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CHUPE 1. TIEP TUYEN CUA PO THI HAM SO

DANG 1. TIEP TUYEN TAI M QT PIEM THU QC PO THI

Cau 1:[PVH]. Cho ham $ y:Z—XZ, c6dd thi (C). Viét phuong trinh tép tuyén cia (C) tai cac
=l -

giaodiém cia (C) véi duong thing y = 3x - 3.

- . e

Lot gidl:
Phrong trinh giaatiém 245 thi 1a 2% =3x-3 - x=(x-2(X-3 = - 1%+ & |

X—2
X:E:M (E;—lj
3 .

o 3
x=3=M(3;3
(2Y_ 9
Véi y:%:y':—(x_z)zz V(EJ"Z
y'(3)=-4

B L 2 9 2 x 1
Phrong trinh tép tuyén tai diEm M| —=;-1|lay=—| x—— |-1=—+—=.
ong ptuyen fai die 3 j y 4( 3) 4 2

Phuong trinh tép tuyén tai diém M (3;3) 1a y = -4(x—3) + 3=—-4x+ 15

Cau 2; [PVH]. Cho ham 8 y=2x*-2x*+5, c6dé thi (C). Tim M (C) sao cho fip tuyén voi
(C) tai M vudng goc ¥i dudng thing x+2y-6= 0.

Loi qgidi:
Goi M (m; 2m® — 2m? + 5).
y=2x>-2x*+ 5=y '= 6 - & = phuong trinh tép tuyén tai M c6 k¢ sb géc k = 6m? — 4m.

Phrong trinh tép tuyén vudng goc §i duong thing x+2y - 6= Ohay y = —§+3nén

6m’ —4m= 2
m=1= M (15)
= B6m -4m-2=0- 1 (_1.127j
m=-Z= M| 52
3 3 27

Cau 3:[PVH]. Cho ham 6 y=x*-4x* (C). Tim M J(C) sao cho fip tuyén wi (C) tai M di
quadiem A(0;1).

N . o

Lol gldl:
Goi M (m; m“—4m2).
Phrong trinh tép tuyén quaM c6 cing :
y=y'm(x—m)+m4—4m2=(4m3—8m)(x—m)+m4—4m2.

m? =1
Tiép tuyén quaA(0;1) néni=(4m’ - &n)(0-m)+m'- 4n* = 3n‘- 4n’+ E O- o1
3
m=+1=M (+x1,-3
= 1 1 11 la cac dém cin tim.
m—iE:M(iE,—EJ
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CAu 4: [DVH]. Cho ham § y=X*>
Xx+1

Oy lan luot tai A vaB sao choOA = 40B.

(C). TimM thusc (C) sao cho fip tuyén quaM cit Ox va

Loi gidi:
Ta céy——6X+5: y'-—1
X+1 (X+1)2.
Goi M (m;6m—+5j la diém thwc dod thi can tim.
m+1

Phuong trinh tép tuyén tai M(m;6m+5j c6 chng y=%(x— )+ ém+ 5

m+1 (m+1) m+1

y=0
Phuong trinh giaadiem vai Ox: 1 ! (x—m) N 6m+5:O

(m+1) m+1

=0
T — A(-6n" -10m- 5,0
X=-6m"-10m-5

x=0 ,

Phuong trinh giaatiém vsi Oy: y= (0-m) , 6m+5_ 60’ + 10n+ 5= B(O;w}
(m+1)"  m+1 (m+2)* (m+1)
2 — .
. 2 ‘6m2+10m+5{ 6m’ +10m+ 5= ((vo nghiem)
Theo baiOA=40B = |6’ +10m+ §= 4. | _ 4
(m+1) 1= 2
(m+1)

m=1=M (1;%)

e m+2m-3=0- 13
m=-3=>M (_3;Ej

Cau 5;[PVH]. Cho ham $ y=x*-3(m+1)x*+ 4x-m+1(C_). Goi A la tiép tuyén cia (C,,)
tai giao diém cia (C,,) véi truc tung. VEt phuong trinh A biét khaing cachi A(2;-1) dén A
bing +/34.

Loi qgidi:
x=0=y=1-m suy raB(0;1-m) la giaodiém cia (C,) Véi truc tung.
Taco:y'=3x* —6x(m+ 1)+ 4=y (0 = Zsuy ra prong trinh tép tuyén cia (C,) di quaB la:
Ary=(1-m)=4(x-0) = &X-y+I-m=(
4(-2)-(-1)+1- -
4 +(-1) m=-6-17/2
Vay phuong trinh tép tuyén cin tim 1&: 4x -y + 7- 14/ 2= Choic 4x-y+ 7+ 1%/ 2= C.

Céu 6: [DVH]. Cho ham & y="X*1

c6dd thi (C). Viét phuong trinh tép tuyén cia (C) tai

diém x, biét x, la nghém aia phrong trinh y" + y-15= 0.

Nt .

Loi qgidi:
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Tac()y:3+i:y':— s=>Yy"= -
x-1 (x-1) (x-1)
TacOoy"+y-15=0+- 8 S +3+ 4 -15=0= Lg+i—6:0c> X=2
x-1) x-1 (x-1)° x-1
Tacoy(2)=7, y'(2) =-4 suy ra prong trinh tép tuyén can tim la:

y=7=-4(x-2) = y=-4x+ 1E

Cau 7: [DVH]. Cho ham 8 y = x* -2(2m+1)x* -m-1(C,). Goi A ladiém c6 hoanfdo

duong ma(Cm) lubndi qua \6i moi m. Viét phurong trinh tép cia ham 6 tai A khi m=1.

Loi gidi:
Ta co:
y=x'-2(2m+)x*-m-1e y-x*=2(2m+)x* -m-1le y-x"+ Z* =(m+ :D( &% - ;L

1
-xt+22=0 |73
Goi A(%,.Y,) ta co: LAt 2 (Do X >0)= A(l;—lj
42 -1=0 v, = 7 2 16
° 16
Co LA 2 v a3 1) 11
Khi m=1ltacOoy=X" -6X"-2=>y'=4C - 1X=> Yy 275
N : R 7 11 1 11 3
Phuong trinh tep tuyén céin timlay+ —=-—| Xx-=| = y=—-—X+—
g P tuye T 2(2)3/216
Cau 8; [PVH]. Cho ham é: y:% (C). Viét phuong trinh tép tuyén cia (C) tai.
X
a) Giaodiém aia (C) véi truc hoanh.
b) Giaodiém aia (C) véi truc tung.
Loi gidgi:
o 3
Tacoy'= >
(x+1)
a) Phrong trinh tuc hoanh la:y =0. Dodd y, =0= x, = 2. Khi d6: y'(x,) = 3 : -1
(%+1)" 3
Do d6 phrong trinh tép tuyén la: y:%(x—2)+0:?1))(x— 2).
b) Phrong trinh toc tung 1a:x=0. Dod6 x, =0= y, =-2. Khi d6: y'(x,) =( 31)2 =3
X, +

Do d6 phrong trinh tép tuyén 1a: y =3(x~-0) - 2 hay y = 3x - 2.

Cau 9:[PVH]. Cho ham 8 y=x*-4x’+1 (C). Viét phuong trinh tugn tuyén cia (C) tai diem
X, thod mantiéu kién y"(x,) = 4.

Loi qgidi:
Tacod:y'=4x>-8x suyray"=12x>-8.
Do d6: y"(x,) =125 —8= 4= X3 = 1= X, =% 1,
Xét 2 trong hop:
H) Voi %, =1=y, = -2,y (%) = 8¢ = &, =—4. Do \ay phuong trinh tép tuyén la:

y=-4(x-1)-2
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Hay y = -4x+ 2.

+) Vi %, ==1= ¥y = =2,y '(%,) = 4 - &, = 4. Do Ay phuong trinh tép tuyén 1a:
y=4(x+1)-2

Hay y=4x+2.

Vay c6 2 phrong trinh tép tuyén cin tim &: y = —4x+ 2 va y = 4x + 2.

Cau 10:[DPVH]. Cho ham é: y=x*+x*-x+2 (C).
a) Tim toa do giaodiém cia (C) va tmc Ox.
b) Viét phrong trinh tép tuyén cia (C) tai cac giaadiém do.

Loi gidgi:
a) Phrong trinh hoanhi¢ giaodiém cia (C) va tuc Ox 1a: x* +x*=x+2=0
= (x+ 2)(x2 —x+1) =0~ x=-2.Vay toa d6 giaodiém cia (C) va tuc Ox la A(-2;0).
b) Phurong trinh tép tuyén c6 ding: y = f'(%,) (X=X, ) + Y,
Trongd6 ta co:x, =-2;y,=0. f'(x)=3x’+2x-1=f (%)= (-9= 7
Vay phrong trinh tép tuyén la: y =7(x~-2).

Cau 11:[PVH]. Cho ham é y:%x4 —(m+1)x*+m-2, c6dd thi (C,). Tim m & tiép tuyén

ciia (C,,) tai diém c6 hoanhtd x=-2 di qua gc toadsd O.

Lot gldi:
+) TXD: D=R. Tacoy =2x’-2(m+1x.
+) Tiép tuyén aia (C,,) tai diém M (=2;-3m+ 2) c6 ¢ sb goc lak = y'(-2) = 4m- 20.
Khi d6, phrong trinh tép tuyén d tai M 1a y =(4m-20)(x+ 2 - 3n+ .
+) Vi d di qua dic toadd O nén0=2(4m-20- In+ 2= B- 3& O- m=3—58.

Vay m:% la gia ti can tim.

Cau 12:[DVH]. Cho ham é y=2X~1
X+2

(C). Goi | lagiaodiém 2 tém can cia ham 8. Viét

5

phuong trinh tép tuyén cia (C) quaM O(C) biét IM :7IO va Mc6 hoanhio duong.

Loi qgidi:
Ta o6 tém cin ding aia (C) 1a x = -2, tiém cin ngang ¢a (C) la y =2

Swral(-2;2)= 10 = 8.

Goi M(m;zm_lj TacolM =§|o: IM? =210% =10
m+ 2 2 4
om-1__Y -5 Y
:(m+2)2+( —2) =10= (m+ 2)2+( j =10 = (m+ 2’ =5=>m=-2+5
m+ 2 m+2
(do x,, >0)

. 5 5
T =2- = (-2++/5) =1
acoy 3= (X+2)2:>y( +\/_)

Suy ra plrong trinh tép tuyén cin tim la:
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2(-2++/5) -

y_T: —(—2+J§) o y—(2—\/_5):x+ 2-J5- y=x+ 4 2/t

DANG 2. TIEP TUYEN CO HE SO GOC

Cau 1:[PVH]. Choham § y= ;X;; c6dd thi (C). Viét phuong trinh tép tuyén d cia (C)
- X

biét tiép tuyén song songdi duong thing x— 28y + 4= 0.

Loi gidi:
+) TXD: D:R\{_—Z}. Taco:y = (3X+ 2) 3(2( :) ! 5 -
3 (Bx+2f  (3+

+) Goi M (X‘)?Z,:;;-:;j Vi X, ¢%2 la tiép diem cua tiép tuyén d véi do thi (C). Do d song

song vé duong thing x—28y +10= 0 hay y:2—18x+1—54 nény (x) :2—18. Ta c6 plrong trinh:

7 1 2 3% +2=14 % = 4(tm)

(3% +2)" 28 3%, +2=-14 XO_T(tm)
1 1 1 1 5

+) Vi 4—=>M Phrong trinh tép tuyén d 1a: y=—(x-4)+= hay y==— x+—
)oxo:(zj ong p tuyé 3/28()2yy2814
(loai).

. -16 16 5 1 16) 5 1 43
H)Voi X, =—=>M Phrong trinh d la:y=—| x+— |+— hay y=—Xx+— (tm).
YVl % =3 (36) ong yzs( 3)6”28 22 ™

Vay y:2—18x+j—2 laduong thing d can tim.

Cau 2;[PVH]. Cho ham 6 y=2x*-3x*+5, c4dd thi (C). Tim M O(C) sao cho ip tuyén cia
(C) tai M vudng goc ¥i duong thing x+12y - 7= 0.

Loi gidi:
+) TXD: D=R. Tacé:y =6x"—6X.
+) Goi M (xo;2x§—3x§+5) ladiém cin tim. Tép tuyén d cia (C) tai M c6 e s goc la
k =6x; — 6X,.
Vi d vuéng goc i duong thing x+12y - 7= 0 hay y=;—;x+112 nénk =12.

. N 2 2 % =-1
Ta c6 plwong trinh 6x; —6x,=12= X —-X,—2=0 < x=2
+) Véi %, =-1= M,(-10).
HVéi %, =2=M,(2;9).

Vay M, (-10) va M,(2;9) la cacdiém cin tim.

Cau 3:[PVH]. Cho ham $ yzéxe' —4x* - x+1, c6dd thi (C). Viét phuong trinh tép tuyén cia

(C) biét tiép tuyen song songdi dudng thing 7x+y-1=0.

Loi gidi:
Goi M (%, Y,)1a tiép diem = Hé sb goc aia tiép tuyén 1a y'(x,)
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Tacoy' =2x*-8x—-1
Theo gii thiét, tiép tuyen song song vidudng thing 7x+y-1=0=y'(x,) =-7

11
= -v. =—7(x-1 =-7xX—-—

:>2x2—8x—1:—7:>(x—])(x—3:0:{)(_1:{)/1 Yo~ SN
X=3 ¥, %="7(x=3) |y = 7y+1(l0ai)

Vay phuong trinh tép tuyén aia (C) la y = —7x—1§1

Céu 4: [DVH]. Cho ham & y="X"2
X+1

, €6dd thi (C). Viét phuong trinh tép tuyén cia (C) biét

tiép tuyén vudng goc i duong thing 5x+y—-12= 0.

Loi gidgi:
Goi M (%, Y,) 1a tiép diem = He sb goc aia tiép tuyén 1a y'(x,)

Tacoy'=
(x+1)°
Theo gii thiét, tiép tuyen vudng goc §i duong thing 5x+y-12= 0=y (X,) :%
1 1 6
_ Vi Yo=z(x=4) | wi=ox+o
X =4 1~ Yo 1
S . :—1:(x+1)2=25: = ° 5 5
2 0 5 2 5 5
Vay pheong trinh tép tuyén aia (C) la y=lx+§; y:—1 26
5 5 5 5
P . < £ _X_2m2 s 4 A . ~ N o L 4 . . .
Cau 5:[PVH]. Choham 6 y = T c6dd thi (C,,). Tim m dé tiép tuyen cua (C,,) tai giao
X
diém caa dothi ham $ véi truc tung song songdv duong thing 5x—y+17= 0.
Loi gidgi:
Goi M (%, Y,) 1a tiép diem = He sb goc aia tiép tuyén 1a y'(x,)
X+m)—(m+2m’ 2
Ta & y:( )~ ) o M+ 2m
X+m (x+m)
Giao dém aia dothi ham $ vai truc tung 1a nglim acia phrong trinh:
x=0
_x=2m =% =0 =M (% ¥,) =M (0;,)
X+m

Phuong trinh tép tuyén cia (C,,) song songéi dudng thing 5x—y +17= 0.

2 +m m=0
=y (%)=5= o =5= 3" -m=0= el
3

Khi m=0= Yy, khong c6 gia ir = Loai

Khi m:% = Y=Y =Y (%) (x=%,) = y+:—23:5(x—0):> y= 5x—:—23
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1
Vay m=—
ay 3

Cau 6:[PVH]. Cho ham é y:%X4 +(m-1)x* - 4m+ 3, c6dd thi (C,). Tim mm dé tiép tuyen

cia (C,,) tai tai diém A vudng goc ¥i duong thing 2x+y+3=0,6do A ladiém d dinh co

hoanhdd am aia ham 8 d4 cho.

Loi qgidi:
Goi A%, Y,) la tiép diem = H¢ sb goc aia tiép tuyen 1a y'(x,)
3
Taco y=:—;x4 +(m-1)x* - 4m+ 3=y (X) =X?+2(m—1)x

A ladiém o dinh c6 hoankio am @ia ham 6 da cho nén
4
yo=g13xo“+(m—1)xoz—4m+3:>m(><5—41)+(%—X§—yo+3j=0
2:4
X =2
=%, =17 =>A(-2)
E_Xo_yo'l"g:o Yo=1

Dé tiép tuyén aia (C,,) tai tai diém A vubng goc ¥i duong thing 2x+y+3=0

1 X 1 1

=y =—="2+4+2(m-1 =— =>m=-=

y'(%)=5=+2(m-1)% =2 5
Th&lai,tacéy:}x“—gx%—?,
8 8 2

3

PT tiép tuyén: y—1:(7+ 2(——;—1j - j(X+ =y~ 1:%(x+ 1= y=%x+2

i W
Vay m:—g la gia ti can tim.

Cau 7;:[PVH]. Cho ham 8 y=x*-3x*+2, c6dd thi (C). Viét phuong trinh tép tuyén cia (C)
biét tiép tuyén song song&i dudng thingdi qua 2diém A(0;3) ,B(1-6).

Loi gidgi:
Goi M (%, Y,)la tiép diem = Heé sb goc aia tiép tuyen 1a y (x,)
Taco y=x-3x*+2=y = &° - &
Tiép tuyén di qua 2diém A(0;3) ,B(L- 6 thi h¢ sb goc dia tiép tuyen la
= Ye ~ Ya = _6_3:—9
Xg—X, 1-0

=Y (%)

=— - =-9(x+1 =-Ox-11
:>3X§—6XO:—92(X+])(X—3:O:>|:X 1:|:y1 Yo (X ):|:y1 Ox

x=3 Y, = Yo="9(x-3) Y, =-9x+29
= y=-9x-11Ly=—-X+ 2¢
Vay pheong trinh t€p tuyén cia (C) y=-9x-1Ly=-x+ 2¢

-Xx-1
Xx-1

Cau 8:[PVH]. Choham 8 y = (C). Viét phuong trinh tép tuyén aia (C) biét tiép tuyén

co ke sb goc kang 2.
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Loi gidi:

Ta co: f'(X) =( 21)2 . Vi tiép tuyén c6 ¢ s5 goc k =2 nén ta co:f '(x,) =2
X—
2 2 % =0
(oo e % =2

+) Véi %, =0=y, =1. Phrong trinh tép tuyén 1a: y =2(x-0)+1hay y = 2x+1.
+) Vi %, = 2=y, ==3. Phrong trinh t€p tuyén la: y=2(x-2) -3 hay y = 2x-7.
Vay c6 2 plwong trinh tép tuyén l&: y=2x+1va y=2x-7.

Cau 9:[PVH]. Cho ham é: y=x*-3x*-4 (C). Viét phuong trinh t€p tuyén cia (C) biét tiép
tuyén song songdi duong thing d: y =9x+5

Do tiép tuyen song songéi duong thingd nén 1§ sb goc dia tiep tuyen lak =9.

% =-1
% =3
+) V6i %, =-1=> Y, =-8. Phuong trinh tép tuyén 1a: y=9(x+1) -8 hay y =9x+1(t /m).

+) Véi %, =3=y, =—4. Phrong trinh tép tuyén 1a: y =9(x~-3) - 4 hay y =9x-31(t /m).

Vay c6 2 phrong trinh tép tuyén la: y =9x+1 va y =9x-31.

Ta co: f'(x) =3x* - 6x. Xét phrong trinh: f'(x,)=3x>—6x,= 9= X - &,— 9= 0=
%o Xo 0

Cau 10:[PVH]. Cho ham é: y=x>+3x*-4 (C).

a) Viét phuong trinh tép tuyén d cua (C) tai diém c6 hoankto x, = -3.

b) Véi duong thingd & caua hay vét phuong trinh tép tuyén A caa (C) biét tiép tuyén song
song i duong thang d.

Lot Qidi:
Taco: f'(x)=3x*+6x
a) Tacox,=-3=y,=-4, f'(%)=1'(-3)=9

Do vay phuong trinh tép tuyén la: y =9(x+3) - 4 hay y =9x+ 23 (d).
b) Do A//d =k, =k, =9. Xét phrong trinh f '(x,) =3x; +6x,= 9 = [

#) V6i %, =—-3=y, =—4 (logi vi khi d6 A triing \i d).
+) Vi %, =1=y, = 0. Phrong trinh tép tuyén 1a: y=9(x-1).

Cau 11:[DPVH]. Cho ham é: y=x*-4x*+1 (C). Viét phueong trinh tép tuyén cia (C) biét tiép
tuyén vudng goc &i duong thing d : x+16y — 4= 0.

Loi gidi:
A , -1 1 : -1
Viét lai duong thangdta c6:d:y=—x+= suyralg§ so géc @a dla k, =—.
¢t lal duong g y T yragsog 9" 16
Vi tiép tuyén cia (C) vudng goc i duong thing d nén ta c6 Bisd goc @a tiép tuyén 1a k =16.
Xét phrong trinh f'(x)) =4 = 45 -8, =16= X3~ X~ & 0= X, = 2>y, = .
Do vay phuong trinh tép tuyén 1a: y =16(x- 2) + 1hay y =16x - 31.

DANG 3. TIEP TUYEN Pl QUA M QT PIEM

2x+1

Cau 1;[PVH]. Choham § y= (C). Viét phuong trinh tép tuyén cia (C).

a) Tai diém c6 hoanhio x=2.
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b) Biét tiép tuyen di qua dem A(4;-1).

Lot gid:
-3
(x-1°

a)Taco :x,=2=Y,=5=f(x)=f(2=-3

Taco: f'(x)=

Do vay phuong trinh tép tuyén l1a: y =-3(x-2)+ 5 hay y =-3x+11

b) Phurong trinh tép tuyén cia (C) tai diem M (xo; ZX:O_JrlljD(C) la:

B (x-x)+ 20t
(%_)A %)

Vi tiép tuyen di qua A(4;-1) nén ta co-1=

y:

-3 2x,+1
XO_1)2(4_ )+ XO
X =2
X =2

3064 (2e+ (-1
(%-9" (%=1’
+) Vi %, =2 ta c6 plrong trinh tép tuyén la: y =-3(x-2)+ 5 hay y = -3x+11

= -

~(% -1 =2¢+ 2%~ 11 &= 12- {

+) Vi x, =—2 ta c6 plong trinh tép tuyén la: y=—%(x+2)+l hay y:_?1x+%l3

Cau 2:[PVH]. Cho ham &: y=x*~-2x+2 (C). Viét phuong trinh tép tuyén aia (C).
a) Tai diém c6 hoanhio x=0.
b) Biét ticp tuyen di qua dc taa do O.

Loi qgidi:
Taco:y'=3x*-2
a) Tacoix,=0=y,=2vay'(x)=y'(0)=-2.
Do vay phrong trinh tép tuyén 1a: y =-2(x—0)+ 2 hay y = -2x + 2.
b) Phrong trinh tép tuyén cia (C) tai diem M (xo;x§—2x0+ Z)D(C)
|a: y=(3x§—2)(x—xo)+x§—2x0+2.
Vi tiép tuyén di qua O(0;0) nén ta c60=(3x¢ = 2)( 0-x,) + X3 = K, + 2
o 2842200 x =1
Véi x, =1 ta c6 plrong trinh tép tuyén la: y = x.

Cau 3;[PVH]. Cho ham é: y=x*-3x* (C). Viét phuong trinh tép tuyén biét tiép tuyén di qua
a) Goc taa d@o O(0;0).
b) Quadiém A(-36;0)

Loi gidi:
Goi M (xo;xg‘—3x§) |a taa do tiép diém.
Phuong trinh tép tuyén tai diem M la: y = (4x§ - 6xo)(x—xo) + X5 —3x3
a) Vi tiép tuyen di qua O(0;0) nén ta céD:(4x§— 6x0)(0— Xo)+ X5 — 3
=0
_ayh 200 v2[x2=1 = 0 X
e =3 +3x;=0 xo(x0 J) 0 % = +1

+) Vi %, =0 phuong trinh tép tuyén la: y=0.
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+) Vi %, =1 phuong trinh tép tuyén la: y =-2(x~-1)- 2 hay y = -2x.
+) Vi %, = —1phuong trinh tép tuyén 1a: y =2(x+1) - 2 hay y = 2x.
b) Vi tiép tuyén di qua O(0;0) nén ta cé:—36:(4x§ - Gxo)( 0-X,) + X4 — 32

o 3+ =-36- X -x-12=0.Pat t=x? (t=0) tacd:t’-t-12=0
X +3% X =% itt=x (t=0) L:—s (loai)
Khidd x} =4 « x, =+2.

* Véi %, =2 phuong trinh t€p tuyén la: y =20(x— 2)+ 4 hay y = 20x— 36

* Véi %, ==2phuong trinh tép tuyén la: y =-20(x+ 2) + 4 hay y = -20x - 36

Cau 4; [PVH]. Cho ham é: y=x*-3x (C). Viét phuong trinh tép tuyén aia (C) biét tiép tuyén
di quadiém A(L-3).

Loi gidi:
Tacoy'=3x*-3
Phuong trinh tép tuyén cia (C) tai diém M (xo;x§—3xo) |a: y:(3x§—3)(x—x0)+x§—3xo

Vi tiép tuyen di quadiém A(L-3) nén ta cé:—3:(3x§ - 3)(1—><O)+x§— X,
% =0
° 20+3G=0- 3
73
* Vi x, =0 phuong trinh tép tuyén la: y = -3x
. 3 e . 15 3) 9 15x 27
* Véi X, =— phuong trinh tép tuyén la: y=—| x——= |-— hay y=—-—.
Or)<02p(”9 p tuye y4( 2)8yy4 )

Vay c6 2 plrong trinh tép tuyén thod man lay = -3x haic y :1—2)( —277.

Cau 5; [PVH]. Cho ham 6 y=x*-3x*+2, c6do thi (C). Viét phrong trinh tép tuyén cia (C)
biét tiép tuyén di quaM (10).

Loi gidi:
Ta co: y'=3x* - 6x
Phuong trinh tép tuyén cia (C) tai diém A(xo; X3 —3x2+ 2) la:
y=(3x§—6xo)(x—x0)+x%—6x§+2
Vi tiép tuyén di quadiém M (1,0) nén ta céD=(3x§ - 6x0)(1— Xo) + X5 = 3G+ 2
= O = 3% —BX, t X5~ XK+ 2= 0= — 20+ &)~ B+ 2= 0= X =
Vi %, =1 phuong trinh tép tuyén 1a: y =-3(x—-1) hay y =-3x+3
Vay c6 phrong trinh tép tuyén thod man lay = -3x+3

Cau 6: [PVH]. Choham é y = 2X+1, c6dd thi (C). Viét pheong trinh tép tuyén cia (C) biét

tiép tuyén di quaM (2;-5).

Lol gldl:
Tacé:yzz(x_2)+5=2+ > = y'=- >
X—2 X—2 (x—2f
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Phuong trinh tép tuyén cia (C) tai diém A(xo;2+ 5 ] la: y:_LZ(X_XO)J,Z_F
%2 (%-2)

X —2
<K L e L2 ) ~ .. 5 5
Vi tiép tuyen di quadiém M (2;-5) nén ta c6:-5= (%, —2)+ 2+
% =2) % =2

= i:—? = =_

X, —2 7

. 4 ., . 49 4\ 3 49x 1
Vi X, =— phuong trinh tep tuyen la: y=—-—| Xx——= |—= =

o % =7 Pong P tuye y20( 7)2yy 20 10
Vay c6 phrong trinh tép tuyén thod man lay = —42—%( —1—10

Cau 7: [PVH]. Cho ham & y=x*-6x*+9x~-1, c6dé thi (C). Tim M (C) sao cho fp tuyn
ciia (C) tai M di quadiém M (0;3).

Loi gidi:
Taco:y'=3x" -1+ 9
Phuong trinh tép tuyén cia (C) tai diém A(xo;xg—6x§+9x0—]) la:
y=(3x§—12x0+ 9)(x—x0)+x§—6x§+9x0—1
Vi tiép tuyén di quadiém M (0;3) nénta c63= (3 - 12+ 9( 0-%,)+ X - &3+ &, -
X =1

o =B I - Ky FXE— B2+ K= Ao - X+ 82— & O (%= Y

X =1-/3
* Vi x, =1 phuong trinh tép tuyén 1a: y=0(x-1)+ 3hay y =3
* Vi x, =1++/3 phrong trinh tép tuyén Ia: y=(9—6\/§)(x— 1—\/_3)— 6+ 3/ thay
y=(9-6V3)x+3
* V6i x, =1-+/3 phuong trinh tép tuyén 1a: y=(9+ 6\/?3)(x—1+\/_3)— 6- 3/ thay
y:(9+6\/§)x+3

Vay c6 3 plwong trinh tép tuyén thod man lay = 3; y=(9—6\/§)x+ 3va y:(9—6\/§)x+ 3

Cau 8:[PVH]. Cho ham & y=x*-2mx’+(m+2) x+1, c6dd thi (C,). Tim m d¢ tiép tuyén cia
(C,) tai diém c6 hoanhi¢ x = -1 di quadiém M (-2;3).

Loi qgidi:
Ta co: y'=3x" - 4mx+m+ 2
Phuong trinh tép tuyén cia (C) tai diém A(—l;—l— 2an—(m+ 2+ ]) hay A(-1,-3m-2) la:
y=(3x¢ - 4mx, + m+ 2) (x=%,) - 3= 2 = y=(-3+4m+m+ 2)(x+1) - 3n- z
= y=(5m-1) x+2m- 3
1

Vi tiép tuyén di quadiém M (-2;3) nénta c63=-2(5m-1+ - 3= m=-2
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Véi mz—% phrong trinh tép tuyén la: y=—%x—4

A 1
Vay m=-—
Y 2

a) Tai giaodiém oiado thi vaduong thing d : 2x+y—-3=0
b) Song song & duong thing AB biét A(0;1) ,B(1-6

Loi gidi:
Taco: f'(x)= it -
(2x+1)
a) Viét lai duong thing d¢ y=-2x+3.
-1
3-X X#—
Xét phrong trinh hoankio giaodiém ta co: —2x+3—2 1 2
X (2x+1)(-2x+ Y = 3-x
x# -2 x=0
42 +5x=0 |73
+) V6i % =0=y,=3= f(0)=-7. Phwong trinh tép tuyn la: y=-7(x-0)+3 hay
y=-7x+3.
. 5 1 5 4 N : L s -4 5) 1
+) Véi =—:> === f'|—=|=—-=.Phrong trinh tp tuyen la: y=—| x—— [+=
) X Yo 5 (4) 7 g p tuye y 7( 4j >
—4X 17
Hay y=——+=".
vy 7 14

b) Ta c6: AB=(L-7)=n, =(7;). Phrong trinh duong thing AB la: 7x+y-1=0 hay
y=-7x+1
Do tiép tuyén song songdi duong thing AB nén ta cok, = -

- 2% +1=1 =0
T g (e m1e | 20T [
(2%, +1) 2%, +1=-1 |x,=-1
+) Vi %, =05y, =3;f (%) ==7. Phrong trinh t€p tuyén la: y = -7x+3
+) V6i x,=-1=y,=-4; f'(-1)=-7. Phrong trinh t€p tuyn 1a: y=-7(x+1)-4 hay
y=-7x-11.

Xét phuong trinh f (%)) =-7 =

Cau 10; [PVH]. Cho ham & y=2X*1 i biét tiép

tuyén

a) Tai giao diém ocia dd thi vaduong thing d: 2x-y+1=0
b) Tlep tuyén co ¢ b gock = -3

c) Tiép tuyén vudng goéc &i duong thing d': x-12y+ 3= 0

Loi qidi:

Taco f'(x)= =
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a) Viét lai d: y=2x+1l. Xét phung trinh hoanh do giao diém:

2x+1 2x+1=0 x=—l
:2X+14:» = 2
x-1 x-1=1 _
X=2
o1 o1 e 1Y_ 4 R p L s
+) Vi xo——§:>y0—0,xo——§:>yo—0,f IRt Phrong trinh tép tuyn Ila
3\ 2)

+) Véi % =2=y,=5; f'(2)=-3. Phrong trinh tép tuyn la y=-3(x-2)+5 hay
y=-3x+11.

. -3 2 % =0
b) Taco:k=1"(x)= =-83< (%x-1 =1«:[ :

( ) (X0_1)2 ( ) Xo:2
+) V6i %, =0=y, =—1. Phrong trinh tép tuyén la: y =-3x-1.
+) Vi %, =2=> Y, =5. Phrong trinh t€p tuyén la: y =-3(x-2)+ 5 hay y = -3x+11.
1

e 1 3
c) Viét lai phuong trinhd': y=—x+— c6 k,, =—.
) Viét lai p g Y=5Xt v =15

Do tiép tuyén vudng géc i d' nén ta cok, =-12

-3 2

Xét phrong trinh >=-12 = (%, -1 =
% ~1)

1

4
.. 1 . ‘ L s 1

+) Vai X, :E: Y, = —4. Phrong trinh tép tuyen la: y=—12(x—§j— 4 hayy=-12x+ 2.

+) Véi %, =g:> Y, =8. Phrong trinh tép tuyén la: y = —12(x—gj+ 8 hay y = -12x+ 26.
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CHUPE 2. Y TUONG GIAO CUA HAI PO THI

DANG 1. TUONG GIAO HAM B AC BA

Cau 1:[PVH]. Cho ham 6 y=x*—(m+3)x*+(3m+ 1) x~- 3, c6 d6 thila (C). Tim m dé (C)
giao Ox tai 3 diém phan bit.

7 Loi gidi :
Phuong trinh hoanh do giao d@m
X=3
g(x)=x*-mx+1=0

Dé (C) giao Ox tai 3 diém phan bit thi phrong trinh g(x) =0 c6 2 nghém phan bit khac3

A>0 m -4>0 m>2,m<-2
{g(3)¢o® {10—3m¢ 0" Jm=z10

X = (m+3)x* +(3m+1)x-3= 0= (x- 3(x2—w+ j: 0

Vay mO(-c0;-2) 0 (2;?) O (1—30;+ooj

Cau 2; [PVH]. Cho ham 8 y=2x*-5x*~2( 2m- ] x+ @n- ., c6do thi 1a (C) vaduong thing
d:y=x-4.Timm dé (C) giaod tai 3 diém phan bit, trongd6 codiing haidiem c6 hoanhio
duong.

7 Loi gidi :
Phrong trinh hoanti6 giaodiém
23 -5x* = 2(2m-Ix+ Bn- Ex- 4= - ¥ -( - x+ B+ 3
_3

= (2x=3)(¥ -x-2m-1= 0= 72
)

g(x)=x*-x-2m-1=0

Taco x :g >0 néndé (C) giaod tai 3 diém phan bit, trongdd co6ding haidiém cé hoankis

duong thi plrong trinh g(x) =0 c6 2 nghém tréi diu khécg

P<O0 -2m-1<0 m>—%
—|[#0 -—=-2m#0 1
o2 4 # -2
8
Vay mD(—l;——1 O (——1;+ooj
2 8 8

Cau 3;[PVH]. Cho ham & y=2x*-6x~7, c4d6 thi 14 (C) vaduong thing d : y = 2m-5. Tim
m dé (C) giaod tai 2 diém phan bit.

Loi gidi :
Phurong trinh hoankdd giaodiém : 2x°* - 6x- 7= 2m- 5= g(x)= 2 - &- - 2= |
X=1l=y=-2m-6
X=-l=y=2-2m
Dé (C) giaod tai 2 diém phan bit thi ham § y = g(x) phai c6 arc tri va ye,.Yer =0

Tacod g'(x)=6x*-6;g'(x)=0= {
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m=-3

= (-2m-6)(2- 2n)= 0= {mzl

Vaym=1 haic m=-3

Cau 4;[PVH]. Cho ham 8 y=x>—(3m+1)x* + 3nx+ &m- 1, c6dd thi la (C) vaduong thing

d:y=4x-5. Timm dé (C) giaod tai 3 diém phan bit c6 hoanhio x,X,,x, théa mén
X2+ X, +x2=18.

i Loi gidi :
Phrong trinh hoankio giaodiem
X = (3m+1)x* + 3+ 6m- 1= &~ 5= X’ —( &+ D +( B1- Ix+ B+ 4
X=2
g(x)=x*-(3m-1)x-3an-2=0
bé (C) giaod tai 3 diém phén bit thi phrong trinh g(x) =0 c6 2 nghém phan bit khac 2
{A>O om? + 6m+ 9> 00m 4

< = £ —
g(2)#0 m¢g ™9

= (x=2)[¥* =(3n-1)x- 3n- 2| = 0~

Gia st X, =2 thi x,,X, 1a 2 nghém aia phrong trinh g(x) :O:{XlJer =3m-1

' XX, =—=3m-2
Taco:
X2 +x2+x2=18 & (X, +X,)" —2xx,+ X3 =18 (An-1"+ 4 B+ I+ & 18 m=%
Vay m=+1 la gia ti can tim.

Cau 5: [PVH]. Cho ham & y=x’+(1-3m)x* - 4mx—m+ 2, c6dd thi 1a (C) va duong thing
d:y=-2x. Timm dé (C) giaod tai 3 diém phan bjt c6 hoanhio nho hon 1.
Loi gidi :

Phrong trinh hoankid giaodiém

X +(1-3m)x* —dmx-m+ 2=-X = X’ +( - )X +( 2 Mm)x-m+ 2= |

x=-1

g(x)=x* -3mx-m+2=0

bé (C) giaod tai 3 diém phan bit thi phrong trinh g(x) =0 c6 2 nghém phan bit khac -1
J 2+ 2J1_9'm< -2- 2/19

- (x+ D) - amx-m+ 2= 0 {

9

@{A>O @{9m2+4m—8> 0_ m 9 9 (*)
g(-1)#0 [2m+3%0 =3
Goi X, X, 1a 2 nghém cia phrong trinh g(x) =0= {Xl +)i2 = 3m
XX, =—m+2
:{Xl<1®{x1+x2<2 c}{xl+x2<2 @{3m<2 o m<?
<1 10105950 [xg-(x+x)+120 " [-mr2-ame120” "3

Két hop voi diéu kien (*) , vay mD(—oo;—:—;j O (—gé}
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Cau 6:[PVH]. Cho ham § y =x*—(2m+1)x° +(m2 + 3n)x— m’ (C) vaduong thing
d:y=-x+m.Timm d (C) giaod tai 3 diém phan bit c6 hoanhid x, x,,x, théa man
X+ x5 + x5 =10,

Loi qgidi:
Phrong trinh hoankid giaodiém
x3—(2m+1)x2+(m2+3n)x—m2 =-X+m o x3—(2m+1)x2+(m2+3n+])x—m2—m:O
_ - ) B x=1
- x 1)[)( (2m+ 2+ m +m]— 0 {Q(X)=x2—(2m+1)x+m2+m:0
bé (C) giaod tai 3 diém phan bit thi phrong trinh g(x) =0 c6 2 nghém phan bit khacl

{A>O {(2m+1)2—4(m2+m)>0 {1>o

9

gD)#0 | 2-mz0 mzom#1 m#{%9
2m+1+1
X:T:m+1
Taco: g(x)=0= 11
X==——=—=m

Giasr x, =1,X,=m,X;,=m+1ta co

Khi d6 1+m’ +(m+1)° =10~ an’+ 3n°+ 30— & 0= (m- }{ @'+ &+ B= 6 m=
Vay m=1 la gia ti can tim.

Cau 7: [DVH]. Cho ham & y=x’—(m+1)x*+2mx+1, c6 do thi 1a (C) va duong thing
d:y=-x+1.Timm d (C) giaod tai 3 di€ém phan bit c6 hoanhid nho hon 1.

Loi qgidi:

Phrong trinh hoankio giaodiém

X = (x+1)x* + 2mx+ 1= -x+ 1= X’ =(m+1)x* +(2m+)x= 0

x=0

g(x)=x* -(m+1)x+2m+1= C

bé (C) giaod tai 3 diém phan bit thi phrong trinh g(x) =0 c6 2 nghém phan bit khac0

- x[x2 —(m+1)x+ 2m+ 1] =0 {

A>0 (m+1)"-4(2m+ 1> 0 m'-6m-3>0 |m>3+2J3m<3-2/3

E=1 E=1 =1 E=4 *
{g(o)io {2m+1¢0 m;t—% m#—% (*)
; N , s X +X,=m+1

Goi X, X, la 2 nghtm ciaa phrong trinhg(x) =0

0 X, % ghé phrong g(x) :{xlx2:2m+1

- <1l [x*+x<2 X +X, <2 m+1<?2 et
X, <1 (x -1)(x,-1) >0 XX, = (% +X,)+1>0 2m+1-m-1+1> 0

Két hop voi diéu kien (*) , vay mD(—l;—%j O (——;;3— zfsJ
Cau 8; [PVH]. Cho ham é: y:(x—l)(x2 +mx+1) (C).
a) Tim mdé do thi (C) cit truc Oxtai 1 diém duy nlat.
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b) Tim mdé dé thi (C) cit truc Oxtai 3 diém phan bit cé hoanh dox,; x,; X, thod méan
X2+ X, +x2=10.

Lol gldl:
a) Phrong trinh hoanhi¢ giaodiém cia (C) va tuc Ox la: (x—l)(x2 +mx+1) =0
x=1
- (1)

g(x)=x*+mx+1=0
Do thi (C) cit truc Oxtai 1 diém duy ntit = (1) c6 nghém duy nlat [a x =1.
TH1: PT:g(x)=0 v0 nghtm = Dyy =M —4<0 = —2<m< 2.
A(X)=0 {m2—4:O

’ = m=-2
g()=0 [m+2=0 '

TH2: PT:g(x)=0 c6 nghtm képx=1 = {

Két luan: Vay —2<m< 2 |a gia ti cin tim.
b) ) Phuong trinh hoantdd giaodiém aia (C) va tuc Ox la: (x—l)(x2 +mx+1) =0

X =1
= 2 (1)
g(x)=x*+mx+1=0
Do thi (C) cit truc Ox tai 3 diém phan bit = (1) c6 3 nghtm phan bit = g(x)=0 c6 2 nghtm
A . N A=m*-4>0 [(m>4
phan bét va 2 nghém do6 khac 1= = .
g()z0 m+2#0
o . . o o (% +x,=-m
Khi d6 chox, =1 va x;X, la nghém cia PT g(x) =0. Theodinh ly Viet ta co: xx, =1
.=
Theo débai ta co:
X2+ x2+x2=10 = (X +X,)" —2xX,=9 & M’ —2= 9= m? = 11~ m==/ 11(tm)

Vay m=+/11 14 gia ti cAn tim.

Cau 9:[PVH]. Cho ham é: y =(x-2)(2x*+ 2mx-m-1) (C).

a) Tim mdé d6 thi (C) cit truc Ox tai 2 diém phan bt.

b) Timmdé d6 thi (C) cit truc Ox tai 3 diém phan bit c6 hoanhid x;; x,; X, thod méan :
A=+ + XS+ XXX, =8

Loi gidi:
a) Phrong trinh hoanhi¢ giaodiém cia (C) va tuc Ox I<'51:(x—2)(2x2 + 2Mx—m-— ]) =C
X=2

=1 1

{g(x):2x2+2mx—m—1: 0( )
Dé d6 thi (C) cit truc Ox tai 2 diém phan bt = (1) c6 2 nghém phan bit.
A'=m’+2(m+1)=0 ().
g(2)z0
A'=n?+2(m+1)>0
g(2)=8+4m-m-1=C

TH1: g(x)=0 c6 1 nghém duy nlit va nghém d6 khac 2 = {

TH2: g(x) =0 c6 2 nghém phan bjt va 1 trong 2 ngkim king 2 = {

ol AN
- m:? la gia ti can tim.

b) Dé dd thi (C) cit truc Oxtai 3 diém phan bit = (1) c6 3 nghtm phan bit
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{A': m’ +2(m+1)>0

(*) . Khi d6 gi x, =2 va x;x, la nghtm cia PT g(x) =0.

g(2)=7+3amnz 0
X X, =—m
Theo Viet ta co : _-m-1
XlXZ_T

Theo bai ra ta cOA= X2 + X2 +4+ 2xx, = (X, +X,) +4=8 = m*+4=8 - m=+2 (tm).
Vay m==+2 la gia ti can tim.

Cau 10: [PVH]. Cho ham 6 : y=x*-mx+m-1(C). Timmdeé d6 thi (C) cit tryuc Ox tai 3 diém

phan bt c6 hoanhi x; x,; X, thoad méin:A=i+—1+—1 =2.

Xl X2 XS

Loi gidi :

Phuong trinh hoantdd giao dém aia (C) va tuc Oxla : xX° —nmx+m-1=0
X =1

= X3 _1_m(x_1) = 0@ (X_ j)(X2+X+ 1_m) = OQ g(x) = X2+X+1—m= o (1)

Dé d6 thi (C) cét truc Oxtai 3 diém phan bit = (1) c6 3 nghém phan bit

A=1-4(1-m)= 4m- 3> o(*)
9(1)=3-m#0 '
Khi d6 Khi d6 goi %, =1 va x;X, 1a nghtm cia PT g(x) =0
+x, =-1 —
Theo Viet ta c6:d * 2 . Do \ay Azte g2 Xt% g T g0l s 2(tm)
XX, =1-m X X, XX, 1-m

Vay m=2 |a gia ti can tim.

Cau 11:[PVH]. Cho ham 6 y=x*+mx+m+1 (C). Timmdé d6 thi (C) cit truc Oxtai 3 diém

phan bt co hoanhio x; x,; X, thoa man A= xlx2x3(xf + X5+ xg) =4,

Loi gidi:

Phurong trinh hoankdd giao dém aia (C) va truc Oxla x* +mx+m+1=0
X=-1
g(x)=x*-x+1+m=0
Dé do thi (C) cit truc Oxtai 3 diém phan bit = (1) c6 3 nghém phan bit

A=1-4(1+m)=-4m-3> 0
Q{g(—l):3+m¢0 ()
Khi d6 Khi d6 goi %, =-1 va x;x, la nghém cia PT g(x)=0
X +x,=1
XX, =1+m’

= X +1l+m(x+1)=0- (x+J)(x2—x+ 1+m): 0o

()

Theo Vi-et ta cé:{ Do vay

A= =1+ m)[ (x4 +%,)" ~2xx,+1) =~(1+m)[ 2- { 2+ m)]

A= 2m(1+m): 4 m2+m_ 2= 0w {m:l (|Oa|)
m=-2

Vay m=-2 la gia ti can tim.

Chwong trinh Luyé n thi PRO-SvaPRO-E: Giai phap 6i uu nhi cho ki thi THPT Qubc Gia 2016!




Khéa hocLUY EN THI THPTQG 2016 — Thdy PANG VIET HUNG Facebook: Lyhung95

Cau 12:[DPVH]. Cho ham 6 y =x*-3x* +x , c6 d6 thila (C) va duong thing
d:y=-mx+m-1.Timm d (C) giaod tai 3 diém phan bt A(1;-1),B,C sao cho
X2 +4x. =4

7 Lot gidi

Phrong trinh hoanli6 giaodiém

X =3x* +x=-mMx+m+1 = x* =3 +(m+I)x-m+1= 0

x=1

g(x)=x*-2x+m-1=0

bé (C) giaod tai 3 diém phan bit thi phrong trinh g(x) =0 c6 2 nghém phan bit khacl

A'>0 1-m+1>0 m> 2

- - = e m>2
g()20 |m-2#£0

Goi X;,%. la hoanhis diém B,C thi x,,%. la 2 nghém cia phrong trinh

_ Xg X =2
g(X)_Oj{x,axc =m-1

o (x-1)(¥ -2x+m-1=0= {

Ta®: X +4x, =4 o XX+ 4 2-%)= b X2— &g+ 4= 0o (Xg— ¥'= 0= X, = 25x =
= X% =0=>m-1=0- m=1
Vay m=1 la gia ti can tim.

Cau 13:[PVH]. Cho ham 6 y = x> —(2m+2)x* +(3m+ 2 x-m-1, c6dé thi 1a(C) . Tim m

dé (C) giao tuc hoanh4i 3 diém phan bit A B,C (trongdd diém A cd hoanhid ko doi) sao cho

hoanhdo diém haididm B,C lado dai hai anh aia mpt tam giac vudng céaoh huyn bing +/5
Loi gidgi

Phrong trinh hoankid giaodiém
X —(2m+2)x* +(3n+ x-m- 1= 0= (x- :)[xz -( I+ Ix+m+ j.z

x=1
C’[ (x) =% - (2m+1) x+m+1= 0
Dé (C) cit truc hoanhdi 3 diém phan bt thi PT g(x) =0 c6 2 nghém phan bit khacl
>0 2m+1)°-4m+)>0 [4m’-3>0
{ {1 m# 0 B {mil
Goi Xg,%. la hoanhip diém B,C thi x;,%. la 2 nghém cia phrong trinh

N

Xg X =m+1
T gia thiét ta co
m=1
C+x2=5 e (X +%) —2%% =5 (2m+1 - Am+ )= 5o 4+ - & O- .3
2

Vay m:1,m=—:—23
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Cau 14:[PVH]. Cho ham é§ y=x —3(m2 —1)x2—(2m+ ) x+ 3, codod thi 1a (C) vaduong thing
d:y=x+3. Tim m d (C) giao d tai 3 diém phan bt A(0;3),B,C sao choA la trungdiém
cua BC.

Loi qgidi:
Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh

x3—3(m2—1)x2—(2m+il)x+ 3FE=x+ 3= - C{mz— ).xz— Px = (

- x[xz—S(mz—l)x—ZmJ:O«:» x=0
x*=3(m*-1)x-2m=0 (3
Véi x=0=y=3= A(0;3 tng wi dé baida cho.
Khi 6 d va (C) cit nhau &i A(0;3), B, C phan bt = (1) c6 hai nghém phan bjt khac 0
A=9(m2—1)2+8m> 0 9(m2—1)2+8m>0 *)
0-3(m*-1).0- Mm% 0 |m#0 '
Do B, COd néntagi B(x;x+3), C(x,;x,+3).

X+ X, :3(m2—1) (2)

Ta cox; X, la 2 nghém aia (1). Theo Vi-et thi
XX, =2m

XlJ;XZ=xA=O
(4 +3)+(x+3
2

Khi d6 A 1a trungdiém cia BC - = X +X,=0.

=Ya=3

Két hop voi (2) taduogc 3.(m2 —1) = 0~ m==1.Ddi chiéu wi (*) ta dugc m=1 théa man.

DP/s: m=1.

Cau 15: [DVH]. Cho ham & y=x*-5x"+7x-2, c6dd thi 1a (C) vaduong thing d di qua

A(2;0) co ke sb gock. Timk dé (C) giaod tai 3 diém phan bit A B,C.

Loi qidi:
Bairad di qua A(2;0) vaco I¢ sd goc k nén PTia d c6 cing
d:y=k(x-2)+0< y=k(x-2).
Hoanh dogiaodiém cia d va (C) la nghém cia phrong trinh
X =5x*+7x-2=k(x= 2 = (x- 2)(x2— X+ )—k(x— 2=
X=2

—_ 2 _ —_ e -
(-2)(¢=3xr1-k)=0 | ;o i1k=0 (3

Chwong trinh Luyé n thi PRO-SvaPRO-E: Giai phap 6i uu nhi cho ki thi THPT Qubc Gia 2016!




Khéa hocLUY EN THI THPTQG 2016 — Thdy PANG VIET HUNG Facebook: Lyhung95

Véi x=2=y=0= A(2;0 tngvéi d¢ bai da cho.

Khi d6 d va (C) cit nhau &i A(2;0), B, C phan bt = (1) c6 hai nghim phan bét khac 2

{A=9+4k>0 |<>-?1 "
<~ 2_ _ E=2 .
2-32¢1k2 0 |,

Cau 16: [PVH]. Cho ham &y =x’+(1-m)x*+(m-1)x+2m-2, c6 dd thi la (C) va dudng
thang d:y =3x+2. Tim m dé (C) giaod tai 3 diém phan bt A(-1-1),B,C sao choB,C ddi

xung nhau qududng thing x+3y-2=10.

Loi gidi:
Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh

X° +(1-m)x* +(m=1) x+ 2m- 2= X+ 2~ x3+x2—4x—4—m(x2 —x—2) =0

-1
2
=m-2

= (x+1)(x=2)(x+ 2)-m(x+)(x- J= 0= (x+ I(x- 2(x+ 2m)= 0= |x

Véi x=-1=> y=-1= A(-1-1) tng Wi dé baida cho.

Khi d6 d va (C) cit nhau bl A(~L-1), B,C phan bit - {m‘” 2 {W o),

m-2#-1 |m#1
Do vai trd @iaB, C la nhr nhau nén ta c6 #ygia sir x, =2; x, =m-2.

=3.2+2=8 B(2:8
MéB,CDd:{yB {( )

Yo =3(m-2)+2=3n- 4 |C(m-2;3m- 4)

Goi M la giaodiém aia BC vad':x+3y-2=0.

alN

2
X=—-—=
=3x+2 X-y=-
Xx+3y-2=0 X+3y=2 _4

Toadd M la nghém cia hé {
y

. ﬂj

b 5 -
5

R6 rangd Od' nén khidé B, C dbi xang nhau qual & M 14 trungdiém cia BC

Xg * Xc 2+m-2_ 2 _ 4
e T T |7 4
o 2 - o = m=-—. ba thba man (*).
Yot Ve _ 8+3m-4_4 _ 4 5
==Yy - = m=—-——
2 2 5 5
D/s:m=—ﬂ.
5

Cau 17: [DVH]. Cho ham & y=x’+x’+3(m-2)x+9m, c6 do thi la (C) va dudng thing

d:y=x+3. Timm d¢ (C) giaod tai 3 diém phan bit A B,C, trongd6 A ladiém cb dinh va

d6 dai BC = 24/10.
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Loi gidi:
Hoanh d6 giao @im cia d va (C) la nghém cia phrong trinh

X+ x2+3(m=-2)x+ IM=x+ 3= X} +x*-7x-3+IM(x+ 3J= 0

x=-3
- (oY ran(e d= on o gx- xe mn- Yo 0|0
Véi x=-3= y=0.BairaA ladiém o dinh = A(-3;0).

Khi d6 d va(C) cit nhau &i A, B, C phan bt = (1) c6 hai nghtm phan bit khac -3

2
_ {A':l—(Sm—1)>O m<§

(3f-2(-3+3m-1& 0 14 ()

m#-—
3

Do B, COd nénta gi B(x;% +3), C(X;X,+3) = BC=(% —X;X,~X,)

= BC?=(%—x)" + (%= %)’ =2(x +X%,)" - 8xX,.

. s N : JX X, =2 2
Ta co x; X, la 2 nghém dia (1). Theo Vi-et th xx, = 3m = BC’=2.2-83n- 1= 16- 2m
_=3m-

Bai ra BC =2/10= 16- 24n=( 2/ 1) = 40- m=- :Da thoa man (*).

D/s: m=-1 |a gia ti can tim.

Cau 18: [PVH]. Cho ham & y=x>+(4-m)x’+(3-5m)x~- 4m+ 1, c6dd thi la (C) va duong
thang d:y=x~-7. Tim m dé (C) giaod tai 3 diéem phan bit A(-4;-11) B C sao cho din tich

21

tam giacOBC bang >

Loi qgidi:
Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh

X +(4-m) X +(3-Bm)x— dn+ =X 7= X'+ &+ X+ &m(X’+ &+ Y=

X=-4

- (x+4)(x2+2)—m(x+4)(x+])= O (x+ 4)(x2+ 2—mx—m)=0 “ | x4 2-m=0 (1)

Véi x=-4=y=-11= A(-4- 1) tng wi dé baida cho.

Khi d6 d va (C) cit nhau &i A(-4;-11),B,C phan bét = (1) c6 hai nghim phan bit khac -4

A=m*~4(2-m)>0 {m2+4m—8>0(*)
(-4)*-m(-4)+2-mz 0 |[m#-6 '

Do B, COd néntagi B(x;%~=7), C(X:% —7)= BC = (X~ X;X,~X,)
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= BC?=(%—x )"+ (%= %)’ =2(x +X%,)" - 8xX,.
Ta co X5 Xy la 2 nghém aia (2). Theo Viet thi

+X,=m
{Xl ° = BC?*=2m’-8(2-m)=2n’+ 8n- 16
XX, =2-m

0-0-7_7BC _ 21 )
— = BC” =18.
J+1 2/2 2

Do d6 2n? +8m-16= 18- m=- 2t/ 21D4 thha man (*).

Bai ra c6S, .. = ;BCd(O d) _EBC

D/s: m=-2++/21 14 gia ti cAn tim.

Cau 19:[PVH]. Cho ham é: y =(x-2)(x* +mx-1) (C). Timmdé dé thj (C) cit truc Ox tai 3
diém phan bit A B;C(2;0) sao chato dai AB=+/5

Lo1 gidi:
Phurong trinh hoanldo giaodiém cia (C) va tmc Ox Iz‘;1:(x—2)(x2 + mx—l) =0.

_ {x=2:>c(2;o) 0

g(x)=x*+mx-1=0

Dé do thi (C) cét truc Ox tai 3 diém phan bit = (1) c6 3 nghém phan bit
{A:m2+4>0 (*) . Khi dd goi x;X, 1a nghtm cia PT g(x)=0.
g(2)=3+2m# 0 T '

X + X, =—m

X =-1
Khi d6 : A(x;0); (x2 0) ta c6: AB? = (% = %,)" = (X +X,)" —4xx,=m’ +4=5- m=2=1(tm)
Vay m==+1 |a gia ti cAn tim.

Theo Vi-et ta c6 {

Cau 20:[PVH]. Cho ham 6 : y=x>~x (C) vaduong thing d:y =m(x~-1). Timmadé dé thi

(C) cit duong thingd tai 3 diém phan bit A;B;C(1,0) sao chatiém M (—

N~

—9) la trungdiém

cua dan AB.

Loi gidi :
Phurong trinh hoanldo giao dém cia (C) vaduong thing dla: x(x2 —1) -m(x-1)=0

o (X—l)(x2+x)—m(x—1)20c> (X_])(X2+x—m):o _ {X=1

g(x)=x*+x-m=0
Do thi (C) citd tai 3 diém phan bit = (1) c6 3 nghtm phan bt = g(x)=0 c6 2 nghtm phan
A=1+4m>0 4m+1>0
biét va 2 nghém do6 khéac 1- (*).
g(1)=0 2-m#0
C o R ; \ e XX =-1
Khi d6 goi x,;x, la nghém cia PT g(x) =0. Theodinh Iy Vi-et ta co: ‘x,=-m
L =-

Taco: A(x;m(x —1));B(x,;m(x,~1)), trungdiém caa AB
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_Xxtx -1
A 2 2
_m(x -1)+m(x,-1) m(x+x,)-2m_-3m
Yu = 2 - 2 C 2

Theo bai raM (—%;O) nenizm——g = m=6 (tm).

Vay m=6 la gia ti can tim.

Cau 21:[PVH]. Cho ham é: y=x*+(m+2)x-m (C) vaduong thing d: y =2x+1. Timmdé
dd thi (C) cit duong thingd tai 3 diém phan bit o tungdd v;;y,; y, thod man
A=y +Y;+y; =

Lo1 gidi:
Phurong trinh hoanldo giaodiém cia (C) vaduong thing dla: x* +mx-m-1=0

(1)

Do thi (C) cit dtai 3 diém phan bit = (1) c6 3 nghtm phan bit = g(x)=0 c6 2 nghtm phan
A=1-4(1-m)>0 (4m-3>0 )

g(1)=0 “13-mz0 '

Khi @6 chox, =1;y, =3 va x;X, la nghém cia PT g(x) =0. Theodinh ly Viet ta c6:

X +Xx,=-1
XX, =1-m’

=1 =3
«=»(x—l)(x2+x+1—m):0«:[x3 :>2y3
g(x)=x*+x+1-m=0

biét va 2 nghtém do6 khac 1= {

Theo débai ta co:A=y; +y2 +y2 =(2x +1) +(2x, + ]) + 0= z(xf+x22)+ £x,+X,)+ 1.
=4 (4 +%) ~2x%, [+ 4(x +x)+11= £ + L Fm)]- 4 1% &+ 8 12 m= fim)

Vay m=1 la gia ti cin tim.

Cau 22:[DVH]. Cho ham 6 : y=x>+mx—-4 (C) vaduong thing d: y = 2mx+ 4. Tim mdéd

cit (C) tai 3 diém phan bit AB,C sao cho tong tam tam giac OAB IE(—%;S} trongdo Cla

diém c6 hoantto x. =2 va O la gc ta do.

Loi gidi:
Phurong trinh hoankdo giao dém aia (C) vad 1a :x* + mx—2mx-8=0
x=2=C(2;4m+ 4
g(x)=x*+2x+4+m=0

o (x—2)(x2+2x+4)+m(x— 2= 0= (x- 3(x2+ X+ 4+m): O { (1)

Dé d6 thi (C) cit duong thing d i 3 diém phan bt = (1) c6 3 nghém phan bit
A'=1-4-m=-m-3>0 .

" lg(2)=12+mz 0 ():

X +X, =2

Khi dé goi x:x, la nghtm aia PT g(x)=0. Theo Viet ta c6: .
P! %, X, 1a nght 9(x) {xlx2:4+m
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_X1+X2+O___2
) , 3 3
Goi A(x:2mx +4):B(x :2mx, + 4) ta co:
0 (Xl rnxl ) (X2 2 ) 2rnxl+4+2nxz+4+o 2m(x1+X2)+8
yG: =
3 3
Do vay G( %8—%%)_&]08—34m28® m=-4 (tm).

Vay m=-4 |a gia ti can tim.

DANG 2. TUONG GIAO HAM PHAN TH UC

Cau 1;[PVH]. Choham 8 y= 2X+31, c6dd thi 1a (C) vaduong thing d 1y = -x+2m. Tim m
X_

dé (C) giaod tai haidiém phan bit c6 hoanhio am.

Loi gidi:

TXD: R\{l}.
2

Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh

1 1
X#— X% —
-X+2m= x+3 2

2L (2x-1)(x-2m)+x+3=0 |~ 2¢-4mx+2m+3= 0 ()

Khi d6 d giao (C) tai haidiém phan bit c6 hoanhio am = (1) c6 hai nghtm am phan & khac
1

2
A'=4m?-2(2m+ 3> 0 oM — 2m= 3> 0 m>1+ﬁ

X %<0 2m<0 2 7
= 1%X% >0 < 12m+3_ =3/ m<

1Y 1 2 3
2(5) _4m.5+ 2n+ 3¢ O mDR _§<m<o
1- f?
2

b/s: —<m<
2

Cau 2: [DVH]. Cho ham § y=2X"3
X+2

(C) giaod tai 2 diém phan bit thusc cung ndt nhanh éa dé thi.

, 0dd thi [a (C) vaduong thing d: y =mx-1. Tim m dé

Loi gidi:
TXD: R\{-2}. Hoanhdo giao dém cia d va (C) la nghtm dia phrong trinh
2x-13 X% -2 X# =2
X+2 {mx2+2mx—x—2= x-3 { ~(3-2m)x+1=0 ()
Tacod giao (C) tai haidiém phan bit < (1) c6 hai nghtm phan bit khac -2

mx-1=
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m# 0 -
m>4+\/7
m#0 mz0 m>4+ﬁ >
= {A=(3-2m)’ - 4m> 0 - |an?-16m+ 9> 0 = 2\/_ ~|[mzo (2
47
2 4m+6-4m+1# 0 -
m(-2)° -(3-2m) (-9 + & 0 m<— el Zﬁ
muUR B
3-2m
XX, =
Khi d6 theo Vi-et ta ca . M (3
Xlxzza
Yéu ciu bai todn= (1) c6 hai nghém phan bit x;x, khac-2 théa man(x, +2)(x,+2) >0
Taco (x +2)(x,+2)> 0= XX, + X +X,)+ 4> 0= L3, 4
m m
1+6- 4+ 4m m> 427
- >0 - m> 0. Két hop wi (2) taduoc 2 7 thoa man.
m _
0<m<4 7
D/s:m>4+\/7 haoac O<m<4_ﬁ.
2 2
2X-m

Cau 3; [PVH]. Choham 8 y= 1 c6dd thi 1a (C) vaduong thing d:y =-2x+3. Timm
X

dé (C) giaod tai haidiém phan bit c6 hoanhio x, X, théa man3x’ —4x,=9.

Loi gidi:
TXD: R\{-1}. Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh
2%X—-m X#-1 X#-1
—2X+3=— = = 5
X+1 (x+1)(2x=3+ X-m=0 |2 +x-m-3=0 (]
Tacod giao(C) tai haidiém phan bit = (1) c6 hai nghtm phan bit khac -1
A=1+8(Mm+3)>0  |pm>-2 "
2(-)°-1-m=-320 |z
_ 1 _ 1
XX ="5 Xx=T57R
Khi d6 theo Viet co e
% __m+3 X __m+3
XX, 5 %X, 5
1 %=1
Két hop voi 3x% - 4x, = 9 tadugc 3% —4(—§—x1j =9 & 3 +4x,— 7= 0- 7
=7
3

e THL x =1=x, =—%—1=——:> _m¥ 3=1.(——§’j ~ m=0. Pa thva man (*).

2
7 1 7 11  m+3
e TH2. x=-Ltox =-Z+l=""m- = -

NTTRTRTTTET e 2 (

b/s: m=0 haic m:5—90.
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Cau 4: [PVH]. Cho ham é y= 2x—1

, 0dd thi [a (C) vaduong thing d:y = x-m+1. Tim m

d¢ (C) giao d tai haidiém phan bit c6 hoanhid x,,x, sao chdx, - X,| =g.

Lol gldl:
TXD: R\{2}. Hoanhdo giaodiém cia d va (C) la nghtm aia phrong trinh
x—1 X#2 X#2
X-m+l=—— = -
2x—4 {2x2—4x—(2m— x+ - 4=x-1 { 2 —( i+ Px+ th— 3 0O( )

Tacod giao (C) tai haidiém phan bit = (1) c6 hai nghim phan bit khac 2

(2m+3)°-8(4n-3> 0 {4m2—20‘n+ 3>0_|[(2m-5°+8>0_ . )
22-(m+3 .2+ 40— 3¢ 0 [-1-4m+4mz0  |mOR
_2m+3
X +X =
Khi d6 theo Viet thi 2 (2).
= 4m-3
XX, 5
2
Tacé|x1—x2|=g o Ax-%,) =9 = Ax+X,) —16x,= 9= {2m2+3j —16.4mT3= 9
) m=2 _ .
= 4m° -20m+ 24= 0= da thba man (*).
m=3
b/s: m=2 haic m=3.
Cau 5; [PVH]. Cho ham 6 y:iz, c6dd thi 1a (C). Viét phuong trinhduong thing d di qua

M (0;2) va it (C) tai 2 diém phan bit A B sao choM la trungdiém cia AB.

Loi gidgi:
TXD: R\{1}. Goi mla h¢ s goc aiad.
Bairad di quaM (0;2) = phuong trinh dadcé cang d:y=m(x-0)+2 = y=mx+2.
Hoanh dogiaodiém cia d va (C) la nghém cia phrong trinh
X+ 2 xX#1 Xx#1
{mxz—mx+2x—2= X+ 2© {mxz—(m—l)x—4: 0 (ZI)
Taco d giao (C) tai haidiém phan bit A, B = (1) c6 hai nghim phan bt khac 1
m#0 m# 0
= {A=(m-1)°+16m> 0 = sm’+ 14n+ > 0= {
m?¥-(m-1).1-42 0 (M-m-3#0
Do A BOd néntagi A(x;mx +2), B(x,;mx,+2).

m#0
n’ +14m+1> 0

(*)

m-1
X+ X, = ——
Ta c6 x; X, 1a hai nghtm aia (1) nén theo Viet t A (2)
XX, = _E
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XX _
: TZ_XM_O X +X%,=0
Khi d6 M la trung dém cia AB < o
mx, +2+mx, +2 _ m(x +x,)=0
=Yu =2
2
__1:0
Két hop véi (2) ta duec 4 ™ , = M=l Pathcaman ()=d:y=x+2.
mm_:o
m

bi/s:d:y=x+2.

Cau 6:[PVH]. Cho ham §: y:X—+i (C) vaduong thing d :y =x+m. Tim mdé d cit (C) tai 2
X_

diém phan bit c6 hoanhty x;x, thod manx’ +x2 =9

Loi qgidi:
Phuong trinh hoanldd giaodiém cia (C) vad
#1

Xt o yem. o , (1)

x-1 g(x)=x*+(m-2)x-m-1=0
Dé dd thi (C) citd tai 2 diém phan bit = g(x)=0 c6 2 nghém phan bjt khac 1.

_ _5)\2
- {A—(m 2) +4(m+1)> O(*). Khi d6 goi %; X, l1a nghtm aia PT g(x) =0.
g()=-2#£0

X +X,=2-m

Theo Viet ta co {
XX, =—-m-1

Taco: X2 +x2 =(x+%,)" —2xx,=(2-m)*+ 2(m+ ) = - In+ 6= 9- {m

Vay m=3:m=-1 |4 cac gia trcan tim.

2x-1

Cau 7:[PVH]. Cho ham é: y=
X+1

(C) vaduong thing d :y = 2+m. Tim mdéd cit (C)

tai 2 diém phan bit c6 hoanhio x;x, thod mar|x, - X,| :%.

Loi qgidi:

. . o L s 2x-1 x# -1
Phurong trinh hoankdo giao dém aia (C) va dla:=——==2x+m. = ,
X+1 g(x)=2x*+mx+m+1=0

Dé do thi (C) citd tai 2 diém phan bit = g(x) =0 c6 2 nghtm phan bit khac -1.

{A:m2_8(m+l)>°() Khi d6 goi x,; X, 14 nghém cia PT g(x) =0
- *). Khido gol x;;X, la nghtm cia g(x)=0.
g(-1)=3%0
X1+X2:__
Theo Viet ta c0 :
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Vay m=9;m=-1 |a cac gia frcan tim.

Cau 8; [PVH]. Cho ham é: y:ii’ (C) vaduong thing d :y =-x+m. Timmdé d cit (C) tai
X_

2 diém phan bt c6 hoanhio x;x, thod manA= x> —xx,+x5 =9

Lol gldl:

o X+3 x#1
Phrong trinh hoankio giaodiém aia (C) vadla:——- =-x+m. = { ,
x-1 g(x)=x*-mx+3+m=0
bé do thi (C) citd tai 2 diem phan bit = g(x)=0 c6 2 nghém phan bit khac 1.
A:mz_4(‘%m)() Khi d6 gpi la ngh PTg(x)=0
= *). Khi do goi x,; X, la nghém cia x)=0.
g(1)=4¢0 P X5 X, g g
Theo Viet ta c6 :{Xl TeEm
XX, =3+m
. 2 , , m=6 (loai)
Tad: A=(x+X,) =3xx,=m’ =3(3+m)=m’- 3n- 9= 9= 3
m=-—

Vay m=-3 la céc gia frcan tim.

Cau 9: [PVH]. Cho ham & y:x;r; (C) vaduong thing d @ y = 2x. Timmdé d cit (C) tai 2
X_

diém phan bt c6 hoanhty x;x, thod man2x, + x, = 4

Loi qgidi:
. . g o X—m X#2
Phurong trinh hoanldo giaodiém cia (C) vad la——=2x. = , (1)
X—2 g(x)=2x*-5x+m=0
Dé do thi (C) citd tai 2 diém phan bit = g(x)=0 c6 2 nghtm phan bit khac 2.
{A =25-8n>0

9(2)=m-22 o () KNI d6 i x;x, 1a nghém dia PT g (x) =0.

N ol

X+ = (1)
Theo Vi-et ta 0 : . Do 2x, +x,=4.

x, =]
XWX =5

+X :§ =§
TR 20 > m=2xx, = 3.
2x +X,=4 x =1

Do vay m=3 |4 gia ti can tim.

Giai h¢ PT

X+1 (
X—=2
2 diém phan bit sao A,Bcho AB=44/2.

Cau 10:[PVH]. Choham 8 y = C) va duong thing d :y =x+m. Timmdé d cit (C) tai

>

Loi gidi
Phrong trinh hoanldo giao dém cia (C) vad |a:)’%; =x+m.
X% 2
hnd — U2 _ _ _a_ (1)
g(x)=x*+(m-3)x-2m-1=0
bé do thi (C) citd tai 2 diém phan bit = g(x) =0 c6 2 nghtm phan bit khac 2.
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{A:(m—3)2 +4(2m+1>0

g(2)=-320 )
Khi do goi A(X; %, +m); B(x,; X, +m) 1a 2 toadd cac giao dim.
X +X,=3—-m

XX, =—2m-1

Taco: AB:\/(xl—xz)2 +(% = %,)” =\/2[(x1—x2)2} =\/2[(x1+x2)2 —4x2x2]
- (- -d(-an-3]= [ v e = 42w @ s 0|7

Theo Viet ta co :{

Vay m=-3;m=1 la cc gia frcan tim.

Cau 11:[PVH]. Choham 8 y = 2x:11 (C) vaduong thing d :y = 2x+m. Tim mdé d cit (C)
I X
tai 2 diém phan bit A B sao chcOAOB =-10 trongdd O 14 dic toa do.

Loi gigi

x#-1
2 (1)
g(x)=2x* +mx+m-1=0
Dé do thi (C) citd tai 2 diem phan bit = g(x)=0 c6 2 nghtm phan bit khac -1.
A=nm’-8(m-1)>0 ()
9(-1)=120 '
Khi d6 goi A(X;2x +m);B(%,;2x,+m) 1a 2 tax d6 cac giaatiem.

Phrong trinh hoankio giaodiém: 2x_:11: 2X+m < {
X

XX, =

Theo Viet ta c6 : 21

W=y
Ta ¢6: OAOB = x,.%, +( 2%, + M) (2, +m) = 54X, + (X, +X,)+m’ =ST_5—m2+m2:—10

= m=-3 (tm)
Vay m=-3 la céc gia frcan tim.

Cau 12:[PVH]. Cho ham é y:X—_;(C) vaduong thing d :y = -x+m. Timmdé d ct (C) tai
X_

2 diém phan bt A, B sao cho tng tam tam gia©AB thujc duong thing x+y = 0.

Loi qidi

Phrong trinh hoantdd giaodiém aia (C) vad Iz‘a:% =-x+m.

X#2
- {g(x) =x*=(m+1)x+2m-1=0 (1)
Dé do thi (C) citd tai 2 diém phan bit = g(x)=0 c6 2 nghtm phan bit khac 2.
_ {A=(m+1)2—4(2n—])> O(*)

g(l)=-120
Khi d6 goi A(X; =, +m); B(x,;=X,+m) 1a 2 tax d6 cac giaadiem.
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_ , [ XX, =m+l
Theo Viet ta co :
X, =2m-1
_X*+X,+0_m+1
3 3
_=X%+tm=x+m+0_m-1
Yo = =

3 3
1+mTl—O«=» m=0 (t /m)

Goi G la trong tam tam giac OA& c6 : = G( —

Do diém GOx+y =0 nén ta co:

Vay m=0 |a cac gia fircan tim.

2x+1

Cau 13:[PVH]. Cho ham 6 y = :
X_

(C) vaduong thing d :y = 2x-m.Timmdé d cit (C)

ol

tai 2 diém phan bjt A,B sao choS,,; == trongdo O la goc taa do.

N

Loi qidi:
2x+1
x-1

Phurong trinh hoankdd giaodiém dia (C) vad la: =2x-m.

X#1 !
" o(x) =22~ (m+ 4) x+m-1= O( )
Dédd thi (C) citd tai 2 diém phan bit = g(x)=0 c6 2 nghém phan bjt khac 1.
A=(m+4)"-8(m-12)>0 ()
g(1)=-3#0 |
Khi d6 goi A(X; 2% —m);B(%,;2x,—m) la 2 ta d¢ cac giaatiém.
m+4
X X ==
Theo Viet ta 0 : 2
m-1
=g

Ta co: AB :\/ X = %,)" +(2% - 2x,)° :\/5(><1—x2)2 :\/5 (% +%,)° —4x1x2} = Z(m2 +24)

5
d(O;AB)—|\/g| Khidé : S = ABd(O AB)_—|n1 m’ +24=7

o m'+24m’ = 25 (m? —])(m +2§= 0= m=2 {tm)
Vay m=+1 |a cac gia frcan tim.

Cau 14:[PVH]. Cho ham é y:%, c6dd thi 1a (C) vaduong thing d 1y = 2+m. Tim m
X—

dé (C) giaod tai haidiém phan bjt A B sao choAB =5v2.

Loi gidi:
TXD: R\{3}. Hoanh dégiaodiém cia d va (C) la nghém cia phrong trinh
X+2 X#3 X#3
2x+m= - = 5
x-3 |[2X-6x+mx-3n=x+2 |2X+(m-7)x-3n-2=0 (1

Khi d6 d giao (C) tai haidiém phan bt = (1) c6 hai nghtm phan bit khac 3
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_ 2
) {A_(m—7) +8(am+2>0 {m2+10m+ 65> 0 {(m+5)2+40> 0. moR (*)

23+(mM-7).3-3n-2 0 [5+3n-3nz0 |mOR
Do A BOd = A(%; 2% +m), B(X,;2X, +m) = AB = (X, - X; 2X, = 2X,)

= AB® = (X, —xl)2 +(2x, - 2x1)2 = 5()(1+x2)2 - 20X,

7-m
X + X, =T
Ta c0 x;; X, la hai nghtm aia (1) nén theo Vi-et t
_ 3m+2
2T

:ABZ=5(7_ij2+20.3m2+ 2:(5/_2)2 - fmP- 1m+ 4h+ 4@+ =

« 5mM” +50m+ 125= 0= m=- 5D3 thva man (*).
b/s: m=-5.

CAu 15:[DVH]. Cho ham é y ==X

1, c6dd thi 1a (C) vaduong thing d : y = —-mx+2. Tim m

dé (C) giaod tai 2 diém phan bt A B sao cho tam gia©AB vudng ti O.

Loi gidi:
TXD: R\{1} . Hoanhd giaodiém aia d va (C) 1a nghém cia phrong trinh

5 3x-1 x#1 x#1
- +.=— =
™ (x-1)(mx-2)+x-1=0" |mé-(m-1)x+1=0 (3

Khi d6 d giao (C) tai haidiém phan bt = (1) c6 hai nghim phan bit khac 1

m#z0 mz0
m# 0
= {A=(m-1)°-4m>0 - {m’ - @n+ 1> 0= (*)
m’ —6m+1>0
m¥-(m-1).1+ 12 0 |M-mM+2#0
. R . OOAB odd 0#-m0+2 _ .
Tamgiac OAB vudng 4i O « S S = OAOB=0 (2
OALIOB OAOB=0 OAOB=0
A(x;2- OA=(x;2- N
Do A, BDd:{ ( mxl): . (x:2=m) = OAOB = x,X, + 4= 2m(X, +X, ) + M’XX,.
B(%;2-mx,) | OB =(x;2-mx,)
m-1
X +X,=—
Taco x;; X, la hai nghtm aia (1) nén theo Viet t 1
X1X2=r_n
- )
. 0AOB=2+4-mM e Loty 4 ane 2rm=tomee=ZMOMHL
m m m m m m
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Két hop véi (2) ta duce = m=3++/10.D4 théa man (*).

—m2+6m+1_0 m#0
m’-6m-1=0

D/s: m=3+ \/ﬂ).

, €0dd thi [a (C) vaduong thing d 1y =nmx—1. Tim m

Céu 16:[PVH]. Cho ham § y=>_ ¢
X+5

dé (C) giaod tai haidiém phan bit A B sao cho khing cachi A, B dén duong thing

A:y=-x+2 bang nhau.

Loi gidi:
TXD: R\{-5}. Hoanhdo giaodiém cia d va (C) la nghtm aia phrong trinh
3-7x X% -5 X# -5
mx-1= - = 5
X+5 M’ +5mx-x-5+7x-3=0 |mx’+(5m+6)x-8=0 (3

Khi d6 d giao (C) tai haidiém phan bt = (1) c6 hai nghtm phan bit khac -5

m#0 m#0

0
« <A =(5m+ 6)2+32m> 0 & 125M + 92n+ 36> 0- {r2n5m2+92m+ 36> 0(*)
m.(—5)2+(5m+ 6) (_3_ 8 0 25m-25m- 382 0

Do A BOd = A(x;mx, —1), B(x,;nmx,~ 1) . Phuong trinh A: x+y-2=0.

_ 5m+6
X+ X, ==
Ta c6 x; X, 1a hai nghtm aia (1) nén theo Vi-et t o m (2)
X1X2=—E
, o +mx-1-2 _|x+mx -3 o +mx, -1-2 _[x, +mx, -3
Lacod(AA)= = d(B;A)= = .
acod(AA) s 5 (B;A) T 7
3 |xl+mx1—3| |x2+mx2—3| X +mx, —3=X,+Mx,—3
Dod6é d(AA)=d(B;A) = = -

¢ THL X +mx -3=X,+mMX,—-3 « (xl—x2)+m(x1—x2):O < ()(1—X2)(m+1):0<:» {Effi
Véi x, =X, = A=B= Loai doA, B phan bét. Ma m= -1 ciing khdng tba man(*) = Loai.
o TH2. x +mx —3=—(X,+mMX,=3) = X +X,+m(x,+X,)-6=0.

5m+6 _ 5m+6 _ 5n+ 6+ B+ 6n+ 6 _
-m o -6=0< o =0

Két hop voi (2) tadugc —

m#0 m=-3 (KoT™ (*)
B [5m2+17m+ 6=0 mz—é (TM (9)
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Cau 17:[PVH]. Cho ham é y="""1
X+3

, €0dd thi [a (C) vaduong thing d: y = -2x+1. Tim m

dé (C) giaod tai haidiém phan bit c6 hoanhio A B sao choS,,,, :g , 6 d6 O la gc toado.

Lot Qidi:
TXD: R\{-3}. Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh

mx -1 X% -3 X% -3
—2x+l=——= = -
X+3 {(x+3)(2x—])+mx—1: 0 {2x2+(m+5)x—4: o (3

Khi d6 d giao (C) tai haidiém phan bit = (1) c6 hai nghtm phan bt khac -3

5)*+32> 0
(m+5)"+32> mOR ! )
3

A
) {2-(—3)2+(m+5) (-3-# 0 |-am-120
Do A BOd = A(x;1-2x), B(X,;1~ ;) = AB = (X, = X; 2%, — 2X,)

= AB® = (X, —xl)2 +(2% - 2x2)2 = 5(><l+x2)2 - 20X,

m+5
2

XX, ==
X1X2:_2

Ta co x;; X, la hai nghtm aia (1) nén theo Vi-et t

5(m+5)° +160

2 _ m+5)° _
= AB® =5 —— -20(-2) =

I

|_]4 :i:h =.
J2+12 B 5

Lai cO S,os :%AB.d (O;AB)==ABh == AB’.h*=9

»_1

Tacoh=d(O;AB)=d(O;d)

NI
w

m=-3(tm)
m=-7(tm)

2
L SO #1601 o g g7 4 160= 180~ (m+ ¥ = 4{

4 5

Vay m=-3;m=-7 la cac gia frcan tim.

Cau 18:[PVH]. Choham é y = 2X+11, c6dd thi 1a (C) vaduong thing d di quaM (_753 co
- X

he s gock. Timk dé¢ d va(C) giao nhaudi 2 diém phan bit A B thuyc 2 nhanh ga do thi

sao choMA= BIB.

Loi qgidi:
: . . -5 5) ..z ) 5) 5
TXD: R\{-1}. Bairad di quaM(7,§J co h_:s<>gock:>d_y:k(x+§j+5,

Hoanhd¢ giao dém cia d va (C) la nghém cia phrong trinh
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X#-1 X#-1

K[ x+2]+2=21 7X 5) 5 5 Tk+1 K+ 7
2) 2~ x+1 k( 2, X j+—+—=2x—l ko + X+ =0 (1)
2 2) 272 2 2

Khi d6 d giao (C) tai hai diém phan bit = (1) c6 hai nghtm phan bét khac -1

7k +1) XK+ 7
ZK2-14k +=>
- 2 2 =14 4 O®%k2—14k+711>0 (")

A(xl;kxl+5—k+gj MA = ("1"‘2 kx1+5—kj

=
5k 5 e 5 5k
kx, +—+ MB=| x, +—;kx, +—
(X”-' 2 2) (X”-' 2" 7 2}
Do M nam trongdoan BC nén

MA=3MB — MA=-3MB - (Xﬁg:k&%}-{&%m +%)

Do A BOd =

L X3 =-10e x=-3%-10 (2
|°‘1+5_2k:—3(|0<2+% k(% +3x,) = -10

-
RTSTTRTS {xl+3x2:—10
Hai diém phan bit A, B thuoc 2 nhanh ga dothi = (x +1)(X,+1) < 0= XX, +X,+X,+1<0.

-1-7k

2k
3
5k +7 ( )
2k

X +X,=
Taco x;; X, la hai nghtm aia (1) nén theo Viet t
XX, =

Do d6 _12_k7k + 5;: "41<0 - 5’< 0« k< 0.Két hop vi () ta dugc k<0 (**)

Tir (2) va (3)= —3x,—10+x, = _12_k7k ox =21y _'_3+_‘29—10 -3

Do d6

_31_1_£.%:5(+7®__ _ _ e :__1
XlZ(4k 4j(4k 4j 2k (-3-K)(1-1K) = g %+ Tk = &+ &+ £ O- Kk 2

Thoa man (**).
bls: k = 1

DANG 3. TUONG GIAO HAM TRUNG PH UONG

Cau 1;[PVH]. Cho ham & y = x*—2mx*+ 4~ 3m, c6do thi 1a (C). Tim m dé (C) giao Ox tai
haidiém phan bit.

Lot gidi:
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Hoanh d6 giao dim cia Ox va (C) la nghém cia phrong trinh x* =2nmx*+4-3n=0 ()}
bit t=x*20= (1) thanht>-2mt+4-3am=0 ( 2
Khi d6 (C) giao Ox tai 2 diém phan bit = (2) c6 nghép ké duong hoz 2 nghém phan bit trai
dau
e TH1. (2) c6 nghip kép drong
A'=n? -(4-3m)= 0 {mzl
ot +t,=2m>0 - JLm=-4
tt,=4-3m>0 0<m<g

= m=1.

«  TH2. (2) c6 2 nghim phan bit trai diu

A.=m2_(4_a‘n)>0 (m—l)(m+4)>0
= = = >—,
{tlt2=4—3m<0 m>g m 3

Két hop 2 trong hop tadwoc m=1 haic m>g thoa man.

b/s: m=1 haac m>g.

Cau 2;[PVH]. Cho ham & y=x*-3x*+5, c6dd thi 1a (C) vaduong thing d:y =-m+1. Tim
m dé (C) giaod tai badiém phan bit.

Loi gidgi:
Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh x* —3x* +5=-m+1 ()
bitt=x*20= (1) thanht?-3t+5=-m+1= t>*~3+m+4=0 ( P
Khi d6 (C) giaod tai 3 diém phan bt = (2) c6 1 nghém bing 0 va 1 ngdim duong  (3)
Do d6 0°-3.0+m+ 4= 0= m=-4
Nguoc lai, véi m=-4 thi (2) thanht? -3t-4+ 4= 0= t = Chaic t = 3. D& thba man(3).
b/s: m=-4.

Cau 3;[PVH]. Cho ham 6 : y=x*-2mx*+m+1 (C). Timmdé (C) cit truc Ox tai 4 diém phan

biét c6 hoanhid X; X,; X,; X, thod man:x; +x; + x; + x; = 20.

Loi gidi :
+) Phrong trinh hoankid giaodiém cia (C) vaox la: x* —2mx* +m+1=0 (1)
Hbatt=x": ()=>t*-2mt+m+1=0( 2
+) D¢ (C) cét truc Ox tai 4 diém phan bt = (2) c6 2 nghém phan bit t, >t, >0
A'=m"-m-1>0
= 1S=2m>0 (*). Theo Viet:{
P=m+1>0

+) Khi d6 PT (1) 6 4 nghém —/t;; —/t,; [t

Ta c6: gi thiét bai todn = t2 +t2 +t2+t2=20 2 +t2 =10 (t, +t,)" - 2tt, =10

t+t,=2m
tt,=m+1

m=2

= 4m*-2m-2=10= 2n*-m- 6= O- _
m=-3(loai)

Chwong trinh Luyé n thi PRO-SvaPRO-E: Giai phap 6i uu nhi cho ki thi THPT Qubc Gia 2016!




Khéa hocLUY EN THI THPTQG 2016 — Thdy PANG VIET HUNG Facebook: Lyhung95

Vay m=2 |a gié ti can tim.

Cau 4;[PVH]. Choham 6 : y=x*-(2m+1)x*+ 2 (C). Timmadé (C) cit truc Ox tai 4 diém

phéan bét co hoanhid X;; X,; X,; X, thod mén:%+i4+—];+—];=—5.
XX, Xy X, 2

Loi gidi :
+) Phrong trinh hoanldd giaodiém cia (C) va Ox la:x* = (2m+1)x* + 2= 0 ()
Hbatt=x": ()=>t*-(2m+Yt+2=0( 2
+) D¢ (C) cét truc Ox tai 4 diém phan bt = (2) c6 2 nghém phan bit t, >t, >0
A=(2m+1)"-8>0
= {S=2m+1>0 (*).TheoViet:{
P=2>0
s . A : s 1.1, 1 1_5
+) Khi d6 PT (1) c6 4 nghim —/t,; —/t,; i, \t, ta oGttt e
1 2 2 1
2,2_5_ 2t+t) s : : m=1

= — o 2 2: < - = =S = =
eeT2 T e 2 iR (L) 2g=5 (meg =0 (loai)

t+t,=2m+1
t,=2

Vay m=1 la gia ti cin tim.

Cau 5;[PVH]. Cho ham & : y=x*-2mx*+m+4 (C). Tim mdé (C) cit truc Ox tai 4 diém

phan bét c6 hoanhid x; X,; X; X, thod manix| +|x,| +|x4 +|x,| =8

Loi gidi :
+) Phrong trinh hoankid giaodiém cia (C) va Ox la: x* —2mx*+m+4=0 (1)
Hbatt=x": ()=>t>-2mt+m+4=0(2
+) B¢ (C) cit truc Ox tai 4 diém phan bt = (2) c6 2 nghém phan bit t; >t, >0
A'=m"-m-4>0
= {S=2m>0 (*). TheoV|et{t
P=m+4>0

+) Khi d6 PT (1) c6 4 nghim —/t;; —/t,;/t,i
Ta co: gh thiét +‘_\/EM\/E‘+ t|=8 - 2(\/7+\/g)=8@\/_+\/5:4

m<8
o L+, +2t, =16« A/m+4=16- = Vm+ & 8me <
m°—=17m+60= 0

+t,=2m
t,=m+4

= m=5 (tm)

Vay m=5 |a gi& ti can tim.

Cau 6; [PVH]. Cho ham é: y=x*-5x*+2m+ 2 (C). Tim mdé (C) cit truc Ox tai 4 diém phan
biét c6 hoanh dox;; x,; X,; X, theo thir tw ting din sao chox, = 2x,.

Loi gidi :
+) Phrong trinh hoanh d¢ giao én cia (C) va Ox la: x* =5x*+2m+ 2= 0 (]
HPatt=x": ()=t>-5+2m+ 2= 0( I
+) B¢ (C) cit truc Ox tai 4 diém phan bt = (2) c6 2 nghém phan bit t, >t, >0
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A'=25-8n-8> 0

= 18=5>0 (*)-'|'hGOViet:{t1-|-t2:5
tt, =2m+2
P=2m+2>0
+) Khi d6 PT (1) c6 4 nghém theo thu ¢ ting din la: —/t,;—\/t,; 6/t

A ‘ =4
Ta co: gi thict —2\/5:—\/E - 4t, =t két hop vdi tl+t2=5:>{t1—1'
=
= tt,=2m+2= 4~ m=1(tm)

Vay m=1 la gia ti can tim.

Cau 7:[PVH]. Cho ham 6 y = x*—(m+ 4)x* +m” + 3, c6do thi 1a (C). Tim m dé (C) giao Ox

tai bén diém phan bit co hoanhid x, x,,X,, X, théa manx; + x; + x; + x; =50.

Loi gidi:
Hoanhd¢ giaodiém cia Ox va (C) la nghém cia phrong trinh
X'=(m+4)x*+m’+3=0 (]}
bit t=x*20= (1) thanht?-(m+4)t+m*+3=0 (2
Khi d6 (C) giao Ox tai bén diém phan bit = (2) c6 hai nghim duong phan bit
A=(m+4)° -4(m*+3>0
o At +t,=m+4>0 u{
tt,=m’ +3>0

x==t,
x==t,

= (m+4)°-2(m’ + 3 = 25- -m’+ 8- 15 O- {

-3 +8m+ 4> 0
m>-4

(*)

Tird6 ta cox? =t = =X XX+ xg=2(t241]) =50 < (t,+t,)° -2, = 25

m=3 (TM (¥)
m=5 (KoT™ (¥)
b/s: m=3.

Cau 8:[PVH]. Cho ham 8 y=x* —(m+1)x* +m+ 2, c6do thi 1a (C) . Tim m dé (C) cit Ox
tai 4 diém phan bit c6 hoanhid x, x,,x,,x, thoa manx’ + x; + x3 + x; = 26

Loi gidi
Phuong trinh hoankdd giao dém x* —(m+1)x* + m+2=0
bit t=x* = t* = (m+1)t+m+2=0(*)
Dé (C) cit Ox tai 4 diém phan bit thi phrong trinh (*) ¢6 2 nghtm duong phan kit

A>0  [(m+1)°-4(m+2)>0 [(m-2m-7>0 [m>1 2/2m< + 22

= 4S>0 = {m+1>0 - dm>-1 - dm>-1 - m>1+2/2
P>0 m+2>0 m> -2 m> -2

Goi t,,t, 1 2 nghém cia phrong trinh (*) = x, =/t,, %, = =/t;, X, = t,,x,= =\t , va

t,+t,=m+1

tt,=m+2
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Taco: X +Xxi+xi+xi=26 « A2+ 22= 26 4t +t,) - &4t,= 2
=4

o 2(m+1)* -4(m+2) = 26~ = 32- M’ = 16~ " .
m=—4(loai)

Vay m=4 |a gia ti can tim.

Cau 9:[PVH]. Cho ham 8 y=x* —(2m+1)x* +m? +m , c6dd thi la (C). Tim m dé (C) cit
Ox tai 4 diém phan bit c6 hoanhis 1ap thanh not cip £ cong

7 Loi gidi
Phrong trinh hoankio giaodiem
x> =m
X! =(2m+2)x*+m*+m=0 = (x¥*-m)(x¥* -m-1)=0 =

, , . L ... |Mm>0
bé (C) cit Ox tai 4 diém phan bit thi = m>0
m+1>0
Khi d6 4 nghém cia phrong trinh theo th tu la x, = —Vm+1,x, = —«/ﬁ,x3 = \/ﬁ,x4 =vm+1
Dé 4 nghém aia phrong trinh p thanh nit cip $ cong thi

X, =X =X =X, = ~Jm+Jm+1i=Jm+Jm < ym+1=3/m = m+1=9n - m:%

1.0 . 5.
Vay m=§ la gia ti can tim.

Cau 10:[PVH]. Cho ham &: y =x*-(2m+1)x* +m+ 2(C). Tim mdé d6 thi (C) cit truc Oxtai
4 diém A,B,C,D c6 hoanhio taing din sao choAC? + BD? =18.

Loi gidi :
+) Phrong trinh hoankid giaodiém cia (C) vaox la: x* =(2m+1)x* +m+ 2= 0( )
Hbatt=x": ()=>t>-(2m+Yt+m+2=0( 3
+) D¢ (C) cit truc Ox tai 4 diém phan bt = (2) c6 2 nghém phan bit t; >t, >0
A'=(2m+1)° - 4m- 8> 0
= 1S=2m+1>0 (*). Theo Viet:{
P=m+2>0

t+t,=2m+1

tt,=m+2

+) Khi d6 PT (1) c6 4 nghém sip xép theo thir tu ting din 1a—/t,; —\/t,;\/t,;/t, suy ra
A(— tl;O);B(— t2;0) ;C(\/E;O) ;D(\/E;O) ta co: AC? =(\/E+\/E)2 = BD?

Do vay gia thiét ta C(’):(\/_+\/E)2=9 ot +,+2/tf,= 9= dn+ I 2/m+ 2= ¢

m<4 m<4
«:»\/m+2:4—m<:»{ {

m+2=n?-8m+16 |nf-an+ 14 0
Vay m=2 |a gia ti can tim.

m=2 (tm).

Cau 11* [DVH]. Cho ham & y =-2x*+2(m’ - 1) x>~ 7, c6dd thj Ia (C) vadudong thing
d:y=-2mx-7.Tim m dé (C) giaod tai bén diém phan bit.

Loi qgidi:
Hoanhd¢ giaodiém cia d va (C) la nghém cia phrong trinh -2x* + 2(m2 —1)x2— 7=—-2nx— 7
x=0

@2x4—2(m2—])x2—2“ﬂ>(=0© 2([x3_(m2—1)x—m]=0‘:'{Xs_(mz_l)x_mzo (])
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Khi d6 d va (C) giao nhaudi bon diém phan bit = (1) c6 3 nghém phan bét khac 0.
Xétham $ f(x) =x3—(m2—1)x—m= 0 vsi xOR c6 f'(x) :3x2—(m2—1)

Phrong trinh (1) c6 3 nghim phéan bit khac 0

= f'(x) =0 c6 2 nghtm phan bit x;x, véi f(x).f(x,)<0 vaO3—(m2—1).O—m¢ 0o (2

Taco f'(x)=0 c6 2 nghém phan bt = m*-1>0< m>1haic m<-1  (*)

2_
Khidéf'(x):0@3X2=m2_l© X =+ m31
. m' -1 m’ -1 m*-1 2 m’ -1
onas 1612112 =[5 (1) me B
2 _ 2 )3 T —
f(xz) f{‘ m3 1]—— (ms 1} +(m2—1) m3 —m:_(mz_l) m3 1_m
oz 4 2 2 -1 ,
Tird6 f(x).f () =m’ ~5(m-1) —=<0- 2a - 4m’-} <0 (}

Pit t=m’-1>-1=(3) thanh27(t+1)- 4°< 0~ 4°- 27- 2% O (t- § & B3>

2
. m>2
= {(ZH‘?) >0<:» t>3 haym’-1>3 < m> 2 hoic m<—2. Két hop Vi (*) tadu’qc{
t>3 m<-2
m>2
m#0
Nhu vy (2) = {m<—2 e m>2 hoac{
m<-2
m#0
m#z0
b/s: m>2 hoéc{
m<-2
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