PE CUONG ON TAP THI HQC KI |
NAM HQC 2018 - 2019
MON TOAN 12

PHAN 1. UNG DUNG PAO HAM PE KHAO SAT VA VE PO THI HAM SO

Caul. [2D1-1] Hamsé y=x®-2x%+1 c6 bao nhiéu diém cyc tri?

A. 1l B. 2. C. 3. D. 4.
Cau 2. [2D1-1] Ham s6 nao sau ddy c6 cuc tri?
2
A. y:%. B. y:_XX:ZZ. C. y:_))((z__zz. D. y:x%b;—l.
Cau 3. [2D1-1] Cho hamsé y=3x*-4x*. Khang dinh nao sau day la PUNG?
A. Ham s6 dong bién trén (—o0;0). B. Ham s6 nghich bién trén (0;1).
C. A(L-1) 1a diém cyc tiéu cua ham so. D. Ham s6 ¢ 2 diém cuc tri.

Cau 4. [2D1-1] Chohamsé y=x +i1. Phéat biéu nao sau day 1a DUNG?
X+

A. Ham s6 nghich bién trén (-3;1).

B. Ham s6 khéng c6 cyc tri.

C. Ham sb dong bién trén ting khoang (—oo;—1) va (-1 +o0).
D. Ham sb dong bién trén timg khoang (—oo;—-3) va (1;+o0).

Cau5. [2D1-1] Ham sb nao sau day dong bién trén R :

A y=x+2x2-1. B.y=x>+3x*-3x. C.y=sinx+3x-3. D. yzz—xl.
X+
2
Cau6. [2D1-1] GTLN ciahamsé y= X T2X*2 e, [—1;2} bing
x+1 2
A.Q. B. 2. C. 2. D.E
3 3
2
Cau7. [2D1-1] b thihamsb y =X2+TX+22 ¢6 bao nhiéu duong tiém can?
X2 —3x +
A. 2. B. 3. C. 4. D.O.
A A A . ax-1 ,. .. A A . L S
Cau8. [2DI1-1]Bictdothi (C):y= T hai dudng tiém can cat nhau tai 1 (—1;2). Khi do ti so o bang
X+
A. % B. 2. C. 2. D. -1.

. U -x° 11 2 ‘.
Cau9. [2D1-1] Trén dd thi ham sé y :TX+ ' +3x =, Cp diém nio dSi xig nhau qua truc Oy ?

A (3;%) ,(_3;% . B. (3,-3),(-3-3).

C. (33),(~33). D. (3;‘?16)(_3;‘?”].
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

[2D1-1] Cho hamso y = f () c6 bang bién thién nhu hinh v&. Khang dinh nao duéi ddy ding?

X | —o 1 2 +00
y' + | - 0 +

+00

y /3\/

A. Ham sb dong bién trén (—oo;3).

B. D6 thi ham s c6 hai diém cuc tri.

C. buong thang x =1 1a tiém can dung cta do thi ham sé.
D. mRaxyzs; ijny:O.

[2D1-1] Ham s6 nao ¢ do thi nhu hinh dudi day

A. y:—%x4+2x2—3 B.y=-x"+2x*-3. C.y=x'-2x*-3. D. y:%x“—xz—s.

[2D1-1] Gi4 tri cuc tiéu ctia ham sb y = —x* +2x? +3 bang
A. 0. B. 3. C. 4. D. -1.
[2D1-1] Cho ham sb y = 3% . Khang dinh nao sau day dung?

A. Db thi ham s c6 hai tiém can.

B. Puong thang x =g la tiém can ngang cua do thi ham sd.
Y A A =K A 3
C. Ham so dong bien trén R\ o0

D. D6 thi ham sb cét truc hoanh tai diém (0;2] .

[2D1-1] Ham sb nao sau dy luén dong bién trén R
A y=x*-x*+x-3. B.y=+x+1. C.y=x"+x*-5x+3.D. y= x-1
2x+1
[2D1-1] Cho hamsé y = f (x) xéc dinh va lién truc trén R c6 bang bién thién.
X | —o0 -2 2 +00
y' - 0 + 0 +
A. Ham sb dong bién trén (-2;2)U(2;+0).  B. Ham s dong bién trén R.
C. Ham s6 nghich bién trén R. D. Ham sé nghich bién trén (—oo;-2).
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Cau 16. [2D1-1] Chohamso y = f (x) c6 bang bién thién nhu sau

X | —o -1 2 +00
y' + 0 — 0 +

y2/4\5/2

Ménh dé nao dudi diy ding?
A. Ham sb c6 bén diém cuc tri. B. Ham sb dat cuc tiéu tai x=2.
C. Ham s6 khdng c6 cuc dai. D. Ham s6 dat cuc tiéu tai x = -5.

Cau 17. [2D1-1] Piém cyc tiéu cua do thi ham sé y = x* —5x*+7x-3 Ia

7 2 7 32
A. (30). B. (0;1). C. (—;—3—]. D. (—3—]
3 27 3 27
Cau 18. [2D1-1] Cho hamsé vy :%x“ —2x% +1. Ham s co:
A. Mbt cuc dai va hai cuc tiéu. B. Mét cuc tiéu va hai cuc dai.
C. Mot cuc dai va khdng cé cuc tiéu. D. Mot cuc tiéu va mot cuc dai.
R N 2x+3 : y
Cau 19. [2D1-1]Hamso y= 1 c6 bao nhiéu diém cuc tri?
X+
A. 3. B.0.
C. 2. D. 1.
Cau 20. [2D1-1] Pudng cong & hinh bén la d thi caa mot trong bén o "
ham sb dudi day. Ham sé d6 1a ham sb nao?
A y=x>-3x+2. B. y=x*-x"+1. y
C.y=x"+x"+1. D. y=—x*+3x+2.
. , 2| \3 X
Céu 21. [2D1-1] Buong cong ¢ hinh bén la d6 thi cia ham so6 Ol-1 .
ax+b . Y n X - B
y= véi a, b, ¢, d lacac so thuc. Ménh dé nao duéi
cx+d )
day dang?
A y' <0, Vx=1. B.y<0, ¥x=2. y
C.y'>0, Vx=2. D. y'>0, ¥x=1.
Cau 22. [2D1-1] Pudng cong & hinh bén la d thi caa mot trong bén / \
ham sb dudi day. Ham sé d6 1a ham sb nao?
A y=x—3x IEVIRP o] \J *
. Yy=X"-3x"+3. B. y=—-x"+2x"+1.
C.y=x"-2x"+1. D. y=-x>+3x*+1.
Cau 23. [2D1-1] Cho ham sé y=—x*+2x% c6 dd thi nhu hinh bén. I
Tim tat ca cic gia tri thuc cua tham s6 m dé phuong trinh
—x* +2x% =m ¢6 bdn nghiém thuc phan biét? :1 5 1 >
A . m>0. B.0<m<1. B
C.0<m<1. D. m<1.
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Céau 33.

Cau 34.

[2D1-1] Cho hams6 y =(x— )(X +1) c6 do thi (C). Ménh dé nao duéi day dung?
A. (C) cat tryc hoanh tai hai diém.
C. (C) khong cat truc hoanh.

B. (C) cét tryc hoanh tai mot diém.
D.(C

) cét truc hoanh tai ba diém.

[2D1-2] Gid tri m dé do thi ham s6 y =x*—2mx*+2 ¢c6 3 diém cyc tri tao thanh tam giac
vuéng la
A m=-4. B. m=-1. C. m=3. D. m=1.
[2D1-2] Do thi ham s6 y=x*-3x*+ax+b c6 diém cyc ticu 1a A(2;-2). Khi d6 gia tri
a’-b’ la
A. 0. B. 4. C. 4. D. 2.
[2D1-2] Piéu kién caa m dé ham s6 y=4x>+mx*-3x c6 2 diém cyc tri x, X, thoa man
X, =—4x, la
A.m:J_rg B.m:ig. C. m=0. D.m:ii.
2 2 2
[2D1-2] Pidu kién caa m dé hamsb y :%x3 —mx® +(m? —m+1)x+1 dong bién trén R Ia
A. m<1. B. m>1. C. m<1. D. m<O0.
[2D1-2] Khoang nghich bién cia ham s6 y = x*—3mx? +3(m” —1)x—m* +2m’* c6 6 dai lon
nhat 1a
A. 2m. B. 2. C. 1. D. |m].
. X N Z L, , X , \ Z tanx+2 .
[2D1-2] Goi M, m lan luot la gia tri I6n nhat, gia tri nho nhat cia ham so y = " > trén
an x —
[o;ﬂ. Pit P = M.m, khi d6 khang dinh nao sau day PUNG?
A. P<O0. B.1<P<2. C.2<P<4. D.P>4.
[2D1-2] C6 bao nhiéu gia tri m dé gia tri I6n nhat cua ham s y =x*-3x+m-1 trén [0;3]
bang —1? ’
A. 0. B. 1. C. 2. D. V6 so.
[2D1-2] Gia tri nho nhat caa ham s y =sin® x —cos 2x +sin x + 2 trén [—%%} bang
§. B. 0. C. -1. D._—l.
27 9
[2D1-2] Gia ti I6n nhat cua ham s y = x’e ™ trén (0;+o0) bang
3 3 3 3
AlE]. B3] c e D.[- 2|
3 e 27 In3
[2D1-2] Cho ham s6 y =-x*+3x—2c6 dd thi (C)va duong thang y=-x—2.Goi d la tiép

tuyén cua (C)tai giao diém cua (C)véi duong thang trén véi tiép diém c6 hoanh do duong.
Khi d6 phuong trinh cua d 1a
A. y=9x+18. B. y=-9x+22. C.y=-9x-9. D. y=-9x+14.
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Céau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

[2D1-2] Cho ham sé y = x* —2x*+2. C6 bao nhiéu tiép tuyen ciia (C) di qua diém A(0;2)?
A. 1. B. 2. C. 3. D. 4.
[2D1-2] Biét d6 thi y = x* —2mx*+x—1 va duong thang y = x—2m c6 dang hai diém chung.

Khi d6 phat biéu nao sau ddy PUNG?

A. me(O;l). B. me(—oo;%}. C. me(%;l] D. me(—oo;%ju{l}.
[2D1-2] Puong thang y =—m+2 cit dd thi ham s6 y = x* —3x +2 tai ba diém phan biét khi:
A -2<m<?2. B. m<-2. C. 2<m<2. D.-2<m<2.

[2D1-2] Diéu kign cia m dé duong thing y = —x+m cit (C):y = Ll tai hai diém phan biét 12
X —

A.l<m<4. B. m<0hoac m>2. C. m<0hoac m>4. D. m<1 hoac m>4.
[2D1-2] Trén d6 thi ham sé y = 3 _11 ¢6 bao nhiéu diém ma toa do la cac s6 nguyén?

X+
A. 0. B. 2. C. 4. D.6.

[2D1-2] Tim toa do cac diém thudc do thi ham s y = x* —3x* — 2 biét hé sb gdc cua tiép tuyén
tai cac diém d6 bang 9.

A. (16),(32). B.(4-6),(-3,-2). C.(-1-6),(-3,-2). D.(-1-6),(3;-2).
[2D1-2] Cho hams6 y = f (x) c6 bang bién thién va cac nhan xét nhu sau:

X —0 -1 2 4 +00

y' — I + 0 - I +

’ +OO\ e \” /+OO

(I) Ham s6 y = f () c6 ba diém cuc tri.
(I Hams6 y = f (x) c6 mot diém cuc dai va mot diém cuc tiéu.
(111) Ham s6 nghich bién trén cac khoang (—oo;—1) va (2;4).

Khi d6 khang dinh nao dudi day ding:
A. (I) va (IlT) dang.  B. Chi (I1I) dung. C. (I) va (III) dang.  D. Chi (I) dung.

[2D1-2] Cho db thi ham s6 y = f (x) c6 hinh dang nhu hinh dusi:

Do thi nao dudi day 1a d6 thi ham s6 y =—f ()
A. [ . B \ . C. j . D
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Cau 43. [2D1-2] Tim m dé ham s y=-2x>+3x’+m co gia tri I6n nhat trén doan [0;3] bing 2019.
A. m=2017. B. m=2018. C. m=2020. D. m=2019.

3
Cau 44. [2D1-2] Tim cac gia tri cia m dé do thi ham s6 y = —X?+3x2 +mx+m*—2 ¢6 hai cyc tri nam

vé hai phia cua tryc tung.

A. m>3. B. m<O0. C. m>0. D. m<-3.
Cau 45. [2D1-2] Phuong trinh tiép tuyén ciia d6 thi ham s6 (C):y = 21_ X1 tai giao diem cua (C) Véi
X+
truc hoanh la °
1 1 1 1 1 1 11
Al y=—=X+—. B.y==—x—-. C.y=—=x—-. D.y==x+-.
=733 Y=3%73 Y=73%73 Y=3%73
Cau 46. [2D1-2] Cho hamsé y =cos2x+ x. Khing dinh ndo sau day sai?
A. Tai x= % ham sb khong dat cuc dai. B. Ham s6 dat cuc dai tai diém x = %
N e . .20 R —Ir . 137 N X -2
C. Ham so6 dat cuc dal tai diém x = ETH D. Tal x= > ham so dat cuc tiéu.
Cau 47. [2D1-2] Sé tiém can cua d6 thi ham s y = — N la
X —
A. 0. B. 1. C.2. D. 3.
Cau 48. [2D1-2] Khoang dong bién cua ham sé y=x*+2x*>-5 la
A. (—o; 1), B. (—; 0). C. (0;+). D. (=L +o0).

Cau 49. [2D1-2] Tim tat ca cac gia tri caa tham s6 m dé ham sd y= 2x+m nghich bién trén ting

khoang xac dinh cua no.
A.m=>2. B. m>-2. C. m<-2. D. m<-2.

Cau 50. [2D1-2] Sb céc diém cuc tri cua ham sé y =(2-3x)(2x+1)’ I

A. 1l B. 4. C. 3. D. 2.
Cau 51. [2D1-2] B thi ham sb nao trong cac ham sé sau khéng c6 diém chung véi truc hoanh.
A y=X—-xX*-5. B.y=¢e"-1. C.y=x*-1. D. yzz—xg.
X_
~ , , . .42 ., A AL - L z X2—2X+1 \
Cau 52. [2D1-2] Khoang cach gitra hai diém cuc tri cia do thi ham so y =Tl la
X+
A. 52, B. 4. C. 8. D. 4/5.
Cau 53. [2D1-2] Khoang nghich bién ciia ham s6 y = x* —3x* —9x+11 la
A. (-31). B. (-13). C. (3;+x). D. (—o0;-1).

4
Cau 54. [2D1-2] Tét ca cac gia tri cia m dé duong thang y =m cat d6 thi hamsd y = XI—ZX2 +1 tai 4
diém phan biét 1a
A . m>-3. B. m<1. C. -12<m<3. D. -3<m«<1.
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

+9 .

[2D1-2] Goi M, m lan lugt la gia tri I6n nhat va gia tri nho nhat cia ham so y =

tren
X+3
[0;3]. Khidé M +m bing
AL B. 2. c. it p. &
2 2 2 2
[2D1-2] Ham sb y:%x3—mx2+(m2—m+1)x+1 dat cuc dai tai diém x =1 khi
A m=2. B. m=-1. C. m=1. D. m=1hoac m=2.

[1D4-2] Ham s y = x® —3x? + 4 dong bién trén.
A. (0;2). B. (—0;0) va (2;+).
C. (—o0;1) va (2;+0). D. (0;1).

[1D2-2] Ham s6 y :%x“ —3x? =3 nghich bién trén cac khoang nao?

A. (~0;-+/3) va (0;43) B. {-%;0] va (?;m].
C. (\/§;+OO). D. (—\/§;0) Vé(x/§;+oo).
R z X+2 . e ~ , ,
[2D1-2] Hamso y =1 nghich bién trén cac khoang:
X_

A. (—oo;l) va (1;+oo). B. (—oo;+oo). C. (—1;+oo). D. (O;+oo).
[2D1-2] Trong cac ham sé sau, ham s6 nao ddng bién trén R .
A. y=x>+3x*+3x+2008. B. y=x"+x*+2008.
C. y=tanx. D.y:X—+1.

X—2

x-1

[2D1-2] Tim m déhamsé y=—— dong bién trén khoang (2;+o).

A [~L+0). B. (2;:(0:). C. (=L +0). D. (—0;-2).

[2D1-2] Tim tat ca céc gid tri cia tham s6 m @& phuong trinh x*(x* —2)+3=m c6 2 nghiém

phén bigét.
A. m<3. B. m>3. C.m>2. D. m>3 hoac m=2.
N £ 2X+3 . \ 2 L,
[2D1-2] Cho ham so y = > c6 do thi (C) va duong thang d:y=x+m. Cac gia tri cua
X+
thams6 m dé duong thang d cét do thi (C) tai 2 diém phan biét la
A . m>2. B. m<6. C.m=2. D. m<2 hoac m>6.

[2D1-2] Ham s6 y = x* —3x® + 4 dat cuc tiéu tai diém:

A. x=0. B. x=2. C. x=4. D. x=0 va x=2.
o X AL s ] s
[2D1-2] Cho ham so y:—l. Ham so c6 hai diem cuctrila x,, x,. Tich x,x, cé giatri bang
X+
A 2. B. -5. C. -1 D. 4.
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

[2D1-2] Ham s6 y =|x* —4|+x c6 may diém cyc tri?

A. 0. B. 1. C. 2. D. 3.

[2D1-2] Tim m @& ham s6 y =mx® —(m* —10)x+m-2 dat cyc tiéu tai x, =1.

A m=-2. B. m=5. C.m=-2;m=5. D.m=-2;m=-5.
[2D1-2] Tim gia tri thyc cta tham s6 m dé ham sé vy :%x3 —mx? +(m2 —4)x+3 dat cyc dai
taix =3.

A m=-1. B. m=-7. C. m=5. D. m=1.

[2D1-2] Tim tat ca céc gia tri thuc caa tham s6 m dé db thi cia ham sé y = x* —2mx? c6 ba

diém cuec tri tao thanh mot tam giéc cé dién tich nho hon 1.

A. 0<m<34. B. m<1. C.0<m<1. D. m>0.
[2D1-2] Tim gié tri nho nhat m cua ham s y = x? +2 trén doan EZ}
X
17
A.m:I. B. m=10. C. m=5. D. m=3.
[2D1-2] Tim gia tri nho nhat m cua hamso y = x* —x* +13 trén doan [-2;3].
A. m:§. B. m:4—9. C. m=13. D. m:§.
4 4 2
[2D1-2] Tim gié tri I6n nhat M cua ham s y = x* —2x? +3 trén doan [0;\/5]
A M=9. B. M =83. C.M=6. D. M =1.
R x X+m R x , ~ . 16 n X
[2D1-2] Cho ham s0 y=—— (m la tham so thyc) thoa médn miny+maxy =—. Ménh d¢
X+1 [L2] [12] 3

nao dudi day dung?
A . 0<m<2. B.2<m<4. C. m<0. D.m>4.

JV1-x-=2x%?
\/;+1 '

[2D1-2] Goi M va m lan luot 1a gi tri I6n nhat va nho nhat cia ham sé y = Khi

do giatricia M —m la

A. -2. B. -1. C. 1 D. 2.
[2D1-2] HamM s6 y = 4+/x® —2x+3 +2x—x* dat gia tri Ion nhat tai x, x,. Tich xx, bang
A. 2. B. 1. C. 0. D. -1.
[2D1-2] Tim gia tri I6n nhat caa ham s6 y = 3sin x—4sin® x trén doan [—%%} bang
A. 1. B. 1. C. 3. D.7.
[2D1-2] D6 thi ciia ham sb nao trong cac ham sé dudi ddy co tiém can ding?
1 1 1 1
A y=—. B.y=———. C.y= . D.y= .
y Jx X2+ x+1 Y= Y=
[2D1-2] D6 thi ham s y = —— 7 c6 may tiém can.
X —
A. 0. B. 3. C. 1 D. 2.
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Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

X2 —5x+4

[2D1-2] Tim s6 tiém can cua d6 thi ham sé y =—— N
X j—
A 2. B. 3. C. 0. D. 1.
[2D1-2] D6 thihamsé y = \/Z(_ c¢6 bao nhiéu dudng tiém can ngang?
X° =1
A. 0. B. 1. C. 2. D. 3.
. 2m+1)x* +3 . . -
[2D1-2] Cho ham s6 y :%, (m 1a tham s6 thyc). Tim m dé tiém can ngang cua
X" +1
d6 thi ham s6 di qua diem A(1;-3).
A. m=+1. B. m=0. C.m=2. D. m=-2.
[2D1-2] Puong cong & hinh bén 1a dd thi cia mot trong bén ham sé dudi y
day. Ham sb d6 1a ham sb nao?
A y=-x+3x"-2. B. y=x>+x*—x+3. 3
C.y=-x>-2x"-x+3. D. y=-x}-x*-x+3. 0 51 X
[2D1-2] Puodng cong & hinh bén la d6 thi cia ham s6 y = ax* +bx? +¢ véi y
a, b, c lacéc sé thyc. Ménh dé nao duéi day dung? \ T /
A. Phuong trinh y'=0 ¢6 ba nghiém thuc phén biét. 0 X
B. Phuong trinh y'=0 ¢6 dang mot nghiém thuec. W
C. Phuong trinh y"=0 c6 hai nghiém thuc phan biét. y
D. Phuong trinh y’ =0 vd nghiém trén tap s thuc. /\ /
[2D1-2] Ham s6 y =(x—2)(X* 1) ¢6 dd thi nhur hinh v& dudi day. VA
Hinh nao dusi day la @ thi cia ham sb y =|x—2|(x* -1)?
y y y
\ /\/ y \/\j
) X O X 0O X
O
Hinh 1 Hinh 2 Hinh 3 Hinh 4
A. Hinh 1. B. Hinh 2. C. Hinh 3. D. Hinh 4.
[2D1-3] Cho ham s6 y = 2x—11 c6 dd thi (C). Mot tiep tuyén cua (C)véi hoanh do tiép diém
X_
I6n hon 1, cit Ox,Oy tai Ava B sao cho AOAB can. Khi d6 dién tich AOAB bing
A. 25. B.l. C. 1. D.é.
2 2
n X N z 2Xx+3 , A 2 NS X ., L2 , L
[2D1-3] Trén d6 thi ham so y = > c6 bao nhiéu diém ma tiep tuyen tai cac diém do tao voi
X_
hai truc toa do mot tam giac can?
A 1. B. 2. C. 4. D. V6 sb.
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Cau 87.

Cau 88.

Cau 89.

Cau 90.

Céau 91.

Cau 92.

Céau 93.

Cau 94.

Cau 95.

Céau 96.

3x-4

[2D1-3] Cho ham sé y = c6 dd thi (C). Goi M 1a diém tly y trén (C) va S Ia tong
X_

khoang cach tir M dén hai duong tiém can cua (C). Khi d6 gié tri nhé nhat cua S 1a
A 2. B. 24/2. C. 3. D. 4.

Je \ n A ) N £ X+3 \
[2D1-3] S6 duong tiém can cia ham so y = - la

X° -1

A. 4. B. 1. C. 2. D. 3.
[2H1-3] Ham s6 f(X) c6 dao hamtrén R va f'(x)>0, Vxe(0;+wx), biét f(1)=2. Khaing

dinh nao sau day c6 thé xay ra?

A f(2)=1. B. f(2)+f(3)=4. C.f(2016)>f(2017).  D. f(-1)=4.

[2D1-3] Cho ham sb y:M v6i m 1a tham sb. Goi S la tap hop tat ca céc gia tri
X—m

nguyén cua m dé ham s6 dong bién trén cac khoang xac dinh. Tim s phan tircia S .

A.5. B. 4. C. v sb. D. 3.

[2D1-3] Cho ham s y :%x3 —mx? —x+m+1. Tim gia tri cia tham s6 m dé do thi ham s6 c6

hai diém cuc trila A, B théa x5 +x2 =2,

A . m=+1. B.m=2. C. m=43. D. m=0.

[2D1-3] Tim gié tri thuc cua tham s6 m dé duong thang d:y=(2m-1)x+3+m vubng goc

v6i duong thang di qua hai diém cyc trj caa do thi ham s6 y = x* —3x% +1.

A.m:E. B.m:E. C.m:—i. D. m=
2 4 2

NP

[2D1-3] P6 thi ciia ham s6 y = —x* +3x? +5 ¢6 hai diém cyc tri A va B. Tinh diéntich S cua
tam giac OAB vai O la géc toa do.

A.S=9. B.S:%. C. S=10. D. S =5.

[2D1-3] Tim tat ca cac gia tri thuc cua tham sb m dé duong thang y =—mx céat do thi caa ham
s6 y=x>—3x?—m+2 tai ba diém phan biét A, B, C sao cho AB=BC.
A. me(1;+oo). B. me(—oo;B). C. me(—oo;—l). D. me(—oo;+oo).

[2D1-3] Cho ham s y :X—Jri (C). Tép tat ca cac gia tri ciia tham sé m dé duong thing
X_

y=2x+m cit (C) tai hai diém phan biét A, B sao cho géc AOB nhon Ia
A. m<5. B. m>0. C. m>5. D. m<O.

[2D1-3] Cho ham s6 y = f (x) c6 do thi nhu hinh v& bén.

|

Xéc dinh tat ca c4c gi tri cia tham sé m dé phuong trinh | (x)| =m

c6 dung 2 nghiém thuc phan biét.
A.m>4; m=0. B. 3<m<4.
C.0<m<3. D. 4<m<0.
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Cau 97.

Céau 98.

Cau 99.

Céau 100.

Céau 101.

Céau 102.

Céau 103.

Céau 104.

[2D1-3] Cho ham s6 y =" _21 c6 do thi (C,) (m Ia tham s0). Vi gia tri nao cua m thi
X +

duong thing y = 2x—1 cét dd thi (C,,) tai 2 diém phan biét A, B sao cho AB=+10.
A.m:—i. B.m;t—i. C. m=3. D. m=3.

2 2
[2D1-3] Cho hamsé y = f (x) lién tuc trén tung khoang xéc dinh va c6 bang bién thién sau:

X |—o0 0 2 4 400

+00 +00

\/

1
-15

O

—o0 —00

Tim m d€ phuong trinh f (x)+m=0 c6 nhiéu nghiém thuc nhét.

m<-1 m>1 m<-1 m=>1
A. ) B. ) C. ) D.
m>15 m < -15 m>15

. 1+b-c+d<0 . .
[2D1-3] Cho ham s6 y=—x’+bx*+cx+d cd . Tim so giao diém phan
-8+4b+2c+d >0
biét ctia dd thi ham sé d4 cho véi truc hoanh.
A. 0. B. 1. C. 2. D. 3.

[2D1.5-3] (NSL-BG-L1-1819) Cho ham s y = 2x* —4x? +g. Gia tri thuc cia m dé phuong
trinh

2x* —4x° +g =m’-m +% c6 dung 8 nghiém thuc phan biét la

A. 0<m<l1. B.0<m<1. C.0<m<1. D.0<m<1.
[2D1.5-3] (NSL-BG-L1-1819) Goi A la tiép tuyén tai diém M (X,;Y,), X, <0 thudc do thi ham

oy _X+2 Gocho khoang cach tir | (~11) dén A dat gia tri lon nhat, khi dé tich x,.y, bing

x+1
A. -2, B. 2. C. -1. D. 0.
[1D2.3-3]  (NSL-BG-L1-1819)  Gia tri  I6n  nhit coa  ham  sb
f(x)= x+\/—1—,/ x-1)(5-x)+5 la
A 7. C.3+3V2. D. khdng tdn tai.
[2D1.4-3] (NSL-BG-L1-1819) Céc gia tri cia tham s6 m dé dd thi cia ham s
x-1

c6 bdn duong tiém can phan biét 1a

- Jmx? —3mx +2

A. m>0. B.m>g. C.m>§. D.m>§,m¢1.
8 9 9

[2D1.1-3] (NGO GIA TU-VPU-L1-1819) C6 tit ca bao nhiéu gié tri nguyén cia m dé ham
6y :2x+—m+11 nghich bién trén mdi khoang (—oo;—4) va (11;+)?
X+m-—

A. 13. B.12. C. 15. D.14.
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Cau 105

Cau 106

Céau 107.

Céau 108.

Céau 109.

Céau 110.

Cau 111.

Cau 112.

Céau 113.

[2D1.3-3] (NGO GIA TU-VPU-L1-1819) Tim m dé gia tri I6n nhat caa ham sb
y :‘x3 —3x+2m—]4 trén doan [0;2] Ia nho nhét. Gié tri caa m thugc khoang
2 3
A. (0;1). B. [-1;0]. C.|=:2]. D.|-=:;-1/.
3 2
[2D1.4-3] (NGO GIA TU-VPU-L1-1819) C6 bao nhiéu gia tri nguyén ciia tham sé6 m dé do
2 —
thiham s y = —*—>*"2_ \hong c6 dudng tim can ding?
X“—mx—m+5
A. 8. B. 10. C. 11. D. 9.
[2D1.2-4] (NSL-BG-L1-1819) Cho ham s6 y = f (x) c6 dao ham f'(x)=(x-1)"(x* - 2x),
véi WxeR. S6 gia tri nguyén cua tham s6 m dé ham so g(x)= f(x3—3x2 +m) c6 8 diém
cuc tri la
A. 2. B. 3. C. 1. D. 4.
[2D1-4] Phuong trinh 2x+1+XyX* +2+(x+1)Vx*+2x+3=0 c6 bao nhiéu nghiém
nguyén?
A. 0. B. 1. C.2. D. 3.
[2D1-4] Tim m dé bét phuong trinh v1-x? +231- x* <m+1 nghiém dung véi vx e[-1;1].
A. m<3. B. m>-1. C.m>2. D. m<2.
[2D15-4 (NGO  GIA  TU-VPU-L1-1819) Cho  phwong  trinh

X2 —3x2-2x+m—-3+232x*+3x+m=0. Tap S la tap hop cac gia tri cia m nguyén dé
phuong trinh ¢6 ba nghiém phan biét. Tinh tong cac phan tir cia S .

A. 15, B. 9. C.0. D. 3.

[2D1.5-4] (NGO GIA TU-VPU-L1-1819) Cho hamsb y= f(x) lién Y19

tuc trén R va c6 do thi nhu hinh v&. Goi m la s6 nghiém cua phuong /\1 2
trinh f (f (x))=1. Khing dinh nao sau day la dung? 0 \/ X
A . m=6. B.m=7.

C. m=5. D. m=9. B
[2D1.2-4] (NGO GIA TU-VPU-L1-1819) Cho hamsb y=f(x) c6 Y

dao ham trén R va c6 dd thi nhu hinh v& bén. Ham s6 y =(f (x))” c6

bao nhiéu diém cuc tri?

A. 5. B. 3. 9] 1 3 X
C. 4. D. 6.
[2D1.5-4] (BINH MINH-NBI-L1-1819) Cho ham s6 y=ax®+bx*+cx+d c6 do thi (C).

Bict rang (C) cat truc hoanh tai 3 diém phan biét c6 hoanh do X, > X, > X, >0 va trung diém
néi 2 diém cyc ti cua (C) c6 hoanh 4O X =%. Biét  rang
(3%, +4%, +5%, )" = 44(XX, + X, X, + X;%, ) . HAy tinh tong S = x, + X2 + .

137 5 45 c 133

L= . . S — D. 1.
216 157 216
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Cau 114.

Céau 115.

Cau 116.

Cau 117.

Céau 118.

Céau 119.

Céau 120.

[2D1.5-4] (BINH MINH-NBI-L1-1819) Cho ham sé bic ba
f(x) va g(x)=f(m¢+nx+p) (mn,peQ) cé do thi nhu 9() Mo 1 ()

. Y. ;'
hinh dud¢i (Buong nét lién 1a d6 thi ham f(x), nét dut la do thi A\

Y A CAY! 2
ciia ham g(x), duong thang x:—% la tryc d6i xitng cua do thi —2'tl ,’I/zl \/ X
ham s6 g(x)). \/ SN
Gid tri cua bieu thuc P =(n+m)(m+ p)( p+2n) bang bao nhiéu?
A. 12. B. 16. C. 24. D.6.
[2D1.3-3] (VINH YEN-VPU-L1-1819) Cho hai ham y
so y="f(x), y=g(x) c6 dao ham la f'(x), g'(x). f'(x)
Db thi ham sé y = f'(x) va g’(x) duge cho nhu hinh  g'(X i .
d 1am30¥‘ (x) va g'(x) dugc cho nhu hin w : .
vé bén duoi. Bit ring f (0)- f (6)<g(0)-g(6). Gia . =
tri lon nhat, gid tri nho nhit cua ham s6
h(x)= f (x)—g(X) trén doan [0;6] lan luot Ia
A h(2), h(6). B.h(6), h(2).  C.h(0),h(2).  D.h(2),h(0).
[2D1.1-3] (NHA NAM — BGI-L1-1819) Gidtri m déhamss y ==X =2 1ghich bién trén (5;5] la
cotx—m 4’2
m<0
A[ . B.1<m<?2. A . m<0 D.m>2.
1<m<?2
2X —

[2D1.4-4] (VINH YEN-VPU-L1-1819) Cho ham s6 y =

21 c6 do thi (C). Goi | la giao
X_

diém cuia hai duong tiém can. Tiép tuyén A cua (C) tai M cat cac duong tiém can tai A va
B sao cho duong tron ngoai tiép tam giac 1AB c6 dién tich nho nhat. Khi d6 tiép tuyén A cua
(C) tao VGi hai truc toa do mot tam giac c6 dién tich 16n nhat thuoc khoang nao?

A. (29; 30). B. (27; 28). C. (26; 27). D. (28; 29).

[2D1.3-4] (VINH YEN-VPU-L1-1819) Goi S la tap hop tit ca céc gia tri thuc cua tham s m
X2 +mx+m

sa0 cho gia tri I6n nhat ciia ham s6 y = N
X +

trén doan [1;2] bang 2. S6 phantircia S 1a

Al B. 4. C. 3.

[2D1.2-4] (NHA NAM - BGI-L1-1819) Cho ham sb y = f (). Ham

D. 2.

s6 y=1f'(x) c6 dd thi nhu hinh vé& dusi day. Tim m dé ham s6
y=f(x*~2m) cé 3 diém cyc tri

A. me(—E;O}. C. me[O;E}.
2 2

[2D1.5-4] (LY NHAN TONG-BNI-L1-1819) Cho ham s6 y = f ()
lién tuc trén R va c6 d6 thi nhu hinh v&. Goi m la s6 nghiém cua
phuong trinh f ( f (X)) =1. Khang dinh nio sau day diing?

A m=T7. B. m=6.

C. m=5. D.m=9.

B. m e(3;+oo).
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PHAN 2. HAM SO LUY THUA. HAM SO MU. HAM SO LOGARRIT
CAu 121. [2D2-1] Phuong trinh 2°" —8* =0 c¢6 nghiém la

A x=207 B. x= 2247 c. x=2%7 D. x= 2227
4 5 6 3
Cau 122. [2D2-1] Tim tap xac dinh caa ham s6 y = log, X—_i
X+
A. D=R\{-2}. B. D =(-00;-2)U(3;+).
C. D=(-23). D. D =(~o0;-2)U[4;+0).
5
Cau 123. [2D2-1] Rt gon biéu thic Q =b?:¥/b véi b >0.
5 4 4
A. Q=b?, B. Q=be. C.Q=b 3. D. Q=h3.
Cau 124. [2D1-1] Cho a la s6 thuc duwong khac 1. Ménh dé nao dudi day dung véi moi sb thie duong X, y ?
A. Iogaizlogax—logay. B. Iogaizlogax+logay.
y y
C. Iogaizloga(x—y). D. Iogaizlog—ax.
y y log,y

Cau 125. [2D2-1] Cho a la sé thuc duong tuy y khac 1. Ménh dé nao dudi ddy ding?

A. log,a=1log, 2. B. log,a= . C. log,a= D. log,a=-log, 2.
log, a log, 2
CAau 126. [2D2-1] Pao ham cua ham sé y =e**™* I3
A. (2x+1)e" ™, B. (2x+1)e". C. (x*+x)e™. D. (2x+1)e*.

Cau 127. [2D2-1] Pao ham caa ham sé y = log, (x+ex) la

A e B. 1*¢ c.+ o Lre
In2 X+e (x+e*)in2 (x+e*)in2

Cau 128. [2D2-1] Cho hai d6 thi ham s6 y =a* vay =log, X nhu hinh V. y y=a*

Nhan xét nao ding?

A. a>1b>1. 1

B.a>10<b<l1. /O 1 .

C.0<a<10<bx<1. \

D. 0<a<lb>1. y =log, X

Cau 129. [2D2-1] Trong cac hinh sau hinh nao 1a dang d6 thi cia ham s6 y=a*,0<a<1.

y y y / y*\
1 / \ 1 ol /1 X L
A N o) y
o) X o) X
Q) ) (1) (V)
A. (I). B. (II). C. (). D. (IV).
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Cau 130. [2D2-1] D6 thi nao dudi day 1a do thi cua ham s y = 2*?

N 2

1 1
A. O X B. @) X c 0

Cau 131. [2D2-1] Trong céc hinh sau hinh nao la dang db thi caa ham s y = log, x,a > 1.

y

/ \
O X [9) X
Q) (1) (1)
A. (. B. (I). C. ().

2

D. (IV).

(V)

Cau 132. [2D2-1] Tim tat ca céc gia tri thuc cua tham s6 m dé phuong trinh 3* =m ¢6 nghiém thuyc.
D.m=0.

A.m>1. B. m>0. C. m>0.

Cau 133. [2D2-1] Ham s6 y = x® ¢6 cung tap xac dinh v&i ham sé nao trong cac ham sé dudi day.

A. y=sinx. B.y=3%Xx. C.y=e¢e".

Cau 134. [2D2-2] Cho a=1log,3, b=log,5. Khidé log,, 20 biang
A ab+2 . B ab+2. C ab+2.

b(a+1) b+1 a+1

D. y=Inx.

D.

1 12 -1
Cau 135. [2D2-2] Cho bicu thic A:[xz—y2] (1—2\ﬁ+l] , (x>0,y>0).
X

X

x = 2018 la
A. 2017. B. 2018. C. 2019.

Cau 136. [2D2-2] Biét (v/2 +1)m <(v2 —1)” . Khing dinh nao sau day ludn
A. m=n. B.m>n. C. m+n<Q0.
Cau 137. [2D2-2] Biét log, x =log, y =c. Khi d6 ¢ bing

X
A. Iogab;. B. log,,, (xy). C. log,, (xy).
, B2 3
Cau 138. [2D2-2] Cho a, b la cac so thuc théa mdn a® >a? va |09bz
day la dung
A. 0<ax<l1, b>1. B.0<a<l,0<b<1.C a>1, b>1.

log, (log;10)
log, 10

A 1l B.1+log, 2. C. 1+log,5.

Cau 139. [2D2-2] Biét a= . Gia tri cua 10* bang

Céu 140. [2D2-2] Cho hamsé f (x)=¢€* . Khido f"(0) bing
A 0. B. 1. C. 2.

D.

PUNG?
D.

D.
<log 4
b_.
5

D.

ab+2

a(b+1)

Gia tri cua A tai

4036 .

mn<0.

log,, (X+Y).

Khang dinh nao sau

a>1,

. €.

O<b<«1.

. log, 2.
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Cau 141. [2D2-2] Hé s6 goc cua tiép tuyén cua (C):y =log’ X tai diém c6 hoanh do bang 10 la
!
5In10

A. k=1In10. C. k=10. D. k=2+In10.

Cau 142. [2D2-2] Cho ham s y =1In % Khang dinh ndo sau diy PUNG?
+ X

Ay -2y=1. B.yy-2=0. C. y'—4e’=0. D. y'+e’=0.
Cau 143. [2D2-2] Cho ham s6 f (x)=Inx+In(2-x). Phuong trinh f'(x)=0 c6 tap nghiém la

A S={1. B.sz{l}. c.sz{l}. D.5=0.

e 2

Cau 144, [2D2-2] Cho ham s f (x)=e""*. Khi dé gid tri (1) thuoc khoang nao:

A. (0;1). B. (L2). C. (23). D. (3;+).
Céu 145. [2D2-2] Cho ham sé y == - Khing dinh ndo sau day PUNG?

X+
A. Ham sb dat cuc dai tai x=0. B. Ham s6 dong bién trén tap xac dinh.
Cy=—t . D. Ham sé dat cuc tidu x=0.
(x+1)

Cau 146. [2D2-2] Goi M la gia tj Ién nhét ciia ham s6 y = x*.e™™ trén [-11]. Khid6 InM bang

A. 1. B. e. C. 0. D. -1.
Cau 147. [2D2-2] Biém cyc tri cua d6 thi ham s6 y = In_2x thugc duong thang nao?

X
1 1 1 1
A. yzzJEx. B.y=—=x—-. C.y=—4=x——. D.y==x
2Je e ee  2e Y

Cau 148. [2D2-2] Trong cac ham s6 sua, ham sé nao c6 dd thi phd hop véi hinh vé:

A. y=log, X. B. y=Inx.

C.=Inx+1. D. y=log, x+1. /1

Cau 149. [2D2-2] Cho phuong trinh 4%~ + 221 _3 -0 Phat biéu nao sau diy DUNG?
A. Phuong trinh ¢6 2 nghiém dwong phan biét  B. Phuong trinh c6 nghiém duy nhat.
C. Tong cac nghiém la mot s6 nguyén. D. Phuong trinh ¢ nghiém nguyén.
R . e . 52" -8 .
Cau 150. [2D2-2] Tap nghi¢m cua phuong trinh log, > 3-x la
+

A {2;_2}. B, {2;%}. c. (2). D. (2:4).

Céu 151. [2D2-2] Cho phuong trinh log3 (4x)—log , (2x) = 5. Nghiém nho nhat ctia phuong trinh thuge khoang
A. (0;1). B. (13). C.(35). D. (5;9).

Céu 152. [2D2-2] Anh Nam gui 500 triéu vao ngan hang theo hinh thac 1ai kép ky han 1 nam véi lai
suit khong thay d6i hang nim 13 7.5% niam. Sau 5 ndm thi anh Nam nhan dugc s6 tién ca vén
1an 13 1a
A. 685755000 dong.  B. 717815000 dong. C. 667735000 dong. D. 707645000 dong.
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Céu 153.

Céau 154.

Céau 155.

Céau 156.

Céau 157.

Céau 158.

Céau 159.

Céau 160.

Céau 161.

Céau 162.

Céau 163.

Céau 164.

[2D2-2] Tir d6 thi cac hams6 y =log, x, y =log, X, y =log, X nhu hinh v&. Khang dinh nao dang?

A.O<c<b<l<a. B.O<a<c<l<b. Y y =log, x
C.0O<a<l<b<ec. D. 0O<a<l<c<b.
, i =1
[2D2-2] Tim tap xac dinh D cia ham s6 y =(x* —x-2) . 5 T 4 °g°§
A.D=R. B. D=(0;+).
y =log, X

C. D=(-o0;-1)U(2;+ ). D. D=R\{-1;2}.

1
[2D2-2] Tim tép xdc dinh D cuahamso y =(x-1)2.
A. D =(-o0;1). B. D=(L;+). C. D=R. D. D=R\{1}.
[2D2-2] Tim tap xac dinh D ciia ham s6 y = log, (x* - 4x+3).
A D=(2-v2;1)u(3;2++2). B. D=(13).
C. D=(-0;1)U(3;+ ). D. D:(—oo;Z—\/E)u(2+\/§;+oo).

[2D2-2] Tim gia tri thyc cta tham sb m dé ham s6 y = log (X —2x—m+1) c6 tap xac dinh 1a R.

A. m>0. B. m<0. C. m<2. D.m>2.
[2D2-2] Cho a la sb thyc duong khac 1. Tinh | = log - a.
A.Iz%. B.1=0. C.l==-2. D.1=2.
. a’
[2D2-2] Cho a la so thyc duong khac 2. Tinh | =log, (T]
2

A.Izi. B.1=2. C.Iz—i. D.1=-2.

2 2

, 1
[2D2-2] Rt gon bidu thac P = x3.8/x véi x>0.
1 2
A P=xt. B. P=x2. C. P=+/x. D. P=x°.
[2D2-2] Vi a, b la cac s6 thuc duong tury ¥ va a khac 1, dat P =log, b® +log_, b®. Ménh dé
nao dudi day dung?
A. P=9log,b. B. P=27log,b. C. P=15log,b. D. P=6log,b.
[2D2-2] Cho log,b=2 va log,c=3. Tinh P =log, (b°c°).
A. P=31. B. P=13. C. P=30. D. P=108.
[2D2-2] Cho log,a=2 va Iogzb:%. Tinh I =2log, [ log, (3a)]+log, b®.
2

A.IZE. B.1=4. C. 1=0. D_|:§,

4 2

[2D2-2] Vé6i moi a, b, x la cac s thuc dwong thoa méan log, x =5log, a+3log, b. Ménh dé
nao dudi day dung.
A. x=3a+5b. B. x=5a+3b. C. x=a’+b’. D. x=a’h’.
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Céau 165.

Cau 166.

Céau 167.

Céu 168.

Cau 169.

Céau 170.

Cau 171.

Cau 172,

Céau 173.

Cau 174.

Céau 175.

[2D2-2] V&i moi sb thuc duong a va b thoéa man a? +b? =8ab, ménh dé nao dudi day dung?
A. Iog(a+b):%(loga+logb). B. log(a+b)=1+loga+logb.
C. Iog(a+b):%(1+loga+logb). D. Iog(a+b):%+loga+logb.
[2D2-2] Vé&i moi sb thuc duong x, y tlyy, dat log, x=c , log, y = B . Ménh d nao dudi day
dang?
K fa K)o«
A. |ng7(7 :9(E_ﬁ]- B. log,, 7 :E+ﬁ.
K fa K)o«

[2D2-2] Cho ham s y = xe*. Chon hé thirc dung:
A y'=2y'+1=0. B.y"-2y"-3y=0. C.y"-2y'+y=0. D.y"-2y'+3y=0.
[2D2-2] Do ham ciiaham so y =(2x-1)3"1a
A. 3(2-2xIn3+In3). B. 3*(2+2xIn3-In3).
C. 2.3+ (2x-1)x.3". D. 2.3'In3.
[2D2-2] Tinh dao ham cua ham s6 y = log, (2x+1).
A. y’:;. B. y’:#. C. y’:i. D.y'= ! .

(2x+1)In2 (2x+1)In2 2x+1 y 2x+1
[2D2-2] B6 thi hinh bén 1a ciia ham sé nao?
A. y=log, x+1. B. y=log, (x+1). 1F--=- .
C. y=log,x. D. y=log,(x+1). -1/10 2 X
[2D2-2] Cho phuong trinh 4* +2*" ~3=0. Khi dit t = 2*, ta duoc phuong trinh nao dudi day?
A. 2t* -3=0. B.t*+t-3=0. C. 4-3=0. D. t?+2t-3=0.
[2D2-2] Tim nghiém cua phuong trinh log, (1-x)=2.
A. x=-4. B. x=-3. C. x=3. D. x=5.
[2D2-2] Tim tap nghiém S ciia phuong trinh log, (2x+1)—log, (x-1)=1.
A.S={4}. B.S={3. C.S={-2. D. S={1}.
[2D2-2] Tim tap nghiém S ciia phuong trinh log ; (x—~1)+log, (x+1) =1

2

A s={2+5}. B.S={2-V5;2+\5}. C.s={3}. D. sz{3+jﬁ}.

[2D2-2] Giai phuong trinh 22X =3, Ta c6 tap nghiém bing
A. {1+\/1+Iogz3; 1—\/1+Iogz3}. B. {—1+,/1+Iogz3; ~1- 1+Iogz3}.
C. {1+\/1—Iogz3;1—\/1—logz3}. D. {—1+,/1—|ogzs; ~1- 1—Iogz3}.
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Céau 176.

Cau 177.

Céau 178.

Céau 179.

Céau 180.

Céau 181.

Céau 182.

Céau 183.

Céau 184.

Céau 185.

Céau 186.

Céau 187.

[2D2-2] Giai phuong trinh 3 +3°* =12. Ta c6 tap nghiém bang
A {12}, B. {-L2}. C. {1-2}. D. {-1-2}.
[2D2-2] Giai phuong trinh 125* +50* = 2***, Ta c6 tap nghiém bang

A {1} B. {1} c. {2}, D. {0l

[2D2-2] Phuong trinh 2~ — 227 =3 ¢4 téng cac nghiém bing
Al B.O. C. -2. D. -1.

[2D2-3] Phuong trinh log, x +2#8 = l+ log ; v x* —x—8 ¢0 bao nhiéu nghiém nho hon 2.
X° — X

A. 0. B. 1. C. 2. D. 3.
4 1 -1
. o a3 -8.a% b 2 5
[2D2-3] Rt gon biéu thac A =—; ~.|1-23— | —a%, (a>0,b>0,a+8b) bang
a’ +2%ab + 4b3 a
A. A=a-b. B. A=a-2b. C. A=1. D. A=0.
[2D2-3] Biét 0< x<% va log, cos x :—%, khi @6 log, sinx bang
2
A. %(140923). B. 1-log, 3. C. %(Iogz3—1). D. g
[2D2-3] Biét phuong trinh logZ x—(m+2)log, x+3m-1=0 c6 hai nghiém x,, X, théa méan
XX, = 27 . Khi d6 gid tri m 1a
A. 3. B. 1. C. 25. D.?.
[2D2-3] Téng nghich dao cac nghiém cia phuong trinh (\/2+\/§) +(\/2—\/§) =4 bang
1
A. 0. B. 4. C. —. D. 1.
4
[2D2-3] Goi X, la mot nghiém ctia phuong trinh 9% +97™ = 23. Khi d6 gia tri clia biéu thirc
5+3% 43
=270 70 )y
1-3-3%
A.E. B.—E. C. 2. D.l.
2 2 2
[2D2-3] Goi X, la mét nghi¢ém khéc 1 cua phuong trinh log ; xlog  x=log ; x+log 5 x . Khi
d6 khang dinh nao sau day SAI?
A x Q. B. x5 >3. C. log, x, >1. D. 2° <6.
[2D2-3] Cho log, x =3, log, x=4 v&i a, b la cc sb thuc I6n hon 1. Tinh P =log,, X .
A. P:l. B. P:i. C. P=12. D. P:E.
12 12 7

[2D2-3] Cho x, y la cac sb thuc lén hon 1 thoa min x*+9y?=6xy. Tinh
_1+log,, x+log,, ¥
2log,, (x+3y)
1

A M=—. B.M=1. C.Mzi. D.le.
4 2 3

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 19/178



Céau 188.

Céau 189.

Céau 190.

Céau 191.

Céau 192.

Céau 193.

Céau 194.

Cau 195.

Céau 196.

Céau 197.

Céau 198.

Cau 199.

[2D2-3] Giai phuong trinh 4 +(x? ~7).2" +12-4x® =0. Ta c6 tap nghi¢m bing
A {L-1+42). B. {0,-1,2}. C. {12}, D. {L-2}.
[2D2-3] Tim tat ca cac gia tri thuc caa tham s6 m dé phuong trinh 4* -2 +m=0 c6 hai

nghiém thuc phan biét.
A. me(-=;1). B. me(0;+x). C. me(0;1]. D. me(0;1).

[2D2-2] Tim céc gia tri thuc ciia tham s m dé phwong trinh log2 x —mlog, x+2m—-7=0 c6
hai nghi¢m thuc x;, X, théa man x,x, =81.

A . m=-4. B.m=4. C. m=8l1. D.m:—é.
[2D2-2] Phuong trinh x(In* x—-1)=0 c6 s nghiém la

A. 3. B. 0. C. 2. D. 1.

[2D2-2] Tim tat ca cac diém cuc tri cia ham sé y=xInx.

a2l ol e 05

[2D2-2] Biét log,3=a, log,3=b. Khi d6 log3 tinhtheo a, b 1a
A. ab. B.a+b. .a_b. D. —+=
a+b a
[2D2-2] Nghiém cua phuong trinh 25" —15*-6.9* =0 la
A.x:—loggz. B. x=-log, 3. C.x:log§3. D.x:log%.
5 3
[2D2-2] Tép xéc dinh caa ham s y = [log,, (x+1) I
A. (=1 +00). B. [0;+). C. [-10]. D. (-10].
[2D2-2] Téng cac nghiém ctia phuong trinh log2 x —log, x—2 =0 bang
A2 B. 22, c. = p. 2,
9 3 9 3

[2D2-2] Cho ham s y = e"**** Khi d6 phuong trinh y' =0 cd nghiém la

A. x=r+k2r, keZ. B. X:%+k2ﬂ,keZ.C. x:—%+kﬂ,keZ.D. X=%+kﬂ',k€Z.

[2D2-2] Ham s y = I;J_; ¢6 tap xéc dinh I
A. [0;+%0)\{10} . B. [0;+0)\{e}. C. (0;+0)\{e}. D. (0;+00)\{10}.
[2D2-3] Tim m dé phuong trinh 4% —(m+1).2°*** —2m =0 c6 nghigm?
m2—2+«/§
A —2-/3<m<0.  B.|m<_—2-43 C. 2++/3<m<0. D._?l_mso.
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Céau 200.

Céau 201.

Céau 202.

Céau 203.

Céau 204.

Cau 205.

Céau 206.

Céau 207.

Céau 208.

Cau 209.

Céau 210.

[2D2-3] Tim gia tri thuc ciia tham s6 m dé phuong trinh 9* —2.3“* +m =0 c¢d hai nghiém thyc
X, X, théaman x +x, =1.
A. m=6. B. m=-3. C. m=3. D. m=1.
[2D2-3] Tim tat ca cAc gié tri cia tham sé m dé phuong trinh sau ¢ hai nghiém thuc phan biét:
log, (1-x*)+log, (x+m—4)=0
3

A. —£<m<0. B.SSmSE. C.5<m<£. D. —ismSZ.
4 4 4 4

[2D2-3] Tim tap hop cac gid tri cua tham s6 thuc m dé phuong trinh 6* +(3-m)2*-m=0 c6
nghiém thuoc khoang (0; 1).

A [3:4]. B. [2:4]. C.(24). D. (3;4).

[2D2-3] Xét cac s6 thuc a, b thoaman a>b>1. Tim gia tri nhé nhat P cua biéu thirc

1an? (a2 a
P_Iogg(a )+3Iogb(b]

A. P, =19. B. P, =13. C. Py, =14. D. P, =15.

min min
t

v6i m 1a tham sé thuc. Goi S la tap hop tat ca céc gia tri

2D2-3] Xét ham sd f (t) =
[ ] 0 ( ) 9t+m2

cia msao cho f(x)+ f(y)=1. Véi moi so thuc X, y thoa min e*¥ <e(x+y). Tim s6 phan
tu cua S.

A. 0. B. 1. C. V0 sb. D. 2.
[2D2-3] Xét cac sb thuc duwong X,y thoa min Iog3)l(;—)2(3;:3xy+x+2y—4. Tim gia tri nho
nhit P cia P=x+y.
A. Pmng*/l_l—_lg. B. Pmng*/l_l—”g. C. Pmm:m. D. Pmm:%.

9 9 9 3
[2D2-3] C6 bao nhiéu gid tri m nguyén trong doan [-2017;2017] dé phuong trinh

log(mx) = 2log(x+1) ¢ nghiém duy nhat?

A. 4034. B. 2018. C. 2017. D. 4035.

[2D2-3] Cho phuong trinh Iogovs(m+6x)+|ogz(3—2x—x2) =0 (m la tham sd). C6 bao nhiéu
gia tri nguyén duong cia m dé phuong trinh ¢6 nghiém thyc?

A 17. B. 18. ’ C. 23. D. 15.

[2D2-4] C6 bao nhiéu ciap s6 nguyén dwong X,y théoa mdn phuong trinh
log, x—log, y =log, (x—y)

A 1. B. 4. C. 2. D. V0 sb.

[2D2.5-4] (CH.QUANG TRUNG-BPU-L1-1819) Cho m, n la cic s6 nguyén duong khac 1. Goi
P la tich c&c nghiém cua phuong trinh 2018(log,, x)(log, x) = 2017log,, x+2018log, x+2019.
P nguyén va dat gia tri nho nhat khi:
A. m.n=2%%, B. m.n=2%", C. mn=2%", D. mn =28,
[2D2-4] Cho x, y la cac s6 thuc duong thoa mén log, (H—A'y] =2x—4y+1. Gia tri nhé nhat
X+Yy
., 2 4 _2 2,2 2 .
cua biéu thic P =2 Xy 3+6X bang
(x+Y)
A. 4. B.g. C.E. D.g.
4 9 9
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Cau 211.

Cau 212.

Céau 213.

Cau 214.

Céau 215.

Céau 216.

Cau 217.

Céau 218.

Céau 2109.

Céau 220.

[2D2-4] Tim tap tat ca cac gia tri coa tham s6 m dé phuong trinh
log, (2sin x—1)+log, (cos2x+m) =0 c6 nghi¢m:
2

a[f) s[h] o[ de) o[k

[2D2-4] S6 gia tri nguyén ciia m e (—200;200) dé 3.a¥**" —p¥'*** > m.,/log, b +2 véi moi a,
be (1; +oo) la
A. 200. B. 199. C. 2199. D. 2002.
[2D2-4] Cho tap hop A:{Zk | k :1,...,10} c6 10 phan tir 1a cac lity thira cia 2. Chon ngiu
nhién tir tap A hai s6 khac nhau theo thir tw a va b . Xac suat dé log, b 1a mot s6 nguyén bang
A.E. B.i. C.l. D.E.

90 10 5 90
[2D2-4] Xét cac s6 thuc x, y thoa man x2+y*>1 va log,, .(2x+3y)=1. Gid tri l6n nhat
P cua biéu thac P =2x+y bang
A. PmaX:M. B. me=7+*/@. C. Pmaxzw. D. PmaX=7_‘/1_0.

2 2 3 2
, < z , ~ X+4y t, . , X
[2D2-4] Xeét x,y la cac so thuc duong thoa man log,| —— |=2x—-4y+1. Gia tri nhé nhat
X+Y
4 2,2 2
cia P = 2X" —2X°y 3+6x bang
(x+Y)

A.é. B. 4. C.g. D.E.

9 4 9
[2D2-4] Cho phuong trinh Iogz(x—\/xz—1).Iogzm7(x—\/x2 —l):loga(x+\/x2 —1). C6 bao
nhiéu gia tri nguyén thuoc khoang (1;,2018) cua tham s6 a sao cho phuong trinh d4 cho c6
nghiém I6n hon 3?
A. 20. B. 19. C. 18. D. 17.
[2D2-4] C6 tit ca bao nhiéu gia tri nguyén duong cua tham s6 m dé phuong trinh
BTX 4 65X = 7% |og, m c6 nghigm?
A. 63. B. 64. C. 6. D. 62.
[2D2-4] Gia sir ton tai s6 thuc a sao cho phwong trinh e*+e™* =2cosax+4 c6 10 nghiém

thuc phan biét. S6 nghiém (phan biét) caa phuong trinh e* —e™ = 2cosax la
A. 5. B. 20. C. 10. D. 4.

[2D2-4] C6 bao nhiéu sé nguyén m dé phuong trinh In(m+2sin x+In(m+3sin x))=sinx c6
nghiém thuc?
A. 5. B. 4. C. 3. D. 6.
[2D2-4] Cho x, y la cac s6 thuyc dwong théa min xy <4y—1. Gia tri nho nhat cua
6(2x
= ( +y)+|nx+2y la a+Inb. Giatricuatich ab la
X y
A. 45, B. 81. C. 115. D. 108.
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PHAN 3. KHOI PA DIEN VA THE TiCH CUA CHUNG

Cau 221.

Cau 222.

Céau 223.

Cau 224,

Cau 225.

Cau 226.

Cau 227.

Cau 228.

Céau 229.

Céau 230.

[2H1-1] Cho ling tru tam gidc déu canh ddy bing a, canh bén bing a+/3. Thé tich khdi ling
tru do la
3 3 3 3
AL B 32 c. p. 3%
4 4 3 2
[2H1-1] Cho hinh lap phwong ABCD.A'B'C'D’ ¢6 BC' = 2a. Thé tich khéi lap phuong d6 bang
A. 2422, B. . C. 8a°. D. 3J3a%.
[2H1-1] Dién tich toan phan cua hinh lap phuong bang 96cm?. Khi d6 thé tich caa khoi lap
phuong la
A. 6«/6(cm3). B. 64(cm3). C. 48\/5(cm3) D. 27(cm3).
[2H1-1] Khi ting tit ca cac canh caa mdt hinh hop chir nhat 18n gap doi thi thé tich cua khoi
hop chir nhat tuong tng sé:
A. tang 2 lan. B. ting 4 lan. C.tang 6 lan. D. ting 8 lan.
[2H1-1] Tinh thé tich V cua khéi lap phuong ABCD.A'B'C'D’, biét AC' =a+/3.
3
AV=a B.vzwfa . C.V =3/3a". D.V:%aS.
[2H1-1] Cho hinh chép tir giac S.ABCD c6 day ABCD la hinh vudng canh a, canh bén SA
vudng goc véi mat phing day va SA=+/2a. Tinh thé tich V cua khdi chép S.ABCD .
3 3 2 3
Ay Y28 B v - 22 C.V =+2a%. by =Y
6 4 3
[2H1-1] Hinh da dién nao dudi day khong ¢ tam ddi xirng?

== ==
1
1
1
F-=-q4----

1
1
1
[
1
1
1
1
—— - ’ ~\
A ’ S
- G
-
-
-

A. Ta dién déu B. Bat dién déu.

C. Hinh lap phuong. D. Lang tru luc giac déu.

[2H1-1] Hinh da dién trong hinh v& bén cé bao nhiéu mat?

A 6 B. 10.

C.12. D. 11. \

[2H1-1] Khdi bét dién déu la khdi da dién déu loai —

A. {53} B. {3;5}. C. {43}. D. {3;4}.
[2H1-1] M3t phang (AB'C’) chia khdi lang tru ABC.A'B'C’ thanh cac khdi da dién nao?

A. Mot khdi chdp tam giac va mot khdi chop ngii giac.
B. Mot khéi chop tam giac va mot khéi chop ta giac.
C. Hai khdi chop tam giéc.

D. Hai khéi chop tir giéc.
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Céau 231.

Cau 232.

Céau 233.

Céau 234.

Céau 235.

Cau 236.

Cau 237.

Cau 238.

Cau 239.

Cau 240.

[2H1-1] Cho khdi chop S.ABC c6 SAL(ABC); SA=4, AB=6, BC =10 va CA=8. Tinh
thé tich V cua khéi chdp S.ABC.
A.V =40. B.V =192. C.V =32. D.V=24.
[2H1-1] Hinh ldng tru tam gidc déu c6 bao nhiéu mat phang ddi xung?
A. 4 mit phang. B. 1 mat phang. C. 2 mit phang. D. 3 mit phang.
[2H1-2] Hinh chop S.ABCD c6 day la hinh chir nhat canh AB =3a; AD =4a; cic canh bén
bang nhau bang 5a . Thé tich khdi chop S.ABCD biang

3 3
p 9B g 108 C. 9432, D. 104/3a°.

2 V3
[2H1-2] Cho hinh chép ta giac déu S.ABCD canh day bang a va mit bén tao véi mit day mot

goc 45°. Thé tich caa khdi chép do 1a
3 3 3 3
AL B. & c. 2 p. &,
3 6 3 9

[2H1-2] Cho t dién OABC c6 OA, OB, OC ddi mot vudng goc; OA=4a, OB =7a,
OC =6a. Goi M, N, P lan luot 1a trung diém cua cac canh AB, BC, CA. Thé tich t&r dién

OMNP bing
3 3
A T2 B. 14a°. c. 288 D. 7a°,
2 3
[2H1-2] Cho hinh chép S.ABCc6 canh bén SA vudng goc véi mat day, SA=a/3, AB=a,
AC =ay/3, BC =2a. Thé tich khdi chop S.ABC bing
3 3 3 3
3V B. & c. a3 p, &3,
6 2 2 4
[2H1-2] Hinh chép S.ABCD c¢6 day Ia hinh thoi canh a, c6 BAD = 45°. Biét ring SD vuéng
géc véi (ABCD) va SD =av/2 . Thé tich khdi chép S.ABC la
3 3
A. 2a°. B. a’. c 2. p. &
6 3
[2H1-2] Cho hinh ling tru xién ABC.A'B'C’ ¢6 ddy la tam gidc déu canh a, AA’=a+/3. Biét
canh bén tao voi (ABC) goc 60°. The tich cua khoi ling tru d6 bang
3 3 3 3
p 33 g V387 c. B3 p, Y8
8 8 4 4
[1H3-2] Cho hinh chép S.ABCD c¢6 ddy ABCD Ila hinh vudng canh a. Biét SAD la tam giéac

déu va nam trong mét phang vudng goc véi ddy. Goi B 1a goc gitra (SBC) va (ABCD). Khi
d6 cos B bang
2 J3 J3 2

A —. B. —. C. —. D. —=.

V7 2 4 V5
[2H1-2] Cho lang tru deng ABC.A'B'C’ c6 day ABC la tam giac vudng can tai B, canh bén
CC' =a/3. Biét thé tich cua ling tru bing 2+/3a®. Khoang cach giita hai duong thing AB va
CC’ bang
A a2, B. 2a. C. aV3. D. 24/2a.
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Cau 241.

Cau 242.

Céau 243.

Cau 244,

Cau 245.

Cau 246.

Cau 247.

Cau 248.

Cau 249.

[1H3-2] Cho hinh chép S.ABCD c6 day ABCD Ia hinh thoi canh a, ABC =60°, SA=a+/3
va vudng goc véi day. Khoang cach tir A dén (SCD) bing
A V52 . V152, c. Y, p. Y22,
5 3 2 3
[2H1-2] Cho hinh chép S.ABCD c¢6 dday ABCD Ia hinh vudng. SA=a+/2 va vuéng goc véi

day. Biét thé tich khdi chép S.ABCD bang %af Khoang cach tir B dén (SCD) bang

A.%a. B.@a. C. %a. D. @a.

[2H1-2] Cho hinh chép déu S.ABC c6 canh day bang a. Biét thé tich khdi chép S.ABC bang
§a3. G6c giita canh bén va mat day bang

A. 45°. B. 30°. C. 60°. D. 75°.

[2H1-2] Cho hinh chép déu S.ABC c6 SA=2a, SA vudng goc véi mit phang (ABC), day

ABC la tam giac vuong tai B c6 AB=a, AC=2a. Goi M, N lan luot 1a trung diém caa
SB, SC . Thé tich khdi chop ABCNM bing

3 3 3 3
p 3V3 g &V3 c a2 b, &6
4 6 4 2
[2H1-2] Cho hinh chép S.ABC c6 ASB=BSC =60°, CSA=90°, SA=SB=a, SC=3a.
Tinh thé tich khdi chép S.ABC.
3 3 3 3
p 36 g &V3 c B b, &2
3 12 4 4

[2H1-2] Cho hinh chép S.ABC ¢6 M, N, P lan luot 1a trung diém cua SA, SB, SC. Goi
V,va V, lan luot la thé tich khdi da dién ABCMNP va khéi chdp S.ABC . Pit k :\%, khi d6

2
gidtricua k la

A. 8. B8 c.t p. 1
7 8 8
[2H1-2] Cho hinh lang try ABC.A'B'C’ c6 thé tich bang 48 (dvtt). Goi M, N, P lan luot la

trung diém cua CC’, BC, B'C’. Tinh thé tich khdi chop AMNP .
A. 24 (dvtt). B. 16 (dvtt). C. 12(dvtt). D. 8(dvtt).

[2H1-2] Cho hinh chop S.ABCD cé ddy ABCD Ia hinh thoi. Goi M, N Ian luot I3 trung

. . vV .
diém cua SB va SC. Tile —>282 hang

S.AMND
A& B 1. C. 4. D. 3.
3 4 8
[2H1-2] Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Thé tich khdi tr dien ACB'D’ bang
3 3 3 3
AL B. & c & p, 222
3 4 6 3
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Céau 250.

Céau 251.

Céau 252.

Céau 253.

Céau 254.

Cau 255.

Cau 256.

Céau 257.

Cau 258.

Céau 259.

[2H1-2] Cho hinh chop tam gidc S.ABC c6 SA L (ABC), tam giac ABC déu canh a, Goc
gitta mdt bén (SBC) va (ABC) bang 60°. Khi d¢ thé tich hinh chép S.ABC béng

3 3 3 3
a 3V3 B. 2_. c. 3 p, &3,

8 8.3 8 8
[2H1-2] Cho hinh chép S.ABC. Goi M, N lan Iuot 14 trung diém ciia SA va SB. Goi V la
thé tich ciia khdi chop S.ABC . Khi d6 thé tich khdi chop S.CMN tinh theo V 1a
ALy B Ly, c. Ly, D. Lv.

4 3 2 6

[2H1-2] Thé tich caa khdi cau ngoai tiép ling tru tam giac déu c6 canh bén bang 2a va canh
day bang a bang
3 3 3 3

) 3272’ 5 3272 J3 | o 3272 J3 | o 327a J3 |

273 81 9 27
[2H1-2] Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Thé tich khdi ta dign ACB'D’
bang

3 3 3 3
AL B. & c & p, 22’

3 4 6 3

[2H1-2] Cho hinh chop tam gidc S.ABC c6 SA L (ABC), tam gidc ABC déu canh a, Goc
gitta mdt bén (SBC) va (ABC) bang 60°. Khi d¢ thé tich hinh chép S.ABC béng

3 3 3 3
p 33 B. 2_. c. 3 p, &3

8 83 8 8
[2H1-2] Cho hinh chép S.ABC. Goi M, N lan Iuot 14 trung diém ciia SA va SB. Goi V la
thé tich ciia khdi chop S.ABC . Khi d6 thé tich khdi chop S.CMN tinh theo V 1a
A Ly B Ly, c. Ly, D. Lv.

4 3 2 6

[2H1-2] Thé tich caa khdi cau ngoai tiép ling tru tam giac déu c6 canh bén bang 2a va canh

day bang a bang

327a’ 5 3273 c 3273 5 3273
Nk T e A
[2H1-2] Cho khéi chdp tir giac déu cd canh ddy bang a, canh bén gap hai lan canh day. Tinh
tich V cua khoi chép tur giac da cho.
3 3 3 3
Ay Y2 B v -2 c.y - Yua b,y Y4
2 6 2 6
[2H1-2] Cho khdi chép S.ABCD c6 day la hinh vudng canh a, SA L (ABCD) va SC tao voi
mét phang (SAB) mot goc 30°. Tinh thé tich V' cta khdi chop da cho.
3 3 3
A.V:‘/ia | B.V:*/éa . c.vz%. D.V =+/2a°.

[2H1-2] Cho khdi tir dién c6 thé tich bang V. Goi V' la thé tich cua khéi da dién cé cac dinh la

p <R , ‘ , Axpr :a ~ P . A Vv
cac trung diém cua cac canh caa khoi tir dién dé cho, tinh ti so v

AY_L B L 1 c.vy_2 D.

V2 vV 4 vV 3

<|<
o | o1
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Cau 260.

Cau 261.

Cau 262.

Céau 263.

Cau 264.

Cau 265.

Cau 266.

Cau 267.

Cau 268.

[2H1-2] Cho khéi lang try dimg ABC.A'B'C’ ¢6 BB'=a, day ABC la tam giac vudng can tai
B va AC =a+2. Tinhthé tich V cua khéi lang tru da cho.
3 3 3
AV =a®, B.v=2. cv=2. Dv=2.
3 6 2
[2H1-2] Cho khéi chép S.ABCD day la hinh chit nhat, AB=a, AD =a+/3, SA L (ABCD) va
mp (SBC) tao véi day goc 60°. Tinh thé tich V' cua khoi chop S.ABCD .
3 3
Av=2, B v -3 C.v=a. D.V =3a%.
3 3
[2H1-2] Cho khéi chép S.ABCD ddy la hinh vudng canh a, SA L (ABCD) va khoang cach tir
Z N a\/E e A a7 o A r 3 .
A dénmp (SBC) bang — Tinh thé tich V cua khoi chop da cho:
3 3 3
Av=2. B.V —a®. cy Y& Dv=2.
2 9 3
[2H1-2] Cho hinh bat dién déu canh a. Goi S 1a tong dién tich tat ca cac mat cua hinh bat dién

déu d6. Ménh dé nao dudi day dang?
A. S =4+/3a°. B. S =+/3a’. C. S =23a’. D. S =8a’.

[2H1-2] Cho khéi chop tam giac déu S.ABC c6 canh day bang a va canh bén bang 2a. Tinh
thé tich V cuia khéi chop S.ABC :

3 3 3 3

Ay Y188 gy Y cy -y b,y - Y1’

12 12 6 4
[2H1-2] Cho khéi ling tru diing ABC.A'B'C’ c¢6 day ABC Ia tam gi4c can véi AB=AC =a,
BAC =120°, mp (AB'C') tao véi ddy mot goc 60°. Tinh thé tich V ciia khdi lang tru dé cho.

3 3 3 3

Av =2 B v cv=2. D.v =32

8 8 8 4
[2H1-3] Hinh chép S.ABCD c¢6 day la hinh vudng canh a; SA vudng géc véi (ABCD); géc

giita hai mat phang (SBD) va (ABCD) bdng 60°. Goi M, N 1 trung diém cua SB, SC.
Thé tich khéi chop S.ADNM bang

J6a® a° 3.3a° J3a®

A. . B. . C. ——. D. .
8 46 82 82

[2H1-3] Cho t dién ABCD c6 cac canh AB, AC va AD d6i mot vubng géc vé6i nhau;
AB=6a, AC=7a, AD=4a. Goi M, N, P tuong tng la trung diém cac canh BC, CD,
DB. Tinh thé tich V cua tir dién AMNP .
A.V:%as. B.V =14a’. C.V:%as. D.V =7a%
[1H2-3] Cho hinh chép S.ABC c6 day ABC la tam gidc vudng tai B, AB=a, BC =av/2,

SA=2a va SA vudng goc véi mt phang (ABC). Biét (P) la mat phang qua A va vudng goc
véi SB, dién tich thiét dién cat bai (P) va hinh chép la

4a%\10 4a%\/3 8a2\10 4a%\/6

A . B. . C. . D. .
25 15 25 15
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Cau 269.

Céau 270.

Cau 271.

Cau 272.

Céau 273.

Céau 274.

Cau 275.

Cau 276.

[2H1-3] Cho tir dién déu ABCD c¢6 canh bang a. Goi M, N lan luot 1a trung diém cua céc
canh AB va BC, E la diém doi xtng véi B qua D. Mat phing (MNE) chia khéi ttr dién
ABCD thanh hai khdi da dién, trong d6 khdi da dién chira dinh A c6 thé tich V . Tinh V .

3 3 3 3
v 7J/2a 5y :11J§a cy :13J§a J2a |

. . . . . D.V=
216 216 216 18

[2H1-3] Xét khdi tir dien ABCD c6 canh AB = x Va cac canh con lai déu bing 2+/3. Tim x
dé thé tich khéi tir dien ABCD dat gia tri 1on nhat.

A. x=+6. B. x=+/14. C. x=3V2. D. x=24/3.

[2H1-3] Xét khdi chop S.ABC co day la tam giac vubng can tai A, SA L (ABC), khoang céach
tr A dén mp (SBC) bang 3. Goi « la géc giita hai mat phang (SBC) va (ABC), tinh cosa
khi thé tich khdi chop S.ABC nho nhat.

J3 J2 2

A. COSa:l. B. cosa =—. C. cosa=—. D. cosa =—.
3 3 2 3

[2H1.4-3] (NSL-BG-L.1-1819) Cho khdi chép tam giac S.ABC c6 canh bén SA vudng goc Vi
mét phang (ABC), ddy la tam giac ABC cantai A, do dai trung tuyén AD bang a, canh bén

SB tao véi day goc 30° va tao véi mat phang (SAD) goc 30°. Thé tich khdi chép S.ABC bang

3 3 3 3
A.a\/g. B & c.a‘/g. D. &
3 6 6 3

[2H1.3-3] (NSL-BG-L.1-1819) Cho khéi chép S.ABC ¢6 AB=5cm, BC=4cm, CA=7cm.
Cac mat bén tao véi mit phing day (ABC) mot goc 30°. Thé tich khdi chép S.ABC bang

A.ﬁcm3. B.Mc . C.ﬂcm3. D.ﬁcm3.
3 3 3 4
[2H1-4] Cho hinh chép tt gidc S.ABCD c6 déy 1 hinh vudng canh biang v/2a. Tam giac SAD

can tai S va mit bén (SAD) vudng goc véi mat phang day. Biét thé tich khdi chép S.ABCD
bang %af Tinh khoang cach h tir B dén mat phang (SCD).

A. h:ga B. hzﬂa. C. hzga.
3 3 3

[2H1.4-4] (NSL-BG-L1-1819) C6 mot khéi g& dang hinh
chép O.ABC c6 OA, OB, OC d6i mot vudng goc vai
nhau, OA=3cm, OB=6cm, OC=12cm. Trén mat
ABC nguoi ta danh diau mot diém M sau d6 ngudi ta cat
got khéi gd dé thu duoc mot hinh hop chir nhat c6 OM la
mot duong chéo ddng thoi hinh hop ¢6 3 mat nam trén 3
mat cua tu dién (xem hinh vg).

Thé tich I6n nhat caa khdi gé hinh hop chit nhat bang

A. 8cm?. B. 24 cm®. C.12 cm?. D. 36 cm®.

[1H3.5-4] (NGO GIA TU-VPU-L1-1819) Cho hinh chép S.ABCD c6 déy la hinh binh hanh

va SA=SB=SC =11, SAB=30°, SBC =60° vd SCA=45°. Tinh khoang cach d giia hai
duong thang AB va SD.

A. d=411. B.d=2v22. C.d:@. D.d=+22.
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Cau 277.

Cau 278.

Céau 279.

Cau 280.

[2H1.3-3] (NGO GIA TU-VPU-L1-1819) Cho hinh chép S.ABCD c¢6 day 1a hinh vudng, mit
bén SAB la mot tam giac déu cé dién tich bang 2193\ ndm trong mat phang vudng goc véi mit
phang (ABCD). Mt phang (a) di qua trong tdm tam gidc SAB va song song véi mét phang
(ABCD) chia khoi chép S.ABCD thanh hai phan. Tinh thé tich V ciia phan chira diém S .
AV =24, B.V =8. C.V =12. D.V =36.
[2H3.3-3] (LY NHAN TONG-BNI-L1-1819) inh chdp S.ABC cb
ASB = BSC =CSA=60°. SA=a, SB =2a, SC =3a. Thé tich khéi chép d6 I

3 3 3 3
32 g V2 c a2 b, &3

6 3 2 2
[2H1-4] Cho khéi hop chit nhat ABCD.A'B'C'D' ¢6 thé DI' C’
tich bang 2110. Bi¢t A'M=MA; DN=3ND’; A’ T 5
CP=2PC'. Mat phiang (MNP) chia khéi hop d& cho B = 1
thanh hai khdi da dién. Thé tich khdi da dién nhé hon bang M AT
A 138 B. 2% i

18 12 D7 T N -
o 8440 o 5275 D
[2H1-4] Mét vién da c6 hinh dang la khdi chop ta giac déu vei tat ca cac canh bang a. Nguodi

ta cat khdi da d6 boi mat phang song song véi day cia khdi chép dé chia khdi da thanh hai
phan cé thé tich bang nhau. Tinh dién tich cua thiét dién khdi d4 bi cat bai mat phang néi trén.
(Gid thiét rang tong thé tich cua hai khéi dd sau van bang thé tich cua khéi da dau).

2 2 2 2
A 22 B. 2. c.2 a

7 5 ; D. =

PHAN 4. MAT CAU. MAT TRU. MAT NON

Cau 281.

Cau 282.

Cau 283.

Cau 284.

Céau 285.

[2H2-1] Cho hinh nén dinh S ¢6 day 1a duong tron tam O, ban kinh R. Biét SO =h. Do dai
duaong sinh ciaia hinh nén bang

A. Vh?-R?. B. vh?+R?. C. 2Jh*—R? . D. 2vh*+R?.
[2H2-1] Dién tich caa mat cau cé ban kinh R bang

A. 27R%. B. 7R%. C. 4zR?. D. 2zR.

[2H2-1] Thé tich cua mat khéi cau c6 ban kinh R la

A.V:%ﬂR3. B.V:%ﬂRz. C.V:%ﬂR3. D.V =4zR%.

[2H2-1] Goi I, h, r lan luot 13 do dai duong sinh, chiéu cao va ban kinh mat day caa hinh
non. Di¢n tich xung quanh S, cta hinh ndn la

A. S, =nrrh. B. S, =2nrl. C. Sy=mrl. D.S Ziﬂ'l’zh.
3

xq
[2H2-1] Néu tang ban kinh day ctia mot hinh nén 1én 4 lan va giam chiéu cao cua hinh nén do
di 8 lan, thi thé tich khdi non tang hay giam bao nhiéu lan?
A. tang 2 lan. B. ting 16 lan. C. giam 16 lan. D. giam 2 lan.
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Cau 286. [2H2-1] Tinh thé tich V cua khdi tru c6 ban kinh ddy va chiéu cao déu bang 2.
AV =4r. B.V =12r. C.V =167. D.V=8r.

Cau 287. [2H2-1] Mét hinh tru ¢6 ban kinh day bang 50cm, Chiéu cao 50cm. dién tich xung quanh caa
hinh tru d6 1a
A. 5000(cm?). B. 50007 (cm?). C. 2500(cm?) D. 25007 (cm?).

Cau 288. [2H2-1] Cho hinh chir nhat ABCD ¢6 AB=2a, BC=3a. Goi M, N lan luot 1a trung diém
cia AB, CD. Cho hinh chir nhit ABCD quay xung quanh truc MN ta dugc mot khoi try co
thé tich bang
A. 4ra’, B. 57a’. C. 3ra°. D. 2za’.

Cau 289. [2H2-1] Goi I, h, R lan lwot 14 d6 dai duong sinh, chiéu cao va ban kinh day cta mot hinh
non. Bang thirc nao sau day luon dung?

A. I =hR. B.izziz+i2. C. 1 =h*+R%. D. R*=h*+1%.
1> h* R

Cau 290. [2H2-2] Cho hinh chép S.ABC c6 day ABC la tam giac vudng can, canh huyén AB =2a.
Canh bén SA vudng goc véi mit day (ABC). Géc gitra (SBC) va mit day (ABC) bang 60°.
Dién tich mat cau ngoai tiép hinh chép S.ABC la
A. 5ra®. B. za’. C. 10za?. D. 127a?.

Cau 291. [2H2-2] Cho hinh chép déu S.ABCD c6 canh day bang 2a va canh bén tao véi day goc 45°.
Khi d6 ban kinh mat cau ngoai tiép hinh chop d6 1a
A. a. B. 2a. C. av2. D. a3.

Cau 292. [2H2-2] Mét hinh non tron xoay c6 do dai duong sinh | =2a, d6 dai duong cao h=a. Goi S
la dién tich thiét dién caa hinh nén cat bai mat phang di qua dinh cua hinh nén. Gia tri I6n nhat
cua S bang
A. 2a. B. a%/3. C. 2a%/3. D. 4a?.

Cau 293. [2H2-2] Cho hinh chdp ti gidc déu S.ABCD c6 canh day va canh bén déu bang 2a. Dién tich
ctia mat cau ngoai tiép hinh chép S.ABCD bing

16

A. 4ra’. B. Eﬂ'a C. 8rza’. D. 2ra’.

Cau 294. [2H2-2] Cho chép tam gidc SABC c6 SA L(ABC), tam giac ABC vudng can tai A va
SA=2a, AB =a.Khido6 ban kinh cua mat cau ngoai tiép SABC la

_ave

2

_adr

A R=2V3 B. R
2 2

c. R=a D. R
2

Cau 295. [2H2-2] Cat hinh tru tron xoay (T) béi mot mét phang qua truc cia (T) ta dugc thiét dién la
mot hinh vudng c6 canh bing 2a. Thé tich cia khoi tru (T) la
2ra’

A.V =2ra’. B.V =4ra’. C.V= 3 D.V =ra’.

Cau 296. [2H1-2] Cho hinh chép S.ABCD c¢6 day la hinh vudng canh a, SA vudng goc voi mat phang
(ABCD), canh SC tao véi ddy mot géc 60°. The tich khoi chép S.ABCD bing
3 3 3 3
A 36 g &6 c a6, p, &6,
6 12 3 2
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Céau 297.

Céau 298.

Cau 299.

Céau 300.

Céau 301.

Céau 302.

Céau 303.

Céau 304.

Céau 305.

Céau 306.

[2H2-2] Cat mat xung quanh caa mot hinh ndn tron xoay (N) doc theo mot duong sinh roi trai
ra trén mat phang ta duwoc mot nira hinh tron c6 ban kinh R . Chiéu cao ctia hinh nén (N) 1a

R _RV3

A.hz? B. h=R+/3. C. h > D. h=R.

[2H2-2] Cho hinh chop tron xoay (N) c6 chiéu cao 3cm va ban kinh duong tron day 1a 4 cm.
Thé tich ciia khéi non tron (N) bang
A. 12z (cm?). B. 167 (cm?). C. 36z (cm’) D. 487 (cm’).
[2H2-2] Cho hinh try tron xoay (T) c6 chu vi ciia duong tron ddy bang 4za va chiéu cao
h=a. Dién tich xung quanh cua hinh tru (T) bang
A. %naz. B. 4ra’. C. 3ra’. D. 2za’®.
[2H2-3] Cho ta dién ABCD. Goi M, N, E, F lan luot I trong tm cua céc tam giac BCD,
ACD, ABD, ABC. Goi R, r lan luot I ban kinh mit cau ngoai tiép tir dien ABCD va ti
dien MNEF. Ti s6 R

r

A 2. B. 3. C. 4 D.

N | W

[2H2-2] Hinh hop chir nhat ABCD.A'B'C'D’ ¢ dién tich cac mat ABCD, ADD'A’, CDD'C’
lan Iuot 2 15cm?, 20cm?, 12cm?. Thé tich mat cau ngoai tiép khdi hop do 1a
A 25077. B 25077. C 1257 D 12577.
32 3V3 32 242
[2H2-2] Mot mt cau (S) tam O, ban kinh 13cm. Ba diém A, B, C thudc (S) sao cho
AB=6cm, BC=8cm va AC =10cm. Khi d6 khodng cach tir O dén (ABC) bang
A. 9(cm). B.10(cm). C. 8(cm) D. 12(cm).
[2H2-2] M6t hinh tryu c6 thiét dién qua truc 1a hinh vudng c6 dién tich 100cm? . Khi d6 thé tich

cua khéi tru @6 1a
A. 1507T(Cm3). B. 1oon(cm2). C. 250n(cm3). D. 5oon(cm3).

[2H2-2] Cho hinh tru c6 ban kinh d4y bang a, chiéu cao bang 2a. Mat phing (P) song song
véi truc caa hinh try, cat hinh try theo thiét dién 1a mot hinh chix nhat. Goi O la tm cua duong
tron day. Tinh dién tich cua thiét dién d6, biét khoang cach tir O dén (P) bang %

A. 3J2a?. B. 3v/3a’. C. 24/2a? D. 2:/3a%.

[2H2-2] Cho tam gidc ABC déu canh 2a. Goi H la trung diem cua BC . Cho tam gidc ABC
quay xung quanh truc AH ta duwgc mét hinh ndn c6 dién tich xung quanh bang
A. 2za’. B. 3za’. C. ra’. D. 4ra’.
[2H2-2] Cho hinh chép déu S.ABCD c6 canh day a+/2, goc giita canh bén va mit day bing
45° . Tinh thé tich khdi nén ngoai tiép hinh chop S.ABCD .
3 3 3

N B. 72 c, 4ra D. za’

3 3 3
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Céau 307.

Céau 308.

Céau 309.

Céau 310.

Céau 311.

Céau 312.

Céau 313.

Céau 314.

[2H2-2] Thiét dién qua truc cua mot hinh ndn Ia tam giac vudng can c6 canh goc vudng bang
2 . Khi d6 dién tich toan phan cua hinh nén bang

A. ﬁﬂ(z—ﬁ). B. ﬂ(ﬁ+2). C. ﬁn(ﬁm). D. 2ﬂ(ﬁ+2).
[2H2-2] Cho hinh nén dinh S, d4y 1a duong tron thm O, ban kinh bang a. Hai diém A, B
thudc duong tron (O) sao cho AB =a. Tinh dién tich tam gi4c SAB biét SO :%.

2 2 2
A al. B. 2. c. 3 p. 2.

3 2 2
[2H2-2] Trong khdng gian, cho tam giac ABC vudng tai A, AB=a va AC =ay3. Tinh do
dai duong sinh | caa hinh nén, nhan dugc khi quay tam gidc ABC xung quanh truc AB .

A l=a. B.1=+2a. C.l1=+/3a. D.l=2a.

[2H2-2] Tir mot tim ton hinh chix nhat kich thuéc 50 cm x 240 cm, ngudi ta 1am cac thing
dung nudce hinh tru ¢d chiéu cao bang 50 cm , theo hai cach sau (xem hinh minh hoa duéi day):

[ Céch 1: GO tam ton ban dau thanh mat xung quanh cua thing.

[ Cach 2: Cit ton ban dau thanh hai tam bang nhau, roi gd mdi tim d6 thanh mat xung quanh
cua mot thang.

Ki hiéu V, 1a thé tich cua thung go duogc theo cach 1 va V, Ia téng thé tich caa hai thung go

duoc theo cach 1. Tinh ti sb Vi
2

C —
o

—_— ] -«

AL B. g c Yo
vV, 2 v, v, v,
[2H2-2] Trong khong gian, cho hinh chit nhat ABCD ¢ AB=1 va AD=2. Goi lan luot

M,N 1a trung diém caa AD va BC. Quay hinh chir nhat d6 xung quanh truc MN , ta duoc
mot hinh try. Tinh dién tich toan phan S, cua hinh try do.

A. S, =4r. B.S,=2x. C. S,=6r. D. S, =107 .

[2H2-2] Cho khéi nén (N) c6 ban kinh déy bang 3 va dién tich xung quanh bang 15z . Tinh
thé tich v cua khéinon (N).

A.V =12r. B.V=20r. C.V =36r. D.V =60r.

[2H2-2] Cho ta dién ABCD c6 tam giac BCD vubdng tai C, AB J_(BCD), AB =5a,
BC =3a va CD =4a. Tinh ban kinh R cua mit cau ngoai tiép tir dién ABCD.
A RoBV2 5. R=53Y3 c Ro52 D, R= 588

3 3 2 2
[2H2-2] Cho khéi chép S.ABCD co déy 1a hinh chi nhat véi AB =3a, BC =4a, SA=12a va
SA_L(ABCD). Tinh ban kinh R cua mat cau ngoai tiép hinh chép S.ABCD .
A.st—a. B.R::L?—a. C.R:B—a. D. R=6a.

2 2 2
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Céau 315.

Céau 316.

Céau 317.

Céau 318.

Céau 319.

Céau 320.

Céau 321.

Céau 322.

[2H2-3] Khi nha sin xuét vo lon sira bo hinh try, céc nha thiét ké luon dit muc tiéu sao cho chi
phi nguyén liéu Iam vo lon Ia it nhat, tac 1a dién tich toan phan cua hinh try 1a nho nhat. Muon
thé tich khoi try d6 bang V va dién tich toan phan cua hinh tru nho nhat thi ban kinh day bang

A. ‘3/1. B.i/i. C. i D. \i
2r T 2 T

[2H2-3] Cho hinh chép déu S.ABC. Goi (N,), (N,) lan luot 1a hai hinh nén ¢6 dinh S va
dudng tron day 1a dudng tron ngoai tiép, duong tron noi tiép tam giac ABC. Goi (V,), (V,) 1a
thé tich hai khéinon (N,), (N,). Tisd \% bing
2

A. 4. B. 2. C. 8. D. 3.
[2H2-3] Cho mit cau (S) duong kinh AB=2R. Mot mat phang (P) di dong nhung luén
vubng goc véi AB va cit mit cau (S) theo mot duong tron. Hinh non tron xoay (N) c6 dinh
A va day la thiét dién tao boi mp(P) véi mét cau (S). The tich khdi nn cua hinh non (N)
c6 gia tri 16n nhat bang

32 34

33 17

A. ==7zR3. B. —zR®. C. =zR®. D. =—xzR®.
81 69 78 36

[2H2-3] Cho lang try tam gidc déu ABC.A'B'C’ ¢ do dai canh day bang a va chiéu cao bang
h. Tinh thé tich V cua khoi tru ngoai tiép lang tru da cho.

2 2
A mah g, Zah C. 3za’h. D. za’h.

9 3
[2H2-3] Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB=a, AD=2a, AA'=2a. Tinh ban
kinh R ctia mat cau ngoai tiép ta dien ABB'C'.
A. R=3a. B.Rzg—a. C.st—a. D. R=2a.

4 2

[2H2-3] M0t cai lan son nudc ¢6 dang hinh tru. Duong y
kinh cia duong tron day 1a 5cm, chiéu dai lin 1a 23cm
(hinh dudi). Sau khi ldn tron 15 vong thi lan tao nén hinh 1;
phang c6 dién tich S. Tinh giatricua S . RIS
A. 17357z (cm?). B. 34507 (cm?).
C. 862,57 (cm’). D. 17257 (cm?).
[2H2-3] Trong tat ca cac hinh chop tir giac déu noi tiép mat cau co ban kinh bang 9, tinh thé

tich V caa khéi chop c6 thé tich I6n nhat:
AV =144, B.V =576. C.V =576/3. D.V =1446 .

[2H2-4] Cho hai hinh vubng cung c6 canh bang 5 duoc xép
chdng 1én nhau sao cho dinh X caa mat hinh vudng la tam cua X
hinh vudng con lai (nhu hinh vé bén). Tinh thé tich V cua vat
thé tron xoay khi quay md hinh trén xung quanh tryc XY .

125(1+J§)n 125(5+2J§)n
AV=_—V )7 B.V = .
6 12 Y
125(5+4J§)n 125(2+\/§)n
C.V= . DV "7
24 4
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Cau 323. [2H2-4] Cat bo hinh quat tron OAB - hinh phing
cO nét gach trong hinh, tr mét manh cac-téng o A
hinh tron ban kinh R va dan lai v&i nhau dé dugc
mot cai phéu c6 dang caa mot hinh nén (phan
mép dan coi nhu khong dang ké). Goi x la goc &
tam cua quat tron dung lam phéu, 0<x<2r.

Tim x dé hinh nén ¢6 thé tich Ion nhét. O A B
A.x:¥ﬂ. B.x:¥ﬂ. C.x:z?ﬂ. D. x=nx

Cau 324. [2H2-4] Tir mdt khac gb tron hinh tru, duong kinh bing 8v2
can xé thanh mot chiéc xa co tiét dién ngang Ia hinh vudng va
4 miéng phu kich thuéc x, y nhu hinh v&. Hay xac dinh x
dé dién tich sir dung theo tiét dién ngang la I6n nhat?

A. x=+41-3. B. x=1.
C. x=+17-3. D. x=+41-3.

Cau 325. [2H2-4] Cho hai mat phang (P) va (Q) song song véi nhau va ct mot mat cau tim O ban
Kinh R tao thanh hai dudng tron cd cung ban kinh. Xét hinh nén c6 dinh trung véi tdm caa mot
trong hai duong tron va day trung véi duong tron con lai. Tinh khoang cach giira (P) va (Q)
dé dién tich xung quanh hinh nén do 1a 16n nhat:

5 2RV3.

A R. B. RV2. C. 2R/3. 3

Cau 326. [2H2-4] Cho mjt cau (S) c6 ban kinh r khong doi. Goi S.ABCD Ia hinh chop déu c6 chiéu
cao h, nhan (S) 1am mat cau noi tiép. Xac dinh h theo r dé thé tich khéi chop S.ABCD dat
gié tri nho nhat.

A. h=3r. B. h=4r. C.h=2r. D. h=2r+/3.

Cau 327. [2H2-4] Mot coc dyng nuéc hinh non dinh S, day tim O ban kinh R(cm), chiéu cao
SO =3(cm), trong coc nude dd chira mot lwong nuéc co chidu cao a=1(cm) so véi dinh S .
Nguoi ta bo vao coc mot vién bi hinh cau thi nuéc dang 1én vira phu kin vién bi va khong tran
nudc ra ngoai, vién bi tiép xtc véi mat xung quanh cua hinh nén. Hay tinh ban kinh cia vién bi
theo R.

3R

A.

3)(R++/R?+9 3—36R.
e o S
. R+\/R2—+9.
R w
) i/(RMT)S—seR' ‘ h
. i/(R+\/R27+9)3—36R.
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Céau 328.

Cau 329.

Céau 330.

[2H2-4] Khi cat mit cau S (O, R) bdi mot mat kinh, ta duoc hai nira mat cau va hinh tron lon
cuia mat kinh d6 goi 1a mat day caa mdi nira mat cau. Mot hinh tru goi la noi tiép nira mat cau
S(O, R) néu mot déy cua hinh tru ndm trong ddy cua nira mt cau, con duong tron day kia 1a
giao tuyén caa hinh try véi nira mat cau. Biét R =1, tinh ban kinh day r va chiéu cao h cua
hinh try noi tiép nira mét cau S (O, R) dé khdi tru co thé tich I6n nhat.

A. rzﬁ, h:ﬁ. B. r:ﬁ, hzﬁ. C. r:ﬁ, hzﬁ. D. rzﬁ, h:ﬁ.
2 2 2 2 3 3 3 3
[2H2-4] Mot khdi gd c6 hinh tru véi ban kinh day bang 6 va

chiéu cao bang 8. Trén mot duong tron day nao do ta lay hai
diém A, B sao cho cung AB c6 s6 do 120°. Nguoi ta cat khuc

g0 boi mot mat phang diqua A, B vatam cua hinh tru (tdm cua

hinh tru 1a trung diém cua doan ndi tam hai ddy) dé duogc thiét A
dién nhu hinh v&. Biét dién tich S cua thiét dién thu duoc co

dang S=an+b+/3. Tinh P=a+b. B
A. P=60. B. P=30. C. P=50. D. P=45.
[2H2-4] CO6 tam bia hinh tam giac A

vudng can ABC c6 canh huyén BC
biang a.Ngudi ta muon cit tam bia dé -
thanh hinh chit nhat MNPQ rdi cuon }(M.. NN

lai thanh mot hinh tru khéng day nhu
hinh v&. Dién tich hinh chir nhat do6
bang bao nhiéu dé dién tich xung

quanh caa hinh tru [a 16n nhat? B c
2 2 2 2
AL B.2 . c.& D. &
2 4 12 8

PHAN 5. BAl TOAN THUC TE

Céau 331.

Céau 332.

Céau 333.

Cau 334.

[2D1-3] Trong tat ca cac hinh chir nhat c6 cung dién tich S thi hinh chir nhat c6 chu vi nho
nhat bang bao nhiéu?

A. 24S. B. 44/S . C. 2S. D. 4S.

[1D5-2] Mot vat roi tu do v6i phuong trinh chuyén dong S :%gtz, trong d6 g =9,8 (m/s*)va
t tinh bang gidy (s). Van toc tai thoi diem t =5 (s) la

A. 49(mis). B. 25(mis). C. 10(mis). D. 18(mis).

[2D1-3] D¢ giam huyét ap cua mot bénh nhan duoc do bsi cong thic G (x)=0,025x* (30-X),

trong d6 x(mg) va x>0 la liéu lwong thudc can tiém cho bénh nhan. Dé huyét ap giam nhiéu
nhat thi can tiém cho bénh nhan mét liéu luong bang
A. 15(mg). B. 30(mg). C. 40(mg). D. 20(mg).

[2D2-4] Ong A vay ngan han ngan hang 100 tri¢u dong, véi I suat 12% / nam . Ong mudn hoan no
cho ngan hang theo cach: Sau dung 1 thang ké tir ngay vay, 6ng bét dau hoan no; hai lan hoan no lién
tiép cach nhau dung 1 thang, s6 tién hoan ng mdi lan 13 nhu nhau va tra hét no sau dung 3 thang ké
tir ngay vay. Hoi theo cach do, sd tién m (triéu dong) ma éng A phai tra cho ngan hang mdi lan hoan
no la bao nhiéu? Biét rang I4i suat ngan hang khong thay doi trong thoi gian 6ng A hoan no.
3 3 3
_100(1,01) — (1,01) c mo100.1,01 D me 120(1,12)

3 o@or-r 3  (L12)-1
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Céau 335.

Céau 336.

Céau 337.

Céau 338.

Céau 339.

Cau 340.

[2D2-4] Ong B gui tiét kiém so tién 50 triéu voi ky han 6 thang va tai khoan dinh ky tinh I4i
kép Vvéi 13i suit 6,0% /nam. Gia str 13i suat khong thay doi. Hoi sau 3 ndm s tién 6ng B nhan
Vvé Xap xi gia tri nao?

A. 59.702.614,9. B. 59.702.614,6.
C. 59.702.614,8. D. 59.702.614,7 .
[2D2-2] Thang do Richte dugc Charles Francis dé xuat va sir dung lan dau tién vao nam 1935

dé sap xép cac sb do do chan dong cua cac con dong dat voi don vi Richte. Cong thirc tinh do
chin dong nhu sau: M, =log A—log A, M, la d6 chin dong, A la bién d¢ t6i da duoc do
bing dia chan ké va A, 1a bién do chuan. Hoi theo thang do Richte, cling véi mot bién do
chuan thi bién do téi da cia mot chan dong dat 7 do Richte s& I6n gap may lan bién do tdi da
ciia mot tran dong dat 5 do Richte?

5

A. 2. B. 20. C. 100. D. 107.

[2D2-2] Dan s thé gisi dugc woc tinh theo cong thic S = Ae™" trong d6 A 1a dan s6 ctia nim
lday moc tinh, S 1a dan s sau N nim, r 1a ty I¢ ting dan s6 hang nim. Cho biét nim 2001,
dan s6 Viét Nam cd khoang 78.685.000 nguoi va ty Ié ting dan sb hing nim 1a 1,7% mot
nam. Nhu vay, néu ti I¢ ting dan s6 hing nim khong doi thi dén nim nao dan sé nudc ta & mic
khoang 120 triéu nguoi?

A. 2020. B. 2026. C. 2022. D. 2024.

[2D2-2] S6 lwong cua loai vi khuan A trong mot phong thi nghiém duoc tinh theo cong thirc
s(t)=5(0).2", trong d6 s(0) la s6 lwong vi khuan A luc ban dau, s(t) Ia s6 lugng vi khuan A
c6 sau t phut. Biét sau 3 phut thi sé lwong vi khuan A 13 625 nghin con. Hoi sau bao 1au, ké tir
lac ban dau, sé luong vi khuan A 1a 10 triéu con?

A. 48 phit. B. 19 phit.
C. 7 phat. D. 12 phit.
[2D2-2] Mot nguoi giri ngan hang 100 triéu dong theo hinh thic 14i kép, i suat 0,5% mot

thang (ké tir thang thir 2, tién I4i duoc tinh theo phan tram tong tién c6 duoc ciia thang trudc
d6 va tién li caa thang sau d6). Hoi sau it nhat bao nhiéu thang, ngudi d6 ¢6 nhiéu hon 125
triéu dong?

A. 47 thang. B. 46 thang.
C. 45 thang. D. 44 thang.
[2D1-3] Ong Nam géi 100 triéu dong vao ngan hang theo thé thuc 1ai kép ki han 1 nim véi lai

suat 1a 12% mot nim. Sau n nam 6ng Nam rit toan b s tién (ca von 1an 1ai). Tim sb nguyén
duong n nho nhat dé sé tién I4i nhan dugc 16n hon 40 trigu dong (gia st l4i suat hang nam
khong thay doi).

A 4 B.5. C. 2. D. 3.
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BANG DAP AN

N
N
w
N
(&)
o
]
o

9 |10 |11 |12 |13 |14 |15 |16 |17 |18 | 19 | 20
c/ bjlc/ A/ B|B|]AIB|C|B|A|A|D B|]C|A|BJ|A
21 | 22 |23 |24 | 25|26 |27 |28 |29 |30 |31 |32 |33 |34 |35]|36 |37 |38 |39 |40
BIA/IC| B/ DIC/IA|AB|]C|B|A|B|/D|C|D|A|C|D|D
41 | 42 | 43 | 44 | 45 | 46 | 47 | 48 | 49 | 50 | 51 | 52 | 53 | 54 | 55 | 56 | 57 | 58 | 59 | 60
c,eB|B|C|{A B|D/ B|BIA|]A DIB|DICIA|BJA|JA|A
61 | 62 | 63 |64 |65 |66 | 67 |68 |69 |70 | 71 | 72 | 73 |74 |75 |76 |77 |78 |79 | 80
A/D)D|B|B|D| B|C|B|D/A|C|D|/D|D|B|A|D]JA|C
81 |82 |83 |84 |8 |8 |87 |88 |8 |9 | 91|92 |93 |94 |9 |9 |97 |98 |99 |100
o/ blAIA D B|B|A|B|A| D B|D/B|C|A|C|C|D|B
101 | 102 | 103 | 104 | 105 | 106 | 107 | 108 | 109 | 110 | 111 | 112 | 113 | 114 | 115|116 | 117 | 118 | 119 | 120
bl A/IDAJA|/B|C|]A|lC|B|BITA|]C|A|B|A|B|DJA|A
1211122 | 123 | 124 | 125 | 126 | 127 | 128 | 129 | 130 | 131 | 132 | 133 | 134 | 135 | 136 | 137 | 138 | 139 | 140
o, eB|/DAJC/A|D B|B|]C|C|C|D|D|B|C|]C|A|B]|C
141 | 142 | 143 | 144 | 145 | 146 | 147 | 148 | 149 | 150 | 151 | 152 | 153 | 154 | 155 | 156 | 157 | 158 | 159 | 160
B/ D A|]C] C|A|]C|/D D|C|]A|B|]C|D|B|]C|B|D|B|C
161 | 162 | 163 | 164 | 165 | 166 | 167 | 168 | 169 | 170 | 171 | 172 | 173 | 174 | 175 | 176 | 177 | 178 | 179 | 180
o,e|bDD})C|/D|C|B|B|D DIB|]AJ]A|A|A|D|A|B|D
181|182 | 183 | 184 | 185 | 186 | 187 | 188 | 189 | 190 | 191 | 192 | 193 | 194 | 195 | 196 | 197 | 198 | 199 | 200
A/B|A|B|/DI D B|A|ID A|JC|A|]C|C|D|D|D|Dj|C|C
201 | 202 | 203 | 204 | 205 | 206 | 207 | 208 | 209 | 210 | 211 | 212 | 213 | 214 | 215 | 216 | 217 | 218 | 219 | 220
c,¢c;,pypyp)B|lA|D]C C| DI AJA|B|/DIC|A|A|B|B
221|222 | 223 | 224 | 225 | 226 | 227 | 228 | 229 | 230 | 231 | 232 | 233 | 234 | 235 | 236 | 237 | 238 | 239 | 240
B A B|D A\ID/IA/D/ D) B|]C|A D/ B|D|B|C|A|A|B
241 | 242 | 243 | 244 | 245 | 246 | 247 | 248 | 249 | 250 | 251 | 252 | 253 | 254 | 255 | 256 | 257 | 258 | 259 | 260
AlA|C/ A/DlC) D/ DIA/DIA|DIA|/D|IAD|D|B|JA|D
261 | 262 | 263 | 264 | 265 | 266 | 267 | 268 | 269 | 270 | 271 | 272 | 273 | 274 | 275 | 276 | 277 | 278 | 279 | 280
c/ pjc/B|A DDA} B|C|B|B|A|B|A|D|]C|C|D)|D
281 | 282 | 283 | 284 | 285 | 286 | 287 | 288 | 289 | 290 | 291 | 292 | 293 | 294 | 295 | 296 | 297 | 298 | 299 | 300
B I C/TA|C/A|D/Bj]C|]C|]C|]CIA|]C|B|A|]C|C|B|B|B
301 | 302 | 303 | 304 | 305 | 306 | 307 | 308 | 309 | 310 | 311 | 312 | 313 | 314 | 315 | 316 | 317 | 318 | 319 | 320
A/D|lC| D/IA|B|]C/ DD DI B|TAJ]C|C]|A]A|A|B|C|D
321|322 | 323 | 324 | 325 | 326 | 327 | 328 | 329 | 330 | 331 | 332 | 333 | 334 | 335 | 336 | 337 | 338 | 339 | 340
B, ¢, B|C/ DlB|]C|C, C D/ B|]A|DlB|jC|]C|B|C|C|D
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PE CUONG ON TAP THI HQC KI |
NAM HQC 2018 - 2019
MON TOAN 12

PHAN 1. UNG DUNG PAO HAM PE KHAO SAT VA VE PO THI HAM SO

Caul. [2D1-1] Hamsé y=x®-2x%+1 c6 bao nhiéu diém cyc tri?

A. 1. B. 2. C. 3. D. 4.
Loi giai
Chon B.
y=x"-2x"+1. TXD: D=R.
x> =0 x=0
'=5x"—6x* =0 .
y' =5x" —6X =S X2:§<:> x:iﬁ
5 \5
Tathiy x=0 la nghiém kép, x:iﬁ la hai nghi¢m don.
5
J6

Do d6, ham s6 ¢6 2 diém cuc tri tai x = iﬁ.

Cau 2. [2D1-1] Ham s6 nao sau ddy c6 cuc tri?

X—2 —X+2 X—2 X2 +2x-1
===, B.y= . C.y= : D y="-—" <
X+ 2 Y 2 i —X° =2 y X+ 2
Lai giai
N z ax+b n . ~ . , , . , R z
Ham so dang y = r ludn don digu trén tirng khoang xac dinh cia ham so
CX+
= Loaidap an A va B.
X—2 , —5x*+8x-2 4+/6

Xét ham sb:y = =0 < -5x*+8x-2=0 X=——

2 Y (_Xz _2)2

. -2 L )
= Hamso y=—; > c6 2 diém cuc tri.
—X

Cau 3. [2D1-1] Cho hamsé y=3x*-4x*. Khang dinh nao sau day 1a PUNG?

A. Ham s6 dong bién trén (—;0). B. Ham s6 nghich bién trén (0;1).
C. A(L-1) 1a diém cyc tiéu cua ham so. D. Ham s6 ¢ 2 diém cuc tri.
Loi giai

y=3x"-4x>. TXD: D=R.

y'=12x°-12x* =0 c{
x=1

BBT:
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Céau 4.

Cau 5.

X |-o0 0 + o
y - 0 - 0 +
y

-1

Dua vao BBT ta c6: dd thi ham sb c6 diém cuc tiéu Ia A(l; —1) .

[2D1-1] Cho ham sb y = x Jri1 . Phét biéu ndo sau day 1a DPUNG?
X+

A. Ham s6 nghich bién trén (-3;1).
B. Ham s6 khéng c6 cyc tri.
C. Ham sb dong bién trén ting khoang (—oo;—1) va (-1 +0).
D. Ham sb dong bién trén timg khoang (—oo;—3) va (L+w).
Loi giai
Chon D.
TXD: D=R\{-1}.
4 (x+1)2—4 {x:—i%
= —=0< .
(x+1) (x+1)
Bang bién thién:

!

y=1-

X —0 -3 -1 1 +00
y' + 0 - - 0 +
+00 +00
y -5
—00 —00
Dua vao BBT suy ra ham s6 dong bién trén tung khoang (—o0;-3) va (L +x).
[2D1-1] Ham sb nao sau day dong bién trén R :
A y=xt+2x*-1. B.y=x*+3x"-3x. C.y=sinx+3x-3. D.y :2—X1.
X+
Loi giai
Chon C.
ax+b

Céc ham s dang y=ax* +bx?+c va y = khong dong bién trén R .

cx+d

= Loai A, C.

Xét ham s y =sinx+3x-3. TXD: D =R\ {-1}.

y'=c0sx+3>0, YxeR = hamsd y =sinx+3x—3 luon dong bién trén R .
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2 - A}
Cau6. [2D1-1] GTLN ciahamsé y =X T2X*2 e, [71 2} bing

X+1
A.E. B. 2. C. 2. D.E
3 3
Loi gii
Chon A.
2
Taco y:w:x+l+iz>y’:l— ! =
X+1 X+1 (x+1)
X=-2
Cho y'=0 <:{
x=0
Bang bién thién:
1
t — 0 2
2
y' - 0 +
10

Dua vao bang bién thién suy ra GTLN cua ham sé bang %

yg\ /3

. T XC+X+2 e e
Cau7. [2D1-1] D6 thiham so y = ————— c6 bao nhiéu duong tiém can?
X°—3x+2
A. 2. B. 3. C. 4. D.O.
Léi gii

Chon B.
Ap dung dinh nghia vé duong tiém can, ta tinh cac giéi han:
X X4+2
lim ————=1 nén do thi ham so c6 tiém can ngang y =1.
x>40 X© —3X +2
XA+ X+2 O XPHX+2
|Im2+—+:+oo, ||m2+—+:—oo nén do thi ham so6 c6 tiém can ding x = 2.
x>2" X* —3X+2 x>2" X° —3X+2
XPX+2 XPx+2 U O
lim ————=+00, lim—————=—0 nén do thi ham so c6 tiém can dirng x =1.
x>1 X° —3X+2 x-1" X —3X+2

Vay d6 thi ham s6 c6 3 duong tiém can.

Cau8. [2D1-1] Biét do thi (C):y= Zx_i c6 hai duong tiém can cat nhau tai 1(-12). Khi d6 ti s
X+

a . -
— ban
5 Pang
AL B. 2. C. -2.

2

Loi gidi

Chon B.
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Céau 9.

Cau 10.

Cau 11.

Ta c6 ham sé phan thac bac nhat trén c6 tiém can ngang 1a y = %, ma theo gia thiét, tir toa do
giao diém hai duong tiem can I3 1(~12) néntacé y = % =2,

. . X 11 . ‘.
[2D1-1] Trén db thi ham s y = TX+  +3x~=, cap diém ndo i xitng nhau qua truc Oy ?

A. (3;%) ,(—3;%) . B. (3;-3),(-3;-3).
C. (3:3),(-33). D. (3;_?16],(—3;_?16)

Loi gidi
Chon A.

Pé cac diém d6i xirng nhau qua truc Oy thi hoanh do cua chung di nhau, tung d6 cua chlng
bang nhau.

Thay cac gia tri x =3 va x = -3 vao ham s dé tim tung do caa diém nam trén do thi, ta thiy
. 1 1 ~
cap diém (3;;) ,(—3;36] thoa mén.

[2D1-1] Cho hamso y = f () c6 bang bién thién nhu hinh v&. Khang dinh nao duéi ddy ding?

X | —o 1 2 +00

y' + | — 0 +

/3\ +00

A. Ham sb dong bién trén (—oo;3).

B. B thi ham s ¢6 hai diém cyc tri.
C. buong thang x =1 1a tiém can dung cta do thi ham sé.
D. mRaxyzs; ngny:O.
Lai gidi
Chon B.
D0 thi ham s6 trén ¢ hai diém cuc tri 1a (1;,3),(2;0). Do d6, ménh dé B ding.

Trén khoang (—o0;3) ham so vira dong bién vira nghich bién nén ménh dé A sai.

Puong thang x =1 khéng la tiém can dirng ciia d6 thi ham s6, do lim y = lim y =3. Do do,
x—1"

x—1"
ménh dé C sai.
Gia trj cyc dai cua ham sb 1a 3 va gia tri cuc tiéu cua ham s6 1a 0. Pay khong twong tng 14 gia
tri I6n nhat va nho nhat caa ham sé. Do d6 ménh dé D sai.

[2D1-1] Ham s6 nao c6 do thi nhu hinh dudi day
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A. y:—%x4+2x2—3 B.y=-x"+2x*-3. C.y=x'-2x*-3. D. y:%x“—xz—B.

Lai gidi
Chon C.
Tir d6 thi ham sb ta thdy ngay day 1a ham sb bac 4 c6 hé sé cua x* 13 s6 duong nén loai hai
dap an A. va B.

Mt khac, ham s6 dat cuc tri tai x=+1 va f (+1)=—4 nén loai dap 4n D.

Cau 12. [2D1-1] Gia tri cuc tiéu cua ham sé y =—x* +2x* +3 bang
A. 0. B. 3. C. 4. D. -1.
Loi gidi
Chon B.
Tap xac dinh: D=R..

X
y’:—4x3+4x:—4x(x2—1); y’:0<:{
Bang bién thién:

X —0 -1 0 1 +00
y' + 0 - 0 + 0 -

NG T N

Ttr bang bién thién ta thay gia tri cuc tiéu cua ham s 1a 3.

Cau 13. [2D1-1] Chohamsé y = 3% . Khang dinh nao sau day dang?
A. D6 thi ham s c6 hai tiém can.
B. Puong thang x =g la tiém can ngang caa d6 thi ham sé.
C. Ham sb ddng bién trén R\{%}.
D. D6 thi ham sb cét truc hoanh tai diém (0;2] .
Loi gidi
Chon A.
Db thi ham sb c6 hai tiém can 1a hai duong thang x = g; y=0.

. K s aX bl A £
B sai vi X:E la tiém can dung caa do thi ham so.

C sai vi ham s6 dong bién trén mdi khoang (—oo;g]; (%;+ooj.
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D sai vi diém (o;%} 14 giao diém ciia do thi ham sé va tryc tung.

Cau 14. [2D1-1] Ham sb nao sau day ludn dong bién trén R

A y=xX-x*+x-3. B.y=+x+1. C.y=x+x*-5x+3.D. y= x-1
2x+1
Loi gidi
Dép 4n A dang vi y' =3x*-2x+1>0,vxeR.
. 1
bap an B saivi y' = >0,VXxe(-1+o0).
P 24Ux+1 ( )
7 r c N [ 2 [ X<——
PapanCsaivi ¥y =3x"+2x-5y' >0 2.
x>1
L C s, 3 1
bapanDsaivl y'=——>0,VX#——.
(2x+1) 2
Cau 15. [2D1-1] Cho hamso y = f(x) x4c dinh va lién truc trén R c6 bang bién thién.
X | —o0 -2 2 +00
y' - 0 + 0 +
>
y T~
A. Ham sb dong bién trén (-2;2)U(2;+0).  B. Ham s dong bién trén R.
C. Ham s6 nghich bién trén R . D. Ham sé nghich bién trén (—o0;-2).
Loi giai
Cau 16. [2D1-1] Chohamso y = f (x) c6 bang bién thién nhu sau
X | —o0 -1 2 +00

’

y + 0 - 0 +

y
Ménh dé nao dudi ddy ding?
A. Ham sb c6 bén diém cuc tri. B. Ham sé dat cuc tiéu tai x=2.
C. Ham s6 khdng c6 cuc dai. D. Ham s6 dat cuc tiéu tai x = -5.
Loi giai
Cau 17. [2D1-1] Biém cuyc tiéu cia do thiham sd y = x* —=5x* +7x-3 la
7 32
A. (30). B. (0;1). C. (Z—ﬁj D. (—3—]
3 27 3 27
Loi giai
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X =

Tacod y'=3x*-10x+7.Cho y'=0<
X =

wl~N

Theo tinh chéat dau cua tam thac bac hai y' s& doi dau tir (—) sang (+)khi di qua gié tri x = %

Vay ham sb dat cuc tiéu tai x :% VA Yo = —%.

Cau 18. [2D1-1] Cho hamsé vy :%x“ —2x% +1. Ham s co:

A. Mbt cuc dai va hai cuc tiéu. B. Mét cuc tiéu va hai cuc dai.
C. Mbt cuc dai va khdng cé cuc tiéu. D. Mot cuc tiéu va mot cuc dai.
Loi giai
Chon A.
x=0
Taco y'=x"—4x=x(x"-4).Cho y'=0< | x=-2.
X=2
X |—o0 -2 0 2 +00
Y| - 0 + 0 -0 +
y oo 1 > +00

Ham sb c6 mot cuc dai va hai cuc tiéu.

Cau 19. [2D1-1] Hamsé y= 2X+3 4 bao nhiéu diém cuc tri?

x+1
A. 3. B.0. C. 2. D. 1.
Loi giai
Chon B.
Tacod y'=— ! =<0, ‘v’Xe(—oo;—l)u(—l;+oo).
(x+1)

Ham sb khong c6 cuc tri.

Cau 20. [2D1-1] Puong cong & hinh bén la do thi cua mot trong bén ham sé dudi day. Ham sb do 1a
ham sb nao?

y
| © X
A y=x-3x+2. B. y=x*-x"+1. C.y=x"+x"+1. D. y=—x*+3x+2.
Lo giai

Chon A.
Can ct hinh dang do thi ta ¢ ham sb bac ba véi hé s a>0.
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ax+b

Cau 21. [2D1-1] Puong cong ¢ hinh bén 1a db thi cua ham s y= v6i a, b, ¢, d la cac sb

cx+d
thuc. Ménh dé nao dudi day dang?
y
2 \3 X
O|-1 SN——
3
2
A.y' <0, vx=1. B.y' <0, Vx=2. C.y'>0, Vx=2. D. y'>0, ¥x=1.
Loi giai

Chon B.
Ham so giam trén (—o0;2) va (2;+00) nén y'<0, Vx#2.

Cau 22. [2D1-1] Puong cong & hinh bén la do thi cua mdt trong bén ham sé dudi day. Ham sb do 1a
ham sb nao?
y

N,
[l

A y=x>-3x"+3. B.y=-x"+2x>+1. C.y=x*'-2x"+1. D.y=-x>+3x*+1.

Loi gidi
Chon A.
Can ct hinh dang d thi ta ¢ ham sb bac ba véi hé s a>0.

Cau 23. [2D1-1] Cho ham sé y =—x*+2x? ¢ d6 thi nhu hinh bén. Tim tat ca céc gia tri thuc cta tham
s6 m dé phuong trinh —x* +2x* =m ¢6 bbn nghiém thyc phan biét?

|
[N
O
H_____
X

A. m>Q0. B.0<m<1. C.0<m«<1. D. m<1.
Lo giii
Chon C.
S6 nghiém thuc cua phuong trinh —x* +2x* =m chinh 1a sé giao diém cua d thi ham sé
y =—x*+2x% va duong thang y=m.

Dua vao dd thi suy ra —x* +2x* =m c¢6 bdn nghiém thyuc phan biét khi 0 <m<1.
Cau 24. [2D1-1] Cho hamsé y =(x—2)(x* +1) c6 dd thi (C). Ménh dé nao duéi day diing?

A. (C) cat tryc hoanh tai hai diém. B. (C) cat tryc hoanh tai mot diém.
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C. (C) khong cat tryc hoanh. D. (C) cét truc hoanh tai ba diém.
Loi giai

Chon B.

Phuong trinh hoanh d giao diém cia (C) va truc hoanh (x—2)(x* +1) =0 x=2.

Vay (C) cat truc hoanh tai mot diém.

Cau 25. [2D1-2] Gia tri m dé do thi ham s y=x*-2mx*>+2 c6 3 diém cuc tri tao thanh tam giac

vuéng la

A m=-4. B. m=-1. C. m=3. D. m=1.
Loi giai

Chon D.

y=x"-2mx*+2. TXD: D=R.

, _-Hamso c6 3 diém cyc tri khi m>0 (*).

y' =4x* —4mx =0 c{
X =m

Gia sir ham s6 ¢6 3 diém cyc tri lan luot 1a A(0;2), B(—vm;2-m’) va C(Vm;2-m?).
Dé thiy 3 diém cuc tri A, B, C tao thanh tam gi4c can tai A.

Khi do, yéu cu bai todn <> AB L AC < AB.AC =0.

Véi ﬁ:(—\/ﬁ;—mz), TC:(JE;—mz)

m=0 N
=-m+m*=0 <:{ . S0 véi dieu Kién (*) ta dugc m=1.

Cau 26. [2D1-2] D6 thi ham s6 y=x°-3x*+ax+b c6 diém cuc tieu 1a A(2;-2). Khi d6 gia tri

a’—b’ la

A. 0. B. 4. C. 4. D. 2.
Loi giai

Chon C.

y'=3x*-6x+a va y'=6Xx—-6.
y'(2)=0 a=0 a0
Ham s6 c6 diém cuc tieu A(2;-2) <1{y”(2)>0 <16>0 Q{biz'
y(2)=—2 [-4+2a+b=-2 B
Vay a* b’ =-4.

Cau 27. [2D1-2] biéu kién cia m dé ham s6 y =4x®+mx®>—3x cd 2 diém cyc tri x,, X, thod man

X, =—4x, la
A.m:ig. B.m:ig. C. m=0. D.m:ii.
2 2
Loi gidi
Chon A.

y'=12x* +2mx—3 =0 < 12x* +2mx-3=0 (1).

Y&u cau bai toan <> PT (1) c6 hai nghiém phan biét x,, X, thod man x, =—4x,
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A'>0
m®+36>0, VmeR 1
X+ X, = — o XZ:J_rZ
= =<=3X, =—— = :
X, == 6 m=+2
LI P | 2
X, = —4X, > 16

Vay m= J_r% la gia tri can tim.

Cau 28. [2D1-2] biéu kién cua m dé hamsé y :%x3 —mx® +(m? —m+1)x+1 dong bién trén R Ia

A. m<1. B. m>1. C. m<1. D. m<0.
Loi giai

Chon A.

TXD: D=R.

y' =x®=2mx+m?—m+1.

Ham s dong biéntrén R < y' >0, VxeR < X*—2mx+m?-m+1>0, ¥YxeR

a>0
= &m-1<0 e m<l.
A <0

Cau 29. [2D1-2] Khoang nghich bién cia ham sé y = x° —3mx® +3(m’ —1)x—m* +2m? c6 do dai lon

nhit 1a

A. 2m. B. 2. C. 1. D. |m].
Loi giai

Chon B.

TXD: D=R\{-1}.

y'=3x° —6mx+3(m2 —1) =0. A'=9>0 = phuong trinh y'=0 c6 hai nghiém phén biét

X, X, .
Vihé sé a>0 néntaco BBT sau:
X —00 X1 X2 +00
y' + 0 — 0 +
+00
—00
Dua vao BBT suy ra: ham sé ludn nghich bién trén (x;;x, ).
A=[x —%,| = A =(x +%,) —4xx, =4m’ —4(m*~1)=4 = A=2.
Vay max A=2.
~ . X N Z L, , X , \ Z tanx+2 .
Cau 30. [2D1-2] Goi M, m lan luot la gia tri I6n nhat, gia tri nho nhat cua ham s6 y = " > trén
an x —

[o;ﬂ. Pit P = M.m, khi d6 khang dinh nao sau day PUNG?

A. P<O0. B.1<P<2. C.2<P<4. D. P>4.
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Loi giai
Chon C.

Dit t =tanx do XE[O;%} nén t=tanxe[0;1].

Khids y=""2-1+ % oy % o wxeD.
t-2 t-1 (t-2)
Nén M = f (0)=-1va m= f (1)=-3.
Vay P =3.
Cau 31. [2D1-2] C6 bao nhiéu gia tri m dé gia trj lon nhat cua ham s6 y = x*—3x+m-1 trén [0;3]
bang —1?
A. 0. B. 1. C. 2. D. V6 sb.
Loi gidi
Chon B.
4 i 2 i le
Tacd y=3x"-3=y'=0< .
x=-1
Bang bién thién:
X |0 1 3
y' - 0 +
m-1 +17
y \m 3/“

Pé GTLN cua ham sé bing -1 = m+17=-1< m=-18
Vay chi c6 mot gid tri m=—18 thoa man dé bai.

Cau 32. [2D1-2] Gia tri nho nhat caa ham s y =sin® x —cos 2x +sin x + 2 trén [—%%} bang

A. E B.0. C. -1. D._—l.
27 9
Loi giai
Chon A.

Taco y=sin’® x—Cos2x+sin x+2=sin® x—(1-2sin® x) +sin x+2.

Dit t =sinx do XE[—%;%} nén t=sinxe[-11].

t=-1
Khido y=t’+2t° +t+1=>y =3’ +4t+l oy =0< L
-3
Bang bién thién:
1
t -1 —— 1
3
y' - 0 +
5
27
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Céau 33.

Cau 34.

Céau 35.

Vay gié tri nho nhat cua ham sé bang ;

[2D1-2] Gia ti I6n nhat cua ham s y = x’e™* trén (0;+o0) bang

3 3 3

A. (3] . B. (§) . C. E

3 e 27
Lo giai

Chon B.

Taco y' = (x3e‘x)' =3x%e —x%e " =x"e7(3-X).
. x=0
Khi d6 y’:0<:{ :
X=3

33

f(0)=0 va f(:%):e—3

Bang bién thién:

cf g : . (3
Vay gia tri Ié6n nhat ctia ham so la (—]
e

0.

In3

]3.

[2D1-2] Cho ham s6 y =-x*+3x—2c6 dd thi (C)va duong thang y=-x—2.Goi d la tiép

tuyén cua (C)tai giao diém cua (C)véi duong thang trén véi tiép diém c6 hoanh do duong.

Khi d6 phuong trinh cua d 1a

A. y=9x+18. B. y=-9x+22. C. y=-9x-9.
Loi giai
Chon D.
x=0
Phuong trinh hoanh d6 giao diém —x*+3x-2=-x-2 < | x=-2.
X=2

Chico x=2 c6 hoanh d§ duong nén x, = 2trong
Phuong trinh tiép tuyén: y—y, = f'(%, )(x=%,)
S y+4=-9(x-2) & y=-9x+14.

D. y=-9x+14.

[2D1-2] Cho ham sé y = x* —2x* +2. C6 bao nhiéu tiép tuyen ciia (C) di qua diém A(0;2)?

A 1. B. 2. C. 3.
Loi giai

Chon C.

Pit phuong trinh tiép tuyén dang: y =ax+b.

Phuong trinh tiép tuyén di qua A(0;2) nén: 2=a0+b<b=2.

D. 4.
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Cau 36.

Cau 37.

Cau 38.

Cau 39.

. . . . _ x'—2x*+2=ax+2(1
S6 tiép tuyen caa do thi ham so la nghiém cuaa hé phuong trinh: s @
4x° —4x=a(2)
Lay (2) thay vao (1)ta dugc 3x* —2x* =0.
Phuong trinh ¢6 3 nghiém nén cé 3 tiép tuyén thoa man.
[2D1-2] Biét d6 thi y = x*—2mx*+x—1 va duong thang y = x—2m c6 dang hai diém chung.
Khi d6 phat biéu nao sau ddy PUNG?
A. me(O;l). B. me(—oo;%}. C. me(%;l] D. me(—oo;%ju{l}.
Loi giai
Chon D.
Phuong trinh hoanh d¢ giao diém x* —2mx? + x-1=x—2m < x* —2mx* + m* = (m 1)’

(% -m) :(m—1)2@{§222t22:3 C>{xz = 2m-1

x* =1
2m-1<0 m < 1

Dé phuong trinh ¢6 hai diém chung thi < &
2m-1=1 m—1

[2D1-2] Puong thang y =—m+2 cit dd thi ham s6 y = x* —3x + 2 tai ba diém phan biét khi:
A —2<m<2. B.m<-2. C.2<m<2. D. -2<m<2.
Loi giai
Chon A.
Phuong trinh hoanh d6 giao diém: x* —3x+2=-m+2
x*—=3x+m=0
bat f(x)=x"-3x+m = f'(x)=3x*-3= f'(x)=0< x =+1.
Dé phuong trinh c6 3 nghiém phan biét thi f.,.f., <0 < (m-2)(m+2)<0.

oS -2<m<?2.

[2D1-2] Diéu kign cia m dé dudng thing y = —x+m cit (C):y = Ll tai hai diém phan biét 12
X —

A.l<m<4. B. m<0hoac m>2. C. m<0hoac m>4. D. m<1 hoac m>4.
Loi giai
Chon C.

Dé duong thang y=—x+m cat (C):y :Ll tai hai diém phan biét thi phuong trinh hoanh
X —

d6 giao didm —x+m = Ll phai c6 hai nghiém phan biét khac 1.
X —

) X
Ta co: —x+m:—1<:> x> +mx-m=0
X_

. A A s s |A=m?—4m m>4
D¢ phuong trinh trén c6 hai nghiém phan biét khac 1 Ia { >0 c{ 0
m <

1-m+m=0

3x-1

[2D1-2] Trén d6 thi ham sé y = ¢6 bao nhiéu diém ma toa do la cac sé nguyén?

X+1
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A. 0. B. 2. C. 4. D.6.

Lai gidi
Chon D.
Céc diém c6 toa do 1a cac s6 nguyén nghia 1a hoanh d6 va tung do déu la cac sé nguyén.
Tace: X1 3 4
Xx+1 x+1

Pé tung d6 nguyeén thi il €Z nén x+1 phai la wéc cua 4
X+
= x+1le{-4;,-2;-11,2;4} = x e {-5,-3;-2;0;1;3} .
Khi d6 c6 6 diém c6 toa dd nguy@n nam trén do thi ham s da cho.

Cau 40. [2D1-2] Tim toa do cac diém thudc do thi ham sé y = x* —3x? —2 biét hé s6 gdc cua tiép tuyén

tai cac diém d6 bang 9.

A. (16),(32). B.(4-6),(-3-2). C.(-1-6),(-3;,-2). D.(-1-6),(3;-2).
Loi gidi

Chon D.

Ta c6 phuong trinh tiép tuyén tai diém (X,;y,) c6 dang: y = f'(X,)(X—%,)+Y, c0 hé s goc

la f'(x,).

) Xx=-1
Theo dé bai ta c6 f’(xo):9<:>3x2—6x—9:0<:{ 3
X =

Thay lai vao ham sb, ta c6 duoc hai diém thoa man diéu kién c6 toa do 1a (-1,-6),(3;-2).

Cau 41. [2D1-2] Chohamso y = f(x) c6 bang bién thién va cac nhan xét nhu sau:

X —0 -1 2 4 +00
y' -~ I + 0 -~ I +

(I) Ham s6 y = f () c6 ba diém cuc tri.
(I Hams6 y = f (x) c6 mot diém cuc dai va mot diém cuc tiéu.
(111) Ham s6 nghich bién trén cac khoang (—oo;—1) va (2;4).

Khi d6 khang dinh nao dudi day ding:
A. (I) va (Ill) dng.  B. Chi (1) dung. C. (II) va (III) dang.  D. Chi (1) ding.
Loi giai
Chon C.
Cau 42. [2D1-2] Cho do thi ham s6 y = f (x) c6 hinh dang nhu hinh dudi:
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Cau 43.

Cau 44.

Ay

1
Do thi nao dudi day 1a d6 thi ham s6 y =—f ()
/1/.; 1
A. . B. \
—
.C. . D.
Loi giai

Do thi ham s y =—f (x) duoc vé bang cach lay d6 xing do thi hamsé y =—f (x) qua truc
Ox.

[2D1-2] Tim m déhamso y =-2x°+3x* +m c0 gid tri I6n nhat trén doan [0;3] bang 2019.

A. m=2017. B. m=2018. C. m=2020. D. m=2019.
Léi giai
Chen B.
Taco y' =—6x*+6Xx
X:1€[0;3]
y=0=
x=-1¢[0;3]

Mat khéc y(0)=m; y(3)=m-27; y(1)=m+1
Nén r[rg%?(y:mﬂ,theo gia thiét ta c6 m+1=2019 < m=2018.
3

[2D1-2] Tim cé4c gia tri caa m dé do thi hamso y = —€+3x2 +mx+m? -2 ¢6 hai cyc tri nam

vé hai phia cua tryc tung.
A. m>3. B. m<O0. C. m>0. D. m<-3.
Loi giai
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Cau 45.

Cau 46.

Cau 47.

Chon C.
TXD: D=R

Tachd: y'=—x*+6x+m (a=-Lb=6;c=m)

Dé d6 thi ham sé ¢6 hai cuc trj nam vé hai phia caa truc tung thi phuong trinh y'=0 phai c6

hai nghiém phan biét trai dau.
bidu kién la ac <0< (-1)m<0< m>0.

[2D1-2] Phuong trinh tiép tuyén cua do thi ham s (C):y

truc hoanh la °

1.1 1.1 1
Al y=-X+=. B.y=2x-2. C.y=—>x-=.
Y=733 Y=3"73 y=m3"
Loi gidi
Chon A.
Giao diem cua (C) va Ox la A(1;0)
. -3 1
Taco: y=——-——=nén y'(1)=—=
g (2x+1)° =3

tai giao diém cua (C) véi

Phuong trinh tiép tuyén cia (C) tai A(L0) la y=y'(1)(x-1)+0 < y= —%(x—l)

hay y = 1 X +1

33
[2D1-2] Cho ham s y =cos2x + x. Khing dinh nao sau day sai?
A. Tai Xx= % ham sb khong dat cuc dai. B. Ham sb dat cuc dai tai diém x = %

N e . .20 R —Ir . 137 N X -2
C. Ham so6 dat cuc dal tai diém x = ETH D. Tal x= > ham so dat cuc tiéu.
Loi giai

Chon B.

Tap xac dinh D=R.
1 y'=-2sin2x +1

1 2x="+k2r X =2 +kn
y’:0<:>sin2x:5<:> 6 = 12

2X=5—ﬂ:+k277,' X=5—ﬂ:+kﬂ,’
6 12

1 y"=-4cos2x

2 i kr |=—dcos| Zak2r |=-243<0 = x="1kz l1a diém cuc dai ciia ham sb.
y 12 6 12

y”(i—;r+ kn] = —4cos(%+ kzn] =2J3>0= x= i—;r+ kz 1a diém cuc tiéu cua ham sb.

1 ., N IR T e
biém cuc dai cua ham so la X=E+kﬂ' VoI k=-1=x=

la

[2D1-2] S6 tiém can cua do thi ham s6 y = — N
X —

A. 0. B. 1. C. 2.

-11n

D. 3.
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Loi giai
Chon B.
TXD: D=R\{+1}

lim y = +00 = d0 thi ham s ¢4 tiém can dung 1a duong thang x =1.

x—1"

lim y = -0 = dd thi ham s ¢ tiém can dung 14 dudng thang x =—1.

x—>-1*

lim y = 0= dd thi ham s6 c6 tiém cin ngang 1a dudng thang y =0.

X—>+0

Cau 48. [2D1-2] Khoang dong bién cia ham sé y=x*+2x*>-5 la

A. (—o; 1). B. (—; 0). C. (0;+). D. (=L +o0).
Loi giai

Chon B.
Tap xac dinh: D=R.
Taco y'=4x*+4x=0< x=0.
Bang bién thién

—0 0 +00

' - 0 +
00 00

/

Dua vao bang bién thién suy ra ham s6 da cho dong bién trén (0;+o0).

A . : L. : 2 s : 2
Cau 49. [2D1-2] Tim tat ca cac gia tri caa tham s6 m dé ham s6 y = x+m

khoang xac dinh cua no.

nghich bién trén ting

A.m=2. B.m>-2. C. m<-2. D. m<-2.
Loi giai
Chon B.
Tap xéc dinh cia ham sé y = 2™ 13 D = (<o0i1) U (L +20).
y = —-2—-m
(x-1)°
Hamsé y = 2x+m nghich bién trén tirng khoang xac dinh ciia nd
& yY'<0vVxeD<o 2-m<0em>-2.
Cau 50. [2D1-2] Sb céc diém cuc tri cua ham sé y =(2-3x)(2x+1)’ I
A 1. B. 4. C. 3. D. 2.
Loi giai
Chon A.
-1
X [ —
Xét y' =0 (2x+1)° (-6x—-3+12-18x) =0 & (2x+1)’ (-24x+9) =0 < 32 .
X=—
8

Ta c6 bang bién thién:
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Cau 51.

Cau 52.

Cau 53.

+00

oO|o|w

y' +

y - — T

Tir d6 ta két luan: Vay ham sé c¢6 duy nhat mot diém cuc tri.

[2D1-2] 6 thi ham sé ndo trong cac ham sé sau khong cé diém chung véi truc hoanh.
A y=x—/x*-5. B.y=e‘-1. C.y=x-1. D. y:z—xg.
X_
Loi giai
Chon A.
Xét phuong trinh x—vx*-5=0 (1) = x=Vx*-5=x"=x*-5 (2)
Phuong trinh (2) v6 nghiém nén pt (1) vo nghiém. Vay d6 thi ham s y = x—~/x* =5 khong c6
diém chung véi truc hoanh.
Véicacpt: e -1=0< x=0
xX*-1=0x=1
2X

——=0<x=0
X—3
déu c6 nghiém nén do thi c6 diém chung véi truc hoanh.
, , . .42 ., A AL - L z X2—2X+1 \
[2D1-2] Khoang cach gitra hai diém cyc tri ctia do thi hamso y = T la
X+
A 52. B. 4. C. 8. D. 44/5.
Loi gii
Chon D.

Tap xac dinh D =R\ {-1}

, X+2x-3. x=1 =y=0
:—2, :0@ _ _
(x+1) Xx=-3=>y=-8

Hai diém cuyc trj cia dd thi ham s6 1a A(L0), B(-3,-8) = AB =45

[2D1-2] Khoang nghich bién ciia ham s6 y = x* —3x* —9x+11 la

A. (-31). B. (-13). C. (3+0). D. (—o0;-1).
Loi giai
Chon B.
Tap xac dinh: D=R.
y'=3x*-6x-9.
, , {x:3
y=03x"-6x-9=0< :
x=-1
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Cau 54.

Cau 55.

—0 -1 3 +00
y' + 0 - 0 +

+00

y / 16 \_16/

Dua vao bang bién thién thi ham sé ngich bién trong khoang (-13).

. . . . . x*
[2D1-2] Tat ca cac gia tri cia m dé duong thang y = m cat do thi ham so y = Ve 2x° +1 tai 4
diém phan biét 1a
A . m>-3. B. m<1. C. -12<m<3. D. -3<m«<1.

Léi gii

Chon D.
Céch 1: Phuong trinh hoanh d6 giao diém

4
Phuong trinh hoanh d¢ giao diém: XI—ZXZ +l=me x* -8x* +4-4m=0 (1).
bit t = x?(t >0). Phuong trinh tré thanh: t* —8t+4—-4m=0 (2).
4
Puong thang y =m cat do thi hamsé y = XI—ZX2 +1 tai 4 diém phan biét.
< (1) c6 4 nghiém phan biét.
< (2) c6 hai nghiém duong phén biét.
A'>0 [16—(4-4m)>0
m > -3
<315>0 < 48>0 & { :
m<1
P>0 4-4m>0
Céch 2: Dung bang bién thién

4 Y A X4 2 , ’ 3 XZO
Xéthamso y=—-2x"+1¢c0 y=x"-4x=0< :
4 X =12
Bang bién thién
X | —oo -2 0 2 +00
y' - 0 + 0 - 0 +

N

Dua vao bang bién thién ta c6 duong thang y =m cat do thihamso y = i 2x% +1 tai 4 diém

phéan bi¢t < -3<m<1.

+9 trén

[2D1-2] Goi M, m lan luot la gi4 tri I6n nhat va gia tri nho nhat caa ham s6 y = 2X 3
X+

[0;3]. Khidé M +m bing
7

A —. B.
2

c. . p. 1.
2 2

Léi giai

N | ©
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Chon C.
Ta c6: TXD: D=R\{-3} = Trén [0;3] ham s6 d cho lién tyc.

y'= ( — ) <0 Véi Vx=-3 = Ham sé ludn nghich bién trén [0;3].
X+

= M=f(0)=3, m= f(3):§

Vay M +m:3+E:E.
2 2

Cau 56. [2D1-2] Ham s6 y:%x3—mx2 +(m2 —m+1)x+1 dat cuc dai tai diém x =1 khi

A m=2. B. m=-1. C. m=1. D. m=1hoac m=2.

Loi giai
Chon A.
Taco: y' =x*—2mx+m?*—m+1
m=1

Néu ham s6 dat cuc dai tai x=1 thi y'(1)=0 :>m2—3m+2:0<:{m_2

Voi m=1thi y'=x*-2x+1=(x-1)" = y'>0,vx e R = ham b ludn dong bién trén R

Do d6: m=1 (khong thoa man).

Voi m=2 thi y'=x*—4x+3va y"=2x-4

Ma y'(1)=0 va y"(1)=-2<0 nén ham s dat dai tai x=1.
Vay m=2 (thoa man).

Cau 57. [1D4-2] Hamsé y = x®—3x% +4 dong bién trén.

A. (0;2). B. (—oo;O) va (2;+oo).
C. (—o0;1) va (2;+0). D. (0;1).
Loi gidi
Chon B.
TXD: D=R.
y'=3x*—6X.

y'=0<3x*-6x=0 <:{X

Bang bién thién:
X —0 -1 3

—+00

y' - 0 + 0 -

y
Vay ham s6 dong bién trén hai khoang (—0;0) va (2;+%).

Cau 58. [1D2-2] Hamsé y :%x“ —3x? -3 nghich bién trén cac khoang nao?
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A. (~o0;-+3) va (0;43) B. {—ﬁ;o] va {?;m}.

2
C. (\/§;+OO). D. (—x/g;O) Vé(x/§;+oo).
Loi giai
Chon A.
TXD: D=R.
f'(x)=2x>-6x.
f’(x):0<:>2x3—6x:0<:>2x(x2—3) = x=0 .
X =+/3
Bang bién thién:
X —0 _\/§ 0 \/§ +00
y' — 0 + 0 — 0 +
+00 +00
-3
y \ _E / \ _E /
2 2

Vay ham s nghich bién trén hai khoang (—oo;—\/g) va (0;\/5).

Cau 59. [2D1-2] Hamsé y :ii nghich bién trén cac khoang:
X j—

A. (—oo;l) va (1;+oo). B. (—oo;+oo). C. (—1;+oo). D. (O;+oo).
Loi gii
Chon A.
TXP: D =R\ {1},
y'= -3 ~<0,VxeD.
(x-1)

— Ham s ludn nghich bién trén timg khoang xac dinh.

Cau 60. [2D1-2] Trong cac ham sé sau, ham sé nao dong bién trén R.

A. y=x>+3x*+3x+2008. B. y=x"+x*+2008.
C. y=tanx. D. y:X—+1.
X—2
Loi giai
Chen A.

y = x> +3x* +3x+ 2008
y’:3x2+6x+3:3(x2+2x+1) :3(x+1)2 >0, VxeR.

— Ham sb luon dong bién trén R .

Cau 61. [2D1-2] Tim m déhamsé y = X_; dong bién trén khoang (2;+x).
X+
A. [—1;+oo). B. (2;+oo). C. (—1;+oo). D. (—oo;—Z).
Loi gidi
Chon A,
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TXD: D=R\{-m}

, m+1

(x+m)2'

. . VA -m<2 m> -2
Ham so dong bién trén khoang (2;+x) <
m+1>0
Vay me [—1; +oo).

Cau 62. [2D1-2] Tim tét ca cac gid trj cia tham s& m dé phuong trinh X*(x* =2)+3=m c6 2 nghiém

phén bigét.

A. m<3. B. m>3. C.m>2. D. m>3 hoac m=2.
Loi giai

Chon D.

X*(x* —2)+3=m la phuong trinh hoanh @ giao diém cia duong thang (d):y=m va d thj
ham s y = x*(x* - 2)+3.

Xét ham sb y:xz(x2—2)+3 = y=x"-2x2+3.

y' = 4x% —4x
x=0
'=0&
y {x:il
X —o0 -1 0 1 +00
y' — 0 + 0 — 0 +

NG N

Dua vao bang bién thién, ta co:

m=2

Phuong trinh ¢ 2 nghiém phén biét <:{ :
m>3

~ R z 2x+3 L, 4A . . . 2 , e, e,
Cau 63. [2D1-2] Cho ham so y= > c6 do thi (C) va duong thang d:y=x+m. Cac gia tri cua
X+
thams6 m dé duong thang d cét do thi (C) tai 2 diém phan biét la
A . m>2. B. m<6. C.m=2. D. m<2 hoac m>6.
Loi gidi

Chon D.

Phuong trinh hoanh d¢ giao diém cua d6 thj (C) va duong thang d :

2x+3 _ X+m (x#-2)

X+2

< 2x+3=(x+m)(x+2) (Nhan xét: x =-2 khong la nghiém cia phuong trinh nay)
< X +mx+2m-3=0 (1)

d cdt dd thi (C) tai 2 diém phan biét <> (1) c6 hai nghiém phan biét
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Cau 64.

Cau 65.

Cau 66.

m<2

<:>A>0<:>m2—8m+12>0<:{ .
m > 6

[2D1-2] Ham s6 y = x* —3x® + 4 dat cuc tiéu tai diém:

A. x=0. B. x=2. C. x=4. D. x=0va x=2.
Loi giai

Chon B.

y'=3x*—6X.

y'=0<3x*-6x=0 < 3x(x-2)=0 <:{
X:
Bang bién thién:
X | —o 0 2 +00

y + 0 - 0 +

Tai x=2 dao ham doi dau tr (=) sang(+) nén ham sb dat cyc tiéu tai x=2.

<z Zoax+1 - .

[2D1-2] Cho ham so y:%. Ham so c6 hai diem cuctrila x,, x,. Tich x,x, cé giatri bang
X+
A 2. B. -5. C. -1. D. 4.
Loi giai

Chon B.
Ham so da cho ludn xac dinh trén méi khoang (—o0; 1) va (-1 +)

2

. 2X— A
Taco y,:x(+—x)25. Cho y'=0= x*+2x-5=0 (Piéu kién: x = -1).
X+1

Phuong trinh da cho ludn c6 hai nghiém phan biét x,; x, va y'ludn do6i dau khi di qua hai

nghiém X, ; X,. Do d6 ham sb c6 hai diém cuctri la x; X, = XX, =-5.

[2D1-2] Ham s6 y =|x* —4|+x c6 may diém cyc tri?

A. 0. B. 1. C.2. D. 3.
Loi giai

Chon D.

. , xX>+Xx-4 khi x<-2vx>2 . [2x+1  khi x<-2vx>2
Ta co: y:‘x —4‘+x: =y'=

X2 +X+4 khi —2<x<?2 -2x+1 khi —2<x<2
1

=0 x==

y 2

V& d6 thi ciia ham s trén ting khoang ta dugc db thi cuia ham sé y = ‘xz —4‘ + X nhu sau:
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Cau 67.

Cau 68.

Cau 69.

Dua vao db thi ham sé ta c6, ham sb da cho c6 3 cuc tri.
Cach khac: Hoc sinh c6 thé lap bang bién thién va xét dau dao ham trén tirng mién.

[2D1-2] Tim m @& ham s6 y =mx® —(m* —10)x+m-2 dat cyc tiéu tai x, =1.
A m=-2. B. m=5. C.m=-2;m=5. D.m=-2;m=-5.
Léi giai
Chon B.
Tacd: y'=3mx*-m?*+10; y”=6mX.

L NN , » . . m=-2
bicu kign can dé ham so dat cyc tiéu tai x, =112 y'(1)=0 < —-m*+3m+10=0 <:{m 5
Diéu kién du:

Khi m=-2 thi y"(1)=-12<0. Ham so dat cuc dai tai x=1 (loai).
Khi m=5 thi y”(1)=30>0. Ham so dat cyc tiéu tai x=1 (thda man).

[2D1-2] Tim gia tri thuc ctia tham s6 m dé ham sé vy :%XS —mx? +(m2 —4)x+3 dat cyc dai
taix =3.
A. m=-1. B. m=-7. C. m=5. D. m=1.

Loi giai
Chon C.

Tach: y'=x"-2mx+m’—4; y"=2x-2m.

\ L . L . m=1
bicu kién can dé ham so dat cyc daitai x=3 1a y'(3)=0 < m*-6m+5=0 < {m &
Diéu kién du:

Khi m=1thi y"(3)=4>0.Ham s dat cuc ticu tai x =3 (loai).
Khi m=5 thi y”(3)=-4<0. Ham s6 dat cuc dai tai x=3 (thoa mén).

[2D1-2] Tim tat ca céc gia tri thuc caa tham s6 m dé db thi cia ham sé y = x* —2mx? c6 ba
diém cuec tri tao thanh mot tam giéc cé dién tich nho hon 1.

A.0<m<§/Z. B. m<1. C.0<m«<1. D. m>0.
Loi gii
Chon B.
Ta &p dung cong thirc nhanh: D6 thi cia ham sé y = ax* +bx? +¢ ¢6 3 diém cuc tri tao thanh
T s R —b°
mot tam giac co dién tich dugc tinh bang cong thac: S = ook
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/— —2m)’ °
Do d6 ycbt < (—3)<1<:>32m <lem<l.
32.1 32

Cau 70. [2D1-2] Tim gia tri nho nhat m cua ham sé y = x? +2 trén doan EZ}
X

A m=—. B. m=10. C. m=5. D. m=3.

Loi giai
Chon D.

« X opia ) . |1
+ Ham so lién tuc va xac dinh trén [5;2} :

3_
+ y’:ZX—E:M; y=02x-2=0 < x=1(nhando xe l;2 ).
2

NG NG

+Taco f(%)z%; f(1)=3; f(2)=5.

Vay mjn f(x)=3tai x=1.

Xe[f;Z
2

Cau 71. [2D1-2] Tim gia tri nhé nhat m cuahamsb y = x* —x* +13 trén doan [-2;3].

A. m:ﬁ. B. m:4—9. C. m=13. D. m:§.
4 4 2
Léi giai
Chon A.
+ Ham s6 lién tuc va xéac dinh trén [-2;3].
x——i\/E
+y'=4xX-2x; y'=0<|"" 2 (nhando xe[-2;3]).
x=0
+
+Taco: f(-2)=25; f(%]:%; f(0)=13; f(3)=85
+
Vay min f(x):g tai x:i.
1 4 2

xe[—;Z
2

Cau 72. [2D1-2] Timgid tri I6n nhat M caa ham sé y = x* —2x? +3 trén doan [o;ﬁ} .

A.M=9. B. M =83. C.M=6. D. M =1.
Loi giai
Chon C.
+ Ham s6 lién tuc va xac dinh trén [o;ﬁ] .
x==1
=

<=0 KZ; (do XG[O;\/§:|).

+Taco f(0)=3; f(1)=2; f(/3)=6.

+ y' =4x° —4x; y’:0<:{
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Vay max f(x)=6 tai x=+/3.

Xe[ ;2
2

Cau 73. [2D1-2] Cho ham sb vy —X—l (m 1a tham s6 thuc) thoa man m|n y+rHazlx y _1: Ménh dé
X+

nao dudi day dung?

A.0<m<2. B.2<m<4. C. m<0. D.m>4.
Loi giai

Chon D.

+ Ham s6 lién tuc va xéac dinh trén [1;2].

+Vi y:x+m

la ham phan thire nén né luén dong bién hogc nghich bién trén [1;2]

X+1
:>m|ny+maxy_E < f(1)+ f(2):E <:>—1+m+2+m:E < m=5.
[12] [1:2] 3 3 2 3 3
v 2
Cau 74. [2D1-2] Goi M va m In luot Ia gid trj I6n nhat va nho nhét cua ham sé yz—“lfxlzx. Khi
X +
do giatricia M —m la
A. -2. B. -1. C. 1. D. 2.
Loi giai
Chon D.
+TXD: D=[0;1].
-1 1
— = _ax |(x+1) - —=(1-x —2%?
+ ,_(lel—x ]( ) 2\/;( )
y = 2
(V1)
Jx+1 11—
( ) —3xy/x —4x— \/7
= _2V1-X 2V X <0 vXe[O;l] — ham s6 nghich biéntrén D.
(Vx+1)

= M-m=f(0)-f(1)=1-(-1)=2.

Cau 75. [2D1-2] Ham sb y = 4+/x? —2x+3 +2x—x? dat gia tri I6n nhat tai x,, X,. Tich x,x, bang

A. 2. B. 1. C.0. D. -1.
Loi giai

Chon D.
+ D=R.

, x—1 4—2Nx*—2x+3
+y =4 ————— +2-2X :(x—l) :

X2 =2x+3 Jx2=2x+3

0 x=1 x=1

y=0< = :
X2 —2x+3= X=1+2

+Taco f(l—ﬁ):ﬁ f(1)=1+42; f(1+ﬁ):7:>x1.x2:(1—\/5)(1+\E):—

Cau 76. [2D1-2] Tim gi4 tri 16n nhat cia ham s6 y = 3sin x—4sin® x trén doan [—% —} bang
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Cau 77.

Cau 78.

Cau 79.

Cau 80.

A. -1, B. 1. C. 3. D. 7.
Loi giai
+ y=3sinx-4sin®x=sin3x = y=sin3x<1.

Dau "=" xay ra @sinsx:lzx:% (do XE[—%;%}).

Vay max y=1 tai x:%.

-7

272
[2D1-2] D6 thi ciia ham sb nao trong cac ham sé dudi ddy co tiém can ding?
1 1 1 1
A y=—. B.y=——-—. C.y= . D.y= .
y Jx Y= i xi1 Y= Y=
Loi giai

Vi TXD 6 cac cau B, C, D déu 1a R nén khong c6 TCP.

[2D1-2] D6 thihamsé y = X2 1 c6 may tiém can.
X —
A. 0. B. 3. C.1. D. 2.

Léi giai
Chen D.

+TXD: D=R\{+2}.

x—2*" x—2"

+Taco: limy=Ilimy :% nén duong thang x = 2 khong 1a TCPH.
lim y =+ nén duong thang x = -2 1a TCH.
x—(-2)"

lim y =0 nén duong thang y =0 Ia TCN.

X—>to0

2
o . _5x+4
[2D1-2] Tim sé tiém can caa db thi ham sb y :%.
X —
A 2. B. 3. C.o. D. 1.
Lo giai

Tap xéc dinh: D=R\{L -1} .

Taco: limy=1va limy=1, suy ra: tiém canngang y =1.

X—>+0

X2 -5x+4 . x—4 3
=lim

Mat khac: limy = lim— =—— = x =1 khong la tiém can dung;
x—1 x—1 X =1 x>l x+1 2
. . X*-5x+4 <
lim y= lim ————=-0 = x=-1 latiém can ding.
x—(-1)" x»(-1)" X -1

Vay do thi ham sé c6 2 tiém can.

[2D1-2] D6 thiham sb y =

- c6 bao nhiéu duong tiém can ngang?
x° -1

A 0. B. 1. C. 2. D. 3.

Léi giai
ChenC.
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Tap xac dinh: D = (—oo; —1) u(1;+oo) .

Taco: limy=Ilim ;1: lim %:1, suy ra: tiém can ngang y =1.
X\1- % —
T . X . 1 A
Taco: limy=Ilim —1: lim —1:—1, suy ra: tiém can ngang y =-1.
N 2

Vay d6 thi ham s ¢6 2 tiém can ngang.

(2m+1)x*+3
Vx*+1

d6 thi ham s6 di qua diem A(1;-3).

Cau 81. [2D1-2] Cho hamsé y= , (m 14 tham s thuc). Tim m dé tiém can ngang cua

A. m=+1. B. m=0. C.m=2. D.m=-2.
Loi giai
Chon D.
Tap xac dinh: D=R.
_ _ (2m+1)x*+3 _ _(2m+1)x*+3
Ta c6: limy=Ilim (—):2m+1 va limy=Ilim (—)1:2m+1, suy ra:
X 1+F X 1+F

tiém canngang y =2m+1.

Tiém can ngang di qua diém A(L,-3) < -3=2m+1 & m=-2.

Cau 82. [2D1-2] Puong cong & hinh bén la do thi cua mét trong bén ham sé dudi day. Ham sb do 1a
ham sb nao?

y
3
O/ \1 Xx
A y=-x+3x"-2. B. y=x>+x’-x+3.
C.y=-x>-2x"-x+3. D. y=-x*-x*-x+3.
Loi giai

Chon D.

Can ct hinh dang do thi ta ¢ ham sb bac ba véi hé sb
a<0 nén loai B.

Do thi di qua diém (0;3) nén loai A.

Xét y=—x>-2x"-x+3 =y =-3x*—4x-1.

x=-1
Taco: y=0< 1 nén dd thi ham sé c6 hai cyc tri. Loai C.
3
Céau 83. [2D1-2] Pudng cong ¢ hinh bén 1a d6 thi cua ham sb y=ax* +bx*+c véi a, b, ¢ la céc

s6 thuc. Ménh dé nao dudi ddy ding?
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L
N

A. Phuong trinh y'=0 ¢6 ba nghiém thuc phan biét.
B. Phuong trinh y"'=0 ¢6 dang mot nghiém thuec.

C. Phuong trinh y"=0 c6 hai nghiém thuc phan biét.
D. Phuong trinh y’ =0 vd nghiém trén tap s thuc.

Léi gii
Chon A.
Cin cir hinh dang db thi ta c6 ham s6 ¢6 3 diém cuc tri nén phuong trinh y'=0 ¢6 ba nghiém
thuc phan biét.

Cau 84. [2D1-2] Hamsé y =(x—2)(x* ~1) ¢ d thi nhur hinh V& dudi day.

y

o) X

Hinh nao dudi day 1a d6 thi cia ham s6 y = |x— 2| x — ’>

bt L

Hinh 1 Hinh 2 Hinh 3 Hinh 4
A. Hinh 1. B. Hinh 2. C. Hinh 3. D. Hinh 4.
Loi giai

Chon A.
Hamsé y = (x—2)(x* -1) cé dd thi (C)

Taco y|x—2|(x2—1){

Céach vé d6 thi ham sb y = |X - 2|(X2 —1) nhu sau:

(x—2)(x2—1) khi x> 2
—(x—2)(x2—1) khi x <2

[ Giit nguyén do thi (C) tng véi x> 2.

[ LAy d6i xtmg d6 thi (C) Gng véi x <2 quatruc Ox . B do thi (C) ung véi x<2.
Hop 2 phan do thi trén 1a ¢ thi ham s6 y =|x—2|(x* ~1) can ve.

y

\ A
VA
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Cau 85.

Cau 86.

2x-1

[2D1-3] Cho ham s6 y = . c6 dd thi (C). Mot tiep tuyén cua (C)véi hoanh do tiép diém
X_
I6n hon 1, cit Ox,Oy tai Ava B sao cho AOAB can. Khi d6 dién tich AOAB bing
A. 25. B.l. C. 1. D.E.
2 2
Loi giai

Chon D.
Taco y= 2)(_1:2+L:> y'=-— ! >

x—-1 x—-1 (X—U
Vi AOAB cén nén hé sé phuong trinh tiép tuyén = y' = —( 11)2 =—

X_
XO = 0 . s . ~ A by \ = ;
= 5 chico x, =2 =y, =3 théa man yéu cau bai toan.
X, =
Phuong trinh tiép tuyén: y—y, = f'(%, )(x=%,)
o y-3=-1(x-2) = y=-x+5
Phuong trinh tiép tuyén cét truc Ox tai A(5;0) cat truc Oy tai B(5;0) nén dién tich AOAB
bang
1 25
S =—|0OA|.|OB|=—.
AOAB 2| | | | 2

n X N z 2Xx+3 , A 2 NS X ., L2 , L

[2D1-3] Trén do6 thi hamso y = > c6 bao nhiéu diém ma tiep tuyen tai cac diém do tao voi
X_

hai truc toa do mot tam giac can?
A. 1. B. 2. C. 4. D. V6 sb.
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Cau 87.

Céau 88.

Loi giai
Chon B.
Phuong trinh tiép tuyén dang tong quét cia do thi ham s6 da cho tai diém M (X,;Y,) c6 dang:
y=f"(X)(x=%)+f (%) cohesdgocla f'(x,)

Pé tiép tuyén tao vai hai hé truc toa do mot tam giac can thi hé sé goc cua tiép tuyén phai 1a 1
hoac -1.

Xét f'(x))=1< ==1,Vvoly.

-7 x=2+7

Xét f'(x))=-1lc ——=-1<

(x—2)2 x=2-+7

Thir lai ta thay ca hai diém c6 hoanh d6 nhu trén déu thoa mén, vay co hai diém thoa man.

[2D1-3] Cho ham sé y = H=4 5 dd thi (C). Goi M la diémtuy y trén (C) va S la tong
X_

khoang cach tir M dén hai duong tiém can cua (C). Khi d6 gié tri nhé nhat cua S 1a

A 2. B. 2V2. C. 3. D. 4.

Loi giai
Chon B.
D& thy hai dudng tiém can ngang va tiém can diing caa do thi ham sé lan luot 13 y =3 va
X=2.
Goi M (x;¥,)e(C)=M (XO;?’XO—_;]
X —

0

3%, —

Taco S =|x,—2/+ 2 > 22 (Ap dung BPT Cauchy)

O O

) _3‘—| o_2|

DAu bing xay ra khi x, = 2++/2
Vay gié tri nhé nhit caa S 1a 24/2.

[2D1-3] S6 duong tiém can ciia ham sd y = js la
x° -1
A. 4. B. 1. C. 2. D. 3.
Loi giai
Chon A.
Tap xac dinh: D =(—o0;—1) U(L;+0)
X+3 1+§
Taco limy= lim ——>_ — lim ——X_ -1
X—>—0 X—>—0 X2 _1 X—>—0 1
N Y
X
1+§
lim y = lim —= Ji = lim X1 =1

Nén d thi ham s ¢ 2 tiém can ngang 1a 2 duong thang y = +1
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Cau 89.

Cau 90.

Cau 91.

Taco lim y= lim —2=5

x—-1" Xx—-1" /XZ -1

limy = lim X3

x—1" y= x—1" /XZ -1
Nén d thi ham sé ¢6 2 tiém can dung 1a 2 dudng thang x = +1
Vay db thi ham s6 ¢ 4 tiém can.

= +00

= +00

[2H1-3] Ham s6 f(X) c6 dao hamtrén R va f'(x)>0, Vxe(0;+wx), biét f(1)=2. Khing

dinh nao sau day c6 thé xay ra?

A f(2)=1. B. f(2)+f(3)=4. C. f(2016)>f(2017).  D. f(-1)=4.
Léi giai

Chon B.

Vi £(x)>0, Vxe(0;+0) nénhamsé y = f (x)la ham sb dong bién trén (0;+o0).

Khido Vx, X, € (0;+0): x, <x,= f(x)< f(x,) = f(-1)< f(1)< f(2).

Ma f (1) = 2 nén loai dugc cac dap an A, C, D.

[2D1-3] Cho ham s y _MX=2M=3 i m 12 tham sb. Goi S la tap hop tat ca cac gia tri
X—m
nguyén cua m dé ham s6 dong bién trén cac khoang xac dinh. Tim s phan tircia S .
A. 5. B. 4. C. v sb. D. 3.
Loi gidi

Chon A.
TXD: D=R\{m}

, —m®+2m+3

=7
(x=m)
Ham s6 dong bién trén cac khoang xac dinh
-m? +2m+3

&Yy >0 VxeD & >0,VxeD & -m*+2m+3>0 < -1<m<3.

(x-m)

Vay S ={-1,0;1;2;3}.

[2D1-3] Cho ham s y :%x3 —mx? —x+m+1. Tim gia tri cia tham s m dé do thi ham s6 c6

hai diémcuc trila A, B thoa X2 +x2 =2.
A. m=+1. B.m=2. C. m=4+3. D. m=0.
Loi gidi
Chon D.
Taco: y'=x*-2mx—1. Cho y'=0 tadugc: x*—2mx-1=0, (1).
Phuong trinh dd cho ¢ ac =-1<0 nén ludn co6 hai nghiém phan biét.
A g £ ., [ XAt Xg=2m
Do d6 ham s6 dé cho luén co hai cuc tri véi moi gia tri cia tham s6 m . Khi do 1
Xy Xg =—
(Viet).

Theo d& X2+ X2 =2 & (X, +X5) = 2%, Xy =2 & 4m? +2=2 <> m=0.
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Cau 92. [2D1-3] Tim gia tri thuc cia tham s6 m dé dwong thang d:y=(2m—-1)x+3+m vudng goc
v6i duong thang di qua hai diém cyc trj caa do thi ham s6 y = x* —3x* +1.

A. m:E. B. m:g. C. m:—i. D. mzi.
2 4 2 4

Loi giai
Chon B.
4 i 2 ' XZO
Taco: y'=3x"-6x.Cho y'=0 ta dugc: 5
X =
Toa d¢ hai diém cuc trj ciia do thi ham s 1a A(0;1); B(2,-3) = (AB):y=-2x+1.
Theo dé duong thang AB vudng goc véi d @y =(2m—1)x+3+m nén —-2(2m-1)=-1

oSm==.
4

Cau 93. [2D1-3] B thi caa ham s6 y =—x*+3x?+5 ¢6 hai diém cuc tri A va B. Tinh dién tich S cuaa

tam giac OAB vai O la géc toa do.

A.S=9. B.S:%. C. S=10. D. S=5.

Loi giai

Chon D.
Taco: y'=-3x*+6x. Cho y' =0 ta duoc: Kig
Toa d¢ hai diém cuc trj ciia do thi ham s6 1a A(0;5); B(2;9) = (AB):2x-y+5=0.
= — 2.0-0+5|
AB =(2;4) = AB=|AB|=25, d(O; AB =|—:£.

(2:4) [AB| (0:AB) =" ——
Vay S :%d(o; AB).AB :%.\/E.zﬁzs.

Cau 94. [2D1-3] Tim tat ca céc gié tri thuc cta tham s6 m dé duong thang y =—-mx cat d thi cua
ham s6 y = x* —3x*> —m+2 tai ba diém phan biét A, B, C sao cho AB =BC.
A. me(1;+oo). B. me(—oo;S). C. me(—oo;—l). D. me(—oo;+oo).
Loi gidi
Chon B.
Phuong trinh hoanh d¢ giao diém cua duong thang (d):y =-mx va do thi ham s6
y=x-3x"-m+2:

x3—3x2—m+2:—mx<:>x3—3x2+mx—m+2:0<:>(x—1)(x2—2x+m—2):0

x=1
c{xz —2x+m-2=0(1)
Duong thang (d):y=-mx cit do thi ham s6 y = x* —3x* —m+2 tai ba diém phan biét
< Phuong trinh (1) c6 hai nghiém phan biét x,, x, khac 1.

{A’>0 {1—m+2>0

) = Sm<3.
1°-21+m-2%0 m=3
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Cau 95.

Céau 96.

Theo dinh ly Vi-et: x, +x, =2
Khi d6 ba diém c6 toa do 1a B(L—m), A(x;-mx ), C(X,;-mXx,).

X, + X, —3—1
Nhan xét: 2 2
—MX;, —mX, __m(X1+X2) _
2 2

Suy ra B(L,-m) la trung diém cia AC nén AB=BC.
Vay me(-«;3).

[2D1-3] Cho ham sé y :X—Jri (C). Tép tét c4 cac gia trj cia tham s6 m dé duong thang
X_
y=2x+m cit (C) tai hai diém phan biét A, B sao cho géc AOB nhon Ia
A. m<5. B.m>0. C. m>5. D. m<O.
Loi giai
Chon C.
Phuong trinh hoanh d6 giao diém cua do thi (C) va duong thang d:y=2x+m:
x+l_ 2x+m (x#1)
x-1

< x+1=(2x+m)(x—-1) (Nhan xét: x =1 khdng la nghiém cua phuong trinh nay)
< 2x* +(m-3)x-m-1=0 (1)
d cét dd thi (C) tai 2 diém phan biét A, B < (1) ¢ hai nghiém phan biét x,, x,

SA>0 M +2m+17 >0 (ludn ding).

3-m
S:x1+x2:T
Theo dinh ly Vi-et:
P = XX _om-l
P2

Khi d6: A(x;2% +m), B(X,;2%,+m) = OA=(x;2x +m), OB =(x,;2X, +m).

G6c AOB nhon <> OAOB >0

S XX, +(2% +m)(2%, + M) >0 < 5x X, +2m(X, +X, )+ m* >0 <> 5P +2mS +m* > 0
-m-1 3-m

= 5 +2m. 5 +m?>0< -5m-5+6m-2m?+2m?*>0< m>5.

[2D1-3] Cho ham s6 y = f (x) c6 do thi nhu hinh v& bén.

1|

Xéc dinh tat ca céc gid tri cia tham sé m dé phuong trinh | f (x)|=m c6 dung 2 nghi¢m thyc
phén bigét.
A.m>4; m=0. B.3<m<4. C.0<m<3. D. -4<m<0.
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Loi giai
Chon A.
Hams6 y = f (x) c6 dd thi (C).
f(x), khi f(x)>0

—f (x), khi f(x)<0 duoc suy ra nhu sau: Gitr

Khi d6 dé thi (C’) ciiahamsd y =|f (x)| :{

phan d6 thi (C) & phia trén truc hoanh (ké ca cac diém trén truc hoanh), lay doi xing phan do

thi (C) & phia duéi truc hoanh qua truc hoanh, bd phan do thi (C) & phia duéi truc hoanh.

Phuong trinh ‘ f (X)‘ =m la phuong trinh hoanh d6 giao diém cua (C") va duong thang
(d):y=m.
Dua vio d6 thi, ta co:
Phuong trinh | f (x)|=m c6 dung 2 nghiém thyc phan biét

z . R ~ oA m= 0
< (C') cat (d) tai 2 diém phan biét <:{ :

m>4

mx -1
X+2
duong thing y = 2x—1 cét dd thi (C,,) tai 2 diém phan biét A, B sao cho AB=+10.

A.m:—%. B.m;t—%. C. m=3. D. m=#3.

Cau 97. [2D1-3] Cho ham s6 y=

c6 do thi (C,) (m Ia tham s0). Vi gia tri nao cua m thi

Loi giai
Chon C.

Phuong trinh hoanh d¢ giao diém cua do thi (C,,) va dudng thang d @y =2x-1:
mx -1
X+2
< mx—-1=(2x-1)(x+2) (Nhan xét: x =-2 khong la nghiém ciia phuong trinh nay)

< 2x*+(3-m)x-1=0 (1)

=2x-1 (x#-2)

d cét dd thi (C) tai 2 diém phan biét A, B < (1) co hai nghiém phan biét x,, x,
SA>0om’-6m+17 >0 (ludn dung).

S:x1+x2:mT_3

Theo dinh ly Vi-et:
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Khi do: A(x;2% 1), B(X,;;2%-1) = AB=(X%—x;2(x,—x)).
AB=+v10 = AB=10< (X, - %) +4(%, - %) =10 (X, - %) =2 & X2 + X2 = 2x%, = 2

2
@sz—4P=2@(mT_3] —4(%)—2=0<:>(m—3)2:0<:>m:3.

Cau 98. [2D1-3] Cho hamso y = f(x) lién tuc trén ting khoang x4c dinh va c6 bang bién thién sau:

X |—oo 0 2 4 +00
+00 +00
1
y -15
—00 —00

Tim m d€ phuong trinh f (x)+m=0 c6 nhiéu nghiém thuc nhét.

m<-1 m>1 m<-1 m=>1
A. ) B. ) C. . D. )
m>15 m < -15 m >15 m<-15
Loi giai
Chon C.

f(x)+m=0< f(x)=-m (1)
(1) 1a phuong trinh hoanh d¢ giao diém cua do thi (C):y = f (x) va dudng thang d:y=-m.
Dua vao bang bién thién, ta co:
Phuong trinh f (x)+m=0 c6 nhiéu nghiém thuc nhat
& (C) cét d tai nhiéu diém nhat
< (C) cét d tai2 diém phan biét

-m>1 m<-1
= = .

-m<-15 m>15

. 1+b-c+d<0 . .
Cau 99. [2D1-3] Cho ham s6 y=—-x*+bx*+cx+d ¢ . Tim s6 giao diém phén
—-8+4b+2c+d >0
biét ciia dd thi ham sé d4 cho véi truc hoanh.
A. 0. B. 1. C. 2. D. 3.
Loi gidi

Chon D.
S6 giao diém phan biét caa d6 thi ham sé y = —x® +bx? +cx+d véi truc hoanh 1a s6 nghiém
phan biét ciia phuong trinh —x° +bx* +cx+d =0 (1).
Xéthamso y = f (x)=—x>+bx*+cx+d

Ham sb nay xac dinh va lién tyc trén R
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Céau 100.

Céau 101.

lim f (x) =+

f(-1)=1+b-c+d <0
f(2)=—8+4b+2c+d >0
lim f (x)=—o

X—>+00

Suy ra: Phuong trinh (1) c6 it nhat 1 nghiém trong khoang (—0;—1), c6 it nhat 1 nghiém trong

Taco

khoang (-1;2), 6 it nhat 1 nghiém trong khoang (2;+c0).
Ma (1) 1a phuong trinh bac 3 nén (1) c6 3 nghiém.

Vay sb giao diém cua d6 thi ham s6 y = —x* +bx® +cx+d Véi truc hoanh 1 3.

[2D1.5-3] (NSL-BG-L1-1819) Cho ham s y = 2x* —4x? +g. Gia tri thuc cia m dé phuong
N 4 2 3 2 1 r ; P A cAp I
trinh |2x" —4x +E =m —m+§ c6 ding 8 nghiém thyc phén biét la
A.0<m<1. B.0<m«<1. C.0<m<1. D.0<m<1.
Loi giai
Chon B.
Tap xac dinh: D=R.
x=-1
Taco: y'=8x"-8x =8x(x*~1); y'=0<8x(x’ -1)=0 <| x=0 .
x=1
Bang bién thién:
X | —0 -1 0 1 +00
y' — 0 + 0 — 0 +
+00 3 +00
y \ 1 / > \ 1 /
2 2

Dua vao bing bién thién cia ham sb y = 2x* — 4x? +%-

Suy ra phuong trinh [2x* —4x° +g =m? —m+% c6 ding 8 nghiém phan biét khi va chi khi:
2
0<m2—m+%<%<:>m2—m<0c>0<m<1 do m2—m+%:(m—%] +%>0, VmeR.

[2D1.5-3] (NSL-BG-L1-1819) Goi A la tiép tuyén tai diem M (X,;Y,), X, <O thudc do thi

ham sé y _X*2 26 cho khoang cach tir 1(-11) dén A dat gia tri I6n nhat, khi do tich x,.y,

X+1
bang
A. 2. B. 2. C. -1. D. 0.
Lo giai
Chon D.
Duong thang A la tiép tuyen tai diém M (X,;Y, ), X, <0, %, # -1 thuoc d thi ham s6 y :%
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Céau 102.

Céau 103.

c6 phuong trinhy =

1 (X=X )+

(XO +1) Xy +1.

Khoang cach tir 1 (-11) dén A la d(1,A) =

\/(xo +1)4 ‘1 \/2 /(Xo +1)4

=0

d(1,4) =2 io

max

Vi X <0=x%x,=-2=Y,=0=x,.y, =0.

2%, +1] y 2%, +1] _a

[1D2.3-3] (NSL-BG-L1-1819) Gia tri lon nhat cua ham SO
f(x)=v5-x+vx-1—-/(x-1)(5-x)+5 la
A 7. B.O. C.3+3J2. D. khdng tdn tai.

Loi giai
Chon A.
Tép xdc dinh cua ham s 1a doan [1;5].

. 1 V5-x—-+/x-1
Patt=h(x)=v5-x++x-1,tacod h'(x)==. .
¢ ( ) ( ) 2 J5-xA/x-1

h'(x)=0=v5-x-vJx-1=0< x=3€[L;5].

Ma f(1)=f(5)=2f (3):2J§. Suy ra rﬂg]xh(x):zx/z rpis]nh(x):o.

1

Do d6 2<t<242.
2
Tacs = 4-25-X)(x-1) & E-x)(x-1) = —*.

Khido f(x) tré thanh g(t):t—%(t2—4)+5:—%t2+t+7,véi 2<t<242.

Taco g'(t)=-t+1<0,Vt e[z; 2\5} nén ham sé g(t) nghich bién trén [Z;Z\E]

Suy ra rﬂg]xf(x): max g(t)=9(2)=7.

222]

[2D1.4-3] (NSL-BG-L1-1819) Céc gia tri cia tham s6 m dé 4o thi caa ham sb

B x-1
Jmx2 —3mx + 2

c6 bdn duong tiém can phan biét 1a

A. m>Q0. B.m>g. C.m>§. D.m>§,m¢1.
8 9 9
Loi giai
Chon D.
biéu kién: mx? —3mx+2>0 (*)
e Truong hop m=0,tacd y :XT_Zl nén dd thj khong c6 dudng tiém can.

e Truong hop m<0:

Tacd A=9m°—8m >0 nén mx’—3mx+2>0< X [X;X,] nén do thi ham sb khéng c6

tiém can ngang. Chi c6 ti da hai tiém can dung.
e Truong hop m>0:
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v Néu A=9m*-8m<0<=0< m<g: Ham sb xac dinh trén R.
Va mx? —3mx+2>0,VxeR nén dd thi ham s khong c6 tiém can ding.

- 1 . -1 TR ) )
Tacd limy=—, lim y=—= nén do thi ham s6 c6 hai duong tiém can ngang.

I Ay el U S

v’ Néu A:9m2—8m:0<:>m=g:Hémsétrc’ythénh y= 3(x=2) _ 3(x=2)

J8x2—24x+18 \/§|2X—3| '

Do thi ham s6 chico 1 TCP va 2 TCN.

v Néu A=9m?’-8m>0<m >g: Ham s6 xac dinh trén cac khoang (—oo; Xl) (X2;+oo).

; N : s 1
Nén do thi ham s6 c6 haiduong TCN la y =+—.
Jm

Diéu kién dé db thi co 2 duong TCD 1a x =2 khong phai 12 nghiém cua
mx? —3mx+2=0 < 4m-6m+2#0< m=1.

. o, X i 1 8 .
ToOm lai: gia tri cia m can tim la m>§ va m=1.

Cau 104. [2D1.1-3] (NGO GIA TU-VPU-L1-1819) C6 tat ca bao nhiéu gia tri nguyén caa m dé ham

s6 y:2X+—m+11 nghich bién trén mdi khoang (—oo;—4) va (11;+)?
X+m—
A. 13. B.12. C. 15. D.14.
Loi giai

Chon A.
Tap xc dinh D =R\{1-m}.
Taco y' :m——32.

(x+m-1)
Ham sé y:2x+—m+11 nghich bién trén mdi khoang (—oo;—4) va (1L+%0) khi y'<0 voi

X+m—

Vx e (—o0;—-4) va (11;+00).
m—_?’2<0

< (x+m-1) <:>{
-4<1-m<11

< -10<m<3.

m-3<0 m<3
=
-10<m<5 -10<m<5

Do meZ nén me{-10;-9;...;2} nénco 13 gia tri cia m.

Cau 105. [2D1.3-3] (NGO GIA TU-VPU-L1-1819) Tim m dé gia tri I6n nhat cua ham sé
y:‘x3 —3x+2m—]4 trén doan [0;2] Ia nho nhét. Gié tri caa m thugc khoang

3 2
Loi giai
Chon A.
: =1
Xéthamsé g(x)=x’~3x+2m-1, g'(x)=3x" -3, g’(x)zoc{i— L

Trén [0;2] tacé g(0)=2m-1; g(1)=2m-3; g(2)=1+2m.
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Céau 106.

Céau 107.

:|2m—3+2m+14+\2m—3—(2m+1)\
2
Suy ra dé gia tri 16n nhat cua ham sb y:‘x3—3x+2m—q trén doan [0;2] la nho nhat thi

Khi d6 rfg%(y:max{|2m—3|;|2m+]4} =2m-1+1>1

1
Sm=—.
2

Vay me(0;1).

[2D1.4-3] (NGO GIA TU-VPU-L1-1819) C6 bao nhiéu gié tri nguyén caa tham sé6 m dé d6
x> —3x+2
x> —mx—-m+5
A. 8. B. 10. C.11. D. 9.

Lai gidi

thiham sb y =

khong c6 duong tiém can dirng?

Chon B.

x> —3x+2
X2 —mx—m+5
m’-4(5-m)<0 m’+4m-20<0
1-m-m+5=0 <|[m=3 C{
{4—2m—m+5:0 {m:3

D6 thi ham sé y = khéng co tiém can dang khi va chi khi

2-2J6<m<-2+2J6
m=3 '
Do meZ nén me {-6;-5;-4;-3,-2;-1,0;1;2;3} .

[2D1.2-4] (NSL-BG-L1-1819) Cho ham s6 y = f (x) c6 dao ham f'(x)=(x-1)"(x* - 2x),

véi WxeR. S6 gia tri nguyén cua tham s6 m dé ham so g(x)= f(x3—3x2 +m) c6 8 diém

cuc tri la
A. 2. B. 3. C. 1. D. 4.
Loi gii
Chon C.
Taco g'(x)=(3x*-6x).f'(x° =3x* +m).
e, x=0
3x°-6x=0 (9

X°=3x*+m=1 s o
9'(x)=0e| | 22 0<:> x*-3x*+m=1.

X} -3x*+m=
x*-3x*+m=0

x°—3x*+m=2 s s
- [ X =3x"+m=2

Vi khi di qua cac nghiém cta phuong trinh x* —3x? +m=1 (néu c6) dau cua f’(X3 —3x* + m)
khong d6i nén dau cua g'(x) chi phu thugc cac nghiém cua ba phuong trinh con lai.
Vay ham sé y=g(x) c6 8 diém cuc tri khi va chi khi mdi phuong trinh x*-3x*+m=0 va

x> —3x* +m= 2 phai c6 ba nghiém phan biét (khac 0 va khac 2).

Xét ham sb h(x)=-x*+3x*,tacé h'(x)=-3x"+6x; h’(x):0<:{ ~

Bang bién thién cua ham s y =h(x)
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Dya vao bang bién thién, ta thiy diéu kién dé mdi phuong trinh —x®+3x*=m va

—x% +3x* =m—2 phai c6 ba nghiém phan biét (khac 0 va khac 2) la
O<m-2<m<d4&2<m<4.

Vay chi c6 mét gia tri nguyén cia m thoaman (Ia m=3).

Cau 108. [2D1-4] Phuong trinh 2x+1+XxvX*+2+(x+1)Vx*+2x+3=0 c6 bao nhiéu nghi¢m

nguyén?

A. 0. B. 1. C. 2. D. 3.
Loi giai

Chon A.

Taco: 2x+1+xVXx2 +2 +(x+1)Vx* +2x+3 =0
S X+ XVXT+2+(X+1)+(x+1) (x+1)2+2

< (Xx+1)+(x+1) (x+1)2+2:(—x)+(—x) (—x)2+2
2
Xéthamso f(t)=t+tJt?+2 co f’(t):1+\/t2+2+:—>OVte]R.
t°+2
Suyrahamso f(t) dong biéntrén R nén f(u)=f(v)<u=v.

Suy ra: x+1:—x<:>x:%.

Vay phuong trinh d@ cho khéng c6 nghiém nguyén.

Cau 109. [2D1-4] Tim m dé bét phuong trinh v1-x? +231- x* <m+1 nghiém dung véi vx e[-1;1].
A. m<3. B. m>-1. C. m>2. D. m<2.
Loi giai
Chon C.
Tathdy 0<1-x*<1vxe[-1;1].

t* =v1-x°
2=h-x

Bét phuong trinh da cho tré thanh: t°+2t* <m+1(*).
Xéthamso f(t)=t>+2t* trén doan [0;1] co f'(t)=3t"+4t

t=0

Taco: f'(t)=0=3t°+4t=0< t 4.
T3

bt t={1-x* véi t €[0;1]. Khi dé:{

Bang bién thién:
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Dya vao bang bién thién ta thiy bat phuong trinh da cho ding Vx e[-1;1] khi va chi khi bat

t 0 1 +oc

phuong trinh (*) ding Vte[0;1] ©m+1>23< m>2.

Cau 110. [2D15-4] (NGO  GIA  TU-VPU-L1-1819) Cho  phuong trinh
X3 —3x2 —2x+m—-3+232x*+3x+m=0. Tap S la tap hop cac gia tri cia m nguyén dé
phuong trinh ¢6 ba nghiém phan biét. Tinh tong cac phan tir cia S .

A. 15. B. 9. C.0. D. 3.
Loi gidi

Chon B.

X2 —3x2 —2x+m—-3+232x*+3x+m=0

< 23 +3x+m+232x° +3x+m = x> +3x* +5x+3

S 23 +3x+m+2Y2x3 +3x+m = x> +3x* +3x+1+2X+ 2

& 2X° +3x+m+232x° +3x+m =(x +1)3 +2(x+1)

Xéthamsd f(t)=t>+2t trén R.

f'(t)=3t?+2>0 VteR

Suy ra ham sé dong bién trén R .

Suyra 2x* +3x+m=(x+1)’ = —x*+3x? +1=m.

Xéthamso f(x)=—x*+3x*+1 taco bang bién thién :

X —© 0 2 +00

y' - 0 + 0 -

+00 \
y _— 5 \
1
Tur bang bién thién ta thiy dé phuong trinh ¢6 3 nghiémthi 1<m <5 = m={2; 3; 4}.

Cau 111. [2D1.5-4] (NGO GIA TU-VPU-L1-1819) Cho hamsd y = f (x) lién tuc trén R va c6 db thi

nhu hinh v&. Goi m la s nghiém ciia phuong trinh f ( ) 1. Khang dinh nao sau day 1a

dang?
Y1,
INE
/\/
A. m=6. B.m=7. C. m=5. D. m=9.
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Loi giai
Chon B.
f(x)=a;(-1<a<0)
Tudothitaco f(f(x))=1<|f(x)=b;(0<b<1)
f(x)=c;(2<c<3)
Véi f(x)=a, -1<a<0 tirdo thi d& thdy phuong trinh f (x)=a c6 3 nghiém.
Véi f(x)=b, 0<b<1 tirdd thidé thdy phuong trinh f (x)=b c6 3 nghiem.
)

Véi f(x)=c, 2<a<3 tirdo thi d& thiy phuong trinh f (x)=c c6 1 nghiém.
Vay phuong trinh da cho ¢6 7 nghiém.

Cau 112. [2D1.2-4] (NGO GIA TU-VPU-L1-1819) Cho hamsd y = f (x) c6 dao hamtrén R va c6 dd
thi nhu hinh v& bén. Ham s6 y = ( f (x))’ c6 bao nhiéu diém cuc tri?

y

of 1 \3 X
A.5. B. 3. C. 4. D. 6.
Loi giai
Chon A.
Tacoy=(f(x)) =y =2.F(x).f(x).
Tur do thi ta co: ham s y = f (x)cé ba diém cyc trinén f'(x)=0 c6 ba nghiém phan biét,
Turdo thitaco f (x)=0 co ba nghiém phan biét.
Tirdo suyra y=(f (x))2 c¢6 nam diém cuc tri (Vi c6 nghiém x =1 bj tring).
Cau 113. [2D1.5-4] (BINH MINH-NBI-L1-1819) Cho ham s6 y=ax’+bx*+cx+d c6 do thi (C).
Bict rang (C) cat truc hoanh tai 3 diém phan biét c6 hoanh do X, > X, > X, >0 va trung diém

noi 2 diém cuc tri cia (C) c6 hoanh dd Xo=§- Biet  ring

(3%, +4%, +5%, )" = 44( XX, + X, X, + X;%, ) . HAy tinh tong S = x, + X2 + .

=iy B. = c. 3 D.1,
216 157 216
Loi giai
Chon C.

Tap xac dinh: D=R. Tacd: y'=3ax*+2bx+c

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 80/178



Do d6 thi (C) ¢6 hai diém cyc tri nén ta c6 phuong trinh y’' =0 ¢6 hai nghiém phan biét hay la
phuong trinh 3ax® + 2bx+c¢ =0 cd hai nghiém phan biét x., X; va hai nghi¢m nay ciing chinh
2b
3a’

\ N LR . . o102 N Xi + Xj 1 2b 2
Suy ra hoanh d¢ trung diém noi hai diém cuc tri la x, = 7 —3 & "33 <b=-a.

a

Mat khéc do gia thiét ta c6 phuong trinh ax® +bx? +cx+d =0 cd ba nghiém phan biét x,, x,,

14 hoanh do cua hai diém cyc trj cua do thi (C). Theo vi-étta co X, + X, =—

A o . b a
X; Néntheo vi—€ttaco x, +X, + X, =——=—=1.
a a

Ta c6: (3%, +4%, +5%,)° = 44(XX, + X, X + XX, ) < 9X2 +16X% + 25x7 = 20X, + 4%,X, +14X,X,

@Q 2, 40
313 %

+ X2 + 4% +%xf +21X2 = 20X, X, + 4X, X, +14X.X, .
Ap dung bat dang thirc Cauchuy ta co:

. 2(4xf +9%7 )2 %.21/4xf.9x22 =20%X, (1).

o Xj+AX; 2 2,X;.4%; =4xX, (2).

. é(4xf +36x§)2é.2‘/4xf.36x§ =14%.x, (3).

Lay (1)+(2)+(3) Vvé theo V€ taco: <> 9x? +16X; + 25X = 20X X, +4X,X; +14X,X,.

_3 1
4x2 =9x; X1—EX2 x1:E
e : | x2=4x8 X, = 2X, 1
Dau dang thac xay ra khi va chi khiz{ ™2~ ° N P -
4x% = 36x; x—ixl 3
L=
X +X, + X =1 3 &:l
X +X,+X%X =1 6
1 (1) (1) 133
VA S: +X2+X3:—+ — +| — =
YETATRTA 2(3] (6] 216

Cau114. [2D1.5-4] (BINH MINH-NBI-L1-1819) Cho ham sb bac ba f(x) va

g(x)=f(m<+nx+p) (mn,peQ) cé s thi nhu hinh dusi (Dudng nét lién la ¢ thi ham
f (x), nét dut 1a do thi cia ham g(x), duong thang x = —% 4 truc d6i xtrng cuia d6 thi ham sé

g(x)).

Gid tri cua bieu thuc P =(n+m)(m+ p)( p+2n) bang bao nhiéu?
A. 12. B. 16. C. 24. D. 6.
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Loi giai
Chon A.
Taco f(x):ax3+bx2+cx+d = f’(x):3ax2+2bx+c.

Ham s6 dat cuc trj tai x =0;x =2 va do thi ham s6 qua diém (1,0), (0;2) nén

f'(0)=0 a=1
f'(2)=0 =—
(2) = 3:>f(x) x*—3x*+2
f(1)=0 c=0
f(0)=2 (d=2
Taco g(x)=(mx*+nx+ p)3—3(mx2+nx+ p)2+2. Hé s6 tw do bang p®—3p%+2.
p=1
D6 thi ham s6 g (x) qua diém (0;0) nén p*-3p?+2=0=|p=1-+3.Vi pcQ nén p=1.
p:1+\/§
P thi ham s6 g (x) = f (mx +nx+ p) c6 truc ddi ximg X——%nen d6 thi ham sb
2 ~ . I 1 n 1
y =mXx° +nxX+ p ciing co truc 4ol Xt X=——=>-——=——=>m=n.
2 2m 2
Do thi ham s6 g(x) qua diém (-2;2) nén
m=n=1
g(-2)=0=g(x)=(2m+1)’-3(2m+1)" +2=2= 1.
m=n=—=

Do db thi c6 huéng quay Iéntrénsuyra m>0=m=n=p=1
= P=(n+m)(m+p)(p+2n)=12.

Cau 115. [2D1.3-3] (VINH YEN-VPU-L1-1819) Cho hai ham s6 y= f(x), y=g(x) c6 dao ham la
f'(x), g'(x). Do thihamso y = f'(x) va g'(x) duge cho nhu hinh V& bén dudi.
y

9'(x)

/

f'(x)

2 6 X
Bict rang f(0)-f(6)<g(0)-g(6). Gid tri lén nhat, gia tri nho nhat cua ham sb
h(x)= f (x)—g(x) trén doan [0;6] lan luot 12
A. h(2), h(s). . h(6), h(2). C. h(0), h(2). D. h(2),h(0).
Loi giai
Chon B.
Taco: h'(x)=f'(x)-g'(x). Dodo h'(x)=0 < f'(x)=9g'(x) = x=2.
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Céau 116.

Cau 117.

h(0) h(6)
h(X) \ h(z) /

Dua vao bang bién thién ta c6 r[r01|6r]1 h(x)=h(2).

Mat khéc: f(0)—f(6)<g(0)-g(6)< f(0)-g(0)< f(6)-g(6) <= h(0)<h(6).
Vay ma?<h(x):h(6).

[0:6

_cotx—-2

[2D1.1-3] (NHA NAM — BGI-L1-1819) Gia tri m dé ham s6 R — nghich bién trén
cotxXx—m
T T N
——=11a
%
m<0
A. . B.1<m<2. A. m<0 D.m>2.
1<m<?2
Loi giai
Chon A.
bat t:cotx,XG(E;Ejzte(O;l).
42
Taco y:—t_2
t—m
Dé ham s y:M nghich bién trén (E;Zj, thi ham s6 y:E dong bién trén(0;1)
cotx—m 4 2 t—m
Xét ham sb y:E
t—m
y' = 2-m
(t-m)’
. . -2 . me(0;1 m<0
bé ham so6 y:u dong bien trén(O;l) thi ( ) S :
t—m y'>0vxe(0;1) [1sm<2
[2D1.4-4] (VINH YEN-VPU-L1-1819) Cho ham s6 y = ZX_Zl c6 do thi (C). Goi | la giao
X_

diém cuia hai duong tiém can. Tiép tuyén A cua (C) tai M cdt cac dudng tiém can tai A va
B sao cho dudng tron ngoai tiép tam giac IAB c6 dién tich nho nhat. Khi do tiép tuyén A cua
(C) tao VGi hai truc toa do mot tam giac c6 dién tich 16n nhat thuoc khoang nao?

A. (29; 30). B. (27; 28). C. (26; 27). D. (28; 29).
Loi giai
Chon B.
* Goi M (xo; 2% _21] e(C),(x, #2).
-
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3(x—xo)+2x0 -1
(o2 %2

o . \ 2, +2
- Giao diém cua A Vi tiém can dang 12 A(Z; at +2 ]
Xo —

Phuong trinh tiép tuyén tai M c6 dang: A:y =—

= Giao diém cua A Vvéi tiém can ngang 1a B(2x,-2; 2).
Xy +Xg =2+2X,—2=2X,

= Xét :2x0+2+2:2.2x0—1

= M 1a trung diém ctua AB.
YatYe
X, —2 Xo—2

0

= AIAB vubng tai 1 nén M 1a tam dudng tron ngoai tiép tam giac 1AB.

2
2%, —1 2 9
S=zR?*=7IM? = ~2Y 0"~ 2 |= “2Y+——_|>6
=S=r T ﬂ{(XO ) +(XO_2 ]} ﬂli(XO ) +(X0_2)2} ps
2 9 {XO: \/§+2:>y0: J3+2

= Dau "=" xay rakhi (x, —2) :(x % =
-

X, =—\3+2=y,=—3+2

“V6i X, = V3+2 = Aty =-x+2V3+4 cit 2truc toa do tai E(0; 23 +4) va
F(243+4;0), suyra Sq :%OE.OF =14+84/3 ~ 27,8564

VoI X =—V3+2=A1y=-x-23+4 cit 2 truc toa do tai E(0;-2V3+4) va
F(-23+4;0), suyra S :%OE.OF =14-8/3 ~0,1435.

Cau 118. [2D1.3-4] (VINH YEN-VPU-L1-1819) Goi S la tap hop tat ca c4c gia tri thuc cua tham sb

2
m sao cho gié tri Ién nhat ciia ham s6 y = % trén doan [1;2] bang 2. S6 phan tu
+
cua S la
A. 1. B. 4. C. 3. D. 2.
Loi giai
Chon D.
gy X2 +mx+m |, X2 +2x ., x=0g(L2
bat g(x)=————; 9'(x)= 2 5 9'(x)=0 ( )
X+1 (x+1) x=-2¢(12)
2
Suy ra gia tri I6n nhat cia ham sé f (x) = % trén [1;2] 1a f (1) hoac f(2)
+
3
I+m+m m:E
Truong hop 1: f(1)=2< |- 2 .
m=73

Khi m:g ta co f(2):%>2 (loai)

Khi m:—% ta co f(2):%<2 (nhan)
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44+2m+m

Truong hop 2: f(2)=2<

Khi mzé ta co f(l):%<2 (nhan)
Khi m= —% tacod f(2) :% >2 (loai)
Vay c6 hai gia trj caa m thoa yéu cau bai toén.
Cau 119. [2D1.2-4] (NHA NAM - BGI-L1-1819) Cho ham s6 y = f (x). Ham s6 y = f’(x) c6 d6 thi
nhu hinh vé dudi day.
y
-

O X

Tim m déhamsd y = f(x*—2m) c6 3 diém cyc tri
A. me(—%;o] B. me(3;+x). C. me[o;g] D. me(-«;0).

Loi giai
Chon A.
x<0 f'(x) <0< xe(0;3)\{1}.

Theo d6 thi ta cé: f’(X)>0<:{ :
X>3

Ta co: y’:[f(x2—2m)]’:2x.f’(x2—2m)
[x=0
x=0 x> —2m=0
f’(x2—2m):0<:> —2m=1 " |xt=2m+1
| X*-2m=3 | x*=2m+3

Cho y’:0<:{

Dé ham sb ¢ 3 diém cuyc trj thi phuong trinh y' =0 phai c6 3 nghiém boi l¢.
Tathay x =0 1a mot nghiém bai lé.
Dua vao d6 thi ciia y=f'(x) tathdy x=1 Ia nghiém boi chdn (khong doi dau), do do ta
khong xét truong hop x> —2m=1.
Suy ra dé ham s c6 3 diém cuc tri thi:
e TH1. x*=2m c6 2 nghiém phan biét khac 0 va x*=2m+3 vd nghiém hoic c6 nghiém
kép bang 0
m>0

& 3o med.
mS—E

e TH2. x> =2m+3 cd 2 nghiém phan biét khac 0 va x*=2m vd nghiém hoic c6 nghiém
kép bang 0
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3
m>-—— 3
= 2<:>—E<m£0.

m<0
Vay ham sb ¢6 3 diém cuc tri khi me (—%;0} .

Cau 120. [2D1.5-4] (LY NHAN TONG-BNI-L1-1819) Cho ham s6 y = f (x) lién tuc trén R va c6 dd
thi nhu hinh vé

Goi m la s6 nghiém ciia phuong trinh f (f (x))=1. Khang dinh nao sau day ding?

A m=T7. B.m=6. C. m=5. D. m=9.
Lai gidi

Chon A.

f(x)=a, -1l<a<O0
Taco f(f(x))=1<|f(x)=b, 0<b<l

f(x)=c, ¢>2
Phuong trinh f(x)=a vdi —1<a<0 cd 3 nghiém.

Phuong trinh f (x

Phuong trinh f (x)=b véi 0<a<1 c6 3 nghiém.
(x)=c véi c>2 ¢c6 1 nghiém.
C

Vay s6 nghiém cia phuong trinh f ( f (X)) =1la7.

PHAN 2. HAM SO LUY THUA. HAM SO MU. HAM SO LOGARRIT
CAu 121. [2D2-1] Phuong trinh 2*" —8* =0 c¢6 nghiém la

A.x:y. B.x:y. C.x:y. D.x:@.
4 5 6 3
Loi giai
Chon D.
2017

201 _8¥ =0 2% = 2P 5 3x = 2017 < X ==
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Cau 122. [2D2-1] Tim tap xac dinh caa ham s6 y = log, X—_?’.
X

+2
A. D=R\{-2}. B. D =(—00;-2)U(3;+).
C. D=(-2;3). D. D =(—;-2)U[4;+).
Lot giai

Hamsé y = log,

X_
X+2 X+2
Vay tép xéac dinh la D = (—o0;-2)U(3;+x).
s
Cau 123. [2D2-1] Rut gon biéu thirc Q =b3:¥/b véi b>0.

5

4
A. Q=b?. B.Q=be. C.Q=b 3.

Léi giai
5 1 51 4

5 —_— —
Taco: Q=b%:3b =b%:b3=b3 3 =h3.

3 xac dinh khi va chi khi x=3 >0 Xxe (—oo;—2) u(3; +oo).

D. Q=hs.

Cau 124. [2D1-1] Cho a la s6 thuc dwong khac 1. Ménh dé nao dudi day dung véi moi s thie duong X, y ?

A. Iogalz log, x—log, y. B. Iogaiz log, x+log, y.
y y
C. Iogaizloga(x—y). D. |oga1:|09_ax
y y log,y
Loi gidi
Chon A,

LA A X
Ta c6 cong thuc 16garit caa mot thuong 1a log, —=1log, x—log, y .
y

Cau 125. [2D2-1] Cho a la s6 thuc duong tuy y khac 1. Ménh dé nao dudi ddy ding?

A. log,a=1log, 2. B. log,a= : C.log,a=——
log, a log, 2

Loi giai

Theo cong thire d6i co sb, ta co: log, a= .

log, 2
CAau 126. [2D2-1] Pao ham cua ham sé y =e**™* I3

A. (2x+1)e" . B. (2x+1)e*. C. (x*+x)e™,

Loi gidi

Chen A.
Taco: y' = (exz”)' =(x*+ x)’ e =(2x+1)e ™.

Cau 127. [2D2-1] Pao ham caa ham sé y = log, (x+ex) la

D. log,a=-log, 2.

D. (2x+1)e™",
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1+¢* 1+¢* c 1 1+¢*
In2 X+e* ' (x+e*)|n2' ' (x+ex)ln2'
Lo giai
Chon D.
o o (re) e
Tacory :[Iogz(x+e )] :(x+ex)ln2:(x+ex)ln2'

Cau 128. [2D2-1] Cho hai d6 thi ham s6 y =a* vay = log, x nhu hinh v&. Nhan xét nao dting?
y y=a’

/1
o‘\x

y =log, x

A.a>1b>1. B.a>10<b<1. C.0<a<l1l0<b<l1l. D.0O<a<lb>1.
Loi giai

Chon B.

Nhin vao d6 thj ham s ta thdy y = a* dong bién nén a>1 va y =log, x nghich bién nén

O<b<1.

Cau 129. [2D2-1] Trong cac hinh sau hinh nao 1a dang d6 thi cia ham s6 y=a*,0<a<1.
y y y / y
1 / \ 1 X 1
0] X 0] X
Q) (1) (1) (V)

A. (). B. (I1). C. (111). D. (IV).
Loi giai

Chon B.
Ham sé y = a*,0 < a <1 nghich bién nén d6 thi di xubng tir trai sang phai.

Cau 130. [2D2-1] D6 thi nao dudi day 1a do thi cua ham s y = 2*?

\l i /-

N / A 0/1 X

A O X B. o X ¢ O X D
Lai gidi
Chon C.
Ham s6 y =2 1a ham dong bién. Do thi ham s6 y =2* di qua diém (1;2), cat truc tung tai
(0;1).

Cau 131. [2D2-1] Trong céc hinh sau hinh nao la dang db thj caa ham s y = log, x,a > 1.
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Céau 132.

Céau 133.

Céau 134.

Céau 135.

y y y / y
1 / \\ 1 ol /1 X L
_~ S~~~ O y
0 X 0 X
(1 (11) (11) (V)

A. (). B. (IN). C. (11). D. (IV).
Loi giai

Chon C.
Hamsé y = log, x,a>1 déng bién nén do thi di xudng tir trai sang phai.

[2D2-1] Tim tat ca céc gia tri thuc cua tham sé m dé phwong trinh 3* =m ¢6 nghiém thyc.
A. m>1. B. m>0. C. m>0. D.m=0.

Loi giai
Chon C.

Phuong trinh 3* =m ¢ nghiém thuc véi m> 0.

[2D2-1] Ham s6 y = x® ¢6 cling tap xac dinh véi ham sé ndo trong cac ham sb dudi day.

A. y=sinx. B.y=3%Xx. C.y=¢e. D.y=Inx.
Loi giai

Chon D.

Ham s6 y =x° ¢6 TXD: D =(0;+%).
Hamsb y=sinx co TXP: D=R.
Hamsd y=3/x ¢c6 TXP: D=R.
Hamsb y=e* ¢6 TXD: D=R.
Hamsé y=Inx c6 TXD: D =(0;+x).

Vay ham s6 y = x® ¢6 cing tap xac dinh véi hamsé y =Inx.

[2D2-2] Cho a=log, 3, b=log,5. Khido log,, 20 bing
A ab+2 . B ab+2. C ab+2. D ab+2 '
b(a+1) b+1 a+l a(b+1)
Loi giai
Chon D.
1 2 1 2
Ta co: log,. 20 =log,. 5+log,. 4 = + = +
Jis Iis Jis log;3+log;5 log,3+log,5 1 log 3., 109:5
log, 5 27 log, 2
12 b2 _ ab+2
1.4 240 1+b a(l+b) a(l+b)
b 1
a
1 1\2 -1
[2D2-2] Cho bidu thic A:[xz—y2] (1—2 LJ] , (x>0,y>0). Gia tri cia A tai
X X
Xx=2018 la
A. 2017. B. 2018. C. 2019. D. 4036.
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Léi giai

Chen B.
, NN 2 X
Taco:A(\/—\/_)( \fj (\/_\/_)( Jy ( \/V)—zz
)
Vay gié tri cia A tai x =2018 I3 2018.
(Dé bai phai cho thém diéu kién x # y nita mgi chat chg).
Cau 136. [2D2-2] Biét (v/2 +1)m <(v2 —1)”. Khéng dinh nao sau day luon PUNG?
A. m=n. B.m>n. C. m+n<Q0. D. mn<0.

Loi giai
Chen C.
Taco: (\/§+1)m <(\/§—1)n @(\/E+l)m<(\/§+l)_n Sm<-nesSm+n<0.

Cau 137. [2D2-2] Biét log, x =log, y =c. Khi d6 ¢ bing

X
A. Iogab;. B. log,., (xy). C. log,, (xy). D. log,, (X+Y).
Loi giai
Chen C.
log. x=c< x=a° ¢
Tace: | oa = xy =(ab) < c=log,, (xy).
log,y=c< y=b°
, B2 3 4
Céau 138. [2D2-2] Cho a, b la céc so thyc thoamédn a® >a? va Iogbz<logbg. Khang dinh nao sau
day la dung
A . O<a<l,b>1. B.0<a<l,0<b<1.C a>1, b>1. D.a>1, 0<b<1.
Loi giai
Chen A.
V3 V2 2

DO —<— nena >a? & 0<ax<l.
3 2
Do %<% nén Iogb 3 Iogb <:>b>1

log, (log;10)
log, 10

Al B.1+log, 2. C. 1+log,5. D. log, 2

Léi giai

Cau 139. [2D2-2] Biét a= . Gia tri cua 10* bang

Tac6: a=log(log;10)=10* =10""""' = |og, 10 =1+ log, 2

Céu 140. [2D2-2] Cho hamsé f (x)=¢€* . Khido f"(0) bing
A 0. B. 1. C. 2. D.e.

Léi giai
ChenC.

Tap xac dinh D=R.
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f’(x):2x.exz.
fr(x)=2€" +2x2xe" = (4x2 + 2).eXz .
= £7(0)=2

Cau 141. [2D2-2] Hé s6 goc cua tiép tuyén cua (C):y =log’ X tai diém c6 hoanh do bang 10 la

A. k=1In10. k= ! : C. k=10. D. k=2+In10.
5In10
Loi giai
Chon B.
. 2log x
Tap xac dinh D=(0;+x), y'= .
praed (Otee)s Y= Sin10
Heé sb goc tiep tuyén tai diém c6 hoanh d¢ bang 10 1a k = y'(10) = 2 ___1
’ ’ ' 10In10 5In10
Cau 142. [2D2-2] Cho hamsb y = |n1i. Khang dinh ndo sau diy PUNG?
+ X
Ay -2y=1. B.yy-2=0. C. y'—4e’=0. D. y'+e’=0.
Loi giai
Chon D.
Tap xac dinh D =(-L+x).
1)
Y= x+1) 1
1 x+1"
X+1
o a2 ) 1 1 .
Xétdapan A: y'—2y=———+2In——=1. Loai A.
X+1 X+1
o a2 , 1 1 )
XétdapanB: y.y'—2=In—| —— |-2%0. Loai B.
1+x U 1+X
. 1 -t 5 .
XétdapanC: y'—4ey =————-4e 1 =———=0. Loai C.
Xx+1 X+1
e Dy 1wt 1 1 L
XétdapanD: y'+e' =———+e ¥ =———+——=0. Chon dap an D.
Xx+1 Xx+1 x+1

Cau 143. [2D2-2] Cho ham s6 f (x)=Inx+In(2-x). Phuong trinh f'(x)=0 c6 tap nghiém la

A S={1. B.sz{l}. c.sz{l}. D.5=0.
e 2
Loi gii
Chon A.
Tap xac dinh D =(0;2).
1 1

f'(x)==——-—.

(X) X 2-X

f’(X)ZO@l—LZOQXZL

X 2-X

Vay S ={1}.
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Cau 144, [2D2-2] Cho ham s f (x) =€’ Khi dé gid tri f'(1) thudc khoang nao:
A (0;1). B. (1,2). C. (2:3). D. (3;+0).
Loi giai
Chen C.

Tap xac dinh D=R.
y' = (\/x2 +1) el o

=y'(1)e(23).

X. e\!x2 +1 eﬁ

Nl

. Khang dinh nao sau day PUNG?

Cau 145. [2D2-2] Cho ham s y =—
X+1

A. Ham sb dat cuc dai tai x=0. B. Ham s dong bién trén tap xac dinh.
C.ys= - D. Ham s dat cuc tiéu x=0.
(x+1)
Lo giai
Tap xéc dinh D =R\ {-1}.
e*.(x+1)- x
y'= ) -_¢ 5. = Chon déap 4n C.

(x+1)2 (x+1)

O day y' =

o >0V x e D nénham sb ddng bién trén tirng khoang xac dinh va ham sé
X+1

khdgn c6 cuc tri. Nén cac dap an A, B, D sai.

Cau 146. [2D2-2] Goi M la gia tj lén nhét ciia ham s6 y = x*.e™™ trén [-11]. Khid6 InM bing

A. 1l B. e. C.0. D. -1.
Lo giai

Chen A.

y'=2xe” -x’ e =(2x-x*)e”

x=0

y' =0 (2x-x*) e :OC{X:Z'

Ta xét ham s6 trén [—1,1] nén nhan x=0.

. 1
Taco y(-1)=e, y(1)= o y(0)=0.
Nén M = r[nialxy y(-1)=e
Vay InM =Ine=1.
Cau 147. [2D2-2] biém cuc tri caa dd thi ham sb y = I— thudc duodng thang nao?
1 l 1 1 1
A. y=24ex. B. C. oo Doy=2x.
y y= \/— . y= e\/— y o
Loi giai
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Tap xac dinh D =(0;+ ).

1.,
’ ;.x =2x.Inx 1-21Inx
y = X = N
y’:0<:>1_2:nx =0 <:>|nX=%<:>X=\/E
X
Bang bién thién:
X 0 \/E +00
y + 0 -
0 1
2e
y
0
Dua vao bang bién thién, dd thi ham sé c6 diém cuc dai [a M (JE %)
e
Thay toa d6 M (\/E,%] vao cac dap an, chi co cau C thoa nén chon dap an la C.
e

Cau 148. [2D2-2] Trong cac ham s6 sua, ham sé nao c6 dd thi phd hop véi hinh vé:

A. y=log, X. B. y=Inx. C.=Inx+1. D. y=log, x+1.
Loi giai

Chon D.

Ta thay d6 thi di qua hai diém A(L;1), B(2;2).

Thay toa do A, B vao cac dap an, chi c6 dap an D thoa.

Cau 149. [2D2-2] Cho phuong trinh 4%~ + 221 _3 -0 Phat biéu nao sau diy DUNG?
A. Phuong trinh ¢6 2 nghiém dwong phan biét  B. Phuong trinh c6 nghiém duy nhat.

C. Tong cac nghiém 1a mot sé nguyén. D. Phuong trinh c6 nghiém nguyén.
Loi giai
Chon D.
x=0
Taco: 4% "+ 2771 320 4% * 4227 * 32027 " =1 2x¥ —-x=0< L
2

Cau 150. [2D2-2] Tap nghiém ciia phuong trinh log, 5é2 —28
+

A {2;-%}. B, {z;_g}. C. {2). D. (2:4).

Léi giai

=3-x la

Chon C.
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Céau 151.

Céau 152.

Céu 153.

Céau 154.

BAm may tinh ta duoc nghiém la {2} .

[2D2-2] Cho phuong trinh log; (4x) - log ;; (2x)=5. Nghiém nho nhét ctia phwong trinh thudc
khoang
A. (0:1). B. (13). C.(35). D. (5:9).
Loi giai
Chon A.
1

log, 4x =-1 ==
Taco: log;(4x)—2log,(4x)-3=0< 092 X X735

log, 4x =3 -

[2D2-2] Anh Nam gtri 500 triéu vao ngan hang theo hinh thirc I&i kép ky han 1 nam vai lai

suit khong thay d6i hang nim 13 7.5% ndm. Sau 5 ndm thi anh Nam nhan dugc s6 tién ca vén

1an 13i la

A. 685755000 dong.  B. 717815000 ddng. C. 667735000 dong. D. 707645000 dong.
Loi giai

Chon B.

S tién thu dwoc ca vn Ian 1di sau 5 nam la T =500.10° (1+0.075)° = 717815000 ddng.

[2D2-2] Tir d6 thi cac hams6 y =log, x, y =log, X, y =log, X nhu hinh v&. Khang dinh nao dang?

y y =log, X
y = log, X
O 1 X
y =log, X
A.O<c<bhx<lxa. B.0<a<c<l<h. C.0O<a<l<b<c. D.0O<ax<l<c<h.
Loi giai
Chon C.
y

y =log, X
o) X

y =log, X

Dua vao d6 thi cd y =log, x 1a ham nghich bién nén 0<a <1 (1).

Co y=log, x, y=log, X la cac ham dong bién nén 1<b;1<c.

Duong thang y =1 cit dd thi y =log, x, y =log, X lan luot tai A(b,1);B(c;1).
Dua vao do thico 1<b<c (2).

Tu (1)va (2)cé O<a<l<b<c.

[2D2-2] Tim tp xéc dinh D cuahamsb y=(x¢ —x-2) .
A D=R. B. D=(0;+).
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C. D =(-o0;-1)U(2;+x). D. D=R\{-1;2}.
Lo gii

N A A LA o A £ 1e N X#2
— O nguyen am nen dic € U O Iu U X"—X—<2#0 =
Do -3 la s6 nguyén am nén diéu kién cua ham s6 liy thura la x> 2#0

X#-1

Vay D=R\{-1;2}.

Cau 155. [2D2-2] Tim tap xac dinh D cta ham sb y:(x—l)%.
A. D =(-=;1). B. D=(1;+). C. D=R. D. D=R\{1}.
Lai gidi
Chen B.

1 N A . A - N /4 N
Do 3 la s6 khong nguyén nén dieu kién cia ham so luy thura la x-1>0< x >1.
Vay D =(1;+ ).

Cau 156. [2D2-2] Tim tap x4c dinh D cia ham sb y = log, (x* —4x+3).

A. D=(2-2;1)u(3;2++2). B. D=(1;3).

C. D=(-0;1)U(3;+ ). D. D:(—oo;Z—\/E)u(2+\/§;+oo).
Loi giai

Chen C.

N x<1
biéu kién: x2—4x+3>0<:{ .
X>3

Vay D =(-w;1)U(3;+).

Cau 157. [2D2-2] Tim gid trj thyc ciatham s6 m dé ham s§ y = log(x* —2x—m+1) c6 tap x4c dinh 1A R .
A.m>0. B. m<0. C. m<2. D.m>2.
Loi gidi
Ham sb da cho cd tap xac dinh 1a R khi va chi khi x> -2x-m+1>0 VxeR
& A'=1-(-m+1)=m<0.
Cau 158. [2D2-2] Cho a Ia 6 thye duong khac 1. Tinh | =log . a.
1

A'IZE' B. 1=0. C.l=-2. D.1=2.
Loi giai

Chen D.

Taco: I =log a=log , a=2log,a=2.

2
Cau 159. [2D2-2] Cho a la s6 thuc dwong khac 2. Tinh | =log, [a?]

2

A.Izi. B.1=2. C.I:—i. D.I=-2.
2 2
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Léi giai

, a’ aY a
Taco: I =lo —|=lo — | =2log. ==2.
93(4] 93(2] 932

2 2 2

1
Cau 160. [2D2-2] Rt gon biéu thirc P = x3.8/x véi x>0.
1 2

A P=x8. B. P=x%. C. P=+x. D. P=x°.

Loi giai
1 11 1.1 1
Taco: P=x3.8x = x3.x8 = x3 6x=x2 =+/x.
Cau 161. [2D2-2] Véi a, b la céc s6 thuc duong tay ¥ va a khac 1, dat P =log, b® +log_, b®. Ménh dé
nao dudi day dung?
A. P=9log,b. B. P=27log,b. C. P=15log,b. D. P=6log,b.

Léi giai
Chen D.

Taco: P=log, b’ +log, b° :3Iogab+glogab=3logab+3|ogab=6logab.

Cau 162. [2D2-2] Cho log, b =2 va log, ¢ =3. Tinh P =log, (bc®).
A. P=31. B. P=13. C. P=30. D. P=108.

Léi giai
Chen B.

Taco: P =log, (b’c®)=log, b’ +log, ¢* = 2log, b +3log, c = 2.2+3.3=13.

Cau 163. [2D2-2] Cho log,a =2 va log,b :%. Tinh I =2log, [ log, (3a)]+log, b*.

4
A.I:E. B.1=4. C.1=0. D.I:E.
4 2

Léi giai
Chen D.

Tacd | =2log, | log,(3a)]+log, b’ =2log, [log, 3+ log, a] + log

4

b2

22

:2Iog3(l+2)—logzb:2I0933—Iogzb:2—%:g

Cau 164. [2D2-2] Véi moi a, b, x la cac sé thuc duong thoa man log, x =5log, a+3log, b. Ménh dé
nao dudi day dang.
A. x=3a+5b. B. x=5a+3b. C. x=a’+b’. D. x=a’h°.

Loi giai
Chen D.
Ta co: log, x =5log, a+3log, b = log, a° +log, b° = log, (a®b® ), nén x =a’b®.

Cau 165. [2D2-2] Vi moi sb thue duong a va b thoa madn a? +b? =8ab, ménh dé nao dudi day dung?
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Céau 166.

Céau 167.

Céu 168.

Cau 169.

A. Iog(a+b):%(loga+logb). B. log(a+b)=1+loga+logb.

C. log(a+b) :%(1+Ioga+logb). D. log(a+b) :%+Iog a+logh.
Léi gii
Chen C.

Tac6: a*+b? =8ab < (a+b)” =10ab < log(a+b)’ = log(10ab)

< 2log(a+b)=logl0+loga+logh < Iog(a+b):%(l+loga+logb)

[2D2-2] Vé&i moi sb thuc duong x, y tlyy, dat log, x=c , log, y = B . Ménh d nao dudi day

dang?
A. log,, (ﬂ] :Q(Q—ﬁ]. B. Iogﬂ(ﬂ] :g+ﬁ.
y 2 y 2
C. log,, (ﬂ] zg(ﬁw]. D. log,, {ﬂ] -2 3.
y 2 y 2
Loi giai
Chen D.
Ta co: log,, (ﬂj =log,, (ﬂl :§Iogs(£]:Iogs[ﬂJ
y y 3 y y

1 1
:Iog3\/§—log3y:EIog3x—Iogsy:Ea_ﬁ

[2D2-2] Cho ham s y = xe*. Chon hé thirc dung:
A y'-2y'+1=0. B.y'-2y'-3y=0. C.y"-2y'"+y=0. D.y"-2y"+3y=0.

Loi giai
’
Taco y'=xe +x(e') =e*+xe*, y"=2e"+xe* nén y"-2y'+y=0.

[2D2-2] Do ham ciiaham so y =(2x-1)3"1a

A. 3*(2-2xIn3+In3). B. 3*(2+2xIn3-1In3).
C. 2.3 +(2x-1)x.3*%. D. 2.3"In3.

Loi giai
Chen B.

Taco y' = (2x-1) 3" +(2x-1)(3") =2.3 +(2x-1)3 In3=3*(2+2xIn3-In3).

[2D2-2] Tinh dao ham cua ham s6 y = log, (2x+1).
A. y’:;. B. y':#. C.y'= 2 . D.y'= ! .
(2x+1)In2 (2x+1)In2 2x+1 2x+1

Léi giai
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Céau 170.

Cau 171.

Céu 172.

Cau 173.

Cau 174.

(2x+1)' B 2

Tacoy' = = :
Y= 2x+1)in2 ~ (2x+1)in2
[2D2-2] B6 thi hinh bén 1a ciia ham sé nao?
y
1 _____ ]
/0 2 X
A. y=log, x+1. B. y=log,(x+1). C.y=log,x. D. y=log,(x+1).
Loi gidi

Nhin vao db thi ta thiy khi x=0thi y =0 vakhi x=2thi y=1, néntaco y=log,(x+1) thda
man.

[2D2-2] Cho phuong trinh 4* +2*" —3=0. Khi dit t = 2*, ta duoc phuong trinh nao dudi day?
A. 2t?-3=0. B.t*+t-3=0. C. 4t-3=0. D. t?+2t-3=0.

Loi giai
Chen D.

Tach 4 +2"-3=0<=4"+2.2"-3=0.
Dit t =2*, t > 0thi phuong trinh da cho tré thanh t* +2t —-3=0.

[2D2-2] Tim nghiém cua phuong trinh log, (1-x)=2.

A x=-4. B. x=-3. C. x=3. D. x=5.
Lo giai

Chon B.

DK: 1-x>0< x<1.
log, (1-x)=2 < 1-x=4 < x=-3(nhan).

[2D2-2] Tim tap nghiém S ciia phuong trinh log, (2x+1)—log, (x-1)=1.
A S={4}. B.S={3. C.S={-2. D. S={1}.
Léi giai
Chon A,
X>—=
bK: 2 x>1.
Xx>1
log, (2x+1)—log, (x-1)=1< 2X+11:3<:> 2x+1=3x-3 < x=4 (nhan).
X_
[2D2-2] Tim tap nghiém S ciia phuong trinh log ; (x—~1)+log, (x+1) =1
2
A. 8 ={2+5}. B.s={2-v5;2++5}. C.s={3}. D.
S 3+4/13
=7
Léi giai

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 98/178



PbK: x>1

Taco: log ; (x—1)+log, (x+1) =1 & (x-1)" =2(x+1) = X’ ~4x-1=0 < x=2+5

2 x:2—\/§

Két hop diéu kién phuong trinh c6 nghiém: S = {2+x/§} :

Cau 175. [2D2-2] Giai phuong trinh 272X —3. Ta c6 tap nghiém bing

A. {1+/1+1og, 3; 1~ [1+log, 3} B. {-1+41+log,3; ~1- [ +log, 3}.

C. {1+\/1—Iogz3;1—\/1—logz3}. D. {—1+,/1—|ogzs; ~1- l—Iogz3}.
Loi gidi

Chen A.

Taco: 2X ¥ =3 < x2—2x=log,3 < x*—2x-10g,3=0 < x=1+./1+log, 3

Cau 176. [2D2-2] Giai phuong trinh 3" +3** =12. Ta ¢4 tap nghiém bing

A. {1;2}. B. {-12}. C.{1-2}. D. {-1-2}.
Lai giai

Chen A,

o e - ) 3=3 X=
Taco: 3'+37"=12<=37-123"+27=0 < &
LX =9 {x =2
Cau 177. [2D2-2] Giai phuong trinh 125* +50* = 2***, Ta ¢c6 tap nghiém bang

A {-1}. B. {1}. C. {2}. D. {0}.
Lai giai

Chen D.

Taco: 125" +50% = 2% « 5% +57.2* - 2.2%* =0

3x 2X X
@(Ej +(§] -2=0< E =1< x=0.
2 2 2

Cau 178. [2D2-2] Phuong trinh 2 — 227* =3 ¢4 tdng cac nghiém bing
A 1l B.O. C. -2. D. -1.

Lo gii
2 2x2—x -1

2 2 2 2 X:—l
Taco: 2°* - 92 :3@(2X ) 3.2°7-4=0 o|
XX — 4

S xP-x=2 <:{ .
X=2

Vay tong cac nghiém caa phuong trinh 12 1.

Cau 179. [2D2-3] Phuong trinh log, x +2#8 = l+ log 5 VX% —x—8 ¢06 bao nhiéu nghiém nhé hon 2.
X* — X

A. 0. B. 1. C. 2. D. 3.
Lo gii
Chen B.
. 11 — 1 . 1
Ta co: |092 X+X2_—X_8_;+Iog\/§ X —X—8<:>|ng X—;—Iogz(x —X—8)—X2_—X_8.
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Xét f(t):Iogzt—%,t>0.

Khi d6, f’(t):“%+t£2>0 vt>0 nén f(t) dong bién trén (0;+0).

X=-2

Do d6 phuong trinh twong duong véi x=Xx* —x—-8 < X —2X—8:0<:{ A
X =

4 1 _
. . o a®-8.a% b) 2 s
Cau 180. [2D2-3] Rt gon biéu thuc A= 1-23—| -a*, (a>0b>0,a= 8b) bang
a

2 2"
a® + 23/ab + 4b3

A. A=a-b. B. A=a-2b. C. A=1. D. A=0.

Lo gii
Chon D.
L A ! !
Taco: A= 2a3(a—8b) - a3—12b3 _aio 2a3(a—8b) —. 1a3 . _a
a® +23ab +4b® as [a3+2%+4b3] (a3—2b3]

1

1
a’(a-8b).a® 2 2 2
:#_aSZaS_aSZOI
a-8b

(C6 sira lai so voi dé gbe dé co dap an ding)

N

Céau 181. [2D2-3] Biét 0< x<% va log, cos x :-%, khi @6 log, sinx bang

A. %(1—I0923). B.1-log,3. C. %(Iogzs—l). D. ¥
Léi giai
Chon A.

1
Ta co: cosx:35:£<:>sin2x:1—1=3<:>sinx=i /3
3 3 3 3

Do 0<x<% nén sinx>0:>sinx:\/§.

1
Vay log, sin x = log, (\E] = log, (%)2 = %(Iog2 2-log,3) = %(1— log, 3).

Cau 182. [2D2-3] Biét phuong trinh log; x—(m+2)log, x+3m-1=0 c6 hai nghiém x,, x, théa méan
XX, = 27 . Khi d6 gid trj m I
28

A. 3. B. 1. C. 25. D.?.

Loi giai
Chon B.
Ta co: log, x, +log, x, =log, x, X, =109, 27=3=m+2=m=1.

Cau 183. [2D2-3] Téng nghich dao cac nghiém ciia phwrong trinh (\/2+\/§ ) +(\/2—J§) _ 4 bing
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A. 0. B. 4. C.l. D. 1.

4
Léi giai
Chon A.

Ta co: (m)er(m)x 4Q(M)X+W4Q(M)X —2+4/3.

Nén x=+2.
Cau 184. [2D2-3] Goi X, la mot nghiém cta phuong trinh 9*+97™ = 23. Khi d6 gia tri ctia biéu thirc
Ao 5+3% +3™ I
1-3°-3"

A C. 2. D.

N | W
uy)
|
I
N |-

Léi giai
Chon B.

Taco: 9 +97 =23 (3 +37) =253 +37 =5 A:-%.

Cau 185. [2D2-3] Goi X, la mot nghiém khac 1 cua phwong trinh log ; xlog ; x=log ; x+log ; x. Khi
d6 khang dinh nao sau day SAI?
A. x, Q. B. 7 >3. C. log, x, >1. D. 2°<6.
Loi giai
Ta co: log ;; xlog z x=log ; x+log ; X < log, xlog, X = 2log, X+ 2log, X

Véi 0< x #1 ta co phuong trinh tuong duwong véi
1 2
= +
log, 2.1og,3 log,2 log,3

< 2log,6=1<x=36.

Cau 186. [2D2-3] Cho log, x=3, log, x=4 véi a, b la cac s6 thyuc 1én hon 1. Tinh P =log,, X .

A. P:l. B. P:i. C. P=12. D. P:E.
12 12 7
Loi giai
Chen D.
Tu log, x =log, b.log, x, suy ra Iogabzlog—ang.
log,x 4
log,x  log, X 3 3 12

Nén: P =log,, x=

log, (ab) log,a+log,b 1+log, b :1+ 377

Cau 187.[2D2-3] Cho x, y la céc s6 thuc I6n hon 1 thoa min x*>+9y?=6xy. Tinh
1+log,, x+log,, y
B 2log,, (x+3y)
1 1

A M=—. B.M=1. C.M=—. D.le.
4 2 3

Léi giai
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Chon B.

Taco: x2+9y? = 6xy < x* +6xy + 9y =12xy < (x+3y)’ =12xy.

1+log,, x+log,, y log,,12+log,, x+log,, y  log,, (12xy)  log,, (12xy)
2log,, (x+3y) log,, (x+3y)’ log,, (x+3y)*  logy, (12xy)

T do: M = =1.

Cau 188. [2D2-3] Giai phuong trinh 4% +(x? ~7).2X° +12—4x* =0. Ta c6 tap nghiém bing
A {5-1+42}. B. {0;-1,2}. C. {12} D. {L,-2}.
Loi giai
Chon A.
Taco: A=(x2=7) —4(12- &) = x* +2x% +1=(x* +1) .

g _ —(x2 —7)—(x2 +1)

o = > 2¢ =—x2+3(1)
Phuong trinh cé hai nghiém: |
s —(X-7)H(X+1) | 29=4 (2)
2" = 2

bat t=x* (t > 0) khi do phuong trinh (1) tré thanh 2' =—t+3 (*).
Ta c6 phuong trinh (*) vé trai ham s6 lun dong bién, vé phai ham so ludn nghich nén phuong
trinh c6 nghiém duy nhat t =1 = x =+1.
Phuong trinh (2) < x = +/2.
Cau 189. [2D2-3] Tim tit ca c4c gia trji thuc cia tham s6 m dé phuong trinh 4*—2**+m=0 c6 hai
nghiém thuc phan biét.
A. me(-=;1). B. me(0;+x). C. me(0;1]. D. me(0;1).
Loi giai
Chon D.
bit t =2 (t > 0) khi d6 phuong trinh tré thanh: t* —2t+m =0 < m =2t —t?
Xéthamso f(t)=2t-t* (t>0).
Taco: f'(t)=2-2t; f'(t)=0<t=1.

t 0 1 +00
f'(t) + 0 —
o, — 1 T

Dé phuong trinh ¢6 hai nghiém thuc phan biét khi m e (0;1).

Cau 190. [2D2-2] Tim céc gid trj thuc cta tham sé m dé phuong trinh logZ x —mlog, x+2m—7 =0 c6
hai nghi¢m thuc x;, X, théa man x;x, =81.
A m=-4. B.m=4. C. m=8l1. D.m=—.

Léi giai
Chon A.
Taco: log, x, +log, x, =log,(xX,) < m=1log,81 <3"=81 <& m=4
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Cau 191. [2D2-2] Phuong trinh x(In® x—1)=0 ¢o s nghiém Ia

A. 3. B. 0. C. 2. D.1
Loi giai
0
x>0 x> 0
X = X=e
Taco: x(In*x-1)=0<{[x=0 o N
) InX:1 X=e
In“x-1=0
Inx=-1
Cau 192. [2D2-2] Tim tét ca cac diém cuc tri caa ham sé y = xIn x.
A {1} B. {e,l}. c.1. D. @.
e e
Loi giai
Chen A.
Tap xéc dinh ciia ham sé D = (0;+0).
y'=1+Inx; y’:O@x:ieD.
e
y”=£; y”(E]:e>0 — Ham sb dat cuc tiéu tai x=2.
X e e
Vay tap tat ca cac diém cuc tri caa ham sé 1a {1}
e
Cau 193. [2D2-2] Biét log,3=a, log,3=h. Khi d6 log3 tinhtheo a, b la
A. ab. B. a+h. @b p. 1.1
a+b a
Loi giai
Chen C.
Ta co:
log, 3 a a a a a a ab
log3= = = = = = = _
log,10 log,(2.5) log,2+log,5 ;. 109:5 1 1 ,.8 a+b
log, 2 1+ I09153 1+2 b
log, 3 a
Cau 194. [2D2-2] Nghiém cua phuong trinh 25* -15*-6.9* =0 la
A. x=-log, 2. B. x=-log, 3. C. x=log; 3. D. x=log, —
5 3
Loi giai
Chen C.
By 5" (5Y
Taco: 25 -15*-6.9"=0 < 3l 73 -6=0(*)

bat t:(%]x, (t>0)
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t=3 (N)

Khi d6 phuong trinh (*) trg thanh: t* —-t-6=0 <
t=-2 (L)

Vi t:3<:>(§} =3 < x=log, 3.

3

Cau 195. [2D2-2] Tap xac dinh cua ham sé y = flog,, (x+1) 1

A. (=L +00). B. [0;+00). C. [-1,0]. D. (-10].
Loi giai
Chen D.
Ham s6 da cho xac dinh khi va chi khi:
X+1>0 x>-1 X>-1 x>-1
{logo,z(xﬂ)zo Q{x+1£(0,2)° Q{x+1£1 @{xgo & lex=0.

Vay tap xdc dinh cia ham s6 da cho 1a D =(-10].

Cau 196. [2D2-2] Téng cac nghiém cia phuong trinh log2 x—log, x—2 =0 bing

A2 B. 2 c. 2 D. 28,
9 3 9 3
Léi giai
Chen D.

Diéu kién: x>0 (*). Véi diéu kién (*) phuong trinh d& cho tuong duong véi

Js N (théa man (*))

© wlk

log, =2 .

Do d6 téng cac nghiém cua phuong trinh d4 cho la %+ 9= ? .

Cau 197. [2D2-2] Cho hamsé y =e™™** Khi d6 phuong trinh y' =0 c6 nghiém la
A. x=rm+k2r,keZ. B. X:%+k2ﬂ,keZ. C. X:—%+kﬂ,keZ.D. X=%+kﬂ,keZ.
Loi giai
y' = (sin x+cos x)’ £ = (cos X —sin x) ™ wxeR

y'=0< cosx—sinx=0 (Do e >0, vxeR)
< COSX =SINX
Stanx=1

@X:%+kﬂ,keZ.(TM)

1+\/;

Cau 198. [2D2-2] Ham s6 y =
og

c6 tap xac dinh la

A. [0;+0)\ {10} B. [0;+)\{e}. C. (0;+%0)\{e}. D. (0;+0)\{10}.
Loi giai
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x>0
x>0
DPKXD: (x>0 =
X =10
logx—-1=0

Vay tap xac dinh ctia ham s6 1a (0;+0)\ {10} .
Cau 199. [2D2-3] Tim m dé phuong trinh 4 —(m+1).2°** —2m =0 c6 nghi¢m?

m2—2+«/§
A —2-/3<m<0.  B.|m<_—2-43 C. 2++/3<m<0. D._?lSmSO.

Loi giai
Chon C.
COs X cosx+1 COs X 2 CosX
4% — (M +1).2°7 - 2m =0 (2°) - 2(M+1).2°" - 2m =0
b4 CosX 1
Phuong trinh tré thanh t*—2(m+1)t-2m=0 (1)

Yéu cau bai toan twong duong tim m dé phuong trinh (1) c6 nghiém véi moi t e [%;2}

2 ) 2
Taco (1) m=" "2 xéthams f(t)=" "2, Vte[l;Z}
2t+2 2t+2 2
24t t=-1-+/3
f’(t):2t+—4t24:> f'(t)=0=2t?+4t-4=0< V3
(2t+2) t=—1++/3
Bang bién thién
1
t | = ~1++/3 2
f'(t) - 0 +
(|5
4 " In

Dua vao bang bién thién suy ra, phuong trinh (1) c6 nghiém khi —2++/3<m<0.

Cau 200. [2D2-3] Tim gi4 trj thuc cua tham sé m dé phuong trinh 9 —2.3** +m =0 c6 hai nghiém thyuc
X, X, théaman x +x, =1.
A. . m=6. B. m=-3. C. m=3. D. m=1.
Loi giai
Chon C.
bit t =3"(t > 0) phuong trinh tro thanh: t* —6t+m=0 (1).
Pé phuong trinh d4 cho ¢6 hai nghiém thyc x,, x, théa man x, +x, =1 diéu kién la phuong

trinh (1) c6 hai nghiém thuc t,, t, > 0 thoa man t,t, = 3 < Diéu kién la
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A>0 AN'=9-m>0

—>0 —E:6>0 < m=3.
a a

€3 |%-3=m

a a

Cau 201. [2D2-3] Tim tat ca cac gia tri cua tham s6 m dé phwong trinh sau ¢6 hai nghiém thyuc phan biét:
log, (1-x*)+log, (x+m—4)=0
3

N
e
-

A. —£<m<0. B.5<m<—. C.5<m<é. D.-—=<m<2.
4 4 4 4

Lo giii
Chon C.
Diéu kién: 1-x*>0 < 1< x<1.
Phuong trinh tuong duong:
log, (1-x*)+1log, (x+m—-4)=0 < log, (1-x*) =log, (x+ m—4) < X’ +x=5-m (1)
3

Dé phuong trinh d& cho ¢ hai nghiém thuc phan biét <> Phuong trinh (1) ¢6 hai nghiém phan
biét trong khoang (-1 1).
Xéthamso y=f (x)=x*+x= f'(x)=2x+1= f'(x)=0 @X:—%

BBT:

Dua vao BTT, ta duoc gid tri m can tim —%<5—m<0 <:>5<m<%

Cau 202. [2D2-3] Tim tap hop cac gia tri cua tham sé thyc m dé phuong trinh 6* +(3-m)2*—m=0 c6
nghiém thuoc khoang (0; 1).

A. [34]. B. [2;4]. C.(24). D. (3;4).
Loi giai
Chon C.
6" +3.2"
Ta c6 ph trinh _— = 1).
a c6 phuong trinh < o1 m (1)
. 6" +3.2
Xéthamso y= f =———— trén (0; 1) taco:
éthamso y= f(x) 1 rén (0; 1) taco
12*(IN6-In2)+6"In6+3.2"In2

t'(x)

(2X+1)2 = f'(x)>0; vxe(0;1)
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Céau 203.

Cau 204. [2D2-3] Xét ham s6 f(t)= t9

= Hamsé y = f (x) dong bién trén (0;1).
Do xe(0;1) <0< x<1=2< f(x)<4; ¥xe(0;1). Vay dé phuong trinh da cho c6 nghiém
diéukienla 2<m<4

[2D2-3] Xét cac s6 thuc a, b thoaman a>b>1. Tim gia tri nhé nhat P caa biéu thirc

1an? (a2 a
P_Iogg(a )+3Iogb(b]

A. I:)min =19. B. I:)min =13. C. Pmin =14. D. I:>min =15.
Loi gidi
Chon D.
Taco P=4log, T—, Dit t=log, a, do a>b>1 nén te(L+w) vabicu thic P tré
b oga a-— b

b

3_ g2 2t —3)(4t* -2t +1
thanh: P = 4t° + 3 _ar-4t +3:>P’(t):( )( i ):>P’(t):0<:>t:%

t-1 t-1 (t_1)2
BBT:

i 3

> 00
P’ — 0 +

00

P

15

Tirdé taco: P, =15

t

e v6i m 1a tham sé thuc. Goi S 1a tap hop tat ca cac gia tri
+m

cia msao cho f(x)+ f(y)=1. Véi moi s thyc X, y théa min e*¥ <e(x+y). Tim s6 phan

tr cua S.

A. 0. B. 1. C. V6 sb. D. 2.
Loi giai

Chon D.

Xéthamso y = f (x)=e* —ex trén (0;+wx) :>(r(pin) f(x)=0 néntaco e >ex; Vxe(0;+o0)

nén e*¥ >e(x+y); vx,y>0 ma e <e(x+y)=e"’ =e(x+y)= x+y=1.
9)( 91—)(

Do dotaco: f(x)+f(y)=le f(x)+f(l-x)=1< oot F o =1

S9+mA +9+mio T =9+ mi9 +mi 9 +m* om' =9 m=+/3
Vay c6 hai gia trj cia m thoa man dé bai.

A Y « 1- .
Céau 205. [2D2-3] Xét céc so thuc duong X,y thoa mén log, Xy =3xy+x+2y—4. Tim gia tri nho

X+2y

nhit P cia P=x+Yy.
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ap SO0 9iLH19 o 18ViI-29 ), 211-3
9 9 9 3
Lo giai
Chon D.

Ta co: Iogs)l(_—)zq; =3Xy+Xx+2y -4 < log, 3(1-xy)+3(1-xy)=log, (x+2y)+(x+2y) (1)
+

Xéthamso f(t)=t+log,t trén (0;+o0) ta co: f’(t):1+ﬁ>0; Vt e(0;+%0) = Ham sb
dong bién trén (0;+x).
Mataco: (1)< f(3(1-xy))=f(x+2y) < 3(1-xy)=Xx+2y < 3xy+X+2y—-3=0

2
o 3(P-x)+x+2(P-x)-3=0 = X X3 _p (1))

3X+2
2 — —
Ta co: P’(x):—9X +12X2 ! = P'(x)=0 < x:—ZJM/l_l
(3x+2) 3
BBT:
—2+4/11
X S +o0
3
P’ — 0 +
+00
P
211-3
3
Vaytacd P, = Nl—;_?’

Cau 206. [2D2-3] C6 bao nhiéu gia tri m nguyén trong doan [-2017;2017] dé phuong trinh
log(mx) = 2log(x+1) ¢ nghiém duy nhat?
A. 4034. B. 2018. C. 2017. D. 4035.
Loi giai
Chon B.
X>-1

Taco log(mx)=2log(x+1) < {mx:(x+1)2 "

)<= m=x +£+ 2 (vi x=0 khong la nghiém ctaa phuong trinh (1) ).
X
Dé phuong trinh log(mx) = 2log(x+1) c6 nghiém duy nhét thi phuong trinh m = x+142
X
c6 duy nhat mot nghiém trén (—1;+0).

Xéthamso f (x)= x+£+2
X

Tap x4c dinh D =R\ {0}
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f’(x)zl—%, f’(x):0<:{ x:— .Ta c6 bang bien thién cua f (x)
X —0 -1 0 1 400
f’(x) + 0 _ - 0 +
+00 +00
4
' / 0 \
—00 —00

Dua vao bang bién thién ta thiy phuong trinh m= f (x) c6 duy nhat mot nghiém trén (—1;+o)

. | m<0 , . . s
Khi va chi khi { 4 Vay trong doan [-2017;2017] c6 2018 so nguyén thoa man de bai.

Cau 207. [2D2-3] Cho phuong trinh Iogovs(m+6x)+|ogz(3—2x—x2) =0 (m la tham s6). C6 bao nhiéu

gi tri nguyén duong cia m dé phuong trinh ¢d nghiém thyc?

A. 17. B. 18. C. 23. D. 15.
Loi giai
Chon A.
N m+6x>0 -3<x<1
bieu kién & .
3-2x—-x*>0 m+6x>0

Khi do, log, s (m+6x)+log, (3—2x—-x*) =0 < log, (3-2x—x*) = log, (m + 6x)

& 3-2x—x"=m+6x < 3-8x—x"=m (*).

Xéthamsd f(x)=-x*—-8x+3 trén (-3;1),taco f'(x)=-2x-8; f'(x)=0< x=—-4,
Bang bién thién

X -3 1
f’//f’ff’ﬁﬁ"

F'(x)) //////// -

8 T~

N N .

Tir BBT suy ra phuong trinh (*) c6 nghiém trén (—3;1) & -6<m<18.

|_\

Do m nguyén dwong nén me{12;...;17} .

Cau 208. [2D2-4] C6 bao nhiéu cip s nguyén dwong X,y thoa min phuong trinh
log, x—log, y =log, (x—y)

A 1. B. 4. C. 2. D. V0 sb.
Loi giai
Chon D.
.. X X —y?
Ta co: Iogzx—logzy:Iogz(x—y)<:>Iogz—:logz(x—y)<:>—=x—y<:>x=1 :
y y -y
.. —y? 1
Taco: x>y>0= >y:>—>1:>—<0:>y<1
1-y 1-y 1-y
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Cau 209.

Céau 210.

_y2

Nén x =

,0<y<1.

[2D2.5-4] (CH.QUANG TRUNG-BPU-L1-1819) Cho m, n la cic s6 nguyén duwong khac 1. Goi
P la tich c&c nghiém cua phuong trinh 2018(log,, x)(log, x) = 2017log,, x+2018log, x+2019.
P nguyén va dat gia tri nho nhat khi:
A. m.n=2%%, B. m.n=2%", C. mnn=2%%, D. mn=2%%,
Loi giai

Chon C.
biéu kién: x>0.
Véi diéu kién d6 phuong trinh da cho dwoc bién doi trong duong thanh phuong trinh:
2018(log,, x)(log, m.log,, x)—2017log,, x—2018log, m.log,, x—2019=0 (1).
bat t=log, x, t e R . Khi d6 phuong trinh (1) tré thanh phwong trinh:
2018(log, m)t? — (2017 + 2018log, m)t—2019 =0 (2).
Do phuong trinh (2) c6 2018log, m.(-2019) <0 nén phwong trinh (2) c6 hai nghiém tréi
dau, do d6 phuong trinh (1) luén c6 hai nghi¢m duong phén biét x,, X, .
2017+2018log,m 2017 N

2018log, m 2018log, m

2007 4 2017 2017
: _ p2018l0g, m 2018 9" 2018
Suyra: XX, =m =m =m.n28

Xét log,, x,x, =log, x +log, X, =

Theo bai m 1a s6 nguyén duong khac 1 nén m>2, do d6 P = x,x, > 22°%/n*"" .
Mit khac n 1a sé nguyén duong khac 1 nén n>2 va 2017, 2018 la hai sé nguyén té cling
nhau nén dé P nguyén va c6 gia tri nho nhat khi n=2%". Lac d6 m.n = 2.2%%8 = 2219

[2D2-4] Cho x, y la cac s6 thuc duong thoa mén log, (H—A'y] =2x—4y+1. Gia tri nhé nhat
X+Yy

2x* —2x%y? +6x°

cua biéu thiac P = . bing
(x+Y)
A 4. g 9 c 16 5 25
Loi giai
Chon C.
pidu kien: 4 < 0
X+Yy
log, x+4y =2x-4y+1 < log, x+4y -1=2x-4y < log, X+4y =2x—4y
X+y X+y 2X+2y
X+4y
<o =2(2x+2y)-2(x+4
gz(2x+2y] ( ¥)-2( Y)

< log, (x+4y)+2(x+4y)=log, (2x+2y)+2(2x+2y)
Xéthamso f(t)=log,t+2t véi t e (0;+o0)
1

f’(t):m+2>0 V6i t e(0;+00) nénhamsd f (t) dong bién trén t e (0;+0).
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Cau 211.

Cau 212.

Nén X+4y=2x+2y < x=2Y.
2x*-2x*y?*+6x> 8 8 8 8 16

= — —_— _y_:_

(x+y)’ 97 oy "o oy T 9o

[2D2-4] Tim tap tit ca cac gia tri cua tham s6 m dé phuong trinh

log, (2sin x—1)+log, (cos2x+m) =0 c6 nghi¢m:
2

a[f) s[da ot b(ke]

Loi giai
Chon D.

2sinx-1>0

&
cos2x+m>0 1
m>—E

£+k277,' < X<5—7T+k27r
biéu kién:{ 6

Phuong trinh tuong duong

log, (2sin x—1) =log, (cos2x+m) o 28I X 1= COS2X 4 M
< 2sin® x+2sinx-2=m(1)
Xét hamsb y = 2t* + 2t — 2(t =sin x);%<t <1 ¢6 db thi la parabol
Ta c6 bang bién thién:

N

Phuong trinh (1) c6 nghiém thi m e (—%;2}

NN

[2D2-4] S6 gid tri nguyén cia m e (~200;200) dé 3.aV"" —bV™* > m_flog, b +2 véi moi a,
be (1; +oo) la
A. 200. B. 199. C. 2199. D. 2002.
Loi gidi
Chon A.
bat (/log, b =x, x>0.
Suyrab=a*.
1 X
Khi d6 3.2 —pV%2 > m_ flog b +2 < 3.a* —(axz)X >mX+2 & 28 -2, m.
X
Xéthamsb f(x)= 28772 ysi x>0.
X
23" (x.Ina+2)

co f'(x)= = >0, Vxe(0;+0) nén f(x) lién tuc va dong bién trén (0;+wx).
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Bang bién thién

X 0 +a0
f'(x) £
£ () +o0
2Ina

Dua vao BBT tathay m< f (x) < m<2Ina.

Vilna>0,va>1,do dé 3.a"" —b¥** >m.,flog, b +2 véi moi a, be(L+») thi m<0.

Va me(-200;200) nguyén nén cé 200 s nguyén m thoa yéu cau bai toan.

Cau 213. [2D2-4] Cho tap hop A:{zk |k :1,...,10} c6 10 phan tir I3 cac Iy thira cia 2. Chon ngau

nhién tir tap A hai s6 khac nhau theo thir tw a va b . Xac suat dé log, b 1a mot s6 nguyén bang

A. E B. i C. 1
90 10 5
Loi giai
Chon A.

S phan tir khong gian mau n(Q) = A% =90.

p. 2.
90

. . n . . A s
Giast a=2", b=2", khid6 log,b=log,, 2" =— la mot s6 nguyén thi m 1a uéc cua n.
m

+ m=1thicé 9 cachchon n, ne{2;3;...;10}.
+ m=2 thicé 4 cachchon n, ne{4;6;8,10}.
+ m=3 thicé 2 cachchon n, ne{6;9}.

+ m=4 thicé 1 cachchon n, n=8.
+ m=5 thicd 1 cachchon n, n=10.
+m e {6;7,8;9;10} :khong xay ra.

Suy ra s6 phan tir caa bién c6 log, b 1a mot s nguyén 1a 9+4+2+1+1=17.

XAac suat can tim la E.
90

Cau 214. [2D2-4] Xét c4c sb thuc x, y thoa mdn x*+y?>1 va log,, .(2x+3y)=1. Gid tri lon nhat

P cua biéu thac P =2x+y bang

A. Pmaxz_19+\/1_9. B. me=7+*/@. C. Pmaxz_11+10ﬁ.
2 2 3
Loi gidi
Chon B.

D.P

Taco:log, . (2x+3y) 21 < 2x+3y 2 x* +y* < x* -2x+y’ -3y <0.

A :1—(y2 —3y) =—y?+3y+1.

7-410

>
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Céau 215.

Pétontai x, y thi A/ >0 <y { >

Khido x=1++/-y*+3y+1.
Taco:P :2x+y£2(l+w/—y2 +3y+1)+ y="f(y).

-2y +3

f’ y - Z

- Hreay

(y)=0 -y +3y+1-2y-3 @—y2+3y+1=4y2—1zy+9,{Vye{gihz@n
15+4/65

10
Bang bién thién.

3\/—3+«/_}

+1.

3-413 154465 3+413

y 2 10 2
f'(v) + 0 -
7+\/_
Do do P=x+2y< 7+‘/—
15++/65

Vay P (thoa man diéu kien x* +y? >1)

Max =

74465 17T 10
> khi J&
X=1+-y’+3y+1= 5+5

[2D2-4] Xét x,y la cac sb thuc dwong thoa man log, (X+4y] =2x—4y+1. Gia tri nho nhat
X+Yy

2x* —2x%y% +6x°

cua P = 5 bang
(x+Y)
A.E. B. 4. C.g. D.E.
9 4 9
Loi giai
Chon D.
. X+4y X+4y
Taco:log,| — |=2x-4y+1 < log, =2X—-4y
X+Yy 2X+2y

< log, (x+4y)+2(x+4y)=log, (2x+2y)+2(2x+2y)
Xéthamso f(t)=Int+2t trén (0;+) ta co f’(t):—“:‘2+2>0; Vt e (0;+00) nén ta co:
X+4y=2X+2y < x=2y
2x* —2x°y* +6x*> 24 1)_16
3 =S| Yt- |25
(x+Y) 27 9

Thay vao P ta dugc P =
y
Dau bang xay ra khi x=2;y=1.
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Céau 216.

Cau 217.

Vay gia tri nho nhat caa P 1a min P :%.
Chuay:
- X+4y R ,
Véi log,| — |=2x—-4y+1, cho y =100 solve ta dugc x =200 nén dy doan dugc x=2y.
X+Yy

[2D2-4] Cho phuong trinh Iogz(x—\/xz—1).Iogzm7(x—\/x2 —l):loga(x+\/x2 —1). C6 bao

nhiéu gia tri nguyén thuoc khoang (1;,2018) cua tham s6 a sao cho phuong trinh d4 cho c6
nghiém I6n hon 3?
A. 20. B. 19. C. 18. D.17.
Loi giai
Chon C.

- Nhan thiy:vai x> 3 thi V32 —1<+/x2 =x = x—/x*=1>0 vd x+/x*~1>0.
Ta cé:logz(x—\/xz—1).Iogzm7(x—\/x2 —1):Ioga(x+\/x2 —1)

<:>Iogz(x+\/H).logzw(x+\/x27—1):loga2.logz(x+\/H)
<:>Iogzm7(x+\/x27—1):loga2 (1) (vi Iogz(x+\/H)>0, Vx> 3).

- Xét hamsd f (x) =109y, (x+\/ X2 —1) trén khoang (3;+o).

1
Co: f'(x)= = f'(x)>0, ¥x>3.
() Jx2-1.In2017 (%)
BBT:
X 3 +00
f'(x) +

f(x) f(3)/ e

- Tur BBT ta thay:phuong trinh (1) c¢6 nghiém lén hon 3 < log, a > f (3)

< log,a> Iogzw(3+2\/§) < log,a<log, , ;2017 (do a>1)

& a<2™=:*" 5199, Laido a nguyén thuoc khoang (1,2018) nén ae {2;3;...;19} .
Vay c6 18 gia tri cia a thoa man yéu cau bai toan.

[2D2-4] C6 tit ca bao nhiéu gi4 tri nguyén dwong cua tham s6 m dé phuong trinh
BTX 4 65X = 7% |og, m c6 nghi¢m?
A. 63. B. 64. C. 6. D. 62.
Loi gidi
Chon A.
Ta co
» , , 51—coszx 6 cos? x 1 cos? x 6 cos? x
546 =7""log,m<log,m=———+| = & log, m=5. — +| = 1).
oumeologyn=Toe(2) tanmes( ) (3] 0
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t t
5(%) +(g] nghich bién trén doan [0;1] nén

f(1)< f(t)<f(0), vte[0;1] hay 1< f(t)<6, Vte[0;1].

bat t=cos’x, v6i 0<t<ltacod f(t)

Phuong trinh (1) ¢ nghiém < 1<log,m<6 < 2<m<64.

Vay c6 tat ca 63 gia tri nguyén duong ctia tham sé6 m thoa yéu cau bai toén.

Cau 218. [2D2-4] Gia str ton tai s6 thuc a sao cho phuong trinh e*+e™ =2cosax+4 c6 10 nghiém
thuc phan biét. S6 nghiém (phan biét) caa phuong trinh e* —e™ = 2cosax la
A. 5. B. 20. C. 10. D. 4.
Loi giai
Chon A.

X x \2 X x \2 2
Taco e*+e* =2cosax+4 <:>[e2 —-e 2] =2c0sax+2 <:>[e2 —-e 2] :(Zcos%j
e2—e 2= Zcos% (1)
@ X X
e?—e 2= —Zcos% (2)
Nhan thiy x =0 khong la nghiém cia phuong trinh da cho.
Néu x =X, la nghiém cua (1) thi x=-x, la nghiém cua (2).
Do d6 s6 nghiém cua (1) va (2) bang nhau va dong thoi khac nhau déi mét.
= (1) ¢6 ding 5 nghiém X,; X,; X35 X,; Xs.

X X

. . A Lt 1 X, X
Vay phuong trinh e* —e™ =2cosax c6 dang 5 nghiém phan biét la x -

4 . 5
22
Cau 219. [2D2-4] C6 bao nhiéu sé nguyén m dé phuong trinh In(m-+2sinx+In(m+3sinx))=sinx c6
nghiém thuc?
A. 5. B. 4. C. 3. D. 6.
Léi giai
Chon B.
N m+2sin x+In(m+3sinx)>0
bieu kién: ] :
m+3sinx>0

Phuong trinh d4 cho twong duong: m+ 2sin x+ In(m+3sin x) =e*™

sinx

< m+3sinx+In(m+3sin x):e +sinx.

sinx

"™ ™) 4 In(m+3sinx) = e +sinx, (1).
Xét f(t)=e'+t,teR.

Taco f'(t)=e'+1>0, VteR. Nénhamso f (t) dong biéntrén R.

Vay (1)< f[In(m+3sinx)]= f (sinx) < In(m+3sinx)=sinx.

bit a=sinx, ae[-1L1]. Phuong trinh tr thanh: In(m+3a)=a < m=e*-3a.

Xét g(a)=e*-3a, ae[-11], g'(a)=e"-3<0, Vae[-1L1].
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Vay dé phuong trinh ¢4 nghiém thyc thi g(1)<m<g(-1) < e-3<m £%+3.

Vay c6 4 gia tri nguyén caathamsé m 1a 0;1;2;3.
Cau 220. [2D2-4] Cho x, y la cac sb thuc dwong thoa min xy <4y—1. Gia tri nho nhat cua
6(2x 2y .. . . \
( +y)+|nx+ y la a+Inb. Giatricuatich ab la

X y
A. 45. B. 81. C. 115. D. 108.

Léi giai
Chen B.

Tt gia thiét, taco xy <4y—1 nén

<A
y

< | x<
~<M|,_\

, 41
Patt=>tacé 0<t<4 (Vi ——— <4, ¥y>0).
y y oy

Taco P:12+§+In(t+2); P’(t)=—§+ti2<o,véi moi 0<t<4.
+

Do do P, =P(4) :%Hne. Suy ra a:2—27, b=6 nén ab=81.

PHAN 3. KHOI PA DIEN VA THE TICH CUA CHUNG

CAau 221. [2H1-1] Cho ling tru tam gidc déu canh day bang a, canh bén bing a+/3 . Thé tich khéi ling

try do 1a
3 & 3 3
AL g 2 c. p. 3%
4 4 3 2
Loi giai
A C’
A C
B
2
Goi khéi lang try tam gidc déu 1a ABC.A'B'C’. CO S5 :aTﬁ.
2 3
Thé tich khéi lang tru: V = ay/3.2 3 :3%.
Cau 222. [2H1-1] Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 BC'=2a. Thé tich khdi lap phuong d6
bang
A. 22a°. B. a°. C. 8a°. D. 3./3a°.
Loi giai
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Céau 223.

Cau 224,

Cau 225.

Cau 226.

A B’

D ¢
AT B
D C
LA b e s . , < an an 2a
Mat bén BCC'B’ ¢6 duong chéo BC'=2a thi d6 dai canh BC :ﬁ —a/2.

Thé tich khéi lap phuong: V = (a\/ﬁ)3 =242a°.

[2H1-1] Dién tich toan phan cua hinh lap phuong bang 96cm?. Khi d6 thé tich cua khdi lap
phuong la
A. 616 (cm?). B. 64(cm?). C. 486 (cm’) D. 27(cm®).
Loi giai
Chon B.

Goi canh hinh lap phuong 1a a. Hinh lap phuong c6 tit ca 6 mat nén dién tich toan phan hinh
lap phuong la 6a° =96 =>a =4(cm). Do d6 thé tich hinh Iap phrong 1a V = 4° =64(cm®).

[2H1-1] Khi tang tt ca cac canh caa mdt hinh hop chir nhat 18n gap doi thi thé tich cua khoi
hop chir nhat tuong tng sé:
A. tang 2 lan. B. ting 4 lan. C.tang 6 lan. D. ting 8 lan.
Loi gidi
Chon D.

Goi a, b, ¢ lan luot Ia ba canh caa hinh Iap phuong, khi d6 thé tich hinh lap phuong 1a

V, =abc.

Khi tang tat ca cac canh caa mot hinh hop chit nhat 1én gap doi thi thé tich cua khdi hop chir
nhat twong ung la V, = 2a.2b.2c = 8abc =8V, . Vay thé tich tang 8 1an.

[2H1-1] Tinh thé tich V cua khi lap phuong ABCD.A'B'C'D’, biét AC’ =a+/3.
3
AV=a B.V=3‘/§a . C.V =33a°. D.V:%a3.
Loi giai
Chon A.
Tacé AB= ACT =a.
J3

QD
w

V pgco amcn =
[2H1-1] Cho hinh chép tir giac S.ABCD c6 day ABCD la hinh vudng canh a, canh bén SA
vubng goc véi mat phing day va SA=+/2a. Tinh thé tich V cua khdi chép S.ABCD .
3 3 3
V2a g v Y2 C.V =+/2a". p.v Y2
6 4 3
Loi giai

AV =

Chon D.
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1 1 a2
VS.ABCD :§SA'SABCD :§a\/§.a2 = 3

Cau 227. [2H1-1] Hinh da dién nao dudi day khong co tam dbi xang?

\
Y--------
1
1
T
1
1
1
1
U
N
N
| VR g ——
1
1
1
F--4----
4
4

A. Tt dién déu B. Bat dién déu.
C. Hinh lap phuong. D. Lang tru luc giac déu.
Loi giai

Cau 228. [2H1-1] Hinh da dién trong hinh vé bén c6 bao nhiéu mat?

%

A 6 B. 10. C.12. D. 11.
Lai gidi
Chen D.
Cau 229. [2H1-1] Khbi bat dién déu 1a khéi da dién déu loai
A. {53} B. {3;5}. C. {43}. D. {3;4}.

Léi giai

&

Khéi bat dién dién déu c6: mdi mat 1a tam giac déu, mdi dinh 1a dinh chung cua 4 canh nén
thugc loai {3;4} .
[ Ghi nhé thém vé khoi bat dién déu:

[] C6 s6 dinh (D); sé mat (M);sb canh (C) lanluot la D=6,M =8, C =12.

71 Dién tich tit ca cac mit caa khéi bat dién déu canh a 1a S =2a%/3.
a\2

[ Thé tich khdi bat dién déu canh a 13 S =

av2

[ Ban kinh mat cau ngoai tiép 1a R ==

3

1 Gém 9 mit phang dbi xing:
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Cau 230. [2H1-1] Mt phang (AB'C’) chia khéi ling tru ABC.A'B'C’ thanh cac khi da dién nao?

Céau 231.

Cau 232.

Céau 233.

A. Mot khdi chdp tam giac va mot khdi chop ngii giac.
B. Mot khdi chdp tam giac va mot khdi chop ti giac.
C. Hai khdi chop tam giéc.

D. Hai khéi chop tir gic.

[2H1-1] Cho khéi chép S.ABC c6 SA L(ABC); SA=4, AB=6, BC =10 v CA=8. Tinh

Loi giai
Chon B.
A C
A c’
B!
thé tich V cua khéi chdp S.ABC.
A.V =40. B.V =192. C.V =32.
Loi giai
Chon C.
S
AR C
B

Do tam giac ABC cd: AB* + AC* = BC® = tam giac ABC vudng tai A.

Vay V, o :%AS-AB-AC :%-4-8-6:32.

[2H1-1] Hinh ldng tru tam gidc déu c6 bao nhiéu mat phang ddi xung?
A. 4 mit phang. B. 1 mat phang. C. 2 mit phang.

Loi giai
Chon A.

Lang tru tam gidc déu c6 4 mat phang ddi xang.

N> <

D.V=24.

D. 3 mit phang.

[2H1-2] Hinh chop S.ABCD c6 day la hinh chir nhat canh AB =3a; AD =4a; cic canh bén

bang nhau bang 5a . Thé tich khdi chop S.ABCD biang
3 3
A 98N8 g 10 C. 9V3a.
2 V3
Loi giai
Chon D.

D. 10+/3a°.
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Goi O latadm hinh vuong ABCD. Hinh chép S.ABCD Ia hinh chép déu nén SO L (ABCD).

, 1 1 5
Tacs: OA=—AC=>. (3a2)+(4a?) :7"".

2
Hinh chdp c6 duong cao SO =+/SA* — AO® =, [25a° _(S_aj = @.

2 2
Dién tich ddy cta hinh chop: S, = 3a.4a =12a’.

15\/_a

Thé tich ciia khdi chop: V =35 12a% =10+/3a° .

Cau 234. [2H1-2] Cho hinh chdp tir gidc déu S.ABCD canh day bang a va mat bén tao véi mat day mot
goc 45°. Thé tich caa khdi chop do 1a

3 3 3
AL B & c 2 D. &
3 6 3 9
Lo giai
Chon B.

Goi O latam cua hinh vudng ABCD, M 1a trung diém CD.
Ta o ((SCD);(ABCD))=(SM;MO)=SMO . Ta dugc SMO = 45°.

Hinh chdp cé duong cao SO =0OM :%. Di¢n tich day cta hinh chdp: S,,., =a°.

2

Thé tich ciia khdi chop: V = -a :%.

oolr—\
Nlm

Cau 235. [2H1-2] Cho t&r dien OABC c6 OA, OB, OC dbi mot vudbng goc; OA=4a, OB=7a,
OC =6a. Goi M, N, P lan luot 1a trung diém cua cac canh AB, BC, CA. Thé tich t&r dién

OMNP bing
3
A T2 B. 14a°. 28 D. 7%
2 3
Loi giai
Chon D.

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 120/178



Cau 236.

Cau 237.

B

Khéi tr dién OABC ¢ dudng cao bing duong cao ké tir O cua tir dien OABC ; dién tich day
S (MNP) :%S(ABC). Suy ra V (OMNP) :%v (OABC).

Mt khac S (OBC) = %.7a.6a =21a’, ta duoC V5. :%-4a.21a2 =28a°.

Vay Voune :%'VOABC :%-28a3 =7a’.

[2H1-2] Cho hinh chép S.ABCc6 canh bén SA vudng goc véi mat day, SA=a3, AB=a,
AC =ay/3, BC =2a. Thé tich khdi chop S.ABC bing
3 3 3 3
A 33 B. & c 3 p, &3,
6 2 2 4
Loigiai
Chon B.
S
AR C
B

Xét tam giac ABC, c6: BC? = AB? + AC?.
Suy ra tam gidc ABC vubng tai A.

1 V3

Dién tich ctia tam gidc ABC: S, 5 = EAB.AC =7a2.

3
The tich ciia khéi chép S.ABC: Vg ac :%SA.SAABC :%

[2H1-2] Hinh chép S.ABCD c¢6 day Ia hinh thoi canh a, c6 BAD = 45°. Biét ring SD vuéng
géc véi (ABCD) va SD =av/2 . Thé tich khdi chép S.ABC la
& 3
A. 2a°. B. a°. c &, p. &,
6 3
Léi giai

Chon C.
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Khdi chép S.ABC c6 dudng cao SD = a+/2 . C6 BAD = 45° = ABC =135°.

a2
—

Ta dugc S(ABC)= %.a.a.sinl35° =

2 3
Thé tich khéi chép S.ABC: V (S.ABC) :%.aﬁ. a f :%.

Cau 238. [2H1-2] Cho hinh lang tru xién ABC.A'B'C’ ¢6 day la tam gidc déu canh a, AA = a+/3. Biét
canh bén tao voi (ABC) goc 60°. The tich cua khoi ling tru d6 bang

3 3 3 3
A. 338 . B. /3 . C. 338 . D. J3a .
8 8 4 4
Lo giai
Chon A.

Goi H 14 hinh chiéu vudng goc cia A’ trén (ABC). Ta co
(AA;(ABC))=(AA; AH)= A'AH .
Ta dugc A/AH =60°. Suy ra A'H = AA’sin 60°:a\/§-§:37a.

2 3
Thé tich khéi lang try: V = A'H.S ¢ :3;. : f - 3fa '

Cau 239. [1H3-2] Cho hinh chép S.ABCD c¢6 ddy ABCD Ila hinh vudng canh a. Biét SAD la tam giac
déu va nam trong mit phang vudng goc véi ddy. Goi S la goc giita (SBC) va (ABCD). Khi

d6 cos B bang
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>

sl

C.

J>|$|
an

Léi giai

Goi H 1a trung diém AD, M 1a trung diém BC.
(SAD) L (ABCD)
Ta co: (SAD)n(ABCD)=AD = SH L (ABCD).
SH —(SAD),SH L AD
(SBC)n(ABCD)=BC
Mzt khéc: HM L BC = ((SBC),(ABCD)|=(SM,HM ) =SMH = 5.
SM 1L BC

Tam giac SAD dé canh a nén SH :ga.

Tam giac SHM vudng tai H co:
2
SM =+/SH? + HM? = /{@a} +a’ =§a.
HM a 2
Vay, cosf=—=———=—.
2

Céu 240. [2H1-2] Cho ling tru déng ABC.A'B'C’ c6 d4y ABC Ia tam gidc vudng can tai B, canh bén
CC' =a/3. Biét thé tich cua ling tru bing 2+/3a®. Khoang cach giita hai duong thing AB va

CC’ bang

A. av2. B. 2a. C. av3. D. 24/2a.
Loi giai

Chon B.
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A D’

B C

Ne

Taco: Vyge wer = 24/38° =CC'S o = a\@-%- AB-BC = AB’ = AB=2a=BC.

, [BC L AB
Mat khéac:
BC LCC

Vay, d (AB,CC’)=BC =2a.

,= BC 1a doan vudng goc chung caa AB va CC’.

Cau 241. [1H3-2] Cho hinh chép S.ABCD c6 day ABCD I hinh thoi canh a, ABC =60°, SA=a+/3
va vudng goc véi day. Khoang cach tir A dén (SCD) bing

peiay p. Y152, c. ¥ p. Y22,
5 3 2 3
Loi giai
Chon A.

~ |AB=BC=a . .
Taco: q{ — = AABC va AACD 1a hai tam giac déu canh a.
ABC =60°

: . 2 ., |CD L1 AK
Goi K Ia trung diem CD, ta c0:
CD LSA

Goi H Ia hinh chiéu vudng goc cia A Ién SK .
(SAK) L (SCD)

Vi ¢(SAK)N(SCD)=SK = AH L (SCD)=>d(A,(SCD))=AH .
AH L SK

= CD 1 (SAK )= (SAK ) L (SCD).

3

Tam giac ACD déu canh a nén AK =—a.

11145@

s=—=* > = AH =
AH SA® AK

Tam gidc SAK vudng tai A co: = + =
J 9% 3a® 3a* 3a?

a.
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V15

Vay, d(A,(SCD)):?a.

Cau 242.

[2H1-2] Cho hinh chép S.ABCD c¢6 dday ABCD la hinh vudng. SA=a+/2 va vuéng goc véi

day. Biét thé tich khbi chép S.ABCD bang %af Khoang cach tir B dén (SCD) bang

A.ﬁa. B.&a. C. &a. D. ﬁa.
2 3 3 3
Loi giai
Chon A.
S
H
D
B C

Ta lai c6: AB//CD = AB//(SCD)=>d(B,(SCD))=d(A,(SCD))=AH (véi H la hinh chiéu

vubng goc cua A 1én SD). That vay, vi

CD 1 AD
= CD L (SAD)=>(SAD) L(SCD)
CD LSA
AH c (SAD) = AH 1 (SCD)=d(A,(SCD))=AH .
AH 1SD
Tam gidc SAD vudng tai A co: > = 12+ 12:i+i2:%:>AH:£a.
AH AD® SA® a° a° a 2
J2
Vay, d(B,(SCD))=—-a.
ay, d(B,(SCD))==
Cau 243. [2H1-2] Cho hinh chdp déu S.ABC c6 canh day bang a. Biét thé tich khéi chép S.ABC bang
§a3. G6c giita canh bén va mat day bang
A. 45°, B. 30°. C. 60°. D. 75°.
Lai gidi
Chon A.
S
A C
M

B

Goi M 1a trung diém BC, H 1a tdm dudng tron ngoai tiép tam giac ABC .
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Cau 244,

Cau 245.

V3 .

Ta c6: tam gidc ABC déu canh a nén S, =5

1 V3 f

VS.ABC :§SH'SABC 3 SH T SH =a.
Vi SH L (ABC)= AH Ia hinh chiéu vudng géc cua SA Ién

(ABC)= (/Sm = (SA/’AW) = SAH = a bing goc giita canh bén va day.

NE 5

Tam giac ABC déu canh a nén AM :7a:>AH =5

Tam gidc SAH vudng tai H co: tana:S—Hzi
AH J§a

3

—J3= 0 =60°.

[2H1-2] Cho hinh chép déu S.ABC c6 SA=2a, SA vudng goc véi mit phang (ABC), day

ABC la tam giac vuong tai B c6 AB=a, AC=2a. Goi M, N lan luot la trung diém caa
SB, SC . Thé tich khdi chop ABCNM bing
a’\3 a’\3 a’\2 a’\6
. B. . C. . D. :
4 6 4 2
Loi giai

Chon A.

B

e 1 1. a3 a3
T do suyraVs_ABc:g-SA-SABC:§.2a. 5 =3
Ap dung dinh ly Vé ty sé thé tich, ta co
Vouw SASM SN 11 1 1 3

VS-ABC ZQS_B SC E E:Z:VS AMN :ZVS'ABC :VA-BCNM :ZVS.ABC =

w

a3 a3
3 .

4

o

[2H1-2] Cho hinh chép S.ABC c6 ASB=BSC =60°, CSA=90°, SA=SB=a, SC=3a.
Tinh thé tich khdi chép S.ABC.
3 3 3 &
a6 g &V3 c B b, &2
3 12 4 4

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 126/178



Loi giai
Chon D.

B
Goi H, K lan luot 14 trung diém cua SA, AC.
Vi ASAB cO SA=SB=a va ASB =60° nén ASAB déu = BH L SA.
Xét ASAC c6 HK 1a dwong trung binh nén HK//SC, ma SC 1L SA= HK L SA.
1 BH

. .. | SA
Vay ta co: = SA L (BHK).
SA L HK
Hay AH Ia chiéu cao caa khéi chép AHBK .
Ta co: \/A&:A—S-ﬁ-A—C:Z.l.Z:4:>VASBC =N, e -
Ve AH AB AK : -
Ta tinh dugc: BH :#, HK:%SC:%a, BC =ay/7, AC =aV10.
, BA2+BC? AC? a?+7a’ 10a° 3a? a3
BK? = - S =T S BK =,
2 4 2 4 2 2
2 2 2
Xét tam gidc BHK ¢6: BH? + BK? :32 +3Z :92 — HK?. Vay ABHK vudng tai B.
3
suyra:v, . ~Lan-Llpnopko131aB a3 a
' 3 2 322 2 2 82
a’ a’
Vay V, oo =4 ——=—— (dvtt).
y A.SBC 8\/5 2\/5 ( )

Cau 246. [2H1-2] Cho hinh chép S.ABC ¢6 M, N, P lan luot la trung diém cua SA, SB, SC. Goi

V,va V, lan luot la thé tich khdi da dién ABCMNP va khéi chép S.ABC . Pit k :\%, khi d6

2
gidtricua k la

A. 8. B.g. C.Z. D.l.
7 8 8
Loi gidi
Chon C.
Taco
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Cau 247.

Cau 248.

Vv SM SN SP 111 1 1 7
simnp _ OWVE OIN OF 4 4 4 —§:VS_MNP :§VS_ABC =V ecunp :§V

Vipee SA SB SC 222 S.ABC -
i_VABCMNP _Z
2

Tir d6 suyra k= .
VS.ABC 8

[2H1-2] Cho hinh ling tru ABC.A'B'C’ c6 thé tich bang 48 (dvtt). Goi M, N, P lan luot la
trung diém cua CC’, BC, B'C’. Tinh thé tich khdi chop AMNP .
A. 24 (dvtt). B. 16 (dvtt). C. 12(dvtt). D. 8 (dvtt).
Loi giai
Chen D.
Ta chiang minh dugc S,,» :%SBCC,B,.

Do d6 V, e :%VA_BCC,B, (hai hinh ch6p nay c6 cuing chiéu cao chinh 1a khoang cach tir dinh A

xudng mit phiang (BCC'B')).

Goi h la chiéu cao cua khéi chop ha tir dinh A xudng mét phang (A'B'C').

, 1 1
Taco VA.A’B’C’ = g h- SA’B’C’ = §VABC.A’B’C’ .

Tudosuyra V,geep = %VABC.A’B’C’ = % -48 =32 (dvtt).
A 1 1
Do vay V, ywe = ZVA_BCC,B, = 1-32 =8 (dvtt).

[2H1-2] Cho hinh chop S.ABCD cé ddy ABCD Ia hinh thoi. Goi M, N Ian luot I3 trung

U X s Vi 3
diém cua SB va SC. Tile —>£282 hang
S.AMND

A B. C. 4. D.

w| oo
L
@ | w

Léi giai
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Cau 249.

+V

Ta co VS.AMND :VS.MNF +VS.MDA

S.NFD *
Ta chirmg minh duoc rang F 1 trong tdm cua tam giac SBD.
Ap dung dinh ly vé ty sb thé tich, ta co

Vowe SM SN SF 112 1 1 1

= B e =V -2V -\ _
Vs e SB SC SE 2 2 3 6 S.MNF 6 S.BCE 24 S.ABCD
V SM 1 1 1
VZ I:EAA :S_B :E:VS.MDA :EVS.BDA :ZVS.ABCD .
. 1 1 1 3
Vay VS.AMND :VS.MNF +VS.MDA +VS.NFD (24 +Z E]VS.ABCD = ng.ABCD-
[2H1-2] Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a . Thé tich khdi tir dien ACB'D’ bang
Al B. & c. & p. 22’
3 I ry . 3
Léi gii
Chon A.
D C
A : o
N B
””\k/:::\:_ - C!
A! B!

Caéch 1: Ta c6 thé tich caa khdi lap phuong 1a a°.

Tir khéi lap phuong trén ta tach thanh cac khdi chép AA'B'D’, C.C'B'D’, D'.ACD, B.ABC
va khi ta dién ACB'D'.

M3i khéi chép AAB'D’, C.C'B'D’, D'.ACD, B.ABC c6 cling chiéu cao véi khéi lap phuong
va c6 dién tich ddy bang mot nira dién tich day khdi lap phuong nén thé tich mdi khbi chop d6

. al . a®) a’
Ia E . DO dO VACB'D' = a3 —4(E] :? .

Cach 2: Khéi ta dign ACB'D’ 1a khéi tur dién déu canh bing av/2 nén thé tich cua no Ia
3
(2] 2 g

Voo = :
ACBD 12 3

Cau 250. [2H1-2] Cho hinh chép tam giac S.ABC c6 SA L(ABC), tam giac ABC déu canh a, Goc

gitta mdt bén (SBC) va (ABC) bang 60°. Khi d¢ thé tich hinh chép S.ABC béng
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A 3a%\3 5 al 33’ a’\3

Léi giai

Chon D.

Goi | la trung diém BC .

Al 1 BC
}:BCL(SAI): BC LSI.
SA_LBC
(SBC)(ABC)=BC
7 Al LBC :((m):(m)zsﬁzw
SI L BC
0 A =2Y8. sa Al taneoo =2
2 2
1 13a a’\/3 a3
DVS.ABCZESA'SAABC:§'7' 1 = 3

Cau 251. [2H1-2] Cho hinh chép S.ABC. Goi M, N lan luot 14 trung diém cia SA va SB. Goi V 1a
thé tich ciia khdi chop S.ABC . Khi d6 thé tich khdi chop S.CMN tinh theo V 1a

ALy, B. Lv. c iy 5 1,
Léi gii
Chon A.
S
VM
c B
A
Ta co: VS'CMN ZESM S—:il:ijv :iv .
V. SC SA'SB 22 4 STy

Cau 252. [2H1-2] Thé tich caa khbi cau ngoai tiép ling tru tam giac déu cd canh bén bang 2a va canh
day bang a bang

3 3 3 3
A 32ra . B 32ra \/§ C 32ra \/§ D 32rza \/§
273 81 9 27
Loi giai
Chon D.
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[ Xac dinh tdm mat cau
Goi G va G' latrong tam cua tam giac ABC va A'B'C’.
Mt phang (a) la mat phang trung truc ciia AA'
Mt phang (a) cat GG’ tai | . Diém | chinh la tdm mat cau can tim.
(] Chtrng minh 1 chinh 1a tm mat cau can tim.
Tacoé G va G’ latrong tam cua tam giac ABC va A'B'C'. Khidé GG’ L (ABC).
Do d6 GG’ 1a truc cua mat phang ddy trén va day dudinén | cachdéu A, B, C va | céch
déu A', B', C'. (1)
Mt khac, 1 € () la mat phang trung truc caa AA’ nén | cachdéu A va A'. (2)
Tir (1) va (2) suy ra | cach déu cac dinh caa hinh lang tru. | 13 tm mat cau ngoai tiép lang
tru, ban kinh cau 1a 1A.
[ Tinh ban kinh mit cau
TacolG=AK =a, G latrong tdm tam gidc déu ABC c6 canh bing a

2 a3 a3

>AG=——=—-—.
3 2 3

Xét tam giac IAG vuong tai G c6 Al* =GI? + AG? :az{ —a’= Al =Ta.

ﬂ]zj 243
3

Béan kinh mat cau 1a R = Al :¥a.

] Tinh thé tich khéi cau.

3
Thé tich V Zﬂﬂ'Rs Zﬂﬂ' &a = 32v3 rad.
3 3 3 27
Vay V = 323 ra’.
27
Cau 253. [2H1-2] Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Thé tich khdi tir dien ACB'D’
bang
& 3 3 3
AL B. & c & p, 22’
3 4 6 3
Loi giai
Chon A.

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 131/178



A B’
Caéch 1: Ta c6 thé tich caa khdi lap phuong 1a a°.
Tir khi 1ap phuong trén ta tach thanh cac khdi chop AAB'D’, C.C'B'D’, D'.ACD, B.ABC
va khi ta dien ACB'D'.
M3i khdi chép AA'B'D’, C.C'B'D’, D'.ACD, B".ABC c6 cling chiéu cao véi khéi lap phuong
va 6 dién tich ddy bang mot nira dién tich day khdi lap phuong nén thé tich mdi khdi chop do

. al . a®) a’
Ia E . DO dO VACB'D' = a3 —4(E] :? .

Céach 2: Khéi ta dign ACB'D’ 1a khéi tir dién déu canh bing av/2 nén thé tich cua no 13
y (a\/ﬁ)sﬁ a®
ACBD" 12 -3
Cau 254. [2H1-2] Cho hinh chép tam giac S.ABC c6 SA L(ABC), tam giac ABC déu canh a, Goc
gitta mdt bén (SBC) va (ABC) bang 60°. Khi d¢ thé tich hinh chép S.ABC béng

3 3 3
A. 3a8‘/§. a 32’ D. af.

C. —.

83 8

Léi giai

Chon D.

Goi | la trung diém BC .

Al 1 BC
0 }:BCL(SAI):BCLSI.
SA 1 BC
(SBC)(ABC) = BC
© AlILBC = ((SBC),(ABC))=(AI,S1 )= SIA - 60°
Sl 1 BC
0 AI_—\/_ SA = Al .tan60° = 3;
1 2\/— a’\3

1 3a
N VS.ABC :§SA'SAABC _g 7 )

Cau 255. [2H1-2] Cho hinh chép S.ABC. Goi M, N lan luot 14 trung diém cia SA va SB. Goi V 1a
thé tich ciia khdi chop S.ABC . Khi d6 thé tich khdi chop S.CMN tinh theo V 1a
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1 1 1 1

A. =V. B. =V. C. =V. D. =V.
4 3 2 6
Loi giai
Chon A.
S
VM
C B
A

Tacs: Veow (SCSM SN 11 1, o 1,

. . . = =—
V. SC'SA'SB 22 4 = M 4
Cau 256. [2H1-2] Thé tich caa khbi cau ngoai tiép ling tru tam giac déu cd canh bén bang 2a va canh
day bang a bang

32ra’ B 32ﬂa3\/§ C 32ﬂa3\/§ D 3271'3.3\/§
. 27\/5. el Ty e
Loi giai
Chon D.
Af ’C’
Gf
5
Kt-.....
A1

[ Xac dinh tdm mat cau
Goi G va G' latrong tam cua tam giac ABC va A'B'C’.
Mt phang (a) la mat phang trung truc ciia AA'
Mt phang (a) cat GG’ tai | . Diém | chinh la tdm mat cau can tim.
(] Chtrng minh 1 chinh 1a tm mat cau can tim.
Tacoé G va G latrong tam cua tam giac ABC va A'B'C'. Khidé GG’ L (ABC).
Do d6 GG’ 1a truc cua mat phang ddy trén va day dudi nén | cachdéu A, B, C va | céch
déu A', B', C'. (1)
Mt khac, 1 € () la mat phang trung truc cia AA’ nén | cachdéu A va A'. (2)
Tir (1) va (2) suy ra | cach déu cac dinh caa hinh lang tru. | 13 tm mat cau ngoai tiép lang
tru, ban kinh cau 1a 1A.

[ Tinh ban kinh mit cau
TacolG=AK =a, G latrong tdm tam gidc déu ABC c6 canh bing a
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L ag_2aV3_aV3
3 2 3
2
Xét tam giac IAG vudng tai G c6 Al? =Gl*+ AG® :az{_af] :%az = Al = 2;/5 a

2V3
3

Béan kinh mat cau 1a R = Al =

] Tinh thé tich khéi cau.

Thé tich V Zﬂﬂ'Rs =—7
3 3 3

4 (2\@ ]3 323

3243 ra’.

27

Cau 257. [2H1-2] Cho khéi chop tir giac déu c6 canh day bang a, canh bén gap hai lan canh day. Tinh
tich V caa khdi chdp ta giac dé cho.

Viy V =

Ay oY gy Y2 c vy _a oy M4
2 6 2 6
Lo giai
Chon D.
S

-
-

B
2
Ta co SO =+/SD*~OD? \/(Za)z—(¥] :ga
3
Vs asco ZESO.SABCD :l@a_az _ \/ﬂa |
8 3 2 5

Cau 258. [2H1-2] Cho khéi chép S.ABCD c6 déy la hinh vudng canh a, SA L (ABCD) va SC tao véi
mét phang (SAB) mot goc 30°. Tinh thé tich V' cua khdi chop da cho.

3 3 3
*/ia | B.V:*/ia . c.vz%. D. V =+2a°.

AV =

Loi giai
Chon B.
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Tac6 BC L (SAB) nén (/SHSA\B)) —(SC,SB)=BSC =30° suyra SB = tar?goc’ =a+/3.
Do d6 SA=+/SB? — AB? =a+/2

1 1 a2
VS.ABCD :§SA'SABCD :§a\/§.a2 = 3

Cau 259. [2H1-2] Cho khéi tir dién c6 thé tich bang V. Goi V' la thé tich cua khdi da dién c6 cac dinh la

!

p <R , z , Aepr ra ~ P . A Vv
cac trung diém cua cac canh caa khoi tir dién dé cho, tinh ti so v

A2 B -1 c Y 2 D. L3
vV 2 vV 4 v 3 vV 8
Loi giai
BL - —
C
. 11 1 V1
Taco:V' =4V, =4-=-"V,... ==V —>—==.
GFJI 2 4 ABCD 2 V 2

Cau 260. [2H1-2] Cho khéi lang try dimg ABC.A'B'C’ ¢6 BB'=a, day ABC la tam giac vudng can tai
B va AC =a+2. Tinhthé tich V cua khéi lang tru da cho.

3 3

AV =2, B.V=2 cv=2. D.v=2
3 6 2
Loi giai
Av B
A B'
C!
. N AC 1 a’
Tam giac ABC vudng can tai A = BA:BC:ﬁ:a = Sgc :EBA-BC:?.

3
Thé tich cta khdi lang tru 1a V = BB'.S ;. :%.

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 135/178



Cau 261. [2H1-2] Cho khdi chép S.ABCD day I hinh chit nhat, AB=a, AD =a+/3, SA L (ABCD) va
mp (SBC) tao véi day goc 60°. Tinh thé tich V' cua khoi chop S.ABCD .

3 3

A.V:%. B.V:*/ia . C.v=a D. V =3a’.
Loi giai
Chon C.
S
D
B C

(SBC)n(ABCD)=BC
Tacé: { AB L BC = ((SBC),(ABCD))=(SB, AB) = SBA=60".

SB 1 BC

Tam giac SAB vudng tai A c6: SA= ABtan60° = a/3.
SABCD = \/éaz .

1 1
V' =Vs asco :g'SA-SABCD zg.a\/§.\/§a2 _ad

Cau 262. [2H1-2] Cho khéi chép S.ABCD day 1a hinh vudng canh a, SA L (ABCD) va khoang cach tir

A dén mp (SBC) béng # Tinh thé tich V cua khdi chop da cho:
3 3 3
Av=2 B.V=2a° cy % Dv=2,
2 9 3
Léi giai
Chon D.
S
H
B
D C

Tac6: SA L(ABCD)= SA L BC (1).

Theo dau bai: ABCD la hinh vuong = AB L BC (2).

Tir (1) va (2) suyra BC L(SAB).

Trong mat phang (SAB) ké AH L SB, dod6 AH LBC vi BC L(SAB).

. AH L SB
Ta co: = AH L (SBC)
AH 1| BC

av2

= AH lakhoang cach tr A dénmp (SBC) suyra AH ==
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Cau 263.

Cau 264.

Cau 265.

Xét ASAB vudng tai A, duong cao AH .

Tacs L _ 1 1 _ e AH.AB a2.a _a

AHZ SAZ  AB? ~ [AR? 2 2
JAB? — AH , a
2. |a

2

3
Thé tich caa hinh chép S.ABCD : V :%SA.SABCD :%a.a2 :%.

[2H1-2] Cho hinh bat dién déu canh a. Goi S 1a tong dién tich tat ca cac mat cua hinh bat dién
déu d6. Ménh dé nao dudi day dang?
A. S =443a%. B. S =+/3a%. C. S =23a%. D. S =8a’.
Loi giai
Chon C.

2
Hinh bat dién déu c6 8 mat la tam giac déu canh a. Suyra: S =8. a f =2a%/3.

[2H1-2] Cho khéi chop tam giac déu S.ABC c6 canh day bang a va canh bén bang 2a. Tinh
thé tich V cua khéi chop S.ABC :

3 3 3 3
NRVE LS gy Vi’ cy -y’ b,y Y1’
12 12 6 4
Lo giai
Chon B.
s
A B
|
C
2

Goi | 1a trung diém cua BC, suy ra: Al :a—f,sABC :af;/g.
Goi H latrong tam AABC suy ra %:23 AH :a—f.

Theo dau bai: S.ABC la khdi chop tam gidc déu, suy ra SH L (ABC).

2
Taco: SH =+/SA*— AH? = /4a2—% :\/%a_

2 2
Viy V :%SH.SABC :1.\/%&"" 3 _ a1t

3 4 12
[2H1-2] Cho khdi lang tru dtng ABC.A'B'C’ ¢6 day ABC la tam giac can v6i AB=AC =a,
BAC =120°, mp (AB'C’) tao véi ddy mot géc 60°. Tinh thé tich V cua khéi lang tru da cho.
3 3 3 3
3 Bv=2 cv=2. D.v =32
8 8 8 4
Léi gii

AV

Chon A.
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Goi H 1a trung diém cua B'C’. Suyra: A'H 1L B'C’.

Taco: AH=AC'. cos%—acos120 a

2 2

CH :A’C’.sin%:a.sin120 a\z/_ 'C’—af

Theo dau bai: day lang tru 1a tam gi4c can. Suy ra: AH L B'C’.
Ta co: ((AB'C'),(A'B'C'))=(AH, AH)= AHA = AHA =60°.

Suy ra: AA'= A'H tan AHA' = 5 8 tan60°=

3
Vay: V = AA'S, = AA. ;A’H B'C’ = f%%.aﬁzg’a .

day

A

Cau 266. [2H1-3] Hinh chép S.ABCD co day la hinh vudng canh a; SA vubng géc véi (ABCD); goc
giita hai mat phang (SBD) va (ABCD) bang 60°. Goi M, N la trung diém cua SB, SC.
Thé tich khéi chop S.ADNM bang

3 3 3 3
A.*/Ea. B. 2 c.3‘/§a. D.*/éa.
8 46 82 82
Lo giai
Chon D.

Goi O latam hinh vudng ABCD. Tacé ((SBD);(ABCD))=(SO;0A)=SOA, suy ra
SOA = 60°.
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\/7_a\/_

Trong hinh vuéng ABCD, c6 OA—EAC _E a

f

Ta dugc SA= AO.tan60° =

1 a\/_ _aJe
3 2 6
Theo cdng thirc ti thé tich khbi chop ti giac, ta co:

Voo _ 1 SA SN (SM+SDJ 113_3

Voo 2 SA SC \SB  SD

Thé tich khdi chop S.ABCD : V sgep =

222 8

_3a6_aVe_a'\3

8 6 16 82 '

Chu y: Trong bai giai trén c6 sir dung cong thie ti s6 thé tich hinh chdp tir giac.

Cho hinh chop tir gidc S.ABCD, v6i ABCD la tir giac théa man AC chia ti giac thanh hai
phan c6 dién tich bang nhau. Vi bon diém dong phang A’, B’, C’, D’ nam trén cac tia SA,
SB, SC, SD (khdng tring vai S ) thi ta cé cong thuc ti s6 thé tich:

Voagco _ 1 SA” SC’ (SB’+SD’
Voo 2 SA SC | SB ' SD
khébi chop thanh hai phan.

Cau 267. [2H1-3] Cho tia dién ABCD c6 cac canh AB, AC va AD d6i mot vubng goc véi nhau;
AB=6a, AC=7a, AD=4a. Goi M, N, P tuong tmg 13 trung diém cac canh BC, CD,
DB. Tinh thé tich V cua ta dién AMNP .

Suy raVS AMND —

j. Cong thirc nay cé thé dugc chiing minh bang cach chia

AV—; a’ B.V =14a’. CV—238 a’ D.V =7a%
Loi giai
Chon A.
A

Tacod V,eep :%AB%AC.AD = 28a°

1
VA.MNP — §d (A1(BCD))SMNP — SMNP 1

1 ==V, e _L1ogas—7a%,
50 (A(BCD)) Sy, e 4

VA.BCD
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Cau 268.

Cau 269.

[1H2-3] Cho hinh chép S.ABC c6 day ABC la tam gidc vudng tai B, AB=a, BC =a/2,
SA=2a va SA vudng goc véi mt phang (ABC). Biét (P) la mat phang qua A va vudng goc

vé6i SB, dién tich thiét dién cat boi (P) va hinh chép la

2 2 2 2
A. 4a«/ﬁ' B.4a*/§. C.Sa*/l_o. D. 4"’“/6.
25 15 25 15
Lo giai
Chon A.

Thiét dién cit boi (P) va hinh chdp la tam giac ADE . Suyra: SB L AD (1) va SB L DE.
Taco: BC LSA, BC L AB — BC L (SAB) ma AD —(SAB)—BC L AD (2).
Tur (1) va(2) — AD L (SBC) > DE — AD L DE. Suy ra AADE vudng tai D.

2a+/5

L 1—)AD:S.

= +
AD? SA*  AB?
Taco: SB L DE, SB 1L BC ma BC,DE C(SBC) ——DE//BC.

SB=+/SA2+ AB2 =a./5 .
2
Ta co: DE//BC, theo dinh ly talet —)E SD_SDSB_SA"_4

BC
1 4a%\/5
Supe =5 AD-DE =32

Ta co:

SB SB?

= 7 —>
SB° 5

4av2
5

[2H1-3] Cho tir dién déu ABCD c¢6 canh bang a. Goi M, N lan luot Ia trung diém cua cac
canh AB va BC, E la diém doi xing véi B qua D. Mt phang (MNE) chia khdi tir dién
ABCD thanh hai khdi da dién, trong d6 khdi da dién chira dinh A c6 thé tich V . Tinh V .

7288 11,28 13V2&° V2a?

D.V= .
216 216 216 18

AV = B.V = C.V

Loi giai
Chon B.
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Do P latrong tdm tam gidc EBC nén CP:ECD:Z—;l

1a2a\/_ a?\/3

0 S L cN.CP-sinpCN =+.2.23,
aer = 22 3 2 12

2
Trong tam giac vudng AOD c6 AO =, |a’ —% = ﬂ.

NE

1 aV2 a’\3_a'\2
3[ 12 36

1 (2 a\/_] aZ\/§.

0 SABNP:E-BN-d(P, BC) =2 >

R 1
Vay Ve = g AO-S,\cp =

1
Tir d6 suyra V, gp = 3 AO-Sypnp =——

VAMNP l 1 as\/_ as\/E.

Mat khéc, ta co =—=Vaup = =
A.BNP 2
1 a%J/3 a%f3

1
N SABPD:§'SAABCZ§'T: 12

A 1
Vay VA.BPD :g'SO-SABPD =—. . =

Cau 270. [2H1-3] Xét khéi tr dien ABCD c6 canh AB = x va cac canh con lai d&u bing 2/3. Tim x
dé thé tich khéi tir dien ABCD dat gi4 tri 16n nhat.
A.x:\/g. B. x=+14. C. x=3J2. D.x:2\/§.
Loi giai
Chon C.
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B
Goi M, N lan luot 1a trung diém CD va AD; H la hinh chiéu vudng goc cua A 1én BM .
, CD_1LBM
Ta co: — CD L (ABM )= (ABM) L (ABC).
CD L AM

Ma AH L BM =(ABM )n(ABC)= AH L (ABC).

Do ACD va BCD la hai tam déu canh 24/3= AM = BM :%-2@:3.

2
Tam gidéc AMN vuéng tai N, c6: MN =+/AM? — AN? :‘/9_)(7'

X2
1/9——.x >
Lai c6: MN.AB = AH.BM = AH = MN-AB _ 34 _ X\/%fx.

BM 6
Suco =§(2ﬁ)2 ~3J3.
2
- _1 xV36-x" grﬁ

Vaeco =§AH “Seep _g' 6

2 2
Ta c6: V,gep :%x\/%—xz s%-%:sﬁ.

Suy ra Vg, 16n nhat bang 3v/3 khi x2=36-x> = x=3/2.

Cau 271. [2H1-3] Xét khoi chop S.ABC c6 ddy la tam gidc vudng can tai A, SA L (ABC), khoang cach
tr A dénmp (SBC) bang 3. Goi « la géc giita hai mat phang (SBC) va (ABC), tinh cosa
khi thé tich khdi chop S.ABC nho nhat.

Ve

A. COSa:l. B. cosa =—. D. COSOCZE.
3 3 3

Chon B.

Trong AABC ké dudng cao Al = Al ciing 1a dudng trung tuyén cia AABC (Do AABC la
tam giac vuong can tai A).
Trong ASAI , ké duong cao AH .
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Taco: SAL(ABC)=SALBC,ma Al LBC. Tirdo suyra: BC L(SAlI)= BC LSI.

— BC L AH (1), mat khac AH L SI(2).

Tir (1) va (2) suyra: AH L(SBC)=d(A,(SBC))=AH = AH =3
(SBC)~(ABC)=BC

Ta lai ¢6: SI L BC = ((SBC),(ABC))=(SI, Al)=SIA
Al L BC
= SlA=a.
Taco: Al :'_A—H:_i ma SA:AI.tana:_i.tana:i.
sina sina sina cosa
3

Do Al la dudng trung tuyén cia AABC = CIl = Al = ——.
sina

Xét AAIC vudng tai | . Suyra: AC =+ Al*+ AC? :Alf:?ﬁ.
SN
32 ]2 ) 9

sina | cosw(l—cos2 a) '

Ta c6: Vs o = 3 8AS e =g SAACT =5 o (

DPé V dat gia tri nho nhat suy ra cosa(1—cos? ) dat gié tri I6n nhat.
Xéthamso: y=x-x* (0<x<1).

Ve

Taco: y =1-3x>. Xét:y'=0=1-3x* =0 < X :i?.
Ta c6 bang bién thién:

X |0

3

Vay cosa =—
1y 3

Cau 272. [2H1.4-3] (NSL-BG-L1-1819) Cho khdi chép tam giac S.ABC c6 canh bén SA vudng goc véi
mit phang (ABC), ddy la tam gidc ABC can tai A, d dai trung tuyén AD bang a, canh bén

SB tao Vi day goc 30° va tao véi mit phang (SAD) géc 30°. Thé tich khoi chop S.ABC

bang
3 3 3 3
A &3 B. & c.a‘/g. D. &
3 6 6 3
Lo giai
Chon B.
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Céau 273.

1\
A C
" D
B
ez ., |BC LAD
Theo gia thict ta co: = BC L(SAD)
BC L SA

= SD la hinh chiéu vudng gdc ciia SB 1én mat phang (SAD) = BSD = 30°.
Lai c6 ASAB vudng tai A = SBA =30°.
Xét ASAB vudng tai A c6 cot30° = % < AB= SA\/§ © SB =+/SA? + AB? = 2SA.

Xét ADAB vudng tai D c6 BD? =+/AB? — AD? =+/35A2 —a’ .

Xét ASBD vudng tai D c6 sin30°= zg ; SB =2BD < 2+/35A%—a* = 2SA

> 3SA? — a2 —SA2<:>SA—a\/_ BC =2BD =av/2.
- o 1 1 a\/_ a*
Viy thé tich khéi chép S.ABC: V. . =+ SAS. —+sal appc=1.2Y2 2=
ay tne 0 p sBC T3 asc =3 5 6 2 6
[2H1.3-3] (NSL-BG-L1-1819) Cho khdi chép S.ABC c6 AB=5cm, BC =4cm, CA=7cm.
Cac mat bén tao véi mit phing day (ABC) mot goc 30°. Thé tich khdi chép S.ABC bang
A. ﬁcm? B. i cm?® C. ﬁcm? D. icm
3 3
Loi giai
Chon A.
S
A C
H G
B

Goi E Ia hinh chiéu vudng goc cua S trén (ABC); F, G, H theo thir ty la hinh chiéu vudng
goc cua E trén AC, BC, AB.

Theo bairata cé SFE = SGE = SHE =30°.

Céc tam giac vudng ASFE, ASGE , ASHE bang nhau vi SE chung va

SFE = SGE = SHE = 30° = EF =EG =EH .

Suy ra E 1a tim duong tron ngi tiép tam giac ABC ().

NG

Taco S,u =46 = EF ==
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Tam giac SEF vubng tai E c6 SE = EF tan30°:76.i3:%.
Thé tich khdi chop la V :%SE.SABC :ﬁ.

Binh lugn: Trong Loi giai caa chdng toi, ching t6i giai trén phuong 4n “ding” dé chon dap an
“ding” theo cau hoi. Tuy nhién chd (*) trong bai toan thi trén thuc té véi yéu té gia thiét cua
dé bai thi @6 chi 12 mot trudng hop c6 thé xay ra doi véi E, vi thuc té néu E 13 tam dudng tron
bang tiép cua tam gidc ABC van thoa duoc yéu cau cia bai toan. Do d6 dé dam bao tinh khoa
hoc va 16gic cua dé bai chiing t6i d& xuat dé bai dung cho Loi giai ma ching t6i da trinh bai ¢

trén nhu sau:

Cho khdi chép S.ABC ¢6 AB=5cm, BC=4cm, CA=7cm. Biét ring c4c mat bén tao véi

mit ddy (ABC) mot goc 30° va hinh chiéu vudng goc cia dinh S xuéng mat ddy nam trong

tam gidc ABC . Thé tich khdi chop S.ABC.

CAu 274. [2H1-4] Cho hinh chép tt giac S.ABCD c6 day 1a hinh vudng canh biang ~/2a. Tam giac SAD
can tai S va mit bén (SAD) vudng goc véi mat phang day. Biét thé tich khdi chép S.ABCD

bang %aS. Tinh khoang cach h tir B dén mat phang (SCD).

A. h:ga B. hzﬂa. C. hzga. D. hzga.
3 - 3 3 4

Loi giai
Chon B.

:%.ﬁa3
3

=2a.

Taco Vs nsen :%SH.SABCD —SH = 3Vs asco _

S pgco (\/Ea)z

v 1 2

==V =—a
SBCD ~ 5 'S.ABCD T g

Talaic6 CD L (SAD)=CD L SD nén

2
S ascp :%SD-DC :% SH? + HD?*.DC %\/(Za)z +(%} ~2a =%a2

1 v 3.§a3 4
Mt khac VS_BCD:§d(B,(SCD)).SSCD nén d(B,(SCD))= =g =5R
SCD —a
2

Cau 275. [2H1.4-4] (NSL-BG-L.1-1819) C6 mot khdi gd dang hinh chép O.ABC c¢6 OA, OB, OC d6i
mot vudng goc vai nhau, OA=3cm, OB=6 cm, OC =12 cm. Trén mit ABC nguoi ta danh
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dau mot diém M sau d6 nguoi ta cat got khéi go dé thu duoc mot hinh hop chir nhat c6 OM
la mot duong chéo ddng thoi hinh hop ¢ 3 mat nam trén 3 mat caa ta dién (xem hinh vg).

Thé tich I6n nhat caa khdi gd hinh hop chit nhat bang

A. 8cm’. B. 24 cm®. C.12cm’. D. 36 cm®.
Loi giai

Chon A.

Goi X, y va z lan luot Ia khoang cach tir diém M dén cac mat phang (OAB), (OBC) va

(OCA).
Ta Cé VOABC :VOMAB +VOMBC +VOMAC
& 3.3.6.12 = 1.X.£.3.6+1.y.£.6.12 +1.Z.£.3.12
6 3 2 3°2 3 2

< X+4y+22=12.
Thé tich khéi gd 1a V = xyz.

Ap dung bat dang thirc Cauchuy ta co: xyz :%.x.4y.22 s%.2—17(x+4y+22)3 =%.

Vay thé tich cua khdi gb 16n nhat a 8 cm® dat duoc khi va chi khi

Xx=4
X+4y+2z2=12
<qy=1.
X=4y=2z2
X=2

Cau 276. [1H3.5-4] (NGO GIA TU-VPU-L1-1819) Cho hinh chép S.ABCD c6 day 1a hinh binh hanh
va SA=SB=SC =11, SAB=30°, SBC =60° va SCA=45°. Tinh khoang cich d giita hai
duong thang AB va SD.

A. d=411. B.d=2v22. c.dzg. D. d=+22.

Loi giai
Chon D.
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Cau 277.

Taco ASB =180°—30°—30°=120°, suy ra AB=+3.5A=11./3.

Tam gidc SAC vudng cantai S nén AC =+/2.5A=11/2.

Tam giac SBC déu S nén BC =SB =11.

Xét AACB c6 AC’®+BC? = AB? =363 = AABC vudng tai C.

Goi H la trung diém AB = H la tam duong tron ngoai ti¢p AABC = SH L (ABCD).
Ké HI LDC, HK L SI = HK L(SCD) = d(AB;SD)=HK.

116

Taco 2,5 = ACBC = HIAB = HI =——.

) 1 1 1
Xét AHSI vudng tai H taco = + = HK =+/22.
gt HK? SH? HI?

Viy d (AB;SD)=+22.
[2H1.3-3] (NGO GIA TU-VPU-L1-1819) Cho hinh chép S.ABCD c6 déy I hinh vudng, mat

A s ooy 2TN3 . R s
bén SAB la mot tam giac deu co dién tich bang va nam trong mat phang vuong goc voi

mit phiang (ABCD). Mt phang (a) di qua trong tam tam giac SAB va song song véi mit
phing (ABCD) chia khoi chop S.ABCD thanh hai phan. Tinh thé tich V cua phan chira diém

.
AV =24 B.V =8. C.V =12. D.V =36.
Léi giai

Chon C.

Goi A', B, C’, D' lan luot la giao diém cua (a) véicac canh SA, SB, SC, SD; G latrong
tam tam giac SAB, H 1a trung diém caa AB.
(SAB)n(ABCD)= AB
Khi dé {(SAB) L (ABCD) = SH 1 (ABCD).
SH —(SAB),SH L AB
Taco AA'//AB, B'C'//BC, C'D'//ICD, D'A'// DA (do ()//( ABCD)).
2 SG SA sSB' sC' sD'

Nén —=—=—= = = .
3 SH SA SB SC SD
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Vincs _ SA' SC' SB' 8 Viuco _SA' SC' SD'_ 8

Tir d6 ta c6 —SACE = —SACD T T T -
Vi,s SA SC'SB 27 V.,, SA SC SD 27
Suy ra VS'A’C’B’ +VS'A’C’D’ :ESM 2 :VS.A’B’C’D’ ZEVS.ABCD :
S.ACB VS.ACD 27 EV 27 27
2 S.ABCD
2
Ma S,,, =25 3 _21y3 = AB? =27 = AB =33 va SH :Mi.
4 4 2 2
. 8 81 81,9
Vay Vs eco :EVS_ABCD 2773 Z ABZSH = > §.27.5:12.
Céu 278. [2H3.3-3] (LY NHAN TONG-BNI-L1-1819) inh chdp S.ABC cb
ASB = BSC =CSA=60°. SA=a, SB =2a, SC =3a. Thé tich khéi chép d6 I
3 3 3 3
a2 B 22 c a2 p, &V3,
6 3 2 2
Chon C.

Trén canh SB, SC lan luot lay diém B’, C’ sao cho SB'=SC’'=SA=a.
Tacé ASB'=B'SC’ = C'SA=60° nén S.AB'C’la t& dién déu canh a.
Goi O latam cua tam giac AB'C’, M la trung diém B'C’.

2 2\/_a\/§.

Taco: OA=—AM =
3 2 3

2
SO = /SAZ —OA? = az—(¥] :ﬁ.

3
3
Thé tich khéi chop S.AB'C’ 1 V pe = =SO.S o _lafblas _av2
3 33 2 3 12
Talai c6: Yoase _SA SB'SC’'_a a a 1
Vime SA SB "SC a'2a3a 6
x/—a

Vay Vs pse =6V apc 5

Cau 279. [2H1-4] Cho khéi hop chix nhat ABCD.A'B'C'D’ ¢6 thé tich bang 2110. Biét A'M =MA;
DN =3ND'; CP=2PC'. Mit phang (MNP) chia khéi hop da cho thanh hai khdi da dién. The
tich khéi da dién nho hon bang

TOAN HOC BAC-TRUNG-NAM suie ldm va bién tdp Trang 148/178



Cau 280.

D’ C’
A N’ ____________ B’
,/' : ‘::::::4 P
My--T
e I c
A B
A 7385. B 5275. C. 8440. D. 5275
18 12 9 6
Loi giai
Chon D.
D’ C’
A G vy = 3
P B P
i Q
I N C
A B
Taco: Vineg aeco ZE(A’M + C’PJZE(LJ]ZE.
ascoascn 2\ A’A C'C 2\2 3) 12
VERY 5 5 5275

nho —

MNPQ.ABCD' — EVABCD.A’B’C’D’ = E -2110= T .

[2H1-4] Mét vién da c6 hinh dang la khdi chop ta giac déu vei tat ca cac canh bang a. Nguodi
ta cit khdi da d6 boi mat phang song song véi day cua khdi chop dé chia khdi da thanh hai
phan cé thé tich bang nhau. Tinh dién tich cua thiét dién khdi d4 bi cat bai mat phang néi trén.
(Gia thiét rang tong thé tich cua hai khoi dd sau van bang thé tich cua khoi da dau).

2 2 2

2a® a a a
A —. B. —. cC. —. D. —
J3 Y2 4 Y4
Loi giai
Chon D.

Goi M, N, P, Q lan luot 1a giao diém ciia mat phang cat véi canh bén SA, SB, SC, SD
SO 1 (ABCD)

(MNPQ) | (aBcD) ~ S H(MNPQ)

vd H = SO (MNPQ). Do {
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..SH SM SN SP SQ ) , .
bit —=—=—=—=—=k (k>0) (Dinh ly Thales) va V =V .
a SO SA _SB _SC_sD ( )( nnly ) S.ABCD

Tacs e _Vowe Voo _1(SM N PSSP 5Q) L)
V. N Moo 2\USASB'SC SA'SC'SD) 2
V
Theo ycbt; MNQ _ i3 Lo L
2 2
1SH S
Mt khae + = Ysmee _ 37 TMPC_ Sueq
2 1 SO.S e S asco
3 2 2
= Sunpo :Z_:Lk'SABCD :g_az :?ﬁ-

PHAN 4. MAT CAU. MAT TRU. MAT NON

Céau 281.

Céau 282.

Cau 283.

Cau 284.

Cau 285.

[2H2-1] Cho hinh nén dinh S ¢ day la duong tron tam O, ban kinh R. Biét SO =h. Do dai
duaong sinh ciia hinh nén bang

A. \Jh?-R? . B. vh* +R?*. C. 24h*-R? . D. 24h*+R?.

Loi giai
Ta c¢6 duong sinh | =+/h? +R? .

[2H2-1] Dién tich caa mat cau cé ban kinh R bang
A. 27R?%. B. 7R?. C. 47R%. D. 2zR.
Loi giai

Dién tich ciia mat cau c6 ban kinh R bang 4zR?.

[2H2-1] Thé tich cua mat khéi cau c6 ban kinh R la
A.V:fﬂR3. B.V:fﬂRz. C.VziﬂR3. D.V =4rnR®.
3 3 3
Loi giai

[2H2-1] Goi I, h, r lan Iuot 13 do dai duong sinh, chiéu cao va ban kinh mat day caa hinh
non. Di¢n tich xung quanh S, cta hinh ndn la

A. S, =nrrh. B. S, =2nrl. C. Sy=mrl. D. S, Ziﬂ'l’zh.
3

Léi giai
Sy =xrl.
[2H2-1] Néu tang ban kinh day cuia mot hinh nén 1én 4 lan va giam chiéu cao cua hinh nén do
di 8 lan, thi thé tich khdi non tang hay giam bao nhiéu lan?
A. tang 2 lan. B. tang 16 lan. C. giam 16 lan. D. giam 2 lan.

Léi giai

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 150/178



Thé tich ban dau cta khdinon 1a V, = %ﬂth :

Do d6, khi ting ban kinh day cta hinh nén Ién 4 lan va giam chiéu cao caa hinh nén do di 8
lan thi thé tich caa khdi nén twong ung 1a V, :%ﬂ,’(4R)2% :%E.Z.th =2V,.
Vay thé tich ciia khdi non d6 tang 2 lan.

Cau 286. [2H2-1] Tinh thé tich V cua khi tru c6 ban kinh ddy va chiéu cao déu bang 2.
AV =4r . B.V =12r. C.V =16r. D.V =8r.
Loi giai
Chon D.
Thé tich khdi tru V = zr*h = 7.22.2 =87 .
Cau 287. [2H2-1] Mét hinh tru ¢6 ban kinh day bang 50cm, Chiéu cao 50cm. dién tich xung quanh caa
hinh tru d6 1a
A. 5000(cm?). B. 50007 (cm?). C. 2500(cm?) D. 25007 (cm?).
Loi giai
Chon B.
S, =27Rh =27.50.50 = 50007 (cm? ).

Cau 288. [2H2-1] Cho hinh chit nhat ABCD c6 AB=2a, BC =3a. Goi M, N lin luot Ia trung diém
cua AB, CD. Cho hinh chir nhat ABCD quay xung quanh truc MN ta duoc mot khdi tru co
thé tich bang

A. 4rad. B. 5za. C. 3ra’. D. 2ra’.
Loi giai
Chon C.
rR=AB_,
2
h=BC =3a

=V =7R%h=r.a%.3a =3ra’.

Cau 289. [2H2-1] Goi I, h, R lan luot 1a d6 dai duong sinh, chiéu cao va ban kinh day cua mot hinh
n6n. Pang thire ndo sau day luon dung?
1 1 1

A. I =hR. B. o=+ C.1°=h*+R?. D. R*=h*+1?.
1> h* R

Léi giai

Chon C.

Theo dinh nghia hinh ndn, ta c6 tam giac OIM vudng tai | . Do d6, OM? =01°+1IM?.
Suyra: I =h*+R’.

Cau 290. [2H2-2] Cho hinh chdp S.ABC c6 day ABC la tam giac vudng can, canh huyén AB =2a.
Canh bén SA vudng goc véi mat day (ABC). Géc gitra (SBC) va mit day (ABC) bang 60°.
Dién tich mat cau ngoai tiép hinh chép S.ABC la
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A. 5ra’. B. 7a’. C. 107a°.
Loi giai

Chon C.

Ta co: AABC vudng cantai C = AC =BC :A—S: 2a =av2.

QI
N

Ma ta lai co: (SAB) (ABC)=BC

BC L (SAC) (Vi BC LSABC L AC )

(SAC)(SBC)=SC

(SAC) (ABC)= AC

— (SBC),(ABC) = SC, AC = SCA = 60°.
SA

D. 127a?.

Xét tam gidc SAC c6: tan SAC =c = SA = AC.tan SAC = a~/2.4/3 = a\/6.

Goi | 1a trung diém cua SB
IS=IB=1A

{IS =IB=IC
Xét tam giac SAB co:

_SB_ay10

SB =+/SA2 + AB2 =+/6a2 +4a’ =a+10 = R - 5

2
] =107a’.

=S, =47R? :4;1.("" 210

— | la tdm mat cau ngoai tiép hinh chép S.ABC, SB 1a duong kinh

Cau 291. [2H2-2] Cho hinh chép déu S.ABCD c6 canh day bang 2a va canh bén tao véi day goc 45°.

Khi d6 ban kinh mat cau ngoai tiép hinh chop d6 1a

A a. B. 2a. el
Lai gidi

Chon C.

D. a\/§.
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Céau 292.

Céau 293.

Goi O la tim day ABCD = SO L (ABCD)
Xét tam giac SOD, goi M 14 trung diém caa SD.
Ké duong trung truc MI, cit SO tai | = 1S=1ID
MaleSO=IA=IB=IC=ID = | Iatdm mat cAu ngoai tiép hinh chép S.ABCD
Ta ¢6: cosOSD :Q:S—M: Sl = SDSM = SD*
sD Sl SO 2SO
Talai c6 ABCD Ia hinh vudng c6 canh 2a = BD = 2a+/2 = OD = a+/2

_ 2
= SO=av2 =Sl = 4a = av/2.
SD=2a 2a+/2

[2H2-2] Mot hinh non tron xoay c6 d6 dai duong sinh | =2a, d6 dai duong cao h=a. Goi S
la dién tich thiét dién cua hinh nén cit boi mat phang di qua dinh cua hinh nén. Gia tri I6n nhat
cua S bang

A. 2a2. B. a’/3. C. 2a%/3. D. 4a?.

Léi giai

Chon A.

Goi AB la duong kinh ctia duong tron day cta hinh non, O la tdm cua day.

Hinh non ¢6 duong tron day c6 ban kinh 1a R=+/1? —h® = 1/(Za)2 —a’=av3>h=a nén

ASB >90°.
Thiét dién di qua dinh S caa hinh nén la tam giac SAM can tai S.
Ta co: S, :%.SA.SM sin ASM = %.SAZ.sin ASM s%.SAZ :%.4a2 =2a% (Vi sin ASM <1)

Déu "=" xay ra khi sin ASM =1<> ASM =90°.
Vay max S =2a’.

[2H2-2] Cho hinh chdp tir giac déu S.ABCD c6 canh day va canh bén déu bang 2a. Dién tich
ctia mat cau ngoai tiép hinh chép S.ABCD bing
A. 4ra’. B. %ﬂ'az. C. 8za’. D. 2za’.
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Léi giai

Chon C.

A 0

Tam ctia mit cau ngoai tiép hinh chép S.ABCD 1a diém | nhu hinh v&, ban kinh 12 1S .
Hinh vudng ABCD c6 canh 2anén AC =2av/2 = AO =a+/2.

Ap dung dinh Iy Pytago trong tam giac vuong SAO: SO = a2 .

2 2
Tam giac SAO, c6 ASMI dong dang ASOA = IS= SA :i:aﬁ.
250 2a2

. o , 2
Dién tich mat cau ngoai tiép hinh chop: V = 4xr? = 4ﬂ.(a\/§) =8ra’

Cau 294. [2H2-2] Cho chép tam gidc SABC c6 SA L(ABC), tam gidc ABC vudng can tai A va
SA=2a, AB =a.Khido6 ban kinh cua mat cau ngoai tiép SABC la
A R=2Y3 5 r-3Y6 c.R=3V> b R=AT
2 2 2 2
Loi giai
Chon B.

Goi M, N lan luot 14 trung diém SA,BC
Vi AABC vudng cantai A= AN L BC; AN =%BC = %a 2 va N la tam duong tron ngoai

tiép AABC
Dung duong thang d diqua N va d L AABC (d I truc cia dudng tron ngoai tiép AABC)
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Cau 295.

Cau 296.

Cau 297.

Dung duong trung truc caaSA, cat d tai O
,{Oed {OA:OB:OC
Ta co

= — O la thm mat cau ngoai tiép chop SABC = R = OA
0 e MO OA=0S

a/6

2
D& dang thay MANO Ia hinh chir nhat, tacd R = OA=+AM?2+ AN? = (%) AN? =
[2H2-2] Cat hinh tru tron xoay (T) béi mot mat phang qua truc cia (T) ta dugc thiét dién la
mot hinh vudng c6 canh bing 2a. Thé tich cia khoi tru (T) la

3
cv=2ra
3

A.V =2ra’. B.V =4ra’. D.V = ra’.

Loi gidi
Chon A.
Vi thiét dién qua truc [a mot hinh vudng nén ta cé chiéu cao cua hinh tru 1a 2a va béan kinh day
bang a
Vay thé tich khoi tru (T)la V = za’.2a = 2za°.

[2H1-2] Cho hinh chép S.ABCD c¢é day la hinh vudng canh a, SA vudng goc voi mat phang
(ABCD), canh SC tao véi ddy mot géc 60°. The tich khoi chép S.ABCD bing
3 3 & 3
p 36 g, &6 c. a6 p, &6,
6 12 3 2
Loigiai
Chon C.
Ta co: (m)) :(SC/A\C) — SCA=60°
AC =av/2.
Xét tam giac SAC vudng tai A co: SA= AC.tan SCA = a/2./3 = a /6.
3
Do d6, Vy ,aes :%.SABCD.SA:%.aZ.a 6=2 f

[2H2-2] Cat mat xung quanh caa mot hinh nén tron xoay (N) doc theo mot duodng sinh roi trai

ra trén mat phang ta dwoc mot nira hinh tron c6 ban kinh R . Chiéu cao ctia hinh nén (N) 1a

A.h:%. B. h=R+/3. C.h:RT\/é. D. h=R.
Loi giai
Chon C.
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Theo bai ra ta ¢6 hinh nén nhu hinh vé.

Goi R la ban kinh day hinh nén va I, h lan luot 1a dwong sinh va chiéu cao cia hinh non.
Cit mat xung quanh caa mot hinh non tron xoay (N) doc theo mot duong sinh roi trai ra trén
mat phang ta duoc mot naa hinh tron ¢ ban kinh R =SA. Khido | =R

: : < 27R . N .
Khi d6 chu vi cta nira duong tron la C, = ﬂT =R chinh la chu vi day caa hinh non

Ta c6 chu viday cia hinhnén la C =2zR, =7R < R, :%

2
Xét ASOA vudng tai O c6 h=S0 =/SA’ — AD? =\/|2—R12 = fRZ_RT:R_*/g

2

Cau 298. [2H2-2] Cho hinh chép tron xoay (N ) c6 chiéu cao 3cm va ban kinh duong tron day la 4 cm.
Thé tich ciia khéi non tron (N) bang
A. 12z (cm?). B. 167 (cm®). C. 36z (cm’) D. 487 (cm’).
Loi giai
Chon B.
Thé tich ciia khdi nén (N) 1a V = %ﬂrz.h = %n2.42.3 =167 (cm®).
Cau 299. [2H2-2] Cho hinh try tron xoay (T) c6 chu vi cua dudng tron day bang 4ra va chicu cao
h=a. Dién
tich xung quanh cua hinh tru (T) béing
A. %naZ. B. 4za’. C. 3ra’. D. 2za’®.
Loi giai
Chon B.
Do (T) c6 chu vi clia duong tron déy bang 4za va chiéu cao h=a nén dién tich xung quanh
cua hinh tru (T) bang 47a.a =4za’.

Cau 300. [2H2-3] Cho t&r dién ABCD. Goi M, N, E, F lan luot la trong tdm cua cac tam giac BCD,
ACD, ABD, ABC. Goi R, r lan luot I ban kinh mit cau ngoai tiép tir dien ABCD va ta

dién MNEF. Tisé R la
r

A 2. B. 3. C. 4 D.

N | W
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Céau 301.

Loi giai
Chon B.
A

B D
I
C

Goi I,J lan luot 1a trung diém cua CD va AB.
Xét tam gidc ACD c6: N la trong tdm tam giac ACD
| 1a trung diém cua CD :ﬁ:%.
Chtrng minh tuong ty ta co: M_1 :E:M = MN // AB :mzmzl

IB 3 IA IB AB IB 3
Chirng minh tuong tu ta co:
MF_ME_FN_FE EN 1
AD AC BD CD BC 3
— Tirdien M.NEF 13 phép vi tu cia tir dien ABCD Vi ti s k:%:%:%:?:&

[2H2-2] Hinh hop chir nhat ABCD.A'B'C'D’ c6 dién tich cac mat ABCD, ADD’A’, CDD'C’
lan Iuot a 15cm?, 20cm?, 12cm?. Thé tich mat cau ngoai tiép khdi hop do 1a

A 2507r. B 2507r. C 1257 D 1257r.
32 33 32 22
Léi giai
Chon A.
A D’
B i \\\ /// Cl
X
c
2 W P
a- AN D
b )
B C

Goi d6 dai ba canh AB, BC, BB’ lan luot 1a a,b,c ta co:

S ecp = ab =15cm?.

S oo = bC=20cm?.
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Céau 302.

Céau 303.

Scope =ac =12cm?

a=3cm
=4b=5cm

c=4cm
N Ja?+b?+c?  \J9+16+25 542

- 2 2 2
Ly 4 e 4m125V2 250

3 3° 4 32
[2H2-2] Mot mit cau (S) tam O, ban kinh 13cm. Ba diém A, B, C thudc (S) sao cho
AB=6cm, BC=8cm va AC =10cm. Khi d6 khodng cach tir O dén (ABC) bang
A. 9(cm). B.10(cm). C. 8(cm) D. 12(cm).
Loi gidi

Chon D.

Xét tam gidc ABC co:

AB? =6° =36cm?.

BC? =82 =64cm°.

AC? =10°=100 cm®.

= AC? = AB*+ BC® = AABC wvudng tai B.

Goi | 1a trung diém caa AC suyra: IA=1B=1IC :% =5 cm.

Ma: O la tam mit cau (S) = OA=0B =0C =13cm.
=0l L(ABC) =1

Taco: Ol =+/OB% —IB? =+/132 —52 =12 cm.

[2H2-2] M6t hinh tryu c6 thiét dién qua truc 1a hinh vudng c6 dién tich 100cm? . Khi d6 thé tich
cua khdi tru do 1a
A. 1507 (cm?). B. 1007 (cm?). C. 2507 (cm®). D. 500 (cm?).
Loi giai
Chon C.
Goi canh cua hinh vuéng la a, ta cd: a®> =100cm? < a=10 cm.
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Céau 304.

Céau 305.

Céau 306.

R=2_5cm
= 2

h=10 cm
=V, =7R*h=7.5°10 = 2507 cm”.
[2H2-2] Cho hinh tru c6 ban kinh d4y bang a, chiéu cao bang 2a. Mat phing (P) song song
Vvéi truc caa hinh try, cat hinh try theo thiét dién 1a mot hinh chix nhat. Goi O Ia tm cua duong

tron day. Tinh dién tich cua thiét dién d6, biét khoang cach tir O dén (P) bang %

A. 3J2a2. B. 34/3a. C. 2J/2a D. 2/3a%.
Loi giai
Chon D.
B
.’
\__A |

Goi mit phang thiét dién 13 ABCD
Goi | 1atrung diém cua AB ta co: AB =2BI

2
Xét tam gidc vudng OIB c6: Bl = /OB? —OI :1/a2—% _aV3

2
= AB=2Bl =a/3 = S,,, =av/3.2a = 2/3a°,
[2H2-2] Cho tam giac ABC déu canh 2a. Goi H 1a trung diém cia BC . Cho tam giac ABC

quay xung quanh truc AH ta duoc mét hinh nén cé dién tich xung quanh bang
A. 2rra’. B. 3ra’®. C. na’. D. 4za’.

Léi giai

Chon A.

Theo bai, hinh nén c6 do dai duong sinh | = 2a, ban kinh day r=a.
Suyra S, =zrl=2za’.

[2H2-2] Cho hinh chop déu S.ABCD c6 canh day a+/2, goc giita canh bén va mit day bing
45° . Tinh thé tich khdi nén ngoai tiép hinh chop S.ABCD .

2ra’ B 7r_a3 C Ard’ 3

A. .
3 3 3
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Léi giai

Chon B.

Goi O la tdm hinh vuéng ABCD.
Theo bai ra, hinh ndn cé ban kinh day r= A0 =a.

Ta co, (SA/(A\BCD)) = SAO = 45° nén suy ra chiéu cao hinh nén
h=SO=A0=a.
Vay thé tich khéi ndn ngoai tiép hinh chdp 1a Vv :%ﬂrzh :%ﬂaS.

Cau 307. [2H2-2] Thiét dién qua tryc ciia mot hinh non Ia tam giac vudng can c6 canh géc vudng bang
2 . Khi d6 dién tich toan phan cua hinh nén bang

A. ﬁﬂ(z—ﬁ). B. ﬂ(ﬁ+2). C. ﬁn(\/hz). D. 2ﬂ(ﬁ+2).

Léi giai

Chon C.

Ta c6 thiét dién qua truc caa hinh nén 1a tam giac ABC vudng can tai A,
canh AB=1=2,suyracanhdiy BC=2r=2v2 = r=+/2.
Tirdétaco S, =S, +S, =arl+7r’ =272+27 =27 (V2 +2).

Cau 308. [2H2-2] Cho hinh ndn dinh S, day 1a duong tron thm O, béan kinh bang a. Hai diém A, B

thudc duong tron (O) sao cho AB =a. Tinh dién tich tam giac SAB biét SO :%.

2 2 2
A a2, B & c. % D. &
3 2 2

Loi giai
Chon D.

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 160/178



Cau 3009.

Céau 310.

Theo bai ra, tam giac OAB déu canh bang a nén trung tuyén Ol =

aV3
=

Mit khac sozg, suyra Sl =+/SO?+01% = a.
Do do V.. =LsiaB=2
SAB 2 " 2 "

[2H2-2] Trong khdng gian, cho tam giac ABC vudng tai A, AB=a va AC =ay/3. Tinh do
dai duong sinh | caa hinh ndn, nhan dugc khi quay tam gidc ABC xung quanh truc AB .
A l=a. B. 1=+/2a. C.1=+/3a. D.l=2a.
Loi gidi
Khi quay tam giac ABC xung quanh truc AB thi d¢ dai duong sinh | caa hinh nén: 1 =BC.
Suyra | =+ AB?+ AC? =+/a’ +3a2 = 2a.
[2H2-2] Tir mot tim ton hinh chit nhat kich thuéc 50 cm x 240 cm, ngudi ta 1am cac thing
dung nudce hinh tru ¢d chiéu cao bang 50 cm , theo hai cach sau (xem hinh minh hoa duéi day):
[ Cach 1: GO tam ton ban dau thanh mat xung quanh cia thang.
[ Cach 2: Cit ton ban dau thanh hai tam bang nhau, roi go mdi tim d6 thanh mat xung quanh
cua mot thang.
Ki hiéu V, 1a thé tich cua thung go duogc theo cach 1 va V, Ia téng thé tich caa hai thung go
duoc theo cach 1. Tinh ti sb Vi
2
I
ALl B. -1 c.Via, D. Yoy,
Vv, 2 v, v, v,
Loi gidi

, | |\ 2512

] Cachl: 1=27R=R=—=V,=7n.Rh=7.| —| 50 = .
2r 2r 2r

TOAN HOC BAC-TRUNG-NAM suie tdm va bién tdp Trang 161/178



Céau 311.

Céau 312.

Céau 313.

o | | | ¥ 2517
] Cach2: —=2rr=>r=—=V,=nrh=x|—| 50= :
2 A A 81

[2H2-2] Trong khong gian, cho hinh chit nhat ABCD ¢ AB=1 va AD=2. Goi lan luot
M,N 1a trung diém caa AD va BC. Quay hinh chir nhat d6 xung quanh truc MN , ta duoc
mot hinh try. Tinh dién tich toan phan S, cua hinh try do.
A. S, =4r. B. S, =2x. C. S,=6r. D. S, =107 .

Léi gii
Chon B.

Quay hinh chir nhat xung quanh truc MN , khidé h= AB,r :A—ZD.

Ta co: Sp = 2xrh = 27T.A—2D.AB =2r.

[2H2-2] Cho khéi nén (N) c6 ban kinh déy bang 3 va dién tich xung quanh bang 15z . Tinh
thé tich v cua khéinon (N).
AV =12r. B.V =20rx. C.V =36x. D.V =60rx.
Lai giai
Chon A.

1
1
1
1
1
1
1
1
1
1
1
I

Goi R, I, h lan luot 1a ban kinh d4y, d dai dudng sinh va chiéu cao cia khdinon (N).
Theo gia thiét, tacd: R=3; 7Rl =157 < | =5.
Ap dung dinh li Pi - ta — go, ta duoc h=+I?-R2=52-3° =4.

Thé tich cua khdi nén: V :%h.;rR2 :%4.71.9 =127,

Thé tich V cuaa khéi chép A.ABCD: V :%VABCD_A,B,C,D, :%.24a3 =8a’.

[2H2-2] Cho t& diégn ABCD c6 tam giac BCD wudng tai C, AB L (BCD), AB=5a,
BC =3a va CD =4a. Tinh ban kinh R cua mit cau ngoai tiép tir dién ABCD.
A R_5A2 5. R 58S c Ro52 b R 5av3.
3 3 2 2
Loi giai

Chon C.
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Céau 314.

Céau 315.

Goi | 1atrung diém AD, ta co

+ Tam gidc ABD vudng tai B= IA=1B=1D (1)

N CD L BC
CD L AB

T (1) va (2)=1A=IB=IC=1ID.Suyra | latidm mat cau ngoai tiécp ABCD.

}:CDLAC:AACD vuong tai C = IA=1C = ID (2)

Tam giac BCD vudng tai C c6: BD =yBC?+CD? =5a.

Tam gidc ABD vuong can tai B co: AD =+ AB”+BD’ =,J(5a)" +(5a°) =5v2a.

Vay, ban kinh mat cau can tim 1a R :A—ZD = 5\/2§a .
[2H2-2] Cho khdi chép S.ABCD c6 day la hinh chit nhat véi AB =3a, BC =4a, SA=12a va
SA L (ABCD). Tinh ban kinh R cua mat cau ngoai tiép hinh chép S.ABCD.
A.st—a. B.R:N—a. C.R:B—a. D. R=6a.
2 2 2
Loi gii
Chon C.

2
Tacd: R= Rf +(2] . Do day ABCD Ila hinh chir nhat suy ra

R

2 2 2 2 2 2 2

) :\/AB +BC :\/9a +16a :5—a.vay Ro [re o[ SA) - |22, 12a] 13a
g 2 2 2 o 2 4 2 2

[2H2-3] Khi nha san xuat vo lon sita bd hinh tru, cac nha thiét ké ludn dat muc tiéu sao cho chi

phi nguyén liéu lam vo lon 14 it nhét, tic Ia dién tich toan phan cua hinh try 1a nho nhat. Mudn

thé tich khdi try do bang V va dién tich toan phan cia hinh try nho nhat thi ban kinh day bang

A. ‘Sfi. B.i/i. C. i D. \i
27 T 2 T

Loi giai
Chon A.

Tacd: V=7R*h=h= v

R?’

T

Stp =27R%*+27Rh =27R? + 27R.

ﬂ\éz =27R? +%+%23\3/27TV2
27R? =\i@ R=3 v
R 2
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Céau 316.

Céau 317.

[2H2-3] Cho hinh chép déu S.ABC. Goi (N,), (N,) lan luot 1a hai hinh nén c6 dinh S va
dudng tron day 1a dudng tron ngoai tiép, duong tron noi tiép tam giac ABC . Goi (V,), (V,) 1a
thé tich hai khéinon (N,), (N,). Tisd \% bing

2

A 4. B. 2. C. 8. D. 3.

Léi giai

Chon A.

Gia sir canh day bang a chiéu cao SO =h.

Ta c6 ban kinh duong tron ngoai tiép day R = a—f

ban kinh duong tron noi tiép day r :a—f = R=2r.

Taco V, = 7R =27 (2r) h=4.2zrth=4V,. Viy 2 =4,
3 3 3 V

2
[2H2-3] Cho mit cau (S) duong kinh AB=2R. Mot mat phang (P) di dong nhung luén
vubng goc véi AB va cit mit cau (S) theo mot duong tron. Hinh non tron xoay (N) co dinh
A va day la thiét dién tao boi mp(P) véi mat cau (S). The tich khoi nén cia hinh non (N)

c6 gia tri 16n nhat bang

A. g7TR3. B. %ERS. C. §7TR3. D. E7TR3.
81 69 78 36
Loi giai
Chon A.

Ta c6 thé tich khbi non cua hinh nén (N) tinh theo cong thirc: V = %nrzh
Mat khéc: R* =r?+(R-h)’ = r?=R?~(R-h)" = 2Rh-h’

Do d6:V =1n(2Rh—h2)h = lﬂ(thZ—rﬁ)

3 3

Xét ham: f (h)=2Rh’—h*= f’(h)=4Rh-3h?
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h 0 ? +00
f'(h) + 0 -

DodsV,  —r| 2R Spe|_32pe,
3"l9 27 81

Cau 318. [2H2-3] Cho lang try tam gidc déu ABC.A'B'C’ ¢ d¢ dai canh day bang a va chiéu cao bang
h. Tinh thé tich V cua khéi tru ngoai tiép ling tru d4 cho.
ra’h ra’h

B. . C. 3ra‘h. D. za*h.

A. .
9 3

Léi giai

Chon B.

Goi O, O’ lan luot 1a tAm duong trdn ngoai tiép cac tam giac ABC, A'B'C’.

Co6 AO :%\/g =¥. Khéi tru d& cho c6 chiéu cao h, ban kinh day R = AO :a—f.
2
2
Thé tich khéi tru bing V = hz.R? = h.ﬂ{af] - ”Z h,

Cau 319. [2H2-3] Cho hinh hdp chir nhat ABCD.A'B'C'D’ ¢6 AB=a, AD=2a, AA =2a. Tinh ban
kinh R ctia mat cau ngoai tiép ta dien ABB'C'.
A. R=3a. B.Rzg—a. C.R:3—a. D. R=2a.
4 2
Loi giai
Chon C.
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B C
T dién ABB'C’ c6 day la tam giac ABB’ vudng tai B, duwong cao B'C’.
C6 AB L (BB'C')=> AB L BC'= ABC'=90°. Mgt khac, AB'C’ =90° . Ta duoc tir di¢n
ABB'C’ noi tiép mat cau duong kinh AC’. Ban kinh mt cau:
AC' JAB?+AD?+AA? a’+da’t4a’® 3a
2 2 2 2

R =

Cau 320. [2H2-3] Mét cai 1an son nudc ¢6 dang hinh tru. Puong kinh caa duong tron day 1a 5cm, chiéu
dai lan 1a 23cm (hinh dudi). Sau khi lan tron 15 vong thi lin tao nén hinh phang cé dién tich
S.Tinhgiatricua S.

o T
A
1

-1.‘:\_
il

-

A. 17357z (cm?). B. 34507 (cm?). C.862,57(cm’).  D. 1725z (cm?).
Loi giai

Chon D.

Dién tich xung quanh cta hinh tru 1a S, = 7.5.23=1157x . Khi lan son quay mdt vong s& quét

dugc mot dién tich bang dién tich xung quanh caa hinh tru. Do d6 lan nuéc quay 15 vong sé

quét dugc dién tich la S =15.S, =17259.

Cau 321. [2H2-3] Trong tat ca cac hinh chdp tir giac déu noi tiép mat cau cd ban kinh bang 9, tinh thé
tich V caa khéi chop c6 thé tich I6n nhat:
A.V =144, B.V =576. C.V =57643. D.V =144.6 .
Loi gidi
Chon B.
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Cho hinh chop ti gidc déu S.ABCD , c6 canh ddy bang a, SH L (ABCD) va SH =h.

Ké KI la duong trung truc cia SAcit SH& | = SI =R,

Taco: ASHAwASK] = >k = 31 g - SASK
SH SA SH
2
SA>  AH’+SH? (a\f] +
Tach: = R=—0 =20 790 =9 = a? =36h—2h?.
2SH 2SH 2h
2 h.(36h — 2h?
Talg cor v = 0 Ly P32
3
, h.(36h - 2h? _6h?
Xét ham so: y:u (0<h<18). Suy ra: y’:M:Mh—ZhZ.

h=0

Véi y’:0:24h—2h2:0<:{h_12.

Ta c6 bang bién thién:

h |0 12 18
y' + 0 —~
y

Vay: V., =576.

Céau 322.

[2H2-4] Cho hai hinh vudng cling c6 canh bang 5 duoc xép chong 1én nhau sao cho dinh X

ctiia mot hinh vudng 1a tam cua hinh vudng con lai (nhu hinh vé bén). Tinh thé tich V cia vat
thé tron xoay khi quay md hinh trén xung quanh tryc XY .

X
Y
125(1+J§)n 125(5+2J§)n
AV=_—+ " B.V = .
6 12
125(5+4J§)n 125(2+\/§)n
C.V= . DV=_—+ "~
24 4
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Léi giai

Chon C.

Quay hinh da cho quanh truc XY ta duoc khéi tron xoay bao gom hinh tru (1), hinh nén cut
(2) vahinh nén (3). Go hinh nén, phan ndm trong hinh tru 1a hinh nén (4).
Dit tén cac diém nhu hinh v&.

Taco hinhtry (1) c6 chiéu cao h= AD =5, ban kinh day R, :g. Thé tich hinh tru (1):

2
vlzﬂ.s.(ﬁj 1%z
2 4

N . L : XY 2
Hinh nén (3) c6 chiéu cao bang ban kinh day: h, =R, oy :g.

v oL [52)(5V2 © n125V2
P37l 2 )1 2 12
Hinh nén cut (2) co thé tich bang hiéu cua thé tich hinh ndn (3) va hinh non (4).
5

Hinh nén (4) c6 chiéu cao bang ban kinh déay: h, =R, =5

Suy ra thé tich hinh nén (3):

2
Suy ra thé tich hinh nén (4): V, Lhare ol (2) 15T
3 32 (2 24

_125J2z 125x
12 24

Suy ra thé tich hinh nén cut (2): V,
Vay thé tich khéi tron xoay tao ra:

1257 125V2r 125% 125V2x _ 625w 125V2m _ 125(5+442) 7

V=V, +V,+V, =
v 12 24 12 24 6 24

Cau 323. [2H2-4] Cat bo hinh quat tron OAB - hinh phang cd nét gach trong hinh, tir mot manh céc-tong
hinh tron ban kinh R va dan lai voi nhau d&& duoc mot céai phéu c6 dang caa mot hinh nén
(phan mép dan coi nhu khong dang ké). Goi x la goc & tdm cua quat tron ding lam phéu,
0<x< 2. Tim x dé hinh ndn c6 thé tich I6n nhat.

e

o) A B
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A.X:&ﬂ,’. B.X:&ﬂ'. C.x:z—ﬂ. D. x=rx.
3 3 3
Loi giai
Chon B.

Do dai cung 16n AB: | = xR . Sau khi dan lai thanh céi phéu, cung I6n AB bién thanh duong
tron day cta hinh nén. buong tron day hinh nén c6 ban kinh: r _Rx

2r
Hinh nén c6 d6 dai duong sinh bang R, theo dinh Ii pi — ta — go, chiéu cao hinh ndn bang

h=vIZ—r? = |R? (RX]
2

242 22
Thé tich hinh nén bing V :%. re_RX o RX

4r? 4r®

v

R3 Ji \/7__

[phwong phap tw Iu@n]

~ 24n° 22
2 2 3
art x4 2 X
R’ ( 2 2)| R [[4n?) 2J3R®
1277 3 127\ 3 271
2
Vay thé tich khéi non lon nhat khi 472 — x? :X?<:> X :%ﬂz & X :¥ﬂ
[phwong phap tric nghiém]
267

Chon R=1, CALC lan luot bon dép an. Khi x = - thi thé tich hinh nén dat gia tri 16n
nhit.

Cau 324. [2H2-4] T mot khuc gd tron hinh tru, duong kinh bing 8v/2 can xé thanh mot chiéc xa co tiét
dién ngang la hinh vudng va 4 miéng phu kich thudéc x, y nhu hinh vé. Hay xéac dinh x dé
dién tich st dung theo tiét dién ngang Ia 16n nhat?

0

A. x=+/41-3. B. x=1. C. x=417-3. D. x=+41-3.
Loi giai

Chon C.

Taco 0<x<4(\/§—1); O<y<8.
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Ap dung dinh Ii pi —ta — go, ta c6 (2x+8)" +y? =128 < y* = 64— 4x> —32x.

Dién tich sir dung theo tiét dién ngang I6n nhat khi dién tich miéng phu S (x) Ién nhat.
Tacé S*(x)=—4x*—32x°+64x" = f(X).

[phwong phap tw luan]

Hamso y = f (x) c6 bang bién thién:

X 1o 3417 4(v2-1)

f'(x) + 0 _

FO) | (o)

Suyra S(x) lon nhét khi x=+17 3.
[phwong phap tric nghiém]
S?(x)=—4x" —32x* +64x*. CALC bén dap an, dugc x =~/17 -3 cho S?(x) dat gid tri Ion
nht.

Cau 325. [2H2-4] Cho hai mat phang (P) va (Q) song song véi nhau va ct mot mit cau tim O ban
kinh R tao thanh hai duong tron cd cung ban kinh. Xét hinh nén c6 dinh trung véi tdm caa mot
trong hai duong tron va day tring véi duong tron con lai. Tinh khoang cach giira (P) va (Q)
dé dién tich xung quanh hinh nén do 14 16n nhat:

A R. B. RV2. C. 2R/3. D. g.

Léi giai

Chon D.

Goi r, h, | lan luot 1a ban kinh day, chiéu cao va do dai duong sinh cua hinh nén.

2
Taco r= /RZ .Suyral= /h2+R2 ‘,3h +R?.

2
Dién tich xung quanh cia hinh nén: S, =z.rl= \/Rz 7 %+ R?

[phwong phap tw luan]
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Céau 326.

Cau 327.

2 2 2 2
\/3 2 3h \/3h +R? SLA'R - 23R . Vay dién tich xung quanh cua hinh nén
BNGY 4 V3 2 3

4 Zf .

2 2
3n” 3h +R’ & h:§R2<:>h:

I6n nhat khi 3R? —

[phwong phap tric nghiém]

S —irl- \/ h?  [3h? 233 243
o =Tl =

Rz—I T . Cho R =1, CALC bbn dap an, dugc h__R_T

cho S,, dat gia tri lon nhat.

[2H2-4] Cho mat cau (S) c6 ban kinh r khong doi. Goi S.ABCD la hinh chép déu c6 chiéu
cao h, nhan (S) 1am mat cau noi tiép. Xac dinh h theo r dé thé tich khéi chop S.ABCD dat
gié tri nho nhat.
A. h=3r. B.h=4r. C.h=2r. D. h=2r+/3.
Loi giai
Chon B.
Goi | latam mat cau (S), H 1a giao diém cua SI va (ABCD), E la trung diém CD. Ké
IM va HK cung vudng goc véi SE . Goi canh hinh vuéng ABCD c¢6 d¢ dai 2a.
Theo dinh If Ta-let, tacé o =M D=0 T pe o T
SH HK h HK r—h
< . . A s - N 1 1 1
Mat khac, khi &p dung hé thirc lwong trong tam giac vuong SHE , ta dugc e :F+—2.
a
. r—h)’ hr?
T hai hé thirc trén, ta thu duoc ( 2) :i2+i2 o al= '
h* a h—2r
2 2
Thé tich khdi chép S.ABCD 1a V _A AT h
3 3 h-2r
[phwong phap tw luan]
2 2 2 2 2 3
\Y, :ﬂazh:4r h_ar [ho2re 2 ar zi(Z\Mrz +4r):32r
3 3 h-2r 3 h-2r 3 3
2
Vay thé tich khéi chop nhé nhat khi h—2r = h4r2 < h*—4rh=0<h=4r.
-2r
[phwong phap tric nghiém]
Cho r=1, CALC bdn dép an, dugc V nho nhat khi h=4r =4.
[2H2-4] Mgt cbe dung nudc hinh non dinh S, ddy tdm O ban kinh R(cm), chiéu cao

SO =3(cm), trong coc nude dd chira mot luong nuéc co chidu cao a=1(cm) so véi dinh S .

Nguoi ta bo vao coc mot vién bi hinh cau thi nuéc dang 1én vira phu kin vién bi va khong tran
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nudc ra ngoai, vién bi tiép xtc véi mat xung quanh cua hinh nén. Hay tinh ban kinh caa vién bi

theo R.
S S
N 3R 5 _ 3R
i/(R+\/R2+9)3—36R R+VR*+9
R R
& 3 . D. 3 .
i/(R+\/R2+9) _36R i/(R+\/R2+9) _36R
Lo giai
Chon C.

' "'
v

Goi s6 do goc & dinh cua hinh nén 1a 2« .
Goi V,, V, lan luot 1 thé tich cia phan non cé nudc trude va sau khi bo vién bi, vV 1a thé tich
vién bi. Ta co:

2 e A% A i r
Chiéu cao muc nudce lac dd bo bi: h=r+——=r

Sina R

{ R2+9] R++vR*+9
1+ B =T. )

Ban kinh mit nudc lic da bo bi: R’:R?h:%r.(Rﬂ/Rz +9).

3
(R+\/R2+9) 4 TR’ R
TacoV, =V +V1<:>Er3. =—7r’+ or=

R 3 21 i/(R+\/R2+9)3—36R |

Cau 328. [2H2-4] Khi cat mat cau S (O, R) bdi mot mét kinh, ta dwoc hai nira mt cau va hinh tron 16n

cuia mat kinh d6 goi 1a mat day caa mi nira mat cau. Mot hinh tru goi la noi tiép nira mat cau
S(O, R) néu mot déy cua hinh tru ndm trong ddy cua nira mt cau, con duong tron day kia la
giao tuyén caa hinh try véi nira mat cau. Biét R =1, tinh ban kinh d4y r va chiéu cao h cua
hinh try noi tiép nira mét cau S (O, R) dé khdi tru co thé tich I6n nhat.

:£1 h:ﬁ. B. r:ﬁ, hzﬁ. C. r:ﬁ, hzﬁ. D. rzﬁ, h:ﬁ.
2 2 2 2 3 3 3 3

A.r
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Léi giai

Chon C.
T
- — o - —_—
A Ot N
P | 1 I oY
/ ! : RY L : \\

i \
(O S S
|II 1 : -" : T_\ II|
| i el ™
LH_“__ _O_ -.I__h_“__,_,

\ A
— I

Hinh try noi tiép nira mat cau, nén theo gia thiét duong tron day trén c6 tim O’ ¢d hinh chiéu cua
O xubng mat ddy (O"). Suy ra hinh try va nira mat cau cting chung truc doi ximg va tam cua day

duéi hinh try triing véi tam O cua nira mat cau.Taco: h®+r? =R? (O<h<R=1)=r? =1-h?

Thé tich khditryla V =zr’h =7z (1-h*)h = f (h) = f'(h)=x(1-3n*)=0<h :?

h o ?3 1
£'(h) s 0 _
f(h) . / 271.9\/5 \ .

Vay: maxV :M (dvtt) khi r:ﬁ va hzﬁ.
(0:1] 9 3 3
Cau 329. [2H2-4] Mot khdi gd c6 hinh tru véi ban kinh day bang 6 va chiéu cao bang 8. Trén mot
duong tron day nao d6 ta liy hai diém A, B sao cho cung AB cd s6 do 120°. Ngudi ta cat
khtc gd boi mot mat phang di qua A, B va tdm cua hinh tru (tdm cua hinh try 1a trung diém
ctia doan ndi tAm hai day) dé duoc thiét dién nhu hinh vé. Biét dién tich S cua thiét dién thu

dugc o dang S =an+b+/3. Tinh P=a+b.

A. P=60. B. P=30. C. P=50. D. P=45.
Loi giai
Chon C.
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Goi | 1a trung diém cua OO’, véi O, O’ 1a tdm cua hai ddy; H 1a trung diém caa O0O’; « la
goc tao bai thiét dien véi mat day.

2
Taco AB:6\/§;OH: RZ_(E] :3;tana:£:£:>c03a:§,
2 OH 3 5

Pua hé truc toa d Oxy vao mat phiang day, gdc triing véi tam O, truc Ox vubng goc voi AB,
truc Oy song song véi AB.

3
Taco Sppep =2[ V36— x*dx =183 +12n.
-3

Mat khéc, ta lai c6 cosa _ Swaco = S = Ssaco =30+/3+20%. Do d6 a=20, b=30.
S AgeF cosa

Vay P=a+b =50.

Cau 330. [2H2-4] C6 tam bia hinh tam giac vudng can ABC c6 canh huyén BC bang a.Ngudi ta mubn
cat tim bia d6 thanh hinh chir nhat MNPQ rdi cudn lai thanh mot hinh try khong day nhu hinh

VE.
A
;./M/\ v
N fE ;
B~ O P C

Dién tich hinh chit nhat d6 bang bao nhiéu dé dién tich xung quanh cua hinh tru 1a 16n nhat?

2 2 2 2
AL B. & c.2. D. 2.

2 4 12 8

Loi giai

Chon D.
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A

Wale

s
P Ly
':l'-l'-l'-l'-l'-l'-l'-l'-l'-l'-l'-:-:-

av2

Do AABC vudng can tai A va cd canh huyén BC =a, suyra AB = AC ==
Goi | 1a trung diém BC thi Al :%

Pt IP = X (0<x<%) :PC:%—X

Tacé E:E = NP:%:E
Al CI Cl 2

Goi r la ban kinh cua hinh tru

Ta c6 chu vi ciua day hinh try la 2zr = 2x = r =—va duong sinh caa hinh try la

T
I-NP=2_x.
2
o s . 1 1a® a
Dién tich xung quanh cua hinh tru 13 S = 2zl :E.Zx(a—ZX) SE'TZE'

Pang thic xay ra khi x :%.Khi do dién tich cuaa hinh chir nhat MNPQ [a

PHAN 5. BAI TOAN THUC TE

Cau 331. [2D1-3] Trong tat ca cac hinh chir nhat c6 cing dién tich S thi hinh chit nhat c¢6 chu vi nho
nhat bang bao nhiéu?
A. 24S. B. 4/S. C. 2S. D. 4S .
Loi giai
Chon B.
Pit hai canh cua hinh chit nhat 1a x, y. Khidé x.y =S (khong d6i) =y =%

Cosi
Ta c6 chu vi hinh chir nhat C =2x+2y = 2x+§ > 2 /2x.E =4S .
X X

Vay chu vi hinh chit nhat nhé nhét bing 4v/S khi x=y=+/S .

Cau 332. [1D5-2] Mét vat roi tu do v6i phuong trinh chuyén dong S :%gtz, trong d6 g =9,8 (m/sz)vé
t tinh bang gidy (s). Van toc tai thoi diem t =5 (s) la
A. 49(mfs). B. 25(mis). C. 10(mis). D. 18(m/s).
Loi giai
Chon A.
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Céau 333.

Cau 334.

Taco v(t)=S'(t)=9,8t. Suyra, v(5)=49(mis).

[2D1-3] D¢ giam huyét ap cua mot bénh nhan duoc do bsi cong thiuc G (x)=0,025x* (30-X),
trong d6 x(mg) va x>0 la liéu lrong thudc can tiém cho bénh nhan. D huyét ap giam nhiéu
nhat thi can tiém cho bénh nhan mét liéu luong bang
A.15(mg). B. 30(mg). C. 40(mg). D. 20(mg).
Loi gidi
Chon D.
Theo bai ra, ta can tim x €(0;30) dé G(x)
Taco G'(x)=1,5x—0,075x*, G'(x)=0<>1,5x—0,075x* =0 <> x =0 hoic x=20.
Bang bién thién
X 0 20 30
G'(x) |0 - 0 +

G(x) /'G T 0

Tur bang bién thién ta cé G,,, khi x=20(mg).

[2D2-4] Ong A vay ngan han ngan hang 100 triéu dong, voi 1i suat 12% / nam . Ong mudn hoan
no cho ngan hang theo cach: Sau ding 1 thang ké tir ngay vay, 6ng bit dau hoan no; hai lan hoan
no lién tiép cach nhau ding 1 thang, s6 tién hoan no mdi lan 1a nhu nhau va tra hét no sau dang 3
thang ké tir ngay vay. Hoi theo cach do, s tién m (triéu dong) ma éng A phai tra cho ngan hang
mdi lan hoan no la bao nhiéu? Biét rang I4i suat ngan hang khong thay doi trong thoi gian 6ng A
hoan ng.

3 3 3
o 100(1,01) B (1,01) c mo 100101 D me 120(1,12)

3 (101 -1 ' 3 (L2 -1

Léi giai

Chon B ’
Lai suat 1 nam la 12% suy ra l&i suat hang thang l1a 1% .
Cudi thang thir nhat 6ng A ng ngan hang sé tién la 100(1+0,01) (triéu dong).
Sau khi hoan no thang dau ong A con ng sé tién 100(1+0,01)—m (triéu dong).
Cubi thang thir 2, sau khi hoan ng m triéu sé tién 6ng A con no la
(100(1+0,01)~m)(1+0,01) - m=100(1+0,01)" ~m(1+0,01) - m (triéu dong).
Cubi thang thir 3, sau khi hoan no m triéu sb tién 6ng A con no 1a
(100(2+0,02)° ~m(1+0,02))(1+0,01)~m =100(1+0,01)" ~m(1+0,01)° ~m(1+0,01)—m

1,0° -1

=100(1+0,01)° —m (tricu ddng).

1,00° -1

Vidng A tra hét ng sau thang the 3 nén: 100(1+0,01)' =m ol

~100.0,01.1,02°  1,01°
1,088-1 1,088-1

Suyra m (triéu dong).
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Céau 335.

Céau 336.

Céau 337.

Céau 338.

[2D2-4] Ong B gui tiét kiém so tién 50 triéu voi ky han 6 thang va tai khoan dinh ky tinh 13i
kép véi 14i suit 6,0% /nam. Gia str 13i suat khong thay doi. Hoi sau 3 nidm s tién 6ng B nhan
Vvé Xap xi gia tri nao?
A. 59.702.614,9. B. 59.702.614,6. C. 59.702.614,8. D. 59.702.614,7 .
Loi giai
Chon C.
LA&i suat ngan hang 1a 6,0% /nam va ky han giri 12 6 thang nén 14i suat mdi ky Ia
6,0.6

——=3,0%.
12

Ap dung cong thtc 13i kép, s6 tién 6ng B nhan vé sau 3 nam (6 ky) la
50.000.000(1+0.03)° ~59.702.614,8.

[2D2-2] Thang do Richte dugc Charles Francis dé xuat va sir dung lan dau tién vao nam 1935
dé sap xép cac sb do do chan dong cua cac con dong dat voi don vi Richte. Cong thirc tinh d6
chin dong nhu sau: M, =log A—log A, M, la d6 chn dong, A la bién d¢ t6i da duoc do
bing dia chan ké va A, 1a bién do chuan. Hoi theo thang do Richte, cling véi mot bién do
chuan thi bién do téi da cia mot chan dong dat 7 do Richte s& 1on gap may lan bién do téi da

ciia mot tran dong dat 5 do Richte?
5

A 2. B. 20. C. 100. D. 107.
Loi giai

Chon C.

Ta co bién d¢ t6i da dugc tinh theo cong thic: A= A,.10™

Vi tran dong dét 5 do Richte ta c6 bién do ti da 1a: A, = A,.10°

Vi tran dong dét 7 do Richte ta c6 bién do ti da 1a: A, = A.107

Vay ta co: A 100
A

[2D2-2] Dan s thé gisi dugc woc tinh theo cong thic S = Ae™ trong d6 A 1a dan s6 ctia nim
lday moc tinh, S 1a dan s sau N nim, r 13 ty I¢ ting dan s6 hang nim. Cho biét nim 2001,
dan s6 Viét Nam cé khoang 78.685.000 nguoi va ty I8 ting dan s6 hang nim 1a 1,7% mot
nam. Nhu vay, néu ti I¢ ting dan s6 hing nim khong doi thi dén nim nao dan sé nudc ta & mic
khoang 120 triéu nguoi?
A. 2020. B. 2026. C. 2022. D. 2024.

Léi gii
Chon B.
Tacd A=78.685.000; S =120.000.000, r =0,017

Suyra N = L (%) ~ 25 = dén nam 2026 dan s nuéc ta s& & muc khoang 120 triéu nguoi.
r

[2D2-2] S6 lwong cua loai vi khuan A trong mot phong thi nghiém duoc tinh theo cong thic
s(t)=s(0).2", trong d6 s(0) la s6 lwong vi khuén A lic ban dau, s(t) 1a s6 luong vi khuan A
c6 sau t phut. Biét sau 3 pht thi s6 lwong vi khuan A 1a 625 nghin con. Hoi sau bao lau, ké tir
lac ban dau, sé luong vi khuan A 1a 10 triéu con?

A. 48 phat. B. 19 phat. C. 7 phat. D. 12 phut.
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Céau 339.

Cau 340.

Léi giai

Chon C.

Taco s(3)=625; s(t)=10.000

Suyra s(3)=5(0).2°% s(t)=s(0).2' =5(3).2"° =t=3+log (ﬂ]:7
| s(3)

— Sau 7 phut sb lugng vi khuan A 1a 10 triéu con.

[2D2-2] Mot nguoi giri ngan hang 100 tridéu dong theo hinh thuc I4i kép, I4i suat 0,5% mot
thang (ké tir thang thir 2, tién I4i duoc tinh theo phan tram tong tién c6 duoc cia thang trudc
d6 va tién li caa thang sau d6). Hoi sau it nhat bao nhiéu thang, ngudi d6 ¢6 nhiéu hon 125
triéu dong?
A. 47 thang. B. 46 thang. C. 45 thang. D. 44 thang.
Loi giai

Chon C.

. n 125
Taco A, =100; r =0,005 = A, =100.(1,005)" >125 => n > [0, s (ﬁ] ~ 44,7

— Sau it nhat 45 thang, nguoi d6 c6 nhiéu hon 125 triéu dong.

[2D1-3] Ong Nam goi 100 triéu ddng vao ngan hang theo thé thire 14i kép Ki han 1 ndm véi i
suat 1a 12% mot nim. Sau n nam 6ng Nam rit toan b s tién (ca von 1an 1ai). Tim sb nguyén
duong n nho nhat dé sé tién I4i nhan dugc 16n hon 40 trigu dong (gia st l4i suit hang nam
khong thay doi).

A 4 B.5. C.2. D. 3.

Loi giai
Chon D.
Taco P, =P,(1+r)" véi P, Iasd tién nhan duoc (gom ca vén va 1ai) sau n ky, P, 1asd tién
ban dau, r 14 l4i suét.
Y&u cau bai toan P,—P,>40 < P,(1+r)" =P, >40 < 100(1+0,12)" —100 > 40
<(112)"-1>0,4<(112)" >L4 < n>log,,, (1,4) ~ 2,97.
Vay s nguyén dwong n nho nhat thoa mén 1a 3.
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