, =1-3i  B. z =2 2 =3 -1, 2, = —1-3i

Coz=-22=i3-1 z,=1-if3. D.z=-2 2=1+3i 2z, =1-3i

Cau 81. Cho phuong trinh an phtic 2° + 8 = 0 cd banghiém z,, z,, z,. Tinh ‘21‘ + ‘22‘ + ‘23‘

A. 6. B. 2+ 2V5. C. 2+ 2v10. D. 2+ 2V2.
Cau 82. Trong C, tim nghiém cua phwong trinh 2* — 2z +1—2i = 0.

A. 2, =2 —1 hoac z, = —i. B. 2, =4 —2 hoac 2z, = —i.

C. 2z, =2+1 hodc z, =2 —i. D. z =2+ hodc z, = —i.

? A A 2 ? ~ r 1 2 ~ . .
Cau 83. Tinh tong phan thuc, phan 4o ctia s& phttc — théa man z* — 2(1 + i)z + 2i = 0.
z

A. 1. B. 0. C. —1. D. —2.

1
Cau 84. Trong C, tim nghiém ctia phuwong trinh z +— = 2.
z

A 2=(1£V3)i. B.z=(G+\2)i. C z=@1++R)i. D.z=@2+5)
Cau85. Tim a d€ (2+1i)2* +az+b=0, (a, b € C) cdhainghiém1a 3 +i va 1—2i.

A, a=-9—-2i B. o =15+ 5:. C.a=9+2. D. a =15 - 5s.
Cau86. Goi 7, z, la cac nghiém phtic cia phuong trinh 2* + (1 — 3i)z —2(1 4+ 4) = 0. Tinh

modun cta s8 phttc w = 2} + 2, — 32,2,

A |w]=2 B. |w|=13. C |w=213. D |w]=120.
Cau87. Goi z,, 2, la cdc nghiém phtc cua phuong trinh (2z +2 — i)’ — 8(2z — i) + 9 = 0,

trong d6 phén 4o cuia z, nhé hon phén o cua z,. Tinh P = ‘zl + 222‘.

A. P =+5 B. P—4 C. P=3. D. P =+6.
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Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Gia st z,, 2, la hai nghiém ctia phuong trinh z* — 2z +5 =0 va A, B la cac diém
biéu dién cta z,, z,. Tim toa d¢ trung diém I cua doan théng AB.
A. I(1;1). B. I(—10). C. 1(0;1). D. I(10).

Cho s6 phtrc z thoa man

2 —2z+5‘ :‘(z—l—l—%)(z—l—?)i—l)‘. Tinh min‘w‘, voi
w=z—2+ 21

A. min‘w‘ = g B. min‘w‘ = 2. C. min‘w‘ =1. D. min‘w‘ = %

Cho phuong trinh 2° — mz + 2m — 1 = 0 trong d6 m la tham s& phttc. Tim gia tri cua
m dé€ phuong trinh c6 hai nghiém 2, z, théaman z” + 2. = —10.
A-m=2+42V2i B. m=2+22i C m=2-22 D.m=-2-2J2

Cho phuong trinh 2 + mz — 6i = 0. D€ phuong trinh ¢6 tdng binh phuong hai
nghiém bang 5 thi m c6 dang m = +(a + bi), (a, b € R). Tinh a + 2b.

A. a+2b=0. B. a +2b=1. C. a+20=-2. D. a+2b=—1.
Trong tap sd phtic, tim gid tri cia m d€ phuwong trinh bac hai 2> + mz + i = 0 co tong
binh phurong hai nghiém bang —4i.

A m=41—-14). B. m=1-—4 C. m=%(1+1i¢. D. m=-1—i
Cho s8 phttc w va hai s6 thyee a, b. Biét 2z, = w4 2i va z, = 2w — 3 la hai nghiém
phtec ctia phwong trinh 2* +az +b = 0. Tinh T = ‘21‘ + ‘22‘

A. T =213, B.T:@~ C.T:%~ D. T =413,

Goi z,, 2, la hai nghiém cta phuong trinh 2> — (3 + 44)z — 1+ 5i = 0. Tim tong cac
phan ao ctia cac s6 phtte 2, z,.
A. 4. B. 3. C. -4 D. -3.

Cho céac s6 phtic z, w théa man z +w=4—1i va 2° + v’ =7+ 28i. Goi 2z las6
phtic ¢6 phan ao duong va w, la sd phttc c6 phan ao am. Tinh ‘21‘ + ‘wl‘.

A. 11+ 4. B. V11 + 3. C. V541 D. V10 + 5.

Tinh téng cac nghiém ctia phuong trinh (z + 1)' + 42° = 0.

A. 4. B. —4. C. 4u. D. —4u.

Tinh tong cic nghiém cta phuwong trinh 2° + (2 — 2i)2* + (5 — 4i)z — 10i = 0. Biét
rang phuong trinh da cho c6 mét nghiém thuan ao.

A. -2+ 25 B. 21 C. —1-—2s. D. —1+ 2.
Goi z, z,, z,, z, lacac nghiém cua phuong trinh (2 + 32 +2)(2° + 11z + 30) = 60.
Tim tong cac phan thuc cta 2, z,, 2, 2,.
21 21
A L. B. —=. c. =. D. - L.
2 2 2 2

Biét phuwong trinh z* — (3 + i)2* + (3 4+ 44)z + 1 — mi = 0 c6 mot nghiém 2 = 4. Tim

tong cac nghiém ctia phuong trinh da cho.
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A. 3+1. B. 1+ C. 2—1. D. 2+
Cau 100. Goi z,, z

,» 23 %, la cdc nghiém cta phuong trinh z' — 2° —22° +62 —4 = 0. Tinh

e o 1 11 1 1
giatricuabiéuthue I'=—+—+—+—-

2 2, 23 2,

A T=2 .
) )

BANG PAP AN PHUONG TRiNH BAC HAI TREN TAP SO PHUC

11.C 12.C 13.C 14.A 15.D 16.A 17.C 18.A 19.D 20.C
21.A 22.B 23.C 24.A 25.B 26.C 27.C 28.D 29.A 30.D
31.A 32.A 33.C 34.A 35.D 36.B 37.C 38.C 39.C 40.C
41.B 42.A 43.D 44.A 45.A 46.D 47.C 48.B 49.C 50.D
51.B 52.C 53.B 54.B 55.C 56.B 57.B 58.A 59.C 60.B
61.B 62.C 63.A 64.B 65.A 66.B 67.A 68.B 69.D 70.A
71.D 72.C 73.A 74.B 75.A 76.C 77.A 78.B 79.C 80.B
81.A 82.D 83.B 84.C 85.A 86.D 87.C 88.D 89.C 90.A

91.D 92.A 93.B 94.A 95.D 96.D 97.A 98.B 99.A 100.C

Cluie ede em lam bai €6t va dat két qua cao trong ky thi sdap dén !
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